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PUBLISHERS’ NOTE 


The consdidation of the three volume of the Summary Technical Report 
of the Committee on Propagation of the National Defenae Research Com- 
mittee was undertaken because the limited edition of the Report published 
by the Summary Reports Group of the Columbia University Division of War 
Research and distributed by the War and Navy Departments restricted tlm 
availability of this matenal after declassification The manuscript and 
illustrations for the three volumes were prepared for publication by the 
Summary Reports Group of the Columbia Division of War Research. 

lliis volume contains all the 8(>wntific information and report of exper- 
iments contamed m the three separate volumes and omits only that part 
relating to the administrative activities of the Committee, its origin and 
organisation, with a description of the needs of the armed forces which called 
it into being. 

The Pvbushbrs 

December 1948 



FOREWORD 


T ax 8 U 0 CS 88 of the propagation program was the 
result of the wholehearted cooperation of many in- 
dividualB in the various organizations concerned, not 
only in this country but in England, Canada, New 
Zealand, and Australia. The magnitude of the research 
work accomplished was possible only because of the 
willingness of the workers in many organizations to 
undertake their parts of the overall program. In fact, 
the entire program of the Committee on Propagation 
was carried out without the necessity of the Committee 
exercising directive authority over any project. 

Dr. Hubert Hopkins of the National Physical Labo- 
ratory in England and Mr. Donald E. Kerr of the 
Radiation Laboratory at the Massachusetts Institute 
of Technology, who were working on this phase of the 
war effort when the Propagation Committee was 
formed, were instrumental in giving a good start to 
its activities. The largest single group working for the 
Committee was under Mr. Kerr. 

The existence of a common program for the United 
Nations in radio-wave propagation resulted from the 
splendid cooperation given the Propagation Mission 
to England by Sir Edward Appleton and his Ultra 
Short Wave Panel. Later, through the cooperation of 
Canadian engineers and scientists. Dr. W. R. Mc- 
Kinley of the National Research Council of Canada 
and I)r. Andrew Thomson of the Air Services Meteor- 
ological Division, Department of Transport, Toronto, 
(^anada, undertook to carry on a part of the program 
originally assigned to the United States. The program 
was further rounded out by the willingness of the New 
Zealand Government to undertake an experiment for 
which their situation was particularly favorable. Dr. 
F. E. S. Alexander of New Zealand and Dr. Paul A. 
Anderson of the State College of Washington initiated 
this work. Needless to say, the labor of the Committee 
on Propagation could hardly have been effective with- 
out the cooperation of the Army and Navy. Haj. Gen. 
H. M. McClelland personally established Army co- 


operation, and Lt. Comdr. Ralph A. S^rause and Capt. 
Lloyd Berkner were similarly helpful in organizing 
Navy liaison and help. 

Officers and scientific workers of the U. S. Navy 
Radio and Sound Laboratory at San Diego, California, 
altered their program on propagation to fit in with the 
overall program of the Committee. Capt. David R. 
Hull, Bureau of Ships, understanding the importance 
of the technical problems, paved the way for effective 
cooperation by this laboratory. 

Dr. Ralph Bown, Radio and Television Research 
Director, Bell Telephone Laboratories, integrated the 
research programs undertaken by Bell Telephone 
Ijaboratones for the Committee on Propagation. This 
joint research program included meteorological meas- 
urements on Bell Telephone Laboratories property by 
meteorologists of the Army Air Forces working with 
Col. D. N. Yates, Director, and Lt. Col. Harry Wexler 
of the Weather Wing, Army Air Forces. The accom- 
plishments of the Committee on Propagation are a 
good example of the effectiveness of cooperation — all 
parts were essential and none more than the rest. 

I want to thank Dr. Karl T. Compton, President of 
Massachusetts Institute of Technology, who was al- 
ways willing to discuss problems of the Committee and 
who helped me to solve many of the more difficult 
ones, and also, Brof. S. S. Attwood, University of 
Michigan, whose continual counsel throughout my 
term of office was in no small way responsible for the 
success of our activity. 

Credit is also due Bell Telephone Laboratories, 
which made my services available to the Government 
and paid my salary from August 1943 to September 
1945, and to Cornell University, which has allowed 
me time off with pay to complete the work of the 
Committee on Propagation since September 1945. 

Chas. R. Burrows 

Chairmatt, Commiiitt on Propagation 



FOREWORD TO CONSOLIDATED EDITION 


Qcientists and engineers in the field of radio wave propagation are indebted 
to the Academic Press for making available to them this condensed volume 
of the entire report of the Committee on Propagation of NDRC which other* 
wise would only be available in the two hundred and fifty copies of the three* 
volume report printed for the fovemment. This volume contains material 
of great value to present and future studies of the problems encountered in the 
propagation aS radio waves not otherwise available to the public. 

The results of the work of the Comimttee will eliminate repetitive steps 
in many instances, and will serve as fundamental data in the approach to 
future investigations. Furthermore, the teirt of Volume 3, complemented by 
the contents of Volumes 1 and 2, may be easily adapted to classroom use. 

The declassification of the Summary Technical Report makes it possible 
to publish this consolidated edition of the three volumes. It will, in my 
opinion, fill a need for the greater distribution of mformaticm essential to 
further developments in the field of radio wave propagation. 

Chas. R. Borrows, Director, 
School of Electrical Engineering, 
Cornell University, Ithaca, New York 

October 15, 1948 



PREFACE* 


In this series of three volumes, which is part of 
the Summary Technical Report of NDRC, the Com- 
mittee on I^opagation is presenting a record of its 
activities and technical developments. The nmterial 
presented, concerning as it does the propagation of 
radio waves through the troposphere, is of permanent 
value both in war and in peace. 

(In Volume 1, Part I] gives a critical overall view 
of the technical developments in the study of tropo- 
spheric propagation. Outlined is the general theory 
of both standard and nonstandard propagation 
together with descriptions and results of transmission 
experiments carried out in widely separated parts of 
the earth and designed to test the theory. Included 
also is a r6sum6 of the meteorological factors affect- 
ing propagation of waves and their attenuation in 
the atmosphere. 

One of the important contributions of the NDRC 
Committee on Propagation of permanent value is 
the publication of the technical papers presented at 
the several Conferences on Propagation. The first 
Conference was held at the Radiation Laboratory at 
Massachusetts Institute of Technology in July 1943 
prior to the formation of the Committee on Propaga- 
tion. Those sponsored by the Committee were the 
second, third, and fourth Conferences held, respec- 
tively, in New York, February 194.4; in Washington, 
November 1944; and in Washington, May 1945. 

The bulk of the material published is taken from 
the Columbia University reports and from the papers 
presented at the third and fourth Conferences; the 
remainder comes from the second Conference. By 
careful selection it has been possible to avoid exces- 
sive repetition; and yet on continuing projects, such 
as transmission studies, it is possible to follow their 
development over a considerable period of time. 

Some of the material has been published in 
Volume 1 of this series — that dealing with the 
theoretical aspects of propagation, both standard and 
nonstandard. In [Pan I of Volume 2] the subject 
considered is meteorology: first theory,* then equip- 
ment, and finally the development of forecasting 
techniques in which the ultimate goal is the ability 
to predict radio performance from meteorological 
measurements made considerably earlier. 

[In Part II of Volume 2 a chapter] on reflection 
coefficients presents a certain amount of new material 
which, however, tends to confirm previous views and 
further substentiates formulas already available. 
[In a chapter] on dielectric constant, absorption, an(b 
scattering, the reader will find a considerate volum/ 
of new m aterial* With decreasing wavelength the 

Prefaces to the three voluhaes of the Sum- 
mary Tedhnical Eeport of Hie Committee on Propagati^ 
have been wmmtMi and abiidgad for reprlatiog as tae 
to the prseent voUime* 


absorption by the components of the atmosphere 
becomes increasingly important while the problems 
of absorption and scattering, as related to wavelength 
and water droplet siae, bear importantly on the abil- 
ity to track clouds and storms by radar. 

[In a chapter] on echoes and targets, the reader 
will find an interesting treatment of some of the more 
unusual problems concerning the radar behavior of 
targets. Volume 2 closes with a consideration of an 
angle-of-arrival experiment. 

The material presented [inVolume 3] was prepared 
by the Columbia University Wave Propagation 
Group at the request of the Committee on Propaga- 
tion of the National Defense Research Committee. 
The International Radio Propagation Conference, 
meeting at Washington in May 1944, recommended 
that a book be prepared dealing with problems of 
radio wave propagation in the standard atmosphere 
at frequencies above 30 megacycles. The importance 
of these higher frequencies is apparent when it is 
recalled that most radars operate in this range and 
that an increasing number of communication circuits 
are being equipped for operation above this fre- 
quency. 

A certain amount of evidence from operational 
theaters indicates that lack of familiarity with the 
underlying theory of propagation and calculations 
based thereon not infrequently has resulted in 
ineffective installation and operation of radar and 
communication sets. This is ascribable, in part at 
least, to the lack of publications which give a clear 
picture of the problems of propagation or show how 
the important factors may be evaluated. 

A considerable volume of basic material on 
propagation had appeared in technical journals 
before World War II, and during the war a great 
quantity of classified material has come from 
laboratories and operational theaters, illustrating 
new applications of old principles, giving valuable 
information on propagation problems as well as on 
characteristics of radar and communication sets, 
antennas, targets, siting problems, etc. But this 
information has not been coordinated under one 
cover for practical use by signal personnel in the 
field. The Columbia University Wave Propagation 
Group was asked to undertake this task, and it is 
hoped that this book will, in some measure, answer^ 
the need. 

Our effort, then, has been to provide a hook 
designed for men with college training in radio, 
physics, or electrical engineering, which states the 
basic laws of propagation, that is, diows how the 
characteristics of the eartii and the atmosphere 
ocxntrol the propagation of radio waves; gives the 
fundammtal properties of the basic types of antenna 


V 



partlculaiiy their directivity and gain; 
givae the reflecting properties of targets such as 
airplaiiee for use in detection by radar; teaches the 
lender how to calculate field strength or obtain the 
eoveiage diagrams given a particular set, power, and 
site; gives the fundamental information required in 
the above calculations for application to the radar 
and communication sets used in operational theaters; 
and provides illustrative material and sample calcu- 
lations which show how the laws of propagation 
may advantageously be used in the location and 
operation of radar systems, communication sets, and 
countermeasure equipment designed to deceive the 
enemy and to prevent jamming of equipment by 
enemy action or by mutual interaction of our own sets. 

The reader [will find in the Appendixla summaris- 
ing review of six transmission experiments earned 
out in widely separated geographical locations; 
namely, Massachusetts Bay, San Diego, Arisona, 
Antigua, West Indies, and Great Britain. The basic 
objectives here have been to learn the facts concern- 
ing transmission, and, as far as possible, to correlate 
them with the transmission theory given in Volume 1 
and with the meteorological factors presented in 
Volume 2. 


One of the main functions of the NDRC Com- 
mittee on Propagation was to bring about a rapid 
exchange of information between the laborato]^ 
and Service units working on the subject, and make 
the results available to all workers technically con- 
cerned with the military application of radar and 
other short wave radio equipment. To fulfil! this 
function the Columbia University Propagation 
Group operatmg under contract with the Cemmittee 
perio^cally published a comprehensive bibliography 
on propagation, beginning in the (firing of 1944. 
Its fifth and last edition, issued in August 1045, is 
included [in the General Bibliography]. [Tl^] 
General Bibliography lists reports *on tropospheric 
propagation issued by numerous Service and civilian 
organizations and is a rather exhaustive accumulsr 
tion of the efforts made during the war in this field by 
Great Britain, Canada, New Zealand, Australia, and 
the United States. With a few exceptions, original 
reports listed in the Bibliography have be^ micro- 
filmed. A few, such as summary reports issued by 
the Columbia University Wave Propagation Group 
and the compiled Propagation Reports, are included 
in the present series. 

Stxphxn S. Attwood 
EdUar 
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Chapter 1 

STANDARD PROPAGATION 


INTRODUCTION 

B y standard propagation is meant radio wave 
propagation through an atmosphere free from 
irregular stratifications, particularly of vertical dis- 
tributions of water vapor and temperature. With 
irregular stratification the propagation is said to be 
nonstandard and will be treated extensively in the 
later chapters. 

In this chapter the fundamental general relations 
between transmitted and received power is first re- 
viewed; then the main factors influencing the trans- 
mission of electromagnetic waves such as refraction, 
diffraction, and dielectric properties of the ground 
are surveyed; and finally the computation of the 
field at the receiver for various heights of transmitter 
and receiver above a homogeneous smooth earth of 
given electromagnetic properties is very briefly dis- 
cussed. The last subject divides naturally into the 
determination of the field above the line of sight and 
the determination of the field below the line of sight 
in the earth’s shadow. 

The text of the present chapter largely follows the 
book, issued by the Columbia University Wave 
Propagation Group [CUDWR WPG] under the title 
Propagation of Radio Waves through the Standard 
Atmosphere 

POWER TRANSMISSION 

Certain relations occur so frequently in wave 
propagation problems that it is convenient to 
summarise them here before entering into a descrip- 
tion of the characteristic features of short wave 
propagation. Some of these are mere definitions; 
some are consequences of electromagnetic theory. 

It is convenient to use, as a standard antenna, one 
which has a length which is small compared to the 
wavelength, designated as ^^oublet.’’ Such doublets 
may be used for both the transmitting and receiving 
antennas. In the latter case it is assumed that the 
load resistance is matched to the output remstance 
of the antenna. In free space, optimum transmission 


is achieved when the two doublets are parallel to 
each other and perpendicular to the line connecting 
their centers. If their distance apart, d, is large com- 
pared to the wavelength, the ratio of power trans- 
mitted to maximum useful power received is found 
from electromagnetic theory to be 



where X and d are measured in the same units. Here 
P% is the power delivered to a matched load at the 
output terminal of the receiver and Pi the power fed 
to the transmitting antenna. 

The gain G of any directive antenna is the ratio of 
the power transmitted by a doublet to the power 
transmitted by the antenna in question, to produce 
the same response in a distant receiver, when both 
transmitting antennas are adjusted for maximum 
transfer of power. The gain of a receiving antenna is 
similarly the ratio of the power delivered to the 
transmitting antenna when a doublet receiving an- 
tenna is used to the power delivered to the transmit- 
ting antenna to produce the same response when the 
antenna in question is used at the receiver. 

Two methods of expressing antenna gain are in 
common use: the one just indicated where the gain 
is measured as the ratio of the power in the optimum 
direction relative to that of a doublet, and the other 
where the gain is that relative to a hypothetical iso- 
tropic radiator which is one assumed to radiate the 
same power density in all directions. Simple geomet- 
rical considerations show that the gain of a doublet 
over that of an isotropic radiator is 3/2 so that the 
gains expressed in the former system are converted 
into the latter system by multiplying them by 3/2. 
In the equations below, the gain is expressed relative 
to the doublet. 

If transmission takes place, not in free space, but 
over a conducting ground, in a refracting atmosphere, 
etc., the power ratio will be expressed as 
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Fiqurb 1. Nimiogmii for free space tranmuasioii between 
parallel doubletB. 


where OiQt are the anteniui gams of the transmittiiig 
and reeeivmg i^tems, reepeetively, and dl, is the 
•‘path factor.” The nomogram, Figure 1, gives this 
relation for Often the electric field 

at the position of the receiver is desired. It is ipven by 

( 8 ) 

where £ is in volts per xaeter. Pi in watts. If f is 
known, the power delivered by the receiving antenna 


to a matched load is 


Pi 


JL 

120ir’ gr * 


( 4 ) 


The combination of equations (3) and (4) gives again 
the general transmission formula (2). 

The lower limit of possible receiver sensitivity is 
set by the thermal noise in the receiving system. At 
ordinary temperatures the thermal noise power in 
watts is very approximately 


Pnotae * 4 • 10-“^, (5) 

where Af is the radio-frequency bandwidth of the 
receiver in megacycles. 

The minimum power P^^ required for intelligible 
reception being usually in excess of the thermal noise 
power, It is customary to use the ratio Pnin/Pmim 
expressed in decibels as a measure of the receiver 
sensitivity Ten times the logarithm of this ratio 
(to the base 10) is the sensitivity of the receiver in 
decibels above thermal noise. 

As may be seen from this brief outline, the problem 
of transmission in free space is a very simple one from 
the engineering viewpoint. There are certain ques- 
tions regarding noise limit, receiver sensitivity, and 
matching of the load which constitute refinemerts of 
the above procedure. They are of interest primarily 
for those concerned with receiver design; apart from 
these the problem of power transmission may be con- 
sidered solved by these formulas. The most impor- 
tant and difficult part of ultra short wave propagation 
then becomes the quantitative determination of the 
path factor A, as a function of the geometry of the 
transmission path, electromagnetic properties of the 
ground, refractive properties of the atmosphere, etc 


OPTICAL PROPERTIES OF THE 

EARTH’S SURFACE AND ATMOSPHERE 
Reflection Coefficients 

In dealing with standard propagation it is usually 
assumed that the ground has electromagnetic prop- 
erties which are constant over the length ol the 
transmission path. Deviatioiis from this idealised 
behavior are treated below as diffraction phenomena. 

The electromagnetic properties of the ground 
are completely described by its complex dielectric 
constant, 

«e «r - J*i » it- jffiOvX, (6) 

where fr ia the itiative dklectrie constant, w the con- 
ductivity in mhos per meter, and X the wavdength 
in meters. In genemt, and especially in the odcio- 
wave legnm, sr and #« are Hiemadves fmietions of 
Hie fieqneney. i diows the veriatioii of the 
real and imaginiiy parts of the complea dMeetsie 
eonslant of sea water at 17 0 lor littHhlai^ fm. 
qnendee aoemding to the best awifliUs eapmi* 
mental data* 



STANDARD PROPAGATION 


3 



The reflection coefficient is given by FresnePfi 
formulas. Let ^ indicate the angle between the 
incident ray and the horisontal reflecting surface. 
Then, for horisontal polarisation 

( 7 ) 

sin ^ + V ~ 008* if 
and for vertical polarisation 



ie sin ^ + V - cos* ^ 

where p designates the magnitude of the reflection 
coefficient, and the phase lag of the reflected ray 
at reflection. Figure 3 illustrates the amplitude of the 
reflection coefficient for sea water as a function of 
the angle ^ for several frequencies. Figure 4 dbows 
the corresponding phase lag at reflection. 



Fiotma 4. Phase lag, 4 , of the lefleetion ooeffideot 
verms reieotloa aagK from ^ 0 to ^ » 5.5^for 

seawater. 
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From the practical viewpoint the following sum- 
mary may give an overall picture of the more out- 
standing features of ground and sea reflection. 

For horixontal polarisation over the sea the reflec- 
tion coefficient may be taken as unity and the phase 
shift as 18(7 degrees for frequencies up to and includ- 
ing the centimeter range, for practically all angles of 
reflection. Over land there is a slight decrease of the 
amplitude of the reflection coefficient with increasing 
angle; for instance, for a frequency of 200 me, at 
an angle of 15 degrees the reflection coefficient has 
decreased to 0.9 or slightly more for moist soil and 
to 0.8 or slightly more for dry soil. These statements 
apply when, the ground or sea surface is reasonably 
smooth. In order to decide whether 'a surface is 
smooth or rough, Rayleigh’s criterion, explained 
below, is usually applied. When the surface is rough 
or wavy, irregular scattering predominates and re- 
duces the. intensity to a small part of the value 
attained with a smooth surface. 

For vertical polarization the curve of the magnitude 
of the reflection coefficient versus the angle goes 
through a minimum (see Figure 2). When the imagi- 
nary term of the complex dielectric constant is 
negligible so that the ground behaves like a pure 
dielectric material, the reflection coefficient goes to 
zero at a certain angle (Brewster angle). Ordinary 
soil nearly fulfills this condition. For instance, at a 
frequency of 200 me the Brewster angle occurs at 
about 12 degrees with moist soil and at about 21 
degrees with dry soil. 

For the ocean surface, and vertical polarization, 
the imaginary part of the dielectric constant cannot 
be neglected, and the reflection coefficient as a func- 
tion of the angle does not vanish at any angle but 
goes through a minimum, the pseudo-Brewster angle. 
The actual variation of amplitude and phase lag is 
represented in Figures 2 and 3 for the smefll angles of 
reflection which are most important in practice. 

When the ground is rough the reflection coeffi- 
cient for both types of polarization is reduced to a 
very small value. For lO-cm waves and still more for 
shorter ones, most types of land are rough. A reflec- 
tion coefficient of 0.2 may be taken as representative 
for an average ground covered with vegetation. A 
slightly ruffled sea is a fairly good reflector for lO^sm 
waves but appears somewhat rough at shorter wave- 
lengths. 

Standard Revraction 

Numerous experiments have resulted in. the fol- 
lowing formula for the refractive index of moist air: 

(n - 1) . 10* - (p - e + (9) 

where n » the index of refraction, 

p the barometric pressure in mfllibars 
(1 mm mercury « 1.3332 mb)i 


e » partial pressure of water vapor in milli- 
bars, 

T » absolute temperature. 

The mixing ratio, which is practically equal to 
specific humidity, is connected with e by the relation 

e = O.OOlfllpa . (10) 

A recent analysis*’^* has shown, moreover, that this 
expression for refractive index must, on theoretical 
grounds, be substi^ntially independent of frequency 
down to the shortest waves employed in microwave 
engineering. 

In an average atmosphere temperature, pressure, 
and water vapor density decrease with height, and, 
in the lowest few kilometers where most of the short 
and microwave piopagation takes place, it may be 
assumed to a good approximation that the decrease 
of refractive index with height is linear though the 
rate of decrease is somewhat dependent on the cli- 
mate. In middle latitudes it is given by 

~ * —0.039 • 10*^ per meter . (11) 

Refraction at the boundary of two media is fa- 
miliar from optics and is expressed by Snell’s law: 

wi cos oi = 112 cos a 2 , (12) 

where ni and nt are the refractive indices of the two 
media and ai and the angle between the boundary 
and the direction of the ray in the first and second 
media respectively. In the atmosphere the refrac- 
tive index is a continuous function of height, and the 
sudden change of direction at a boundary is then 
replaced by a curveUure of the rays. Equation (12) 
can be written 

n cos a *= no cos ao , (13) 

where n and a are now continuous functions of the 
height and the subscript 0 designates a reference level. 

The above formulas refer to a plane earth. If the 
earth’s curvature is taken into account so that the 
planes relative to which the angle a is measured *are 
replaced by spheres about the earth’s center, for- 
mula (13) must be modified; and the mathematical 
analysis shows*^* that it is replaced by 

nr cos a « noro cos ao (14) 

where r is the distance from the center of the earth 
to the level considered. 

If now we set r w ro (1 + h/ro) where A « r — ro 
and h/ro is a small quantity and, furthermore, if we 
note that with a linear gradient of n 

n * no + ^ A (Ifi) 

we obtain on substituting into (14) and neide^itiRK 
small quantities of the second orAer 
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It results from this equation that a linear gradient 
of refractive index has the same effect on refraction 
as the curvature of the earth, 1/ro. By introducing 
an effective earth’s radius it is possible to eliminate 
the refraction term entirely and to treat the atmos- 
phere as if it were homogeneous. This device was first 
introduced by Schelleng, Burrows, and Ferrell,*^ and 
has since been generally accepted. Some German 
writers have introduced a quadratic function to 
represent the variation of refractive index with height 
in the atmosphere, the coefficients of the quadratic 
terms being characteristic of the air mass or type of 
atmosphere involved. This has the advantage of per- 
mitting a close fit with observed refractive index 
curves up to heights of 6 to 8 km. It seems, however, 
that the advantage of the greater analytical simplic- 
ity of the linear refractive index curves far outweighs 
the increased accuracy of the quadratic form, and the 
latter has therefore not found acceptance in this 
country and Great Britain. 

It is customary to designate the effective, or modi- 
fied earth radius by ka where /c is a numerical con- 
stant and a replaces tq used above and represents 
the mean radius of the earth. Hence 

L '17N 

dh ka’ 

and by comparison with equation (11) it follows that 

A- = I (18) 

since dn/dA = — 0.039 • lO * ~ - 1 /4a. The earth’s 
radius a = 6.37 * 10* meters. 


In view of this result coverage diagrams of radar 
and radio communication sets are commonly drawn 
with a % earth’s radius. In such a diagram the rays, 
which are curved in a **true” geometric representa- 
tion, appear as straight lines. 

The value k ^ % does not, of course, represent a 
universal law. It is merely an expression of the fact 
that the rate of decrease of the refractive index with 
height has, in the middle geographical latitudes, a 
certain average value. In arctic climates A as a rule 
is somewhat smaller, lying between % and %, while 
in tropical climates k is somewhat larger, between 
% and In temperate and tropical climates, the 
main factor determining the magnitude of k is the 
humidity gradient in the lower atmosphere. In 
Figure 5 is shown a nomogram from which the ap- 
propriate value of 1/k can be read directly as function 
of the gradient of relative humidity and air tempera- 
ature. The table has been computed under the as- 
sumption that the temperature gradient has the 
“standard” value of —0.65 C per 100 m, but the 
value of k is relatively insensitive to variations in 
the temperature gradient 

Usually the value of A = is referred to as the 
standard case, but this term is also used to designate 
more generally an atmosphere with a linear refrac- 
tive index distribution where k might differ somewhat 
from %. Experience shows that the atmospheric 
conditions under which the refractive index is a 
linear function of height are quite common, but this 
is only one case out of several that may, and do, 
arise in the atmosphere. A full appreciation of the 


.009 

20 )( .008 
30 )( .007 

40j( .006 

SV *005 
60t .004 
l70)t .003 


>011 .013 
>009 .014 
>008 .012 
,007 .010 
.005 .008 
.004 .006 


.024 .034 
.021 .030 
•018 .026 
.015 .021 
.012 .017 
.009 .013 


.049 .069 
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.037 .052 
.031 .043 
.024 .034 
.018 .026 


4*50 4-lOC 

.080 .105 
.070 .092 
.060 .079 
.050 .066 
.040 .052 
.030 .039 


.134 .172 
.118 .151 
>101 .129 
>084 .108 
.067 .080 
.050 .065 


.267 .329 .405 
.234 .288 .354 
•200 .247 .304 
.167 .206 .253 
.134 .165 .202 
.100 .123 .152 



Ftotmi 8. Giaph: t/k vmm EH gradient and tem|wrftture for 100 per cent RH at ground. Add correction tabulated to 
obtsifi 1 /k for RH at ground 100%. 
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tiMilteticM of the concept of etendard refraction 
Mpliice eome knowledge of the phenomena of non- 
MUMlani impagation which will be dealt with ex- 
tenaiwdy in later chapters. 



Fiocrb 6. Geometry lor Rayleigh's eriterion for rough 
ground. 


RotGrOBNlSS OF THB GbOXJND 

In order to estimate how closely the ground ap- 
proxiinateB the condition of an ideal reflecting sur- 
face, a rule is required that gives results sufficiently 
accurate to be used in radio and radar practice. The 
subject has not been very thoroughly exploredi but 
Bayleigh’a criterion for roughness, originally devel- 
for optical purposes, has been appUed with good 
suecees. Sffice it seems to be the only criterion of its 
kind and since it is often necessary to decide whether 
the terrain in front of a given radio or radar site is 
reflecting, it deserves some detailed consideration. 

The principle of Rayleigh’s criterion is illustrated 
in Figure fl. The roughness is assumed to be pro- 
duced by a large number of elevations in the reflect- 
ing |dane of average height H. One such ’^hump” 
18 shown in the figure together with two rays one of 
which is as s um ed to be reflected from the ground sur- 
face and one from the top of the *%ump.” The dif- 
ference in phase between the two rays is 2^^(2rA). 
The criterion now requires that the surface be con- 
sidered as rough when this phase difference exceeds 
ir/4 radians. This gives for the critical value of JY, 
when is in degrees, X in meters, 



(19) 


If n b the '’lobe variable,” that b, a quantity equal 
to I 8 • * * (2n — 1), * • * at the first, second, 
nth interference maximum of the direct and ground- 
reflected rays, namely, 



where k\ b the height of the transmitter above the 
ground, the criterion can be written in the form 

«.A. (20 


AMlioui^ admittedly rou|d^, the criterion indicates 
tile order of magnitude of the ani^ above which 
^leeidar reflectkm wQl be< greatly reduced in favor 
ot diffuse scattering of the type which, in ordinaiy 


optics, b produced by a dull, white surface. It b 
reasonably safe to assume that for angles exceeding 
the critical angle the amount of specular reflection 
will be reduced to a small fraction, perhaps to the 
order of one^h, of the value of the reflection under 
ideal conditions. 

Diffraction by Terrain 

A number of the influences of the earth’s surface 
upon wave propagation have the common charac- 
teristic that they represent deviations of the actual 
earth from the ideiJised model of a smooth sphere 
endowed with homogeneous electrical constants. 
Diffraction by the earth’s average curvature b not 
included among the effects considered here since it 
b dealt with extensively in Mfilume 3. 

There are two main classes of phenomena that fall 
under the general heading of diffraction. One b the 
diffraction by obstacles, such as hills, trees or houses, 
and the other b the diffraction by the structure of 
an otherwise fairly level ground, in particular, rough- 
ness and horisontal variations of dielectric constant. 

The diffraction by hilb and similar obstacles of the 
terrain b commonly treated theoretically by means 
of the Fresnel-Kirchhoff diffraction theory as found 
in textbooks on optics. The only problem which b 
sufficiently simple to admit of a direct application to 


I 
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short wave transmissioR is that of diffracticm by a 
straii^t edge. It is not necessary that the edge be 
perpendicular to the line connecting the transmitter 
and receiver but for»the validity of the theory it is 
neeessaiy to suppose that the distances from the 
diffracting obstacle to the transmitter and receiver 
are large compared to the height of the obstacle, 
which means that the angles of diffraction are small. 
Figure 7 shows a nomogram from which the field 
strength in the shadow of a diffracting edge can be 
read in decibels below that of free space. The gecf- 
metrical significance of the quantities used is illus- 
trated on the figure. 

Such experiments as have been made show a gen- 
eral agreement with theory, but it is difficult in prac- 
tice to realise conditions of transmission that ap- 
proach ideal ones, to which the Fresnel-Kirchhoff 
theory refers. When appropriate values are taken 
for the reflection coefficient of the ground and the 
four components of the resulting field are added 
vectorially, good agreement has been found between 
experiment and theory for selected terrain. (See 
Chapter 1 1 of this volume.) Sometimes the terrain 
conditions are often so complicated that they do 
not readily lend themselves to idealisation by simple 
geometrical* models. For these reasons the Fresnel- 
Kirchhoff diffraction theory has been of only limited 
value in short wave radio propagation. 

A case which quite often can be described ade- 
quately by an idealized model is that of a sudden 
change of the dielectric properties of the ground, as 
at a coast line,*^***** If the land is rough while the 
sea surface produces full specular reflection, the 
coast line can be considered as a diffracting straight 
edge with respect to the image antenna, rays of which 
represent the field reflected by the sea surface. The 
straight edge serves to cut off that part of the radia- 
tion from the image that would represent reflection 
from the land area. The geometrical conditions are 
shown schematically in Figure 8. For<the details of 



lAie analytical treatment the reader is rtferred to the 
comprehensive report on standard propagation con- 
tain^ in Vohnne 3 of the Sttmmaiy Technical |le- 
poti of Committee on Propagation. Hie distoi- 


tion of the coverage diagram of a radar set caused by 
this type of diffraction is often quite large and be- 
comes important operationally at frequencies of 100 
to 200 me. Xhis is illustrated here by a computed 
coverage diagram shown in Figure 9. If diffraction is 



Fioubx 9. Coverage diagram for coast line diffraction 
(relative field strength). (Heights exaggerated 3.5 to 1.) 


not taken into account the coverage pattern shows a 
constant amplitude through higher angular elevations 
reached only by the direct rays since the ground re- 
flection is negligible. At lower angular elevations 
rays reflected from the sea add to the direct ra 3 rB. 
and the ‘lobe” t 3 rpe of pattern appears. It is clear 
that if the diffraction effect were neglected very 
serious errors of the estimated coverage would result. 

Similar methods can be used to treat diffraction 
caused by cliffs, edges of wooded areas, lakes, etc., 
but these cases are not so often of importance in 
radar practice. 


THE ELECTROMAGNETIC FIELD 


Field Sthength Distribution 

If a transmitter is erected over a plane, ideally re- 
flecting earth, the well-known lobe pattern residts 



Fioviub 10. Typical coverage diagram (lobee) over 
plane earth. 


(Figure 10), the curve| being ones of constant field 
strength. The field is given by 

£ - • 2 sin (^^*) (22) 

where At and At are the transmitter and receiver 
heights, and d the distance from transmitter to 
receiver. Hm maxima and minima occur at the 
pootioDB in space where 
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(23) 

with n»l, 3, 5 - • - for jthe maxima, 
n»»0, 2, 4 • • • for the minima. 

If hi » hu the angle of elevation is ^ « ht/d and 
the formula for the maxima and minima can be 
written 





(24^ 


passing through the transmitter. The distance from 
the transmitter to the horizon, when a modified 
earth’s radius ka is used is 

dj* “ 2iko,h\ (25) 

When A; is in meters and dr in kilometers, 

this becomes 

^^ = 4.12^^!. (26) 


If the earth curvature is taken into account the 
pattern remains essentially the same above the line 
of sight, but a 'number of corrections enter which 
change somewhat the position and strength of the 
lolx's. The problem is primarily one of geometry, 
taking into account the modification of the direc- 
tion, phase, and intensity of the reflected ray caused 
by the earth’s curvature. It can be solved by suit- 
able numerical and graphical methods such as are 
given in Volume 3 where the details are extensively 
treated. It may suffice here to enumerate the main 
modifying factors. 

If a tangent to the earth is drawn at the point of 
reflection (Figure 11), the distances h\ and of 
transmitter and receiver from this line ai-e the equiv- 



FiqurK 11. Geometry over sphenca earth. 


alent heights in terms of which the problem is a 
plane-earth problem for that particular ray. They are 
smaller than the heights above the ground hi and 
htf but clearly^ they are functions of the angle of 
elevation. Thus a set of implicit equations has to be 
solved for each angle of elevation giving h\ and h't 
as functions of /ii, /is, and d, whereupon the inter- 
ference between the direct and reflected rays is 
computed as in the case of a plane earth. 

In addition to the modification of direction and 
phase at reflection, there is also a change in intensity 
of the reflected ray caused by the fact that the 
reflecting surface is curved. This modification is 
taken into account by the divergence factor ^ a purely 
geopietrical quantity which is part of the reflection 
eoefficientt reducing the intensity of the reflected 
ray. 

The behavior of the field below the line of sight 
requires a more poweriul line of attack. The line of 
sight itself is given by a tangent to the earth’s surface 


The diffraction region actually extends at least from 
the lower surface of the first lobe downward to the 
earth’s surface. In the diffraction region well below 
the line of sight, the field strength decreases very 
rapidly and very nearly exponentially with the 
distance. 

Figure 12 shows s typical example for the ground 



Figukk 12 Field strength versus distance for fixed 
height, vertical polarization. 


constants indicated. The ordinate is the ratio of 
field strength to the free space field; the transmitter 
and receiver heights are fixed and d is plotted as 
abscissa. Above the line of sight the typical lobe 
pattern is exhibited. The decrease of the field in 
the diffraction region is the more rapid the shorter 
the wavelength. In the centimeter band this decrease 
is so rapid that for most practical purposes the field 
is nonexistent near the ground at distances exceeding 
the horizon distance by more than a few kilometers. 
Figure 13 shows a similar diagram for fixed distance 
and variable receiver height. 

Modes 

The description of the electromagnetic field above 
the line of sight is adequately given by means of rays 
and their phases as used in optics. This method ob- 
viously breaks down in the diffraction region into 
which the rays do not penetrate. For this region a 
solution of the wave equation is required. Many 
distinguished mathematicians have contributed vaiy» 
ing techniques for solving the wave equation. The 
theory in its present form as applied to diort and 
microwave propagation has been worked out by 
van der Pol and Bremmer^^ for verticid polarisation 
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and Marian C. Gray for horizontal polarization. 

The results of the theory may be summarized as 
follows. The electromagnetic field can be represented 
as an infinite series of the form 

E •n Eo vs ^ Um(hi) Vm(ht) (27) 

Ml 

•where Eo is the free space field and Cn and are 
complex constants depending upon [the wavelength 
and the electromagnetic ground constants, hi and ht 
are again the heights of the transmitter and receiver 
above the ground, d is the distance between the two; 
Um are the height-gain functions, and e is the base 
of natural logarithms. The formula is symmetrical 
with respect to the interchange of transmitter and re- 
ceiver, in agreement with the principle of reciprocitv. 


Each of the terms which compose the sum (27) 
is called a made. The coefficients are complex con- 
stants with their real parts positive. They represent 
therefore an exponential decrease of the field strength 
with distance. The real part of is (he aUenuaiion 
factor of the wth mode expressed in nepers per unit 
distance. The height-gain functions Um are found to 
increase with height above the ground. The increase 
is first slow but eventually becomes exponential and 
remains that way for large heights. 

The real part of the attenuation factor, in- 
creases with increasing mode number; hence, if the 
receiver is far enough from the transmitter, all 
modes except the first one become very small and 
the sum in equation (27) reduces to its first term 
which can be computed without much difficulty. 



Fkauaa IS. Field straiigth vsnium hei^t of receiver 4or fixed dietanoe relative to radiation fiidd at one meter froir 
treoiaiitter* 
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Tikis Applies when the heights hi and h% are fairly 
SHudl. The height-gain functions increase with height 
the more rapidly the higher their order, and as one 
i^fMroajshes the line sight the number of modes 
that contribute to the field strength becomes largie. 
It is true that the series (27) converges ev^v&ierj|, 
but above the line of s^h^thd n^beiof terms re- 
quired for a good approidmlatuhi is so large that the 
expression it us^lesif^for numerical work. Here the 
m^ods^ of ray optics become applicable. It is 
usually found that, at a given distance d, the field 
in the lower part of the diffraction sone can be 
computed by using one or a few terms of the series 
(27). At large heights above the line of sight 


the field is determined by the methods of ray 
optics, and the two curves can be joined with a 
g^ degree of accuracy by graphical means on 
a decibel diagram. This has been done in Kguies 
12 and 13. 

The series (27), though simple in external appear- 
ance, still proves extremely difficult to evaluate. 
Burrows and Gray,” however, have simplified the 
mechanics of evaluation to such a degree that nu- 
merical data can be obtained by means of a small 
number of graphs. The detailed procedures employed 
in computing field strength and contour diagrams by 
the method of modes are summarised and collected 
in Volume 3. 



Chapter 2 

ELEMENTARY THEORY OF NONSTANDARD PROPAGATION 


HISTORICAL 

D uring 1941 and 1942, short and microwave 
radar sets became available in England and 
were installed along the Channel and North Sea 
coast. Very soon it was found that at certain times 
these sets were able to pick up targets such as ships 
and fixed echoes from the French coast which were 
well below thCb line of sight and which under the 
conditions of standard propagation would have given 
entirely negligible responses. A relationship with 
the weather soon became apparent. In 1942, enough 
had become known to establish most of the correla- 
tions between excessive ranges and meteorological 
conditions which have remained fundamental and 
which are based on the picture of refraction in the 
lower atmosphere that is now generally accepted. 

Later on similar effects with radar sets were dis- 
covered all over the world. An example in point is 
in the Mediterranean where nonstandard propa- 
jUktion, during certain seasons, is the rule rather 
^n the exception. These conditions will be dis- 
cussed in more detail in the chapter on radiometeor- 
ology. The most extraordinary ranges, perhaps, were 
found in the Indian Ocean where radar sets operat- 
ing at frequencies of 200 me were found on occasion 
to record fixed echoes from as far away as 1,500 
miles. The mechanism of this phenomenon is not yet 
fully understood. 

In the. Pacific theater extended ranges have also 
been observed; but, on account of the vast territory 
covered, the technical difficulty of all operations, and 
the inadequacy of meteorological coverage, it is 
difficult to evaluate the results systematically. Up 
to the present, reports on the conditions responsible 
for nonstandard propagation have been received 
from many parts of the world which vary widely in 
their characteristic features and dependence upon 
season, weather time of day, properties of the 
ground, etc. It is possibleto lay down certain general 
rules, but on the whole the phenomena are exceed- 
ingly complex. 

During 1943 and 1944, a number of systematic 
experiments on nonstandard propagation were car- 
ried out by the British and American Services and 
affiliated organiiattons. Most of these were one-way 
traxuonission experiments that have a number of 
advantages over radar experiments, but some cf the 
latter also were undertaken .Exterisive transmismon 
experiments were conducted by the British in the 
Irish Sea and the Americans in Massachusetts Bay, 
the State Gf Wasbingtoni southern Oaiffomia, i^d 
Ariaona^and in the West Indian Ocean. 


These experiments will be described in the next 
chapter. Because of the nature of the subject, it will 
be profitable to discuss the theory before the experi- 
ments and to give, in this chapter, an outline of our 
present conceptions of the theoiy of nonstandard 
propagation. 

REFRACTIVE INDEX 

Nonstandard propagation takes place whenever 
the rate of variation of the refractive index in the 
lower atmosphere deviates considerably from the 
'^standard’’ linear slope defined by equation (11), 
Chapter 1. The variation might consist either iq a i 
deviation from linearity, which is the most common 
case, or in a linear slope in the loiqpst l^iyem that » 
widely different from the val^e assumed for the 
standard. The refractive index is a function of tem- 
perature, pressure, and the partial pressure of water 
vapor, given by equation (9), Chapter 1 The de- 
pendence of the refractive index on pressure leads 
to a regular decrease with height, but the change of 
barometric pressure with the weather produces only 
an insignificant effect on the gradient. The variations 
of refractive index in the lower atmosphere owe their 
existence to stratifications in which the temperature 
and moisture changes rapidly, with height. 

In order to express refraction in quantitative 
terms Snell’s law for a curved earth is used as given 
by equation (14), Chapter 1: 

nr cos a ** noro cos ao . (1) 

Now let 

n =» 1 -f- (n — 1) with n — 1 « 1 
r » fl ^1 + with ~ « 1 (2) 

cos a * ^1 — with a 1 

where a is the earth’s radius. Similar expressions 
are valid for the quantities having the subscript 0. 
Multiplying out and neglecting quantities that are 
small of the second order, one obtains 

n - n, + i (A - Ao) - 5 (a« - «J) . (3) 

It has become customary to introduce the modified 
refractive index M by 

n + 1 + Jlf • 10-*, (4) 

whereupon SneH’s law aasumes the form 

(Jtf - Afo) • 10-* - J («» - «,*) . (6) 
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This equation indicates how the angle a l)etwoen a 
ray and the horizontal changes as a function of M 
wych, in turn, is a function of the height, both 
explicitly by equation (4) and injplicitly because n 
is a function of the height in a stratified atmosphere 


TYPES OF Af CURVES 

An M cu^ve is a diagram in which M as abscissa 
is plotted against the height h as ordinate. Extensive 
experience has led to a classification of M curves 
which is shown in Figure I. The six types exhibited 
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Fi(it;KE 1 Types of M curves 


comprise all cases that are of practical interest 
M curves of a more involved structure are rare. In 
all cases it is assumed in accord with experience 
that at sufficiently high elevations the M curves 
become linear and have, or nearly have, the standard 
slope. 

The height at which these variations in refractive 
index occur may vary from a few feet to several 
hundred or even a few thousand feet though they 
are likely to be found at very low elevations in cold 
climates and at higher elevations in warm climaies. 
The meteorological conditions which yield these 
curves will be dealt with extensively in Chapter 5, 
and few indications may suffice here. Ordinarily, 
on going aloft the temperature decreases at a slow 
and fairly steady rate. When, instead, the tempera- 
ture increimB with increasing height^ a phenomenon 
known to meteorologists as a temperature inversion, 
equation (9), Chapter I, shows that n decreases with 
increasing height. This does not necessarily imply 
that M decreases with height since, by equation (4), 
M contains the term A/a, which increases with 
height. If, however, the variation of temperature is 
sufficiently great, a decrease or inversion of M 
results. Such an inversion produces a due/, a term 
wfaiob refers essentially to certain meteorological 
phenomena and whose exact significance is ex{^tned 
below. A variation of humidity over the layer has 



an effect essentially analogous to, but distinctly 
more pronounced than, the effect of temperature. 
In this case M increases with height with a decreas- 
ing moisture content and vice versa. Variations of 
humidity are common in the lower atmosphere, and 
they constitute the main cause of refractive index 
variations, with temperature variations frequently 
a contributing factor. 

The six cases shown in Figure 1 are as follows: 
the standard case which needs no further comment; 
the transitional case where the moisture or tempera- 
ture variation is not great enough to produce a true 
inversion of the M curve but merely results in a 
nearly constant value of M in the lowest strata; the 
sulx^tandard* case in which M increases more rapidly 
with height than in the standard case; and three 
case*? of ducts The simple ground-based duct or sur- 
face trapping, consists in an M inversion immediately 
adjacent to the ground or sea. There are two types 
of elevated M inversions .distinguished by the ptm- 
tion of the minimum value of M aloft. If this mini- 
mum is larger than the value of M at the giound so 
that the vertical projection from the minimum inter- 
sects the M curve, it is considered a true elevated, 
S-shaped duct. If this minimum is less than the 
value of M at the ground it ie ari elevated M inver- 
sion but a ground-based duct. 

In dealing with these M cuives it is universally 
assumed that the stratification is the same ovei the 
whole length of the transmission path. This is a 
severe restriction, but it has proved indispensable 
up to date in order to make the problem susceptible 
to mathematical treatment, and it is reasonably often 
fulfilled in practice. 


RAY TRACING 

In order to understand the mechanism of trans- 
mission of radiant energy in a duct the course of 
rays issuing from the transmitter is traced according 
to equation (5). Note that for the small angles with 
the horizontal at which these phenomena occur. 



where x designates the horizontal distance. Hence 
from equation (5) 

X = - JdA(«o* + 2 (M - M.) • lO-*)-* . (7) 

Since Jl/ is a given function of hmght, equation (7) 
gives in integral fonu the relatkm between distanee 
and height, where «» is the with the horiioiilid 

of the ray emitted by toansmitter and JUT* is 
value of JIf at the tMomitter ho^ht. 

PmotieaUe graphicat methods of my tmeing have 
been developed and used extensively to ecnnpQte 
aetual eovemge diagrams. **'**'***”''*'**^***» Tbme 
schonatw metures of ray towing, drawing tin nmin 
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Figure 3. Rays with a gFound'based duct 



phenomena of interest, are presented in Figures 2, 
8| and 4. These figures are plane earth diagrams in 
which the ordinary downwaid curvature of the earth 
has been eliminated and replaced by an additional 
upward curvature of the rays. On the left-hand side 
of cash diagram the M curve is plotted. By equatidh 


(5) we have 
if 

M 


a s«‘0 , 

Mo - i ao* * 10* . 


( 8 ) 


The vertical lines drawn on the M curve diagram 
are the values of Mo — J ofo’ * 10* for the rays 
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U 

ieleotecl. Wlierever this line intersects the M curve 
the correiqaonding ra 3 ns become horisontal and there- 
after reverse the sign of dh/dx. In the case of Figure 
3 these reversals combine with reflections from the 
ground to make a family of rays oscillate between 
an upper limit, different for each ray, and the ground. 
The limiting an|^e of emergence beyond which re- 
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versal no longer occurs is designated by (2 or*20 
in Figures 3 and 4. The duct is the vertical interval 
cut out by the intersection of the vertical line design 
Dated by 2 with the M curve or with the ground. 
The terms trapping^ mpmtfradion, or guided pro- 
pagoiUm are often employed to describe these phe- 


A word might be said here about the substandard 


case which, although much less frequent than the 
duct, is of operationai significance. It is readily seen 
that in this case the rays undergo a strong upward 
curvature in the layer in which there is a substandard 
slope of the M curve. As a result of this the apparent 
horison distance is reduced, and the ranges of radar 
and radio equipment for targets or receivers near 
the ground are greatly diminished. M curves of the 
substandard type occur often when fog is present but 
are not uniquely correlated with fog. 

In order to compute coverage diagrams on this 
basis it is necessary to know the phases associated 
with the rays so as to determine their mutual inter- 
ference. If this is done by an appropriate graphical 
or numerical method, contours of constant field 
strength can be dra^vuv Figure 5 shows, typical cov- 
erage diagrams computed in this way,*** correspond- 
ing to a value of hi/\ » 20. The lines separating 
the '^detection zones** from the ''blind zones** indi- 
cate ranges at which a medium bomber would just 
become visible to the particular radar to which these 
diagrams apply. Diagram 1 shows the undistorted 
lobe diagram for standard refraction while dia- 
grams 2, 3, 4, 5 show the coverage diagram for 
various types of ground-based and elevated ducts. 

In Figure 6 is shown the variation of field strength 
with height for various distances for the M curve 
shown on the left-hand side of the figure.^* The 
transmitter is at a height of 60 m. 

In all diagrams shown in this section the vertical 
scale is vastly exaggerated as compared to the 
horizontal scale. It may readily be shown that when 
the representation is such that the earth is curved, 
the contours of constant height can be represented 
by parabolas in the approximation where the true 
vertical elevations are small compared to the hori- 
zontal distances involved. 


GENERAL CHARACTERISTICS 
OF DUCTS 

It is evident that the number of types of M curves 
that one can construct a priori is almost unlimited. 
In practice both the types actually occurring and 
their variability within each type of classification 
are severely limited by meteorological conditions. 

M, as defined by equation (4), is the sum of two 
parts, the true refractive part (n - 1) and the earth 
curvature part h/a. At hi^r elevations the absolute 
moisture in the atmosphere decreases, and irregular 
variations of temperature become more and more 
exceptional so that eventually, at a relatively great 
hei^tt any M curve approaches the standard curve. 
An addttkmal limitation comes from the fact tiiat 
both the temperature and moisture variataons in any. 
one dimate aie subject to definite limitations* An 
exttmne moistuie change oo^ when there is a 
boundary separating a or ftSy liAiiietod 
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Figure 6 . Variation of field strength with height for various distanoes. 


warm air mass from a very dry cool air mass. Tem- 
perature inversions involving differences of more 
than 10 to 15® C are quite exceptional. As a conse- 
quence of this both the actual height of the M 
inversion as well as the difference AAf between the 
maximum of M at the bottom and the minimum at 
the top of the M inversion are limited. The height of 
the M inversion layer may be only a few feet if it is 
close to the ground or sea surface. It frequently is 
of the order of 50 to 100 ft or even larger. Under 
particularly favorable conditions in warm climates, 
elevated M inversions may have heights of several 
thousand feet. The duct itself can be appreciably 
thicker than the M inversion layer, as may be seen 
from the structure of the last two M curves in 
Figure 1. 

Again, the decrease AM over the height of the in- 
version is limited for the same reasons. For low 
ducts values of the order of AM » 5 to 10 are com- 
mon. Somewhat larger values will sometimes occur. 
The maximum value observed is about AM * 40 in 
high-level inversions at San Diego which originate 
in the singular climatic conditions found there. 

An important consideration for the detailed mathe- 
matical treatment of duct propagation is the shape 
of the knees of the M curve. This, again, depends on 
the physical nature of the atmospheric stratification. 
Very often the inflections are so sharp that a succes- 
sion of two or three straight lines furnishes an excel- 
lent approximation. These are known as bilinear and 
trShiear ducts and are of veiy common occurrence, 
especially with devated ducts and a large class of 
ground-based ducts. On the other hand, there are 
also ground-based ducts in which the comers are 
extremdy wdl rounded. 

It foliowB from the restrictions on the numerical 
Vahies of M that there are severe HmitationB on the 
anl^oim which duct effects can ocimr.TlnisAM w 
10 a change of one part in in the re- 


fractive index. Now from equation (5), we have 
by differentiation 

AM • 10* s* oAa . (9) 

For a complete reversal of a ray we must have 
and then a is proportional to the square root 
of AM. In the above case, where AM » 10, we find 
that a is of the order of 3 • lO"*, or about 10 minutes 
of arc. 

Carrying considerations of this type into a little 
more detail it is found that the major effects of 
nonstandard refraction occur only lor rays which 
emerge from the transmitter at an angle of less than 
degree. For angles between and degrees 
the refractive effects produced by the typical non- 
standard M curves consist merely in minor modifica- 
tions of the standard coverage pattern, while for 
angles above degrees the refractive effects are 
negligible. 


SURVEY OF WAVEGUIDE THEORY 

The ray tracing method presented '>n pages 12-14. 
is only a rather rough approximation to the true 
solution of the wave equation. It neglects diffraction, 
which on closer investigation is found to be very 
important. In order to visualise this, the waveguide 
analogue was introduced at an early stage of the 
development. Consider a two-dimensional wave- 
guide consisting, for instance, of two parallel plane 
sheets of copper of infinite extent. Tbe propagation 
of an electromagnetic wave in such a guide is some- 
what analogous to that in a duct. The reversal 
of the vertical component of the rays by refraction 
in the duct corre^pemds to the reflection by the walls 
in the case of a metallic waveguide. It is wdl known 
wave propagation under these conditions can 
be described by the methods of geometrical optics 
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only to a very rough approximation. Soon after the 
discovery of ducts the accurate theoretical treatment 
of duct propagation was initiated in England. 

7t«sa.94 The general result of these investigations 
may be summarised as follows. For an atmosphere of 
arbitrary stratification the field can be formally ex- 
pressed by the series development, equation (27) of 
Chapter 1. The constants appearing therein and 
the height-gain functions involved are, however, 
different from the standard case and depend on the 
particular M curve involved. The solution, therefore, 
consists again of a superposition of “modes*' which 
decay exponentially with distance from the trans- 
mitter. The height-gain functions do not, in general, 
increase with altitude all the way up from the ground. 
In the case of a duct the height-gain functions of 
the lowest modes have a pronounced maximum in 
the duct, similar to the curves for the overall field 
strength shown in Figure 6- This maximum becomes 
flatter and eventually disappears entirely for the 
height-gain functions of the higher modes. 

It is useful to supplement the rather complex 
mathematical development into modes, represented 
by equation (27) of Chapter 1, by a simpler type of 
analysis which connects it with the ray picture. For 
the sake of simplicity let the phenomena be two- 
dimensional, confined to the horizontal x direction 
and the vertical z direction. If the wavelength is 
small enough compared to the dimeixsions of the 
duct, the electromagnetic field at some distance from 
the transmitter may, in any sufficiently small volume 
element, be represented by a plane wave whose wave 
front is perpendicular to the direction of the rays. 
Such a plane wave may be written as 

E ^ (10) 

Confining ourselves for the moment to the case of 
the plane earth, it is found from electromagnetic 
theory that 

, ( 11 ) 

where n is the refractive index in the volume element 
considered, and X is the free space wavelength. Since 
k and I are proportional to the directional cosines 
between the direction of the ray and the x and z axes, 
we may put 

_ cos a , 1 * — sin a (12) 

where a is the angle between the ray, or the normal 
to the wave, and the horizontal. 

The further mathematical analysis shows that, 
for a horizontally stratified medium where n is a 
funetion of z only, we have h » constant. In view of 
equation (12) ^s gives us n cos a «« constant, 
which is just Snell’s law for a plane earth, as enunci-^ 
atcd before. 


The ray picture, being a rough approximation, 
gives an dectromagnetic field in some regions and 
none in others. In the rigorous solution of the wave 
equation there is some electromagnetic field strength 
everywhere. Consider in particular the region just 
above a duct. There are regions of “shadow” atove 
the duct caused by the fact that some of the myB 
are bent downward in the duct. Clearly, at the point 
of reversal of a ray, a = 0 and hence I ^0, If we 
proceed farther upward in a duct n decreases, and 
it follows from equation (11) that if n decreases 
sufficiently I must eventually become imaginary. 
Instead of a wave component in the z direction we 
then have an electromagnetic field which decreases 
exponentially as we go upwards. In the top layer 
of a duct, the dvo&y takes place very gradually 
because the change in refractive index is extremely 
slow. Eventually, however, n must begin increase 
again as we go still farther upwards from the duct 
and there comes a height where I is again real and 
an ordinary wave is .again possible. This behavior 
might be likened to that of a metal foil so thin as 
to be partly transparent for the waves considered. 
The duct ^ thus may be likened to a waveguide 
bounded on one side by a solid reflector, the ground, 
and on the other by a semi-transparent reflector. 
The mathematical theory of ducts has therefore 
often been designated as kaJey umeguide theory. 

A closer study of the height-gain functions which 
appear in the mode formula, equation (27) of Chap- 
ter I, shows that in the presence of a duct the leak- 
age across the upper boundary of the latter is the 
more pronounced the higher the order of the mode, 
and that for sufficiently high modes there is almost 
no confinement of the electromagnetic field within 
the region of the duct. In consequence of this fact 
the exponential damping with harizontal distance, 
which is characteristic of each mode, is more pro- 
nounced for the higher modes, because for these 
modes the electromagnetic energy rapidly “leaks 
away” from the duct. At large distances from the 
transmitter the field in and near the duct is therefore 
described by ther lowest mode alone. This depends, 
of course, partially on the relative strength of excita- 
tion as well as on the attenuation of the varioxis 
modes. 

Another aspect of the wave theory of-ducts which 
is of great practical importance is the cutoff effect. 
It is well known that any ordinary inetail|p wave* 
guide has a cutoff frequency below which the guide 
cannot transmit an dectrcnnafi^tic wave* The mathe- 
matical treatment of the duct shows that there is 
a similar lower limit of frequency for traxmoission 
through a duct, but, because of the ^leakage” 
phenomenon, it is found that there is no shar|dy 
defined mteff frequency but a gradual decrease of 
the duct’s ability to confine radiation within itself 
with decreasing frequency. Figure 7 is a jgmfb 
giving representative values for what may be talm 
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as the cutoff frequency of a duct as a function of its 
hdight in feet and AM, the decrease of M in the in-, 
version layer. These values are the result of a some- 
what crude approximation and should not be taken 
to indicate more than the order of magnitude of the 
frequency at which this effect occurs. 



4 M FfCT 

Figure 7. Maximum wavelength trapped in a simple 
surface duct. Duct width d in f eet A M is total decrease 
of Af in duct. Xm** * 2.6 d V A Af 

REFLECTION FROM ELEVATED LAYERS 


Reflection from elevated layers has so far been 
observed systematically only under the rather spe- 
cial meteorological conditions at San Diego, but it 
probably occurs elsewhere, though with a lesser 
degree of regularity. It appears when there is a 
strong elevated M inversion, ^uch an M curve is 
very nearly equivalent to a true dispontinuity of 
refractive index, and the effect on a wave traversing 
such a region is similar to that of a boundary between 
two media, the more jiearly so, the larger the M- 
inveiBion gradient. If there is a true discontinuity, 
an incident wave is split up into a reflected and a 
transmitted wave. If the discontinuity is replaced 


by an M inversion layer, the reflected wave still 
persists but becomes weaker the less steep the in- 
version. The distinction between this phenomenon 
and the apparent reflection in the duct where the 
rays become horizontal before turning downward is 
usually fairly clear-cut. The true reflection described 
here occurs primarily in waves which are so long as 
to be below the cutoff. 

There exists a case Of gradual transition between 
two media with different refractive indices for which 
the wave equation can be integrated. 

This can be applied qualitatively to the case,^’"'*' 
in so far as earth's curvature can be neglected. 
Figure 8 shows the calculated ratio in decibels of 



reflected to incident wave for various angles of in- 
cidence plotted against the ratio of thickness of the 
transition layer to wavelength as abscissa. 

The verification of this theoretical concept in the 
San Diego experiments will be discussed in the next 
chapter. 



Chapter 3 


METEOROLOGICAL MEASUREMENTS 


INTRODUCTION 

T Ha DiEBCT MBAStJBBMENT of the refractive index 
of air is carried out in the laboratory under 
closely controlled conditions. The variations of the 
refractive index in the atmosphere which are of 
paramount importance for propagation problems are 
determined indirectly by measurements of the tem- 
perature and humidity. From the values of these 
latter the refractive index is computed by equation 
(9) of Chapter 1. There has been no reason, so far, 
to doubt the reliability of this procedure, and specu- 
lative assumptions of the failure of this relation 
which have been brought forward at times during 
the war have not been accepted. 

This chapter describes measuring equipment that 
was especially developed during 1943 to 1945 to 
study refractive index variations. Following this 
description is a collection of actual M curves which 
have been measured in different parts of the world. 

TEMPERATURE AND HUMIDITY 
ELEMENTS 

The .value of the refractive index a, or of M as 
defined* by equation (4), Chapter 2, is sensitive to 
relatively small changes in temperature and especially 
in humidity. Both accuracy and speed in determina- 
tion of Af are required. Speed is especially necessary 
because a considerable number of points generally 
are needed to determine the shape of an M curve. 
Electrical methods have been used almost exclusively 
for these measurements, though an ordinary psychro- 
meter will do in the absence of more specialised 
equipment. 

There is no particular difiUculty in measuring the 
temperature with suitable accuracy, such as ±0.2 C. 
The electric resistance element used in the Bureau 
of Standards radiosonde is well suited to the purpose 
and is commercially available. More recently ther- 
mistors have been used. At stationary ins ta l lations 
in Inland ordinary nickel or platinum resistance 
thermometers have been installed, primarily for 
recording purposes. 

Humidity may be measured either directly, or 
indirectly by measuring the wet bulb temperature. 
Hair hygrometers are unsuitable because of their 
iaige time lag. For the direct measurement of 
humidity dectrcdytic resistance dementB, such as 
are standard in the U. 8. Weather Bureau radiosonde^ 
are used. Hie active 4g^t in this type of dement is 
an aqueous solution of lithium cUoride whn^ It 


deposited as a film on a small cylinder. The resist- 
ance of the solution is highly sensitive to changes in 
relative humidity of the surrounding air. In England 
a variant of this principle has been employed where 
the lithium chloride solution is absorbed in a cotton 
cloth. 

In the indirect method of measuring humidity a 
thermistor of cylindrical form is surrounded by a 
moist wick which, with proper aeration, indicates 
the wet bulb temperature. To insure insulation the 
element is covered with several coats of insulating 
lacquer before the wick is attached. 

The main problem in all these devices is that of 
time lag. When mobile carriers such as captive 
balloons, kites, airplanes, or ships are employed, it 
is in general necessary to obtain an individual reading 
within less than a minute, and the response of the 
measuring elements to the temperature and humidity 
of the ambient medium must be reasonably close 
within the time available. 

The time lag constant is the time required to 
attain the fraction 1 — (1/e) « 0.63 of the total 
change, if the temperature (or humidity) is changed 
suddenly. For the temperature elements the time 
lag constant is several seconds in an air stream with 
a velocity of 2 to 5 m per sec. The lag depends 
somewhat on the position of the element relative to 
the air stream and is a maximum when the element 
is perpendicular to the stream. The lag constant of 
the same element, used as wet bulb indicator with 
wick applied, is only slightly larger than that of the 
dry element. The lag constant of the Bureau of 
Standards humidity element has been measured in 
several laboratories, and there seems to be some 
controvert as to its exact value, the results varying 
from a few seconds to about 46 sec,*** the latter in 
an air stream of 2 to 5 m per sec.^** 

THE WIRED SONDE 

Temperature and humidity dements of the type 
describe are combined in a lightweight aaenably 
which can be moved »,»<% through the lower 
atmoqdme. Such equipment, adien first bufit in 
England, used dry and wet thermopiles,**’ and 
soon themafter same method was adopted 
the State College of Washington,***’***'*** a^, with 
8li|,ht modifieotion, by the Navy Badio and Sound 
Uborotoiy [NItSL] at San XlicffO.***^* this design 
uses a comUnatiem cd a lesistanee twoperatnio 
elcsnent a nd an sleetitdytio the 

instnunmrt devdegwd by the Elding JjahWKtoiy 
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of the MaaaaonuciettB Institute of Technology uses 
dfy and wet resistanoe elements.*** 

The idiystcal assembly consists of bakelite tubing, 
in which the two elements are mounted perpendicular 
to the axis. The tube is surrounded by a radiation 
shield of aluminum foil. Wet and dry bulb instru- 
ments need artificial aeration in calm air which is 
provided by a small electric fan. Among the instru- 
ments containing electrolytic humidity strips only 
the late model of NBSL incorporates artificial aera- 
tion. Other instruments of this type, when used in 
calm weather with a captive balloon, are aerated by 
giving the cable a few jerks of {several feet amplitude. 

In both captive balloon and kite equipment only 
the measuring elements are carried aloft with fine 
wires in the cable to connect with the rest of the 
circuit. The assembly that is carried aloft is therefore 
quite light, weighing only about a pound in the case 
of nonaerated instruments and 3 to 4 pounds for 
aerated ones. 

Figure 1 shows a wiring diagram for the Washington 
State College sonde. The diagram is largely self- 
explanatory. The switches Si Ss Sa are contained in 
the pile-up of a single relay and are actuated by a 
miniature worm-geared motor as shown. They reverse 
the current through the elements in order to avoid 
polarisation, while at the same time maintaining 
constant polarity at the meters. The period of 
reversal is 0.6 sec and the 1,000-Mf condensers in 
parallel with the meters serve to smooth the inter- 
rupted current. 

Figure 2 shows a schematic wiring diagram for the 
dry and wet bulb resistance elements of the Radiation 
Laboratory instrument. The resistance of the thermal 
element X controls the bias of one triode of the 
double triode 6SN7 which acts as a vacuum tube 
voltmeter to compare the resistanoe of the thermal 
element with a standard resistance. A 1-ma recording 
meter is placed between the two plates. In operation 
the dry and wet elements are switched into the 




Fiours 2. CirouiC diagram for electronie amplifier for 

.meaeuring temperature. (Radiation Laboratory, MIT.) 

circuit alternately. Calibration of the amplifier is 
obtained by switching a series of precision resistors 
in steps of 1,0(X) ohms into the circuit in place of the 
thermal element. The stability of this voltmeter is 
such that with a change in line voltage between 95 
and 120 v there is no observable change of the 
meter at any given deflection. 

REFRACTIVE INDEX MEASUREMENTS 

The methods which have been used to make 
refractive index measurements in the lower atmos- 
phere are the following: 

1. Stationary installations on towers, usually with 
automatic recording on the ground. Aerated wet and 
dry bulb instruments are installed at several heights 
giving a continuous survey of the M curve between 
the ground and the top of the tower. 

2. Installations similar to (1), on shipboard, with 
the meters or recording equipment in the ship^s 
cabin. In order to explore the humidity distribution 
in the lowest layers adjacent to the sea surface, the 
instruments have been mounted at the end of a beam 
that pivots about a horizontal axis fastened to the 
side of tlie ship. This device has been used extensively 
in the Irish experiments. Artificial aeration of 
shipborne installations is not usually necessary 
because in calm weather the necessary velocity of 
the air is provided by the motion of the ship. 

3. Airborne installations. The unit is mounted at 
a convenient place on the outside pf the plane where 
it is not affected by motor exhaust or propeller slip 
stream, with the meters or recorders in the ship’s 
cabin. Comparatively slow-flying planes have been 
used for such measurements, not only in order to 
minimize the dynamic temperature correction, but 
also because in a fast-flying plane too long a column 
of airwill be sampled during the period of relaxation 
of the instrument. In airplane measurements it is 
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tiecessaiy to keep track of the altitude of the plant 
by means of a carefully calibrated altimeter. 

4. Captive balloons and kites. In these devices only 
the measuring unit is carried aloft, the indicating or 
recording meters remaining at the ground. Three 
wires are required when the instrument is nonaerated 
and two additional ones when an aeration motor is 
provided. The wires are of thin insulated copper, 
stranded together into a cable, although more 
recently aluminum wires have been tried because of 
their greater mechanical strength.*** The fine wires 
of the cable are wound in a high-pitch spiral around 
a strength member consisting of hshline and then 
glued to the latter. Considerable effort has been spent 
on the development of these cables which constitute 
the most critical part of the balloon sonde equip- 
ment 

Captive balloons are used in calm weather and in 
winds not exceeding about 4 m per sec. For higher 
wind velocities the balloons become difficult to mani- 
pulate, and a kite is then used to carry the measuring 
unit aloft from the ground or even from shipboard. 
Small barrage balloons have a greater lift than 
ordinary weather balloons and can be used in the 
same winds as kites because of their streamline 
shape. They are, however, less mobile Und require 
more hydrogen than the smaller balloons. 

The cable for the balloon or kite is wound on a 
drum, and connection with the stationary meters is 
made by means of slip rings. The height of the balloon 
or kite is determined by the length of cable paid out 
together with a rough measurement of the angle 
of the cable. 

Captive balloons reach heights of several hundred 
feet without difficulty and even heights of 1,000 to 
2,000 ft are not infrequent 


OTHER METEOROLOGICAL 
INSTRUMENTS 

It is hardly necessary to say that measurements 
of atmospheric temperature and humidity are pos- 
sible and have been made, with instruments of a 
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Figure 3. Representative standard M curve (36 Af 
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more conventional type In the early stages of our 
knowledge of nonstandard propagation, surveys were 
made by means of an ordinary psychrometer held 
out of the window of a slowly cruising plane and 
aerated by the slip stream. The British installations 
commonly use multijunction dry and wet thermo- 
piles which have the advantage of not requiring 
elaborate calibration. In connection with captive 
balloons this type of equipment is somewhat clumsy 
in that the cold junctions have to be carried aloft 
in a Dewar flask 

It should be noted here that the ordinary 
noncaptive radiosonde as used in the routine meteoro- 
logical observations of the U. S. Weather Bureau and 
of the Armed Services is not suitable for radio- 
meteorological purposes. The reason is that these 
sondes are designed to give representative data only 
at definite and fairly large vertical intervals, 100 ft 
or more. These are too widely spaced to 3 rield a 
representative M curve, as the characteristic features 
of the latter are usually concentrated in the lowest 
strata of the atmosphere. 

Wind measurements are of importance in connec- 
tion with propagation problems, for reasons which 
will be given in detail in the chapter on weather 
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forecasting. They are particularly significant at 
coasts when off-shore winds or land and sea breezes 
are present. Sensitive and carefully calibrated 
anemometers with ordinary wind vanes prove 
adequate for measurements of this t3rpe. Special 
equipment such as supersensitive anemometers, 
developed for particular purposes such as chemical 
warfare problems, are not usually needed because 
the large area covered by radio transmission paths 
or radars renders too detailed measurements useless. 


REPRESENTATIVE OBSERVED 
M CURVES 

A small catalogue of i^f curves that have been 
actually measured in various parts of the world by 
means of the equipment described previously con- 
cludes this chapter. Most of the curves presented 
were taken over the ocean merely because the 
majority of experimental measurements have been 
made there. Experience indicates that there is not 



PniniUB 6. M curvM from Taboga Island near Balboa, Canal Zone. 
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Figure 8 . M curves from New Zealand, east coast near Cook Strait. 


much diiference in the types of M curves over land 
and over sea except that standard propagation con- 
ditions will in general be much more common over 
land for reasons that will appear in Chapter 5. In 
all the^ graphs the actually measured points are 
entered so that the reader may gain an idea of the 
degree of accuracy obtained with this equipment. 

Figure 3 shbws a standard curve as measured at 
the coast of Massachusetts. The linearity of the 
refractive index in this case is not an accident but 
is the result of the definite physical condition of 
thorough turbulent mixing in the lower atmosphere, 
as will be explained in more detail in Chapter 5. 
Since this is a fairly frequent condition, standard 
curves are actually quite common, and in them the 
measui^ points cluster well around a straight line 
as shown in Figure 3. 

Figures 4 and 5 show a set of nonstandard curves 
selected from a large series of measurements taken 
on the Massachusetts coast in the summer and fall 
of 1943.”® Here the M curves are quite irregular, 
perhaps more so than is common at other locations. 
These curves show various types of ducts, some of 
them rather weak, others with a decrease of jif as 




Figure 10. Detailed M curve taken over the ocean near 
New Quines. 
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much as 20 units or even more. 

The curves of Figure 6 were taken at Taboga 
Island, some 15 miles south of Balboa, at the eastern 
entrance to the Panama Canal. They show various 
familiar types of ducts; two of the curves represent 
transitional cases where the M curve is steeper than 
standard but does not bend backward. 

Figure 7 illustrates the typical elevated duct found 
in the San Diego region. Both below and above the 
inversion region the M curve is standard. The various 
curves shown were measured at several distances on 
a flight from San Diego outward. 

Figure 8 is a set of M curves that were measured 
on the east coast of New Zealand, at a point some 
100 miles south of Cook Strait.*** These curves 


provide good examples of the type of M curves that 
consist of several very nearly linear sections. 

Figure 9 shows two soundings from the tropical 
Western Pacific. The curve at the left was taken at 
Biak Island, New Guinea, and is remarkable for the 
presence of two ducts, a ground-based and an 
elevated one. The curve at the right was taken 
at Saipan. 

Figure 10, taken near New Guinea, shows in more 
detail the structure of the low maritime duct which 
in this case is only about 30 ft high.*** This type of 
duct has been studied carefully in the transmission 
experiments at Antigua in the West Indies which 
are reported in Chapter 4. Two typical soundings 
taken near Antigua are reproduced in Figure 11.*** 
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BRITISH EXPERIMENTS 

I N THE DEVELOPMENT of short and microwave 
communication and radar, the British were first 
to make systematic transmission experiments on a 
large scale. A number of such experiments were 
carried out at wavelengths below 50 cm, beginning 
about 1936 with some transmission paths over land, 
some over sea; and experiments in the 10-cm band 
were undertaken in the early years of the war. These 
experiments will not be reported individually because 
the earlier results are reproduced and verified in the 
later and more elaborate trials. Instead, attention 
will be confined to two major experiments, one over 
the sea and one over land.***® 

The Irish Sea Experiment 

This transmission experiment represents a 
cooperative enterprise undertaken jointly by the 
Radio Division of the National Physical Laboratory, 
the Telecommunications Research Establishment, 
Signal Research and Development Establishment, 
The Ministiy of Supply, The Naval Meteorological 
Service, The Meteorological Office, and the General 
Electric Company, Ltd. One-way transmission with 
stationary apparatus was carried on in the winter 
of 1943 to 1944 and continued in operation until 
the end of the war. 

Practically all the transmission is over the sea at 
wavelengths of about 9, 6, and 3 cm. At each fre- 
quency the transmitted signal consists of square 
pulses, with equal on-off periods and a repetition 
frequency of 1,000. The 1,000 cycle component of the 
modulation is rectified in the receivers to operate 
the recording milliammeters, and provision is made 
for monitoring the transmitter power and the sensi- 
tivity of the receivers in terms of a suitable standard. 
Parabolic mirrors 48 in. in diameter are tised for aU 
transmitters and receivers and aie permanently 
mounted inside the station buildings behind large 
canvas-covered “wiiidows.^' 

There are two transmission paths, 57 and 200 
miles in length, which run roughly from south to 
north, but diverge from each other by about 17 
degrees and have the transmitting station in common 
at the southern tip in South Wales. There are trans- 
mitting stations A and B at 540 and 90 ft above sea 
level req>ective]y. The receivers, C and D, for the 
short path are in North Wales at two heii^ts, and 
Band F, for the long path^ in Scotland at two heightsi 
In units of the geometrical horison distance the 


lengths of the various transmission paths are as 
follows. 

AC BC AD BD AE AF BE BP 

0.89 1.21 1.40 2.40 3.82 4.92 5.63 8 45 

It has not been found possible to utilize all these 
paths at the same time, because the amount of 
records accumulated proved too great for evaluation, 
but selected runs at various frequencies and for 
several paths have been made. 

There is an elaborate setup for measuring meteoro- 
logical conditions simultaneously with the intensity 
of the transmitted signal. A weather station is 
located at each of the three terminalSf but the main 
meteorological program is carried out from ships 
which ply along the transmission paths. The Admiralty 
has detailed three ships for the sole purpose of making 
these measurements so that the transmission path is 
continuously covered by at least one ship on duty. 
The ships are provided with elaborate meteorological 
equipment of the type described in Chapter 3. 

Results 

The following is a qualitative summary of some 
of the results obtained thus far. 

1. There is general agreement between signal 
variations over the two paths, though the short 
period variations often differ. 

2. Signals are obtained over the long path only 
when the signal strength over the short path BD is 
high. But if the latter condition is fulfilled, the former 
does not always follow. 

3. There is a marked diurnal variation when the 
general signal level is low or moderate with strong 
signals in the late afternoon or evening and a 
minimum between 6 a.m. and 9 a.m. 

4. There is evidence of an appreciable seasonal 
variation with high level for a greater fraction of 
the time in summer than in winter or spring. 

5. Low level occurs commonly, but not always in 
conditions of fog or low visibility. 

6. Low signal level is usually observed at the 
passage of warm fronts and high level at the passage 
of cold fronts. 

7. Generally speaking, high signal level tends to 
occur in periods of anticyclonic weather. 

A typical record of signal strength for 9-cm waves, 
representing hourly mean values for a month, is 
shown in Figure 1, These records are from two 
links of the short path, both nonoptical. Important 
meteorological phenomena, especially passage of 
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Figttrb 1. Signal strength in decibels above 1 /iv receiver input. S band hourly means, June 1944. (Irish Sea experiment.) 
(C • cold front, W » warm front, 0 occluded front ) 


fronts, are shown at the top of the diagram. W indi- 
cates warm, C cold, O occluded. Note in particular 
the standard and the free space level indicated on 
the lower record and the tree space level on the 
upper. The standard level for the latter would be 
about 33 db below the zero line. This record, which 
is by no means exceptional, gives a fair idea of how 
vastly the signal exceeds the magnitude calculated 
for standard conditions. At the same time it shows 
the highly irregular character of these phenomena 
and the difficulty of correlating them in a simple 
way with the weather or other conditions. 

Overland Path 

An experimental overland path 38 miles has long 
been operated in the neighboihcodV>f London between 
the Admiralty Signal Establishment at WhitweU 
Hatch and the General Electric Laboratories at 
Wembley. The wavelength is in the 10-cm band, 
and transmission, monitoring, frequency control, and 
recording are fully automatic. The path is optical 
except for some houses and trees near the receiver 
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which introduce a diffraction loss estimated at 30 
db. As is generally the case with paths that are 
optical or nearly so, the fluctuations of received 
intensity aie far less than in the case of long non- 
optical paths. Figure 2 shows a record for one month 
in 1944. The large diurnal fluctuations in amplitude 
with maxima above normal in the early morning 
hours occur in the beginning of the month and at 
several occasions later, especially from tne 21sl to 
the 26th. These are related to weather conditions 
with clear skies, as will be explained in Chapter 4. 

The work undertaken in England on experimentrl 
transmission paths of various types is quite extensive, 
and the preceding description hardly gives an idea 
of the variety of experiments made and results 
obtained. Most of the experiments are of a smaller 
size than the ones described here. 

EXPERIMENTS AT THE EASTERN 
COAST OF THE U.S. 

In the early years of the war a transmission 
experiment was undertaken by RCA Communica- 
tions, Inc., between New York and two points on 
Long Island.^*^*'" The short path of 42 miles was 
optical, but the long path of 70 miles was nonoptical, 
the receiver being about 400 ft below the trans- 
mitter’s line of sight calculated on a X earth’s radius 
basis. Transmission was carried out on 45, 475, and 
2,800 me. The results show what has been confirmed 
by later experiments, that the amplitude of fluctua- 
tions is larger the higher the frequency. On the 
optical path the range of fluctuations of the 45-mc 
signal averages only ±Z db, whereas over the same 
path the 47&-mc and 2,800-mo signals exhibited 
fluctuations which weiw in excess of 40 db, so far as 
they could be measured. As wgs to be expeeted, the 
2,8QO-mc signal fluctuated more than ^ 475mo 
one. Over the nonofiticdi path alt three signals show 
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very wide fluctuations of intensity, the rate and 
amount again increasing with the frequency. 

In the courae of these experiments a certain amount 
of meteorological study was carried out and fore- 
casting of propagation conditions was done on a 
tentative basis. The general results again fore-shad- 
owed the more complete data obtained by later 
studies, and a description of the details will be 
omitted here. 

Similar experiments were carried out simultane- 
ously by the Bell Telephone Laboratories [BTL] on 
optical paths near New York City. The wavelengths 
employed were 10, 6, and 3 cm.****'^^ Here we find 
clearly established the different signal or fading 
types that are described in detail below. 

A very extensive program of transmission measure- 
ments was carried out by the Radiation Laboratory 
of Massachusetts Institute of Technology [MIT]. 
The meteorological records were made in cooperation 
with the U. S. Army Air Forces. The first measure- 
ments were made in 1942, and experiments on a very 
large scale were carried out in 1944. *■ *** Two 

optical transmission paths were operated in 1943, 
a 22-mile path over the sea and a 45-mUe path over 
land. A 10-cm continuous signal was used, and the 
strength was monitored by means of thermistors. The 
antennas were dipoles with 30-in. parabolic reflec- 
tors. The received signal was automatically recorded 
on meters having a range of 60 db. The signals 
received were correlated with meteorological observa- 
tions, the results of which will be given below. 

In the spring of 1944 a new over-water transmission 
path was installed which was operated simultaneously 
with the 22-mile one. This path was nonoptical, 41 
miles long, and crossed Massachusetts Bay from the 
southern tip of Cape Ann to the northern tip of Cape 
Cod near Provincetown. Transmission over this path 
was carried on with 256-cm waves, 10-cm S band, 
3-cm X band, and 1.25-cm K band. The 256-cm 
equipment used Yagi antennas and operated with 
continuous waves. The microwave transmitters used 
pulses with a repetition frequency of 700 c and used 
parabolic reflectors as antennas. 

The transmitter for the short path was about 120 
ft above mean sea level, and the transmitters for the 
long path were at a similar height. The two receivers 
were about 136 and 30 ft above mean sea level. The 
transmitter power was monitored and continuously 
recorded during the experiments while the receivers 
had automatic frequency control with apparatus 
which searches for the signal if it is lost. The auto- 
matic gain control of the receivers was arranged to 
give a spread of the sigxial over 70 to 80 db. The 
receivers were directly calibrated by means of signal 
generators and a very close check was kept on their 
performanoe throughout. The rectified output of all 
receivers was fed directly into recording mflliammeters. 

Omncident with the operation of these transmission 
paths there was a very extensive meteorological 


program determining sea and air temperatures and 
atmospheric humidities by means of fixed installa- 
tions, captive balloons, ships, and airplanes. The 
distribution of the refractive index along the trans- 
mission path was thus known in considerable detail 
during practically the whole course of the experi- 
ments. Concurrently with these measurements, a 
program of forecasting the transmission conditions 
was carried out. 

Results 

The results obtained on the various transmission 
paths on the east coast of the United States are 
rather closely similar to each other, and the graphs 
presented here may be taken as being characteristic 
of all of them. 

Figure 3 shows the signal types observed at the 
microwave frequencies, S band and X band. The 
first type is well above the standard level with high 
signal on the average. It has roller fades with periods 
of from 2 min to an hour or so which may go down 
to the minimum detectable level. These periods are 
generally shorter at any time on the X than on the 
S band. When this type of signal was present on the 
S band, it was almost invariably present on the X 
band and on both the short and long paths. It always 
occurred simultaneouriy on the hi|^ and low receivers 
at any frequency. 

The second type is high and steady at anywhere 
from 5 to 30 db above the standard, generally higher 
on the X than on the S band. Most of the time this 
type occurred simultaneously on both bands, but 
there were some occasions when the S-band signal 
was of the high and steady type while the X one 
was of the first type, high with roller fades. 

The third type of signal is about standard and 
fairly steady which may be a limiting case of the 
high and steady variety. It does not necessarily occur 
on both frequencies and on both high and low 
receivers at the same time. 

The fourth type is standard on the average, with 
scintillations of more than 10 db. The reason for the 
difference between this and the preceding type has 
not yet been established. The scintillations may 
occur on either the S or X band while at the same 
time the other signal is steady. 

The fifth type, known as ^‘blackout,’’ is far below 
standard and shows strong scintillations. In general 
it occurs simultaneously on both frequencies, both 
paths, and on both high and low receivers. 

Figu;e 4 shows a similar set of signal types as 
observed with 256-cm waves. These are distinct 
from those observed at the microwave frequencies 
not only in appearance but also in times of occurs 
rence. In general no relation has been found to exist 
between the signal type at this frequency and that 
observed simultaneously on S or X band, although 
on rare occasions such a relation is indicated; the 



TECHNICAL SURVEY 



Figure 3 . Microwave signal types 8 a and X band, 'Massachusetts Bay. 


type may remain constant on one frequency and 
change on the other. Steady signal is most frequent 
at 256 cm, but the other types shown also occur 
fairly often. Variations of 30 to 40 db overall take 
place, and the variations may be fast or dow. 

A statistical study of the frequency of occurrence 
(4 various signals reveab some rather interesting 
features. Table I shows the frequency of occurrence 


of above standard, standard, and below standard 
types on the S and X bands during three typical 
weeks in the summer of 1044. In these statisties the 
range of the standard rignal was taken as ± 5 db 
for the S band and ± 10 db for the X faaiid« The 
behavior of the K*band rignal is quite dmilair to 
that of file other two. 

Ai the season progressed into the faOt itandard 
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Figure 4. Sigoal types at 256 cm (117 me per sec), Massachusetts Bay. 


signal became more common and substandard signal 
less frequent espeoiaUy in the S band. This is shown 
in Table 2. 

UTiese statistical results are characteristic of the 
oven-water path near a coast used in the experiments 
of the Radiation Laboratory; and, while the signal 
types shown in Figures 3 and 4 are about the saoj^ 
in overland paths, the relative frequency of incidence 


tor the various types is quite different. This frequency 
depends not only on the location of the path but, 
also as shown above, on the season. A more detailed 
analysis shows that it also depends on the particular 
weather situation, which may prevail for periods of 
several days or longer. 

It has been mentioned before that the signal 
patterns on the S and X bands and those on the 
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Table 1. S and X bands, July and August. 



Per cent of 

Per cent of 

Per cent of 


tune above 

time below 

time 

Date 

standard 

standard 

standard 

July 10-16 

63 

36 

1 

Aug. 21-27 

97 

3 

0 

Aug. 2a*Sept. 3 

80 

15 

5 

Table 2. 

S and X bauds, September and October. 


Per cent of 

Per cent of 

Per cent of 


time above 

time below 

time 

Date 

standard 

standard 

standard 

Sept. 25-Oct. 1 

S 58 

15 

27 

X 80 

10 

10 

Oct. 16-22 

S 76 

2 

22 


X 92 

0 

8 


high and low receivers are closely parallel Figures 5 
and 6 show these correlations graphically; the first is 
between the S and X bands and the second is between 
the high and the low S-band receivers. In contradis- 
tinction there is practically no correlation between 



FilouBE 5. Correlation between 8- and X-band signal 
strengths, Massachusetts Bay. 



Figure 6 . Correlation between signal strengths at high 
and low receivers, Massachusetts Bay. 



Figure 7. Correlation between 117-mc and S-band sig- 
nal strengths, Massachusetts Bay. 


the S-band and 117-mc signal levels, as Figure 7 
indicates. 

It is hardly necessary to state that the high signal 
levels occur when the meteorological measurements 
show the presence of a duct and the substandard 
signals occur when the M curve is of the substandard 
type. It will not be possible, in this summary report, 
to enter into the detailed relationship between signal 
strength and M distribution. In a general way the 
experimental results confirm the electromagnetic 
theory in so far as it has been worked out at present. 

Another aspect of the short wave transmission 
that has been studied in these experiments is the 
relationship between radio and radar transmission. 
Since radar involves two-way transmission, its path 
factor, as defined in the beginning of Chapter 1, is 
the square of the path factor for one-way trans- 
mission. Therefore the change with distance in the 
received-field strength is more rapid with radar than 
with the one-way radio. 

In order to study this relationship, two small 
mobile radar sets on the S and X bands were set 
up near the transmitter of the long path, at Province- 
town. Echoes from natural targets along the coast 
of the mainland were studied in connection with the 
soundings and correlated with the one-way trans- 
mission measurements. In Figure 8 is shown a 
correlation between the signal strength of the X-band 
radar and the signal strength of the high X-band 
receiver of the long transmission path. The radar 
target is near the one-way receiver so that both paths 
are practi'^ally coincident. When the radar signal was 
below the limit of sensitivity, it is indicated on the 
graph by this limit so that the lower points of the 
diagram really have little physical significance. If a 
straight line is drawn, averaging the variation of the 
higher poinls, its slope is roughly 2:1 as should be 
expected. 

Figure 9 shows a correlation between the one-way 
signal strength on the S band and the maximum 
rang^ of fixed echoes detected by the S-band radar 
along the coast. It is interestitif to note that foper- 
standard radar ranges do not appear until the ona* 
way signal has reached a certain, rather larger value. 
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The one-way signal does not seem to be abh to 
increase much beyond this value, whereas the range 
of detectable radar targets liaes with extreme rapidity. 



SIGNAL STRENGTH 

Figurb 8. Correlation Between one-way and radar sig- 
nal strengths over the same path. X band, Massachu- 
setts Bay. 

EXPERIMENTS IN NORTHWESTERN 
UNITED STATES AND CANADA 

State College or Washington Project 

During 1943, a series of transmission experiments 
were carried out by a group of workers from the 
State College of Washington under the auspices of 
Division 14, *^8 The first series of 

tests were made in the neighborhood of Spokane over 
14- and 52-mile optical paths and over a 112-mile 
nonoptical path. Later in the same year a transmis- 
sion path 20 miles Ion*; with receivers both below 
and above the optical horizon was installed on the 
east side of Flathead Lake, Montana. 

Among the tests carried out by this group was an 
experimental telephone communication on 10-cm 
waves which gave excellent results. The earlier 
experiments demonstrated the necessity of having 
detailed data on the refractive index variation in 
low levels and thus led to the development of the 
State College of Washington wired balloon sonde, 
described in the preceding chapter and of basic 
importance for further propagation work. The first 
model of the sonde was used systematically in con- 
nection with the Flathead Lake transmission path. 

The location of these experiments has a climate of 
a continental type, there i>eing several mountain 
ranges between these spots and the Pacific coast. 
The air is comparatively dry, and the structure of 
the lowest strata is subject to the large variations 
of temperature and of stability typical of continental 
conditions. 

The general results of these tests arc similar iiT 
many respects to those found at the east coast of 
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Figure 9. Correlation between maximum radar ranges 
and one-way signal strength. X band, Massachusetts 
Bay. 

the United States. The signal types are analogous, 
but the times and frequencies of occurrence are often 
quite different. In the Flathead Lake experiments, 
where strong ducts were often present, signal level 
variations of 50 db were observed for the optical 
path, 55 db for the nonoptical paths. The correlation 
between the observed M curves and the received 
signal strength was extremely close, high signal 
levels being observed when the measured M curves 
showed the presence of a duct; and standard signal 
levels, when the M curve was of the standard type. 
Similar observations were later made many times 
over in other experiments such as those at Massa- 
chusetts Bay, already described. 

Figure 10 shows typical signal records in form of 
hourly maxima and minima over a three-day period 
for the 20-mile path on Flathead Lake. Though the 
path Itself is entirely over water, the over-water 
trajectory of the air is limited by the dimensions 
of the lake. Both receiving stations are below the 
line of sight, the upper by .91 ft, the lower by 132 ft. 
There is, in this graph, a rather clearcut distinction 
between periods of standard propagation with a 
comparatively limited margin of variability of the 
signal, and periods of sunerrefraction accompanied 
by very deep fades. This behavior is found in most 
propagation experiments but is perhaps rarely as 
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well marked as in this graph. Another feature of 
interest is the fact that the maximum signal level 
is fairly close to the free space level. This has been 
found to hold approximately in a number of other 
propagation experiments where, in the presence of 
a duct, the maximum received level seems to occur 
not far from the theoretical free space signal level. 
No explanation for this behavior has been given, and 
it may be purely accidental. 

Figure 1 1 presents, for part of the same period as 
shown in Figure 10, the value of X; as a function of 


time at a point on the transmission path. Here k 
is a measure of the slope of the M curve in the lowest 
strata. Combining equation (17), Chapter 1, and 
equation (4), Chapter 2, we have 1/ka ^ dMIdh • 
10^*. Thus when k is negative a duct is presenti It 
will be seen that the incidence of negative values of k 
correlates well with high signal strength in Figure 10. 

Canadian Expebdisnto 

The Canadian transmission experiments are being 
undertaken by the Tropospheric Subcommittee of 
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Figuke 1 1 . Values of A; as a measure oi M ot N gradient for part of period shown in Figure 10. 


the Canadian Wave Propagation Committee. They 
wore started in the last year of the war and are still 
under way at the writing of the present report. 
These tests promise to throw light upon certain 
aspects of the propagation problem that are difficult 
to investigate elsewhere. The equipment is located 
on the prairies of western Canada. The transmission 
path is over terrain that is as near perfectly level 


as can be found. The ground is covered with short 
grass and is without trees or houses. The region forms 
part of a large flat area in which the atmosphere can 
be expected to be much more homogeneous than 
in more densely populated regions. Extensive meteoro- 
logical measurement by means of stationary installa- 
tions, captive balloons, and airplanes are being 
carried out simultaneously with the transmission 
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experimentB. The path is 27 miles long with receivers 
mounted on a tower at several altitudes. The trans- 
mitters operate on the S and X bands and arc 
pulsed. In addition, radar measurements are being 
undertaken by means of corner reflectors that are 
spaced at regular intervals along a path 45 miles 
long. It may be expected that valuable results will 
soon be received orf the completion of these experi- 
ments. 


EXPERIMENTS IN 

THE SOUTHWESTERN UNITED STATES 

The Navy Radio and Sound Laboratory at San 
Diego has performed a considerable number of 
propagation experiments which have substantially 
aided our understanding of the phenomena of guided 
propagation. Moreover the meteorological conditions 


During the winter of 1942 to 1943, a series of 
measurements were made on the intensities of arti- 
ficial fixed echoes of a 700-mc radar located near 
San Diego,'**'*** and these were compared with 
measured temperature and humidity gradients in 
the lower atmosphere. A pronounced correlation 
between excessive echo ranges and nonstandard 
M gradients at once appeared. The quantitative 
aspects of these correlations will not be discussed 
here since they are very similar to others of this 
type already reported. 

Another set of observations where the receiver 
was located in a plane is shown in Figure 12.* The 
receiving antenna was a Yagi, mounted in the nose 
of the plane, records being made when the plane was 
flying over the ocean toward the transmitter which 
was a 500-mc radar. Figure 12 represents the results 
of flights at various altitudes on two different days, 
the maxima of the signal strength curves corres- 
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Figure 13 Signal strength over 80-mtle path, San Diego to San Pedro, correlated with height of temperature inversion 


found in this part of the United States are rather 
unique; and, while they are not, perhaps, reproduced 
at many other places of the earth, they are so clear- 
cut and regular as to facilitate greatly experimental 
investigations and their interpretations. 

The meteorological conditions at San Diego during 
most of the year are characterised by the presenbe 
of a high-pressure area and high-level subsidence. 
In more concrete terms, there is a surface stratum 
of comparatively cool and moist air on top of which 
there is a layer of very dry, warm air. The transition 
between the two strata is as ^larp as can be found 
anywhere, and the transitional layer is often no more 
tlra a few hundred feet thick. The height of the 
transition layer above the groimd is usually between 
1,000 and 3,000 ft and sometimes as much as 4,000 ft 


ponding to the ^lobes” of the transmitter pattern. 
On one of these days a duct was present as shown 
in the inset where M is plotted against height. The 
dot-and-dash straight line in this diagram represents 
the condition dh/dM «» constant. The most con- 
spicious feature of Figure 12 is the difference between 
the signal distribution in the absence and presence of 
a duct at 500 ft, the lowest level measured, whereas 
the inteniutiea agree fairly well at the higher levels. 
This behavior is in full agreement with the general 
predictions of propagation theory. Nevertheless, the 
detailed interpretation led to a slightly different 
result from that expected, as was brought out by 
subsequent experimental investigations. 

In 1944 a one-way transmission path was operated 
between San Pedro and San Diego, au over-water 
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BO miles long with both terminals at an 
elevation of 100 ft, which were thus well below the 
optical horizon. Three fairly low frequencies, 62, 
100, and 647 me, were used. Figure 13 shows a field 
strength diagram of bihourly means for a period of 
about six weeks in the early fall of 1944. At the top 
of these diagrams is shown the height of the base 
of the temperature inversion, which is a quantita- 
tive measure of the height of the elevated duct. In 
order to compare these data with the results of duct 
theory, Figure 14 shows the number of lowest modes, 
trapped in the elevated duct, plotted against the 
signal strength. For each point indicated, the number 
of trapped modes is calculated by simple waveguide 
theory from the measured M curves while the field 
stren^h is that simultaneously measured on the 
transmission path. For the lowest frequency, 52 me, 
the duct is always beyond cutoff and no trapping 
should occur; nevertheless, the field strength record 
shows considerable fluctuation. 

As seen from Figure 14 there is no correlation be- 
tween the field strength and the number of modes 
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Figure 14 Computed number of modes trapped versus 
observed field strength, Han Diego Bay 

that, theoretically, are transmitted by the duct. On 
the other hand, there is a very pronounced inverse 
correlation between the height of the inversion layer 
and the strength of the received signal This is just 
what should be expected on the basis of reflection, as 



PtouiOB 15. Ray tiadng diagram including rays reflected from elevated inversion layer, Han Diego Hay. M changes by 
50 unite through the inveriion. * 
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distinguished from ray bending, from the elevated 
layer of M inversion. The principle of this reflection 
phenomenon has previously been outlined at the end 
of Chapter 2, on page 17. Further study shows that 
the rate of change of the field intensity and its varia- 
tion with frequency are just of the magnitude re- 
quired by the theory. Figure 15 shows a ray-tracing 
diagram on which the paths of the reflected rays are 
indicated. Summarizing the results of this experi- 
ment, it may be said that the phenomenon of reflec- 
tion from an elevated layer has* been well established 
qualitatively ^d, in some respects, quantitatively 
The meteorological conditions at San Diego are rather 
singular, and so far such reflection occurring in a 
systematic fashion has not been described elsewhere 
though indications of similar effects have occasional- 
ly been reported. 

Another transmission experiment was made by 
the Navy Radio and Sound Laboratory in the 
Arizona desert in December 1944.‘** The path was 
nonoptical, 47 miles long, and the frequency used 
was 3,200 me. The desert air is extremely dry so that 
the contribution of water vapor to the refractive 
index is small and the change in M owing to changes 
in humidity with height is nearly negligible. During 
the clear nights a pronounced temperature inversion 
develops from radiative cooling of the ground, a 
ground-based duct thus being formed. The received 
field strength varied in close correlation with the 
formation and disappearance of the duct, with a 
pronounced diurnal period. The overall results of 
this experiment are again in excellent qualitative 
agreement with the predictions of the duct theory. 
At the same time the experiment also furnished an 
opportunity for studying the development over land 
of low temperature inversions which are valuable 
for radiometeorological forecasting. 

EXPERIMENTS AT ANTIGUA 

Operational experience in the Pacific Ocean led to 
the conclusion that low ducts are very common over 
the ocean surface in subtropical and tropical climates. 
In order to study these ducts, an experiment was un- 
dertaken by the Naval Research laboratory in the 
spring of 1945.^*^ The island of Antigua, one of the 
Leeward Islands of the Lesser Antilles in the British 
W est Indies, was chosen as the site. The prevailing 
winds there are northeasterly and the air has an over- 
water trajectory of several thousand miles before 
arriving at the island and is therefore considered 
characteristic of large portions of the central Atlantic 
and Pacific oceans. There is almost no diurnal and 
only a limited seasonal variation in the air at the 
lowest levels. 

Equipment for the transmission experiments was 
comprised of S-band and X*band sets provided by 
the Radiation Laboratory, MIT. The transmitters 


with parabolic antennas were mounted on a ship at 
heights of 16 and 46 ft. There were two parabolas for 
each height and each frequency, one set pointing to 
the stem and one to the Ixiw, so that measurements 
could be made on both the outward and inward runs 
of the vessel. Receivers were located at heights of 14, 
24, 54, and 94 ft on a tower at the edge of the water. 
Monitoring and automatic recording were similar to 
those used in the transmission experiments pre- 
viously described. Records were obtained while the 
ship was traveling away from the receiving station* 
and again on its return. Signals could usually be de- 
tected up to 190 miles for some combination of 
transmitter and receiver heights. Direction finding 
equipment was used for keeping the ship on its course, 
and fading of the signal caused by the ship’s being 
off course could be readily detected and rectified. 

An extensive program for measuring low-level 
M curves paralleled the transmission measurements. 
Since the weather conditions at Antigua are quite 
steady there is little variation in these curves, as 
shown by two typical ones illustrated in Figure 1 1 of 
Chapter 3. The low-level duct indicated by these 
graphs has been found present at all times in this 
location. 

Typical field strength records for the S band and 
the X band are shown in Figures 16 and 17, respec- 
tively, the most outstanding feature being the varia- 
tion of field strength with antenna heights. For the 
S-band transmission, the field strength increases 
slightly with increasing antenna height but not nearly 
so fast as it would under standard conditions. For 
the X band, on the other hand, the field strength, as 
a rule, is increased by lowering the antennas. This 
behavior can be explained on the basis of the mode 
theory of duct propagation as outlined in Chapter 2 
For the shorter wavelength X band, we have genuine 
trapping, so that the field strength is greatest when 
the transmitter or receiver or both are in the duct. 
In terms of the height-gain functions of equation 
(27), Chapter 1, it appears that these functions of the 
lowest mode or modes have a pronounced maximum 
in the duct and decrease rapidly above it. For S-band 
transmission there is a transition between the com- 
plete cutoff, indicated by a highly simplified wave- 
guide theory, and complete trapping. This inter- 
mediate effect is caused by some leakage of this wave 
train from the duct and the retention by the duct of a 
portion of its wave-guiding properties. The height- 
gain functions, >/hile stiU much larger in the duct 
than in the case of standard propagation, no longer 
have distinct maxima but show a gradual increase 
with height from the ground. This case is particu- 
larly interesting because it clearly exemplifies the 
possible variety of conditions intermediate between 
trapping, as described by the ray tracing of geo- 
metrical optics, and the diffiaction around the earth’s 
surface characteristic of standard propagatkm. 

Figure 16 shows two regions with distinctly 
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different slopes in the curves of power versus dis- 
tance. This probably indicates that two different 
modes predominate in these two r^ions. The pattern 
shown in Figure 16 can occur if for some distance 
near the ground the height-gain function of the 
second mode is greater than that of the first mode. 
The second mode, however, is attenuated more 
rapidly with distance than the first. At moderate 
distances from the transmitter the second mode 
prevails, but at greater distances it will become 
smaller than that of the first which decreases less 
rapidly with distance. 

Finally Figure 1 8 shows a set of curves for attenua- 
tion versus distance of the target for an X-band radar 
on Antigua. Again it is evident that, on the whole, 
the lowest elevation of the radar gives the largest 
signal strength. 



FiauBB 18. Radar echo strength as function of range. 
X band, Antigua experiments. Target is a PC boat. 


ANGLE-OF-ARRIVAL MEASUREMENTS 

Because the effects of nonstandard propagation 
are most pronounced at great distances from the 
transmitter, they are most important for early warn- 
ing radar and communication work. These effects 
were investigated earlier than the question of the 
deviation of the angle of arrival from that prevailing 
in a standard atmosphere. This deviation, though 
small, may nonetheless be significant for fire control 
radars operating in the microwave band. The angle 
of arrival may vary by several minutes of arc because 
of ducts; and this effect was first studied systema- 
ticaUy by BTL in 

Figure 19 is a schematic view of the receiving 
antenna used for such measurements. This antenna 
is a section of a parabolic cylinder arranged so that 
its beam, at the center of swing, is directed toward 
the transmitter, this being the angle at which waves 
arrive on a day with standard propagation. The 
antenna measures the vertical an^e of arrival and 
a duplicate antenna rotates about a vertical axis 
and measures the horizontal ani^e. The antennas 
are periodically swung through an angle which is 
set to include the largest variations of the ani^e of 



Fiqvre 19. Sharp-beamed antenna for angle-of-arrival 
measurements. 


arrival. Figure 20 shows a typical record of received 
field strength versus time for a periodic swing, the 
upper record representing the presence of a direct 
ray only, and the lower indicating both a direct and 
a ground-reflected ray. 

Observations near New York during the summer 
of 1944 were made on two optical paths 24 and 12.6 
miles long with a common receiving antenna. These 
measurements are estimated to be accurate to 0.04 
degree, and they indicate that the greatest variation 
of the horizontal angle of arrival ,is 0.10 degree. 
Fluctuations within this magnitude, however, are 
quite comfhon. The maximum in the vertical angle 
for the long path was 0.46 degree above ihe standard 
for the direct ray and 0.17 degree below the standard 
for the reflected ray. No correlation between depar- 
tures from the standard of the direct ray and the 
ground-reflected ray has been observed. When the 
direct ray was 046 degree above the standard, it 
was apparently being trapped and no reflected ray 
was observed. The greatest spread observed 'between 
the direct and reflected rays was 0.75 degree, as 
compared to a standard of 0.36 degree. The variation 
of vertical angle over the short path was less than 
over the long one, the greatest change in angle being 
an increase of 0.28 degree over the standard for the 
direct ray while that of the ground-reflected ray 
was too small to be observed. 

For early warning radars where the target is 
perhaps 75 to 100 mfles away, the difference in 
bending of the rays between standard atmospheres 
of moderate and warm climates becomes appreci- 
able. In this case differences in estimated height 
vary by as much as 2,000 7t, if the target height is 
determined by the first signal in the lowest standard 
lobe. 



Fsotnw 20. Typical rsoord of ani^|bKtf««rriyal measure- 
inants. Top^ <hieot ray only. Bottom, direct and groiilMl- 
rellected my. 




Chapters 

GENERAL METEOROLOGY AND FORECASTING 


INTRODUCTION 

I N CHAPTEB 1, equation (9) was given for the 
refractive index as 

(n - 1) • lO* y f p - e + --f-j (1) 

On adding to this the term (A/a) 10* the ^‘modified 
refractive index M*' of equation (4), Chapter 2 is 
obtained, namely 

M = (n - 1 + 

When the temperature increases with height, other 
things being consta*nt, n ~ 1 decreases with height 
and when this decrease is strong enough it will 
outweigh the increase of M caused by the term h/a. 
Similarly, a decrease of moisture with height will 
produce a decrease of n — 1 which, if strong enough, 
will again produce a negative slope of the M curve. 
In Chapter 3 we have dealt with these changes 
purely from the observational viewpoint. Now the 
origin of these variations owing to the physics and 
dynamics of the lower atmosphere will be considered. 
A knowledge of general meteorological conditions 
may enable a trained weather forecaster to predict, 
from weather maps and other pertinent data relat- 
ing to the structure of the lower atmosphere, the 
presence of ducts and other meteorological factors 
affecting transmission. 

The first attempts at radio forecasting were made 
as early as 1943 by the British Meteorological Office 
in conjunction with the services operating the radar 
sets along the North Sea and Channel Coast. While 
the correlation between forecasts and observed results 
was imperfect, results were promising enough to 
encourage further studies. Since then, the forecasting 
technique in the British home waters has been 
developed to a considerable degree of effectiveness. 
Studies regarding the relationship between the 
dynamics of the lower atmosphere and radio wave 
propagation have been initiated by the interested 
Services in various parts of the British Empire, 
particularly in Australia where a number of interest- 
ing correlations have been discovered. In the United 
States the problem was first systematically attacked 
by the propagation group of the Massachusetts 
Insticute of Technology Radiation Laboratory 
[MIT-RL], and at about the same time by the 
Army Air Forces Tactical School in Florida. The 
latter established a training course for radio meteoro- 
logioal forecasters, a number of whom partic4Mited 
in offensive operations in the Pacific at Lejrte and 
later. 


In connection with the transmission experiment 
across Massachusetts Bay, which was described in 
Chapter 4, a forecasting unit was established coopera- 
tively by MIT-RL, the AAF, and the U. 8. Weather 
Bureau at Boston. Regular forecasts were made and 
checked by both meteorological and radio observa- 
tions. The pertinent information required for radio 
meteorological forecasting was assembled by a 
number of agencies in England*^* and in this country. 
The most extensive American texts on the subject 
have been issued by Headquarters, Weather Divi- 
sion, AAF, and by the Columbia University Wave 
Propagation Group.” ^ The latter report. Tropos- 
pheric Propagation and Radicmeteorology is published 
in Volume 2 . 


ATMOSPHERIC STRATIFICATION 

From the meteorological viewpoint it is convenient 
to distinguish three factors which tend to affect the 
temperature and moisture distribution in the lower 
part of the atmosphere. These factors are known to 
meteorologists as (1) advection, (2) nocturnal cooling 
(over land) and (3) subsidence. 

Advection is a term that designates the horizontal 
displacement of an air mass of specific properties 
over an underlying surface which tends to modify 
the structure of the mass. Thus one speaks of the 
advection of dry polar air over a warm water surface. 
Advection is not the modification of air mass proper- 
ties but merely a preliminary to such modification. 

Advection changes the physical characteristics of 
the lower strata of the atmosphere through transfer 
of heat or moisture between the air and the under- 
lying ground or sea surface. The operating factor in 
this exchange is turbulence, and a brief review of its 
effects in the atmosphere will be given. 

Nocturnal cooling over land is caused by a loss of 
heat from the ground by infrared radiation. The 
cooling thus effected is communicated to the lower 
strata of the atmosphere by means of turbulence. 
Nocturnal cooling occurs to an appreciable degree 
only if the sky is clear. Any layer of clouds will exert 
a ^'blanketing*’ effect which reduces the cooling of 
the ground to a small fraction of that for clear nights. 

Subsidence is a meteorological term for the slow 
vertical sinking of air over a very large area. It is 
usually found in regions where barometric highs are 
located. By a dynamic process, too complicated to be 
described here, subsidence often produces a temper- 
ature inversion, the air in a subsiding stratum being, 
as a rule, very dry. Subsidence is ususdly strongest in 
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a layer somewhat elevated from the ground, and 
when the dry subsiding mass overlies a moist stratum 
near the ground, a sharp moisture gradient is' created 
which is favorable for the formation of the duct. The 
elevarted ducts at San Diego are of this type. 

Ccfweciim occurs whenever the vertical tempera- 
ture gradient exceeds in absolute value the critical 
gradient of about — 1 C per 100 m. It is usually the 
result of the heating of the ground by the sun's rays, 
and over land on a hot summer day it may extend to 
great heights in the atmosphere. Since convection 
mixes the air thoroughly, it establishes small and 
constant moisture gradients throughout the lower 
atmosphere, resulting in a very nearly linear Jlf curve. 
Ck)nsequently standard conditions of propagation 
prevail on summer days over land from late morning 
until late afternoon, this being the time when con- 
vection is most likely to be present. Often this applies 
also to summer days with a light overcast. 

Frictional turbulence occurs normally in the lowest 
1,000 m of the atmosphefe even when convection is 
absent. It is caused by the wind, requires at least 
light winds, and is fully developed with moderate or 
strong winds over land. Since turbulence is caused by 
the roughness of the ground it is less well developed 
over the sea surface. It can safely be assumed that 
over land with moderate or strong winds standard 
propagation conditions prevail because of the reg- 
ularising action of turbulence. 

Temperature inversiom occur when the temperature 
of the sea or land surface is appreciably lower than 
that of the air. The temperature transition from the 
ground to the free air takes the form shown in Figure 
1. The heat and moisture transfer caused by turbu- 
lence in a temperature inversion is less simple than 
that in a frictional layer. The turbulent processes in 
inversion regions are highly complex and, as yet, are 
not very well explored. It is known, however, that 
the intensity of the vertical transfer of heat and 
moisture is much less than the rate of transfer with 
frictional turbulence and decreases with the vertical 
increase of temperature. In a steep inversion the rate 
of transfer may be many times less than in a fric- 
tional layer. This tends to produce a vertical stabiliz- 
ation of the air layers in the inversion region. As soon, 
therefore, as a temperature inversion has begun to 
form, the rapid mixing in the lowest layers, usually 
effected by frictional turbulence, stops and is re- 
placed by a much more gradual diffusion. 

Assuming that the rate of diffusion has become so 
slow that the transfer of moisture over a height of a 
few hundred feet takes many hours or, perhaps, a 
day or two, when the air in the inversion is dry to 
bei^n with and Rows over the sea or moist land there 
will be established, in such an air mass, a steep mois- 
ture lapse, since the water vapor that has been taken 
up by the air near the ground will only gradually 
diffuse into the dry air aloft. Condirions are then 
favxnable for the formation of an evaporation duct, 


in addition to whatever tendency toward duct forma- 
tion may be caused by the temperature inversion 
itself. 



Figure 1 Air temperature versus height for a tempera- 
ture inversion. 


CONDITIONS OVER LAND 

Because of the considerable variation of the ground 
temperature by cooling at night and heating during 
the day, there is to be found over land an alternation 
of convection during the day and conditions of a tem- 
perature inversion during the night. There is some 
phase shift in that the atmospheric conditions lag 
about three to four hours behind the sun. The amount 
of nocturnal cooling caused by infrared radiation of 
the ground is very nearly independent of its constitu- 
tion. It is, however, strongly reduced by the presence 
of clouds which in turn radiate toward the ground, 
canceling part of the cooling effect. High moisture 
content in the lower atmosphere acts partly in the 
same way and somewhat reduces the heat lost by the 
ground. With a full overcast, nocturnal cooling is 
negligible and normally no temperature inversion 
will be formed. 

In temperate climates temperature inversions alone 
can produce only weak ducts because the effect of 
temperature, upon the refractive index is relatively 
small. In the fairly common case, however, where the 
inversion is accompanied by sufficient moisture 
gradient, a strong duct will result. This occurs when 
the air is dry enough ip allow evaporation into it 
from the ground. In warmer climates where the transi- 
tion between night and day is rapid, evaporation may 
set in early in the morning before the nocturnal in- 
version has been completely destroyed by the action 
of the sun. A strong duct will then be formed for a 
short period. 

Fog. Contrary to what might perhaps be expected, 
the formation of fog results generally in a decrease 
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mcrease with height through the fog layer. In this 
event propagation will be standard, or ducts may 
even form occasionally within the fog layer. 

COASTAL AND MARITIME CONDITIONS 

Advection is of prime importance near a coast 
where the wind may blow the air from land to saa 
or vice versa. The former case, which is the more 
important in practice, will be considered. A tempera- 
ture inversion is formed, if the air from above a 
warmer land surface flows out over a cooler ocean 
surface. Over the land the air will usually have 
attained a state of convective equilibrium with 
correspondingly slow variations of temperature and 
humidity with height. When this air comes in contact 
with the cold water surface a temperature inversion 
is formed which increases gradually as the air 
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Figure 2. Successive M curves resulting from mo<lifica> 
tion of warm dry air over cool moist surface. Zero time 
corresponds to the coastline; 1/4 hr, 1/2 hr, etc. refer to 
the time the air has been over water. 

proceeds over the water. Thus the inversion is the- 
more pronounced, the greater the distance from the 
shore. Eventually, however, at very large distances, 
refractive index. For instance, when fog forms by 
nocturnal cooling of the ground, the total amount of 
water in the air remains substantially unchanged, 
although part of the water changes from the gaseous 
to the liquid state. It is found that water suspended 
in the air in the form of drops contributes less to the 
refractive index than the equivalent amount of vapor. 
The formation of fog, therefore, reduces the effective 
contribution of the water vaporto the refiuctive index. 
If there is a temperature inversion in the fog layer, 
the vapor pressure required for saturaticm increases 
with height, and a substandard M curve usually 
results. 

With a substandard M curve the electromagnetic 
fidd near the earth surface is diminished instead of 
increased, a case opposite to that of superrefraction. 
In practice this weakening of the field not uncom- 
mody leads to a more or loss complete radio Uackout. 

Fog, however, does not always produce a sub- 
standard M curve although that is usudly the case. 
Jin oertain less frequent types of fog, the temperature 
saturation vapor pressure may be constant or 
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equilibrium between the air and the water surface 
will again be reached. 

The temperature inversion formed during this 
process would in itself give rise to only a compara- 
tively weak duct. When, however, the air is dry, 
evaporation from the sea surface takes place simul- 
taneously with heat transfer, and a fairly strong 
negative humidity gradient is established in the 
lowest layers. This combination of temperature inver- 
sion and moisture gradient is very favorable for the 
formation of a pronounced duct off shore. 

The progressive formation of an advection duct, 
created by the mechanism just outlined, is shown 
schematically in Figure 2. The successive M curves 
correspond to a series of time intervals measured 
from the passage of the air over the shore line. The 
increase of the duct toward the maximum and the 
subsequent flattening of the M curve as the air 
approaches a new state of equilibrium is clearly seen 
from the figure. 

Duct formation in such a case depends on two 
quantities: (1) the excess of the unmodified air 
temperature above the water temperature, and (2) 
the humidity deficit, that is, the difference between 
the saturation vapor pressure corresponding to the 
water temperature and the actual water vapor pres- 
sure in the unmodified air. The problem can be 
treated by means of the mathematical theory of 
diffusion in a turbulent medium, and a considerable 
amount of effort has been spent in investigating this 
type of advective duct. Extensive mathematical 
work has been carried out in England*®® based 
primarily on the large body of data on atmospheric 
diffusion gathered in connection with chemical 
warfare problems.^®’^ In the United States such 
ducts have been studied very extensively in con- 
nection with the propagation experiments in Massa- 
chusetts Bay where conditions are favorable for 
their formation.*®*'*®^ 

Another phenomenon often responsible for ducts 
in coastal regions is the land and sea breeze . This 
type of wind is of thermal origin and is produced 
by temperature differences between land and sea. 
During the day, when the land gets warmer than 
the sea, the air over the land rises and that over the 
sea descends, thus causing a circulation in which 
the air in the lowest layers flows from sea to land. 
This is the sea breeze. Vice versa, during the night 
the land becomes colder than the sea, and circulation 
is in the reverse direction, creating the land breeze. 
As a rule this type of phenomenon is extremely 
shallow, and the winds do not extend above a few 
hundred feet at the most. A sea breeze modifies the 
advective conditions described above in various 
ways, and extremely strong ducts have occasionally 
been observed under sea breeze conditions. The land 
and sea breezes are of a stiictly local nature and in 
some cases will extend only a few miles to land or 
sea from the shore. Nevertheless this region may be 
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an important part of the radiation trajectory of 
coastal radars. These breezes develop only under 
fairly calm conditions; they are wiped out by a 
mocterate or strong wind. 

The advective ducts of the types described here 
are by their very nature of only limited horizontal 
extent. The horizontal variation of refractive index 
presents a problem that till now has not been sys- 
tematically studied from either the experimental or 
the theoretical angle. 

A particular type of duct has been discovered in 
purely maritime air, that is, air which has had an 
extremely long sea trajectory and thus should have 
reached an approximately steady state of diffusion 
relative to the underlying sea surface. The Antigua 
experiments described in the preceding chapter reveal 
the existence of a type of low duct which seems to be 
characteristic of maritime air. It appears probable 
that similar ducts are permanent in the oceanic 
regions of many parts of the earth. The relative 
humidity of the air at Antigua was found to be 60 
to 80 per cent, indicating that a continuous upward 
diffusion of moisture must take plao^, since the air 
immediately adjacent to the water surface is always 
practically saturated. On the other hand, there is 
little difference between the air and sea tempera- 
tures in this case, the ocean being about 25 C while 
the air temperature varies between 23 and 26 C. 
The ducts are therefore caused solely by the varia- 
tion of water vapor in the lowest layers and are 
much lower than the advective ducts described 
before, their height raYely exceeding 40 ft. Typical 
M curves have been shown in Chapter 3, and, for 
the particular effects caused by the low height of 
these ducts, we refer to the discussion of the experi- 
mental results. 

The diurnal change of ocean temperature is 
insignificant, except in extremely shallow water, and 
therefore, at some distance from the coast, propaga- 
tion conditions do not show any appreciable diurnal 
variation. 

DYNAMIC EFFECTS 

The physical processes in the lower strata of the 
atmosphere which determine the formation of ducts 
are to a considerable extent controlled by the large- 
scale dynamics of the atmosphere. It is therefore 
often possible to make at least a qualitative forecast 
of propagation conditions on the Iwais of a knowledge 
of the lEomoptic weather situation. An example in 
point is the diurnal variation over land in clear 
weather from standard conditions during the day 
to duct conditions in the latter part of the night 
and the early morning hours. 

Conditions in a barometric low pressure area 
generally favor standard propagation. Winds are 
usually strong or at least moderate resulting in a 
welUmixed layer of frictional turbulence. Local 


thermal stratifications are destroyed, and abnormal 
moisture gradients will not develop because of the 
intense turbulent mixing. The sky is frequently 
overcast in the low pressure area and nocturnal 
cooling therefore is often negligible. 

On the other hand, meteorological conditions in 
a high pressure area are frequently favorable for 
the formation of ducts. The sky is commonly clear, 
thus giving rise to pronounced nocturnal cooling of 
the ground and to the attendant formation of a 
temperature inversion in the lowest layers. This, 
again, often gives rise, by evaporation, to steep 
mofsture gradients within the inversion layer result- 
ing in the formation of ducts in the manner already 
described. Winds in high pressure areas are often 
slight, or a calm prevails, resulting in a formation 
of local thermal stratifications and of land and sea 
breezes. 

One of the prime phenomena conducive to non- 
standard propagation conditions in* a barometric 
high is ayhsidencCf already described. Subsidence is 
closely connected to high pressure areas on the 
weather map and is always found in such areas, but 
it is not always intense enough to produce an 
inversion. The typical pattern of air flow in a baro- 
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Figurs 3. Schematic diagram illustrating subsidence in 
a region of high barometric pressure. 


metric high is shown in Figure 3 in both horizontal 
projection and vertical cross section. 

The air in the lower parts of a region of subsidence 
is very dry because it has descended from a high 
level in the atmosphere where the temperature is low 
and hence the saturation vapor pressure is small. 
If such air is located over a surface capable of evap- 
oration such as the ocean, a steep moisture gradient 
may be established at some level above the ground. 
This is the most common mechanism for the forma- 
tion of elevated ducts. Quite often subsidence com- 
bines with some or the other effects mentioned 
earlier enhancing their tendency toward the format 
tion of the duct. Ibe elevated ducts found in thifSen 
Diego regiem aio peibape the asoet fmtstandii^ 
ide of this type of dynamically induced stratification. 

11m ^ect of /rimls in the atmoephem upon pmiM^ 
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nation does not seem to be very pronounced. This is 
probably due to the fact that in a front the transition 
between warm and cold air is comparatively gradual 
extending over a height of perhaps 1 km. In the Eng- 
lish propagation experiments some effects of fronts 
have indicated slightly substandard conditions with 
warm fronts and slightly superstandard conditibns 
with cold fronts. Often, however, the effect of fronts 
upon radio propagation is negligible. This, of course, 
refers only to the frontal region itself and not to the 
change in air mass and attendant propagation con- 
ditions connected with the passage of a front. 

WORLD SURVEY 

It clearly appears from the preceding sections 
that climate has a fundamental influence on the 
nature of propagation conditions. A systematic 
attack on the problem of the occurrence of ducts over 
the ocean has been made in England on a world-wide 
scale.**® Monthly maps based on estimates drawn 
from general low-level weather data, giving regions 
of the most frequent occurrence of superrefraction 
and substandard refraction, were issued. However, 
these need much further checking by actual observa- 
tions. The propagation features of some important 
parts of the world where some knowledge has been 
accumulated is outlined briefly below. 

AUantic Coast of the United States, Along the north- 
ern part of this coast superrefraction is common in 
summer, while in the Florida region the seasonal 
trend is reversed, a maximum occurring in the winter 
season. 

Western Europe, On the eastern side of the Atlantic, 
around the British Isles and in the North Sea, there 
is a pronounced maximum in the summer months. 
Conditions in the Irish Sea, the Channel, and East 
Anglia have been studied by observing the appear- 
ance or nonappearance of fixed echoes. Additional 
data based on one-way communication confirmed the 
radar investigations. 

Mediterranean Region, The campaign in this region 
provided good opportunities for the study of local 
propagation conditions. The seasonal variation is 
very marked, with superrefraction more or less the 
rule in summer, while conditions are approximately 
standard in the winter. An illuminating example is 
provided by observations from Malta, where the 
island of Pantelleria was visible 90 per cent of the 
time during the summer months, although it lies be- 
yond the normal radar range. 

Superrefraction in the Central Mediterranean area 
is caused by the flow of warm, dry air from the south 
(sirocco) which moves across the ocean, thus pro- 
viding an excellent opportunity for the formation of 
ducts. In the winter, however, the climate in the 
Central Mediterranean is more or less a reflection of 
Atlantic conditions and hence is not favorable f 9 r 
duct fmtnation. 
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The Arabian Sea, Observations covering a con- 
siderable period are available from stations in India, 
the inlet to the Persian Gulf, and the Gulf of Aden. 
The dominating meteorological factor in this region 
is the southwest monsoon which blows from early 
June to mid-September and covers the whole Arabian 
Sea with moist equatorial air tip to considerable 
heights. Where this meteorological situation is fully 
developed, no occurrence of superrefraction is to be 
expected. In accordance with this expectation, all the 
stations along the west side of the Deccan report 
normal conditions during the southwest monsoon 
season. During the dry season, on the other hand, 
conditions are very different. Superrefraction then is 
the rule rather than the exception, and on some oc- 
casions very long ranges, up to 1,500 miles (Oman, 
Somaliland), have been observed with fixed echoes 
on 200-mc radar, based near Bombay. 

When the southwest monsoon sets in early in 
June, superrefracrion disappears on the Indian side 
of the Arabian Sea. However, along the western 
coasts conditions favoring superrefraction may still 
linger. This has bean reported from the Gulf of 
Aden and the Strait of Hormuz, both of which lie 
on the outskirts of the main region dominated by 
the monsoon. The Strait of Hormuz is particularly 
interesting as the monsoon there has to contest 
against the ^^shamaP’ from the north. The Strait 
itself falls at the boundary between the two wind 
systems, forming a front, with the dry and warm 
shamal on top, and the colder, humid monsoon 
underneath. As a consequence, conditions are favor- 
able for the formation of an extensive radio duct, 
which is of great importance for radar operation in 
the Strait. 

The Bay of Bengal, Such reports as are available 
from this region indicate that the seasonal trend is 
the same as in the Arabian Sea, with normal condi- 
tions occurring during the season of the southwest 
monsoon, while superrefraction is found during the 
dry season. It appears, however, that superrefraction 
is much less pronounced than on the northwest side 
of the peninsula. 

The Pacific Ocean, This region appears to be the 
one where, up to the present, least precise knowledge 
is available. There seems, however, to be definite 
evidence for the frequent occurrence of superrefrac- 
tion at some locations, e.g., Guadalcanal, the east 
coast of Australia, around New Guinea, and on 
Saipan. Along the Pacific coast of the United States, 
observations indicate frequent occurrence of super- 
refraction, but no statement as to its seasonal trend 
seems to be available. The same holds good for the 
region near Australia. 

In the tropics there is a vexy strong and persistent 
seasonal temperature inversion, the so-called trade 
wind inversion. It has no doubt a very profound 
influence on the operation of radar and short wave 
communication equipment in the Pacific theater. 



44 TECHNICAL SURVEY 


RADAR FORECASTING 

The forecasting of propagation conditions for early 
warning radars is of great operational significance be- 
cause ranges for airplane as well as ship targets often 
vary by as much as a factor of 2 or more depending 
on the weather conditions. Forecasting is based on 
the general meteorological principles presented above 
which can be organized into a system of standard 
procedures for the prediction of propagation in a 
given area.®^*'***'*” It is usually quite difficult to 
make a quantitative forecast of such parameters as 
duct height, but this has been tried with a fair 
degree of success. 

A radio forecast is made by first taking the general 
synoptic weather situation as presented on a weather 
map and including such upper air data as may be 
available. Usually one forecast cannot be applied to 
more than a limited area of specific local conditions; 
fortunately such a forecast is in general adequate for 
the area covered by one or a few radar sets. The 
formation of ducts depends principally on the tem- 
perature difference between the air and the ground 
or sea surface and on the humidity.of the air. Data 
on sea temperature, which is usually fairly constant, 
are collected while over land it is necessary to obtain 
data on the diurnal variation of the soil temperature. 


Wind velocities may be gathered from the weather 
map, and the trajectory of the air previous to and 
during the forecast period can then be determined. 
If the relative humidity of the air is known, it is 
possible from the theories at hand to draw estimated 
curves of the temperature and moistiure variation 
in the lowest layers. From these an estimated M 
curve is obtained. The success of this method depends 
to a large degree upon the familiarity of the fqrecaster 
with local conditions. 

The forecasting of advective ducts over the ocean 
is the main problem in which radio forecasting 
requires other tools than those used for oi;dinary 
weather forecasting; but most other problems* are 
closely similar to those presented by conventional 
practice, among which are the forecasting of subsi- 
dence from upper air meteorological data, the 
forecasting of nocturnal temperature inversions in 
dry climates, and the forecasting of standard 
propagation conditions. 

In order to facilitate weather forecasting in the 
Pacific, where data have been very scanty during 
the war, a system has been worked out whereby 
localitiq^ in the Pacific area are compared to those 
of closely similar climatic and meteorological charac- 
ter in the Atlantic. A rough estimate of piv^pagation 
conditions to be expected may be derived there- 
from. 
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SCATTERING AND ABSORPTION OF MICROWAVES 


T hk object of the present chapter is to summarize 
the status of absorption and scattering of micro- 
waves by different solid obstacles, by liquid water 
or ice particles floating or falling in the atmosphere 
like those present in clouds, fog, rain, hail, and snow. 
The absorption of microwaves by the atmospheric 
gases as well as the aforementioned meteorological 
elements will also be summarized here. 

The following grouping of the material included 
suggests itself naturally: absorption and radar cross 
section; targets (planes, ships) ; absorption and scat- 
tering by rain, hail, snow, clouds, and fog; and 
absorption by the atmospheric gases, oxygen, and 
water vapor. 

ABSORPTION AND RADAR 
CROSS SECTION 

Any object irradiated by electromagnetic waves 
will in general remove energy from the incident 
beam both by absorption and by scattering. The 
absorbed energy is transformed into heat in the 
body, while the scattered energy appears in the form 
of radiation propagated generally in every direction 
aroupd the scatterer as the source. 

Let us call Pa the power removed from the beam 
through the internal absorption of the object. Its 
absorption cross section is defined by 



where Wi is the power density in the incident beam, 
that is, the power passing a unit cross-sectional area. 

Similarly, if P, is the total power removed from 
the beam through scattering in every*direction, then 
the scattering cross section associated with this 
object is 

The value of S gives information about the total 
scattered energy, but this is not directly useful in 
radar work because one is interested only in that 
fraction of the total scattered power which travels 
in the direction of the receiver. One wants then a 
parameter involving the scattered power per unit 
area Wr at the radar receiver instef^ of the total. 
If the target is an isotropic scatterer, 



d being the distance from the target to the receiver. 


The scattering cross section can thus be written as 

S * 4ird^ ~ . (4) 

For targets other than isotropic scatterers, however, 
this procedure fails since one cannot say that the 
power per unit area at the radar is P;/4ird*. Never- 
theless, it is useful to define a parameter, 

a ~ 4ird* , (5) 


which is called the radar cross section in analogy 
with the scattering cross section S of an isotropic 
scatterer. This cross section a may be thought of 
as the scattering cross section which the target in 
question would have if it scattered as much energy 
in all directions as it actually does scatter in the 
direction of the radar receiver. For an isotropic 
scatterer = /S, but in general it does not. 


Table 1. Radar cross sections. 
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It can be shown* that the latio of the received 
power P« to the output power Pi is given by 

Ti “ ird* (^) 


radar cross section of a plane, and it is only this 
average value which is of operational importance. 

Table 2 gives measured values of <r for various 
aircraft. These are the vidues to be used in eqtiation 
(6). As far as is known, these empirical cross sections 


The gains Oi, 0% and path factor are defined in 
Volume 3, Chapter 2, and \ is the wavelength of the 
radiation used. (See also Volume 3, Chapter 9.) This 
formula can be used for the determination of «r. Or 
if 0 * is known, it may serve to calculate the possible 
range. (It may be noted here that sometimes 
is called radar cross section.) Also, a characteristic 
length Lf sometimes called the scattering coefficient, 
is occasionally defined in relation to a by 

<r * 4irL* . (7^ 

For simple targets v may be calculated. Table 1 
contains a few calculated radar cross sections. 

AIRCRAFT TARGETS 

Diagrams showing the dependence of a on the 
orientation of the aircraft indicate very la'^e and 
irregular fluctuations. The radar cross section can 
change by 100 to 1 with a change of aspect of only 
a few degrees. These vaiying values of the radar 
cross section are dependent on wavelength, polari- 
zation, details of plane design, etc. Reflection pat- 
terns such as shown in Figure 1 have been measured 
in the laboratory for a few simplified models. Actually 
an observer would see only the time average of the 



Tablb 2. Airplane radar cross sections. 


Airplane 

0, sq m 

9, sq ft 

SNC 

8.9 

42 

SNJ 

5.0 

54 

OS-2U 

9.5 

100 

Tayiorcraft 

9.5 

100 

CESSNA 

9.5 

100 

0-47 

10 

110 

AT-11 

11 

120 

SWB 

13 

140 

l^D (Curtiss Wright) 

23 

250 

J2F 

25 

260 

JRF 

30 

320 

PBY 

31 

840 

B-18 

36 

880 

B-i7 

45 

480 

B-29 

67 

710 


are independent of wavelength. This result may be 
interpreted to mean that a plane in motion behaves 
more or less like a collection of good reflecting 
surfaces oriented at random. It is worth noting in 
this connection that the radar cross section of a 
circular plate of radius a, whose normal is at an 
angle B with the direction of incidence, is 


a * iro* 


[ 


cot B X Ji 



( 8 ) 


where Ji is the first order Bessel function of the first 
kind. The maximum of <r occurs for ^ 0, when 

equation (8) reduces to 


a » 


4ir»a^ 


(9) 


This sharp maximum of a at d » 0 is the phenom- 
enon of specular reflection. The average value of 
0 over all values of B turns out to be 

v.Tt “ . (10) 


This result is independent wavelength and suggests 
that a large num W of specularly reflecting surfaces 
oriented at random will have a cross section inde- 
pendent of X, or that a few surfaces of rapidly chang- 
ing orientation may have this property. Tlie lack 
of dependence of wavelength of aircraft radar cross 
sections might be understood on the basis of these 
results. 


SHIP TARGETS 

A ship being a collection of both complicated and 
flat surfacesi a rigorous omnpatation the radar 
cross section of any given ship of known deaigD 
not feasible. NeverthelesB, the Naval Besearcih 
Laboratory workm have been able to give a good 
account of these problems.*^***’****^****'^*^*** 

The path factor in the formula (fl) laiaed to the 
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fourth power is 

iij - 6 j^l - (4 - cos a,)J , 

*rhiH 


where 


ao 


\d 


hi » antenna height, 

H B height of ship above water 
including superstructure. 


( 11 ) 


The above result follows by integrating the received 
power over the height assuming perfect reflection 
from sea. 

It is seen in equation (11) that whether So < v, 
the region called the ^^far zone/’ or 5o > ir, the **near 
zone” (short ranges), materially affects the qualita- 
tive behavior of the factor A^. In the latter region 

The radar cross section of a ship which does not 
exhibit marked specular reflection is given roughly by 


(T 



(12) 


where a » dimensionless constant dependent 
^ on ship design, 

B B the breadth of the aspect under 
observation, 

H B height of ship above water including 
superstructure. 

The approximate values of o to be used are indicated 
in Table 3. 


Table 3. Ship targets. 


Type of ship 

a 

Remarks 

Battleship 

0.1 


Cruiser 

0.1 


Aircraft carrier 

0.05 

Except at direct 
broadside aspect 

Submarine 

0.01 



In Tables 4 to 7, values of o- computed from 
equation (12) are called theoretical values. Experi- 
mental values are computed from observations made 
by the Naval Research Laboratory workers with 
each quantity the mean of several observations. The 
200omc experimental result is unexpectedly low while 
the values at the higher frequencies are a little 
higher than would be anticipated. This points to the 
existence of some specular reflection for this ship, 
which would not be surprising in view of its great 
size. Considering the uncertainty in the experimental 
values, the agreement with the theoretical results is 
not unsatisfactory and bears out the assumed 
dependence on wavelength. 

Tile aircraft carrier shows pronounced specular 
reflection at the direct broadside aspect, particularly 
at the hi|^ frequencies. These values of dr are 
typical of the ship for aspects other than direct 
bf^side* 

tn Table 8, the same ship is analysed at direct' 


Table 4. Radar oroaa aection of a battiMhip (BB-SS), 
broadside aspect, a ■■ 0.1, B "■ 270 m, if 24 m. 


/(mo) 

e (exp), sq m 

e (theory), sq m 

200 

0.12 X 10* 

1.9 X 10* 

700 

10.2 X 10* 

6.8 X 10* 

970 

15. X 10» 

9.4 X 10* 

3,060 

no. X 10» 

30. X 10* 

Table 5. 

Radar cross section of a 

cruiser (CL-87), 

broadside aspect, a » 0.1, B > 180 m, /f » 24 m. 

/(me) 

r (exp), sq m 

^(theory), sq m 

100 

2.46 X 10* 

2.6 X 10* 

200 

5.06 X 10* 

5.2 X 10* 

700 

7.79 X 10* 

18.1 X 10* 

970 

28.4 X 10* 

25.1 X 10* 

3,060 

102.2 X 10* 

79.3 X 10* 

Table 6. 

Radar cross section of submarine (SS-171), 

broadside aspect, a » 0.01, B ■■ 83 m, ■■ 7.6 m. 

/(me) 

0 ‘(exp), sq m 

tf(theory), sq m 

200 

30 X 10* 

3,5 X 10* 

700 

18.7 X 10* 

12.2 X 10* 

3,060 

71.4 X 10* 

63.4 X 10* 


Table 7. Radar cross section of aircraft carrier (CV-36), 
near broadside aspect, a « 0.05, B 250 m, if * 46 m. 


/(roc) 

<r(exp), sq m 

^(theory), sq m 

200 

0.22 X 10* 

0.96 X 10* 

700 

2.6 X 10* 

3.4 X 10* 

970 

6.3 X 10* 

4.6 X 10* 

3,060 

11.3 X 10* 

14.4 X 10* 


Table 8. Radar cross section of aircraft earner (CV-36), 
direct broadside aspect. 


/(me) 

a>(exp), sq m 

X* o-(exp) 

200 

0 056 X 10^ 

1.2 X 10* 

700 

1.0 X 10^ 

1.8 X 10* 

970 

5.0 X 10’ 

4.8 X 10* 

3,060 

7.1 X 10’ 

7.1 X 10* 


broadside. No theoretical calculation of tr has been 
attempted because of a lack of sufficient data from 
other ships of this type. The column is near 
enough to a constant to indicate the existence of 
specular reflection. Since the hull at broadside can 
be considered as a flat surface, specular reflection is 
to be expected under normal incidence with a radar 
cross section proportional to 1/X’ as indicated by 
equation (9). 

In view of the complicated reflecting properties of 
targets of operational interest, it may be said that 
the experimental results can be considered as being 
in fair agreement with theoretical predictions. 


ABSORPTION AND SCATTERING 
BY CLOUDS, FOG, RAIN, HAIL, AND SNOW 


The theory of the scattering and absorption of 
microwaves by a collection of spherical particles of 
known concentration, size, distribution, and given 
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dieleetric properties was completely worked out 
before systematic experimental work was done on 
these phenomena. ®**’*^^’*^* The electromagnetic 
theory predicts that the total scattering cross section 
of a sphere of given electrical properties is 


S •= 2 (2» + 1) (|n. I* + |6, !«) cm* , (13) 

n-l 

where X is the wavelength in centimeters of the 
incident radiation in air and a. and 6. are the so- 
called scattering amplitudes associated with the 
magnetic and electric 2n-poles induced in the sphere 
by the incident electromagnetic field. Similarly the 
absorption cross section of a sphere defined as the 
ratio of the total power removed from the incident 
beam both by ‘‘internal absorption” (heating) and 
by scattering is 


A « (-Re) 2(2n + 1) (a. + 6.) cm* . (14) 

n—1 

Here Re means “Real part of . . . The complex 
scattering amplitudes depend on th6 dielectric con- 
stants of the sphere, its diameter, and the wavelength 
of the incident radiation. The observations which 
are available seem to indicate that a collection of 
spherical particles with random distribution scatter 
microwaves incoherently, although under certain 
circumstances, existing for very short time intervals, 
they may scatter coherently.^'® On the assumption 
of incoherent scattering, given a collection of 
spherical particles of diameters Di, D 2 , • • • , D*, • • • , 
Dnf whose number per unit volume or cc is ni, nj, • • • , 

* * * ) the scattering cross section of such a 
collection per unit volume or the absorption coeffi- 
cient due to scattering is 


n 

a* « 4.343 X 10* ^ n, Si db/krn , 


(15) 


where Si is the scattering cross section of one drop 
of diameter Di centimeters, and the summation 
extends over all possible drops present in the col- 
lection. Similarly, the “absorption coefficient” or 
“attenuation” associated with the absorption cross 
section At (sphere of diameter Z),) defined by 
equation (14) is 


« 4.343 X 10* 




A<db/km. (16) 


Rain and Hail Absorption 

In order to compute the theoretical absorption 
coefficient of a rain or thunderhead (heavy storm 
cloud) one has to know the raindrop sise distribution, 
since the computation of the cross sections for one 
spherical drop is straightforward provided its dielec- 
tric properties are known. The greatest uncertainties 
in the theoretical predictions of scattering or absorp- 
tion by rain are due to the relatively limited knowl- 


edge of drop size distributions in rains of different 
rates of fall. There is no evidence that a rain with a 
known rate of fall has a unique drop size distribution 
though the latest studies on this problem seem to 
indicate that a certain most probable drop size 
distribution can he attached to a rain of given rate 
of fall.*** Results of this study are included in Table 
9. On the basis of these results the absorption cross 


Table 9. Drop Bixe distribution. 


Percentage of total volume 


D, cm 

0.25 

1.25 

2.6 

12.5 

25 

50 

100 

150 

0.05 

28.0 

10.9 

7.3 

2.6 

IT 

1.2’ 

1.0 

1.0 

0.10 

50.1 

37.1 

27.8 

11.6 

7.6 

5.4 

4.6 

4.1 

0.15 

18.2 

31.3 

32.8 

24.5 

18.4 

12.5 

8.8 

7.6 

0.20 

3.0 

13.5 

19.0 

25.4 

23.9 

19.9 

13.9 

11.7 

0.25 

0.7 

4.9 

7.9 

17.3 

19.9 

20.9 

17.1 

13.9 

0.30 


1.5 

3.3 

10.1 

12.8 

15.6 

18.4 

17.7 

0.35 


0.6 

1.1 

4.3 

8.2 

10.9 

15.0 

16.1 

0.40 


0.2 

0.6 

2.3 

3.5 

6.7 

9.0 

11.9 

0.45 



0.2 

1.2 

2.1 

3.3 

5.8 

7.7 

0.60 




0.6 

1.1 

1.8 

3.0 

3.6 

0.55 




0.2 

0.5 

J.l 

1.7 

2.2* 

0.60 





0.3 

0.6 

1.0 

1.2 

0.65 






0.2 

0.7 

1.0 

0.70 








0.3 


section of raindrops of different size has been com- 
puted for use in Table 10. This table gives the decibel 
attenuation per kilometer in rains of different rates 
of fall and for radiation of wavelengths between 
0.3 and 10 cm. In Table 11, similar to Table 10, 
another set of results is contained for rains of 
measured drop size- distributions. This table is 
extended to include radiations of wavelengths up to 
100 cm. It seems equally interesting to give a graphi- 
cal representation of those results. Figure 2 corres- 
ponds to Table 10 and Figure 3 to Table 11. All 
these data refer to raindrops at 18 C. 

Since the scattering coefficients a„ and depend 
on the temperature, because of its effect on the 
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Table 10. Attenuation in deoibele per kilometer for different rates of precipitation of rain. Temperature 18 C, X in cm.*’’ 


Attenuation, db/km. 


p, 

mm/hr 

X 0.3 

X « 0.4 

X 0.5 

X - 0.6 

X - 1.0 

X - 1.25 

X - 3.0 

X 3.2 

X 10 

0.26 

0.305 

0.230 

0.160 

0.106 

a937 

0.0215 

0.00224 

0.0019 

^3.0)0099^ 

1.25 

1.15 

0.929 

0.720 

0.649 

0.228 

0.136 

0.01,61 

0.0117 

0.000416 

2.5 

1.08 

1.66 

1.34 

1.08 

0.492 

0.298 

0.0388 

0.0817 

0.000785 

12.5 

6.72 

6.04 

5.36 

4.72 

2.73 

1.77 

0.285 

0.238 

0.00364 

26 

11.3 

10.4 

9.49 

8.59 

5.47 

3.72 

0.656 

0.555 

0.00728 

60 

19.2 

17.9 

16.6 

15.8 

10.7 

7.67 

1.46 

1.26 

0.0149 

100 

33.3 

81.1 

29.0 

27.0 

20.0 

16.3 

3.24 

2.80 

0.0311 

150 

46.0 

48.7 

40.5 

37.9 

28.8 

22.8 

4.97 

4.39 

0.0481 


Table 11. Attenuation in rains of known drop size distribution and rate of fall (decibels per kilometer). 


Wavelength X, cm 

mm/hr 1.26 3 5 8 10 16 Distribution 


2.46 

1.03 

10“‘ 

4.92 

10-* 

4.24 

10-* 

1.23 

10“» 

7.34 

10“' 

280 

10“' 

A 

4.0 

3.18 

io-‘ 

8.63 

10“* 

7.11 

10-* 

2 04 

10“» 

1.19 

10“> 

4.69 

10“' 

C 

6.0 

6.16 

10-1 

1.92 

10-' 

1.25 

10“* 

3.02 

10“* 

1.67 

10“* 

5.84 

10“' 

D 

15.2 

2.12 


6.13 

io-» 

5.91 

10“* 

1.17 

10“* 

5.68 

10“* 

1.69 

10“» 

E 

18.7 

2.37 


8.01 

10“' 

5.13 

10“* 

1.10 

10“» 

6.46 

10“» 

1.85 

10“» 

F 

22.6 

2.40 


7.28 

10“' 

5.29 

10“* 

1.21 

10“» 

6.96 

10“» 

2.27 

10“» 

0 

34.3 

4.51 


1.28 


1.12 

10“' 

2.32 

10“» 

1.17 

10“* 

364 

10“* 

H 

43.1 

6.17 


1.64 


1.65 

10-' 

3.33 

10“* 

1.62 

10“* 

4.96 

10“* 

I 


Wavelength X, cm 

mm/hr 20 30 50 75 100 Distribution 


2.46 

1.52 

10“' 

6.49 

10-1 

2.33 

10“' 

1.03 

10“* 

6.85 

10^ 

A 

4.0 

2.53 

10“' 

1.08 

10“' 

3.88 

10“* 

1.72 

10“» 

9.75 

10“* 

C 

6.0 

3.02 

10“' 

1.25 

10“' 

4.34 

10“* 

1.93 

10“* 

1.09 

10“* 

D 

15.2 

7.86 

10-' 

2.95 

10“' 

9.23 

10“* 

4.15 

10“* 

2.35 

10“* 

E 

18.7 

9.09 

10“' 

3.60 

10“' 

1.20 

10“' 

5.36 

10“» 

3.03 

10“* 

F 

22.6 

1.17 

10“* 

4.81 

10“' 

1.66 

10“' 

7.41 

10“* 

4.19 

10“» 

Cl 

34.3 

1.75 

10“» 

6.83 

10“' 

2.24 

10“' 

9.96 

10“* 

5.63 

i0“» 

H 

43.1 

2.29 

10“* 

8.71 

10“' 

2.78 

10“' 

1.23 

10“' 

6.98 

10“* 

I 


dielectric properties of water, it seems important to 
evaluate the attenuation of rains whose dro^ are 
at temperatures different from those included in the 
preceding tables. Table 12 contains the necessary 
data relative to the changes of attenuation with 
temperature and is to be used primarily in connec- 
tion with Table 10. 


Table 12 


Rate of 
precipitation, 
mm/hr 

X, 

cm 

T - 

OC 

Correction factor 6 (T) 
T m, T ^ T - 

10 C 18 C 30 C 

T - 

40C 

0.25 

0.5 

0.85 

0.95 

1,0 

1.02 

0.99 


1.25 

0.95 

1.0 

1.0 

0.90 

0.81 


3.2 

1.21 

1.10 

1.0 

0.79 

0.55 


10.0 

2.01 

1.40 

1.0 

0.70 

0.59 

2.5 

0.5 

0.87 

0.95 

1.0 

1.03 

1.01 


1.25 

0.85 

0.99 

1.0 

0.92 

0.80 


3.2 

0.82 

1.01 

1.0 

0.82 

0.64 


10.0 

2.02 

1.40 

1.0 

0.70 

0.59 

12.5 

0.5 

0.90 

0.96 

1.0 

1.02 

1.00 


1.25 

0.83 

0.96 

1.0 

0.93 

0.81 


3.2 

0.64 

0.88 

1.0 

0.90 

0.70 


10.0 

2.03 

1.40 

1.0 

0.70 

0.59 

50 

0.5 

0.94 

0.98 

1.0 

1.01 

1.00 


1.25 

0.84 

0.95 

1.0 

0.95 

0.83 


3.2 

0.62 

0.87 

1.0 

0.99 

0.81 


10.0 

2.01 

1.40 

1.0 

0.70 

0.58 

150 

0.5 

0.06 

0.98 

1.0 

1.01 

1.00 


1.25 

0.86 

0.96 

1.0 

0.97 

0.87 


3.2 

0.66 

0.88 

1.0 

1.03 

0.89 


10.0 

2.00 

1.40 

1.0 

0.70 

0.58 



Fioure 8 . Attenuation in rains of known drop-eiae di^ 
tribution as a function of the wavelength X in centi- 
meters. The ordinate scale gives logic oCf where the 
attenuation constant a is expreiMed in decibels per 
kilometer. The letters on the curves refer to the drop 
sise distributions given in Table 11. 
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It will Buffioe to mention here that, for waves 
larger than about 3 cm, the attenuation produced 
by hail of the same water precipitation rate as a rain 
will be but a few per cent of the rain attenuation. 
At shorter waves, in the millimeter region, hail 
attenuation may become larger than that of rain. 
Similarly the attenuation of snow should be con- 
siderably less than rain; however, Canadian reports 
indicate approximately the same value for the same 
water content. 

As mentioned above, the whole theory of attenua- 
tion is based on equation (14). The formulas giving 
the amplitudes a. and are too complicated to be 
reproduced here. Their numerical evaluation for 
spherical drops of given size and temperature is 
quite laborious except for small values of the para- 
meter wD/\. They involve Bessel and Hankel func- 
tions of half-integer order of the parameter vD/\, 

A series of experimental results are given in Table 
13. These results are to be regarded as maximum 
attenuation values. 

If these results are compared with those of Table 
10 and Figure 2 one sees that, in view of the uncer- 
tainty in the temperature of the raindrops and their 
size distribution, the agreement between theoretical 


Table 13. Experimental values of the maximum 
attenuation per unit precipitation rate. 


X, cm 

(a/p) db per km/mm per hr 

References 

0.62 

0.37 

269 

0.96 

0.15 

256 

1.069 

0.2 

262 


r0.19 

176 

1.25 

< 0.094).40 

276 


10.63 

281 

3.2 

0.082^.042 

261 


and observed values is, on the whole, satisfactory. 
It will be seen that the results reported on K-band 
rain attenuation in Hawaii by the U. S. Navy Radio 
and Sound Laboratory workers*^ are higher than 
those observed by other workers on the same wave- 
length. The orographic character of these Hawaiian 
rains which were made up of drops falling about 
300 m instead of ordinary rains falling 1,500 to 
2,000 m may be one of the reasons for this divergent 
result. 

Clouds and Fog 

Observations indicate that fair weather clouds and 
fog are composed of droplets whose diameters do not 
seem to exceed 0.02 cm. Under these conditions the 
attenuation formula takes on a remarkably simple 
form since it becomes independent of the drop siie 
distribution. The attenuation formula in this limit 
of very small values of the parameter wD/\ is 

^ db/km , (17) 


where m is the mass of liquid water per cubic meter, 
X is the wavelength of the radiation in centimeters, 
and 


Cl 


6 €| 

(€. + 2)* + fl* ' 


( 18 ) 


where c, and €< are the real and imaginary parts of 
the dielectric constant of water at the temperature 
in question and for radiation of wavelength X. Figure 
4 represents the attenuation in clouds and fog in the 
range 0.2 to 10 cm. This graph corresponds to a 



liquid water concentration of 1 g per cu m, which 
is undoubtedly rather high. Actually, the observa- 
tions indicate that the liquid water concentrations 
in clouds and fog rarely exceed 0.6 g per cu m. 

To this may be added the Table 14 for attenuation 
by ice clouds. In ice clouds m will rarely exceed 0.5 
and will often be less than 0.1 g per cu m. 


Table 14. AitenuBtion in decibels per kilometer for ice 
orystel doiids. 


Shspe of crystals 

r • -40C 

0 

1 


0.00044 m/X 

0.0085 m/X 

Nwdlw 

0.00062 m/X 

0,0000 m/X 

DUu' 

0.00087 m/X 

0.0070 m/X 


ScATTBsiNO (Echo) 

If we denote hy s'(ir} tibe badk^rnttering omss 
section j;ier unit io^ inie^ 
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and if thm is a distribution ni, ni, * • • , n*, • * • , n,, 
drops per cubic meter, the cloud or rain cross section 
for scattering is 

<5(1*) » 2n<(r<(T)AF’ (19) 

where AV is the scattering volume of the cfoud, on 
the assiunption of incoherent scattering on account 
of the random character of the drop distribution. 
The summation includes all the drop groups. The 
rain front is usually wider than the irradiated area 
so that the radar beam intersects it. Under these 
conditions, taking AV approximately as a spherical 
shell of thickness Ad, at a distance d from the radar 
set, and denoting by 26 the half-power beam width 
of the radar beam, one gets 

AV « 2i-d* (1 - cos 9) Ad . (20) 

The rain echo cross section is then 

iS(ir) * 2i*d* (1 — cos 6)^Ad 

Remembering that ^i(t) or S(ir) is precisely the cross 
section per unit solid angle in the direction of the 
radar set, one gets instead of equation (6) for the 
ratio of received to transmitted power 

for small angles 6 which must be given in radians. 


Table 15. Fraction of incident power scattered back- 
ward by a layer of 1 km of rain in different types of rain. 
(Decibels) 


Drop sixe 









distri- 

Pf 


Wavelength in centimeters 



button* mm/hr 

3 

5 

8 

10 

15 

20 

30 

50 

A 

2.46 

-45 

-54 

-61 

-65 

-72 

-77 - 

'84 

-93 

D 

6.0 

-38 

-46 

-54 

-58 

-65 

-69 - 

-76 

-85 

£ 

15.2 

-32 

-37 

-45 

-48 

-55 

-61 - 

'68 

-77 

H 

34.3 

-29 

-35 

-42 

-46 

-53 

-58 - 

65 

-74 

I 

43.1 

-27 

-33 

-40 

-44 

-51 

-56 - 

'63 

-71 


*Sm Tftble 1 1 for drop tiM diitribuiiont 



The quantity (AdS|n<<r|(i’)] or its Value in decibels for 
known drop sise distributions has been tabulated in 
Table 15. With this table and the known characteris- 
tics of a radar set the ratio Pi/Pt can be computed 
at once. In the table Ad is taken as 1 km. Since the 
maximum thickness Ad cannot exceed the pulse 
length, the values found in the table can be adapted 
immediately to any pulse length I by adding to it 
(10 logio 0, I being expressed in kilometers. Using 
equation (22) for particular radar sets it is found 
that the theoretically computed echo powers from 
rains agree well with the observed values, if the 
uncertainties d the meteorologieal knowledge of the 
echoh^ elements, which are mostly rains and storm 
dk^ods, is kept in mind. As e3q>ected, the echoing 


power of snow is very much less than that of rain. 
The systematic observations on S band by the 
Canadian group^*^ and on X band by Bent^** 
clearly indicate that precipitation either in the form 
of rain or snow is necessary to produce an echo on 
the scope of the radar set. 

Absorption by the Atmospheric Gases 

It was predicted that oxygen and water vapor will 
absorb electromagnetic waves in the microwave 
range. In particular, oxygen was predicted as 
having a resonance band around 5 mm and one line 
at 2.5 mm, while the water vapor absorption is caused 
mainly by a single rotational line of relatively small 
strength around 1 cm. Experiments have confirmed 
both these absorption effects.*’*’*^* In Figure 5, the 
individual oxygen and water vapor attenuation 
curves have been plotted in the 0.2- to 10-cm wave- 
length range. Any change in the water vapor content 
from the one adopted for this graph (7.5 g per cu m 
or 6.5 g per kg of air) or the total pressure can be 
taken into account in computing the combined 



•X INOM 


Figure 5. (1 ) Absorption due to water vapor in an atmoe* 
phere at 76-cm pressure containing 1 per cent water 
molecules, or 7.5 g per cu m. The water resonance lind is 
assumed to be at 24,000 me, and its half width at half 
maximum (line breadth) is 3,000 me. (2) Absorption 
due to oxygen in an atmosphere at 76-cm pressure whose 
resonance band at 60.10* me is supposed to have a line 
breadth of 600 me. 
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oxygen and water vapor attenuations, since these 
are proportional to the partial pressures of oxygen 
and water vapor. For practical purposes the effect 
of temperature variations can be neglected. 

In Figure 6, curve 1, is plotted the total attenua- 
tion of oxygen plus water vapor in an atmosphere 
at 76-cm pressure, with the same water vapor content 
as the curve of Figure 5. Curves 2, 3, and 4 are 
additional rain attenuation curves computed for a 
moderate rain of rainfall 6 mm per hr, a heavy rain 
of 22 mm per hr and an excessive rain of 43 mm per 
hr, which is of cloudburst proportions. In any rain 
the result of total attenuation is the sum of the 
oxygen, water vapor, and liquid drop attenuation. 

It is thus seen that for waves of 3 cm or shorter the 
rain attenuation may become prohibitive, whereas 
the gaseous attenuation loses its* practical import- 
ance at waves longer than about 2 cm. In this 
connection it is to be noted that for millimeter 
waves the rain attenuation begins to level off at 
waves of a few millimeters, as Table 10 indicates, 
and would actually decrease at waves shorter than 
1 mm. However in this range, the water vapor 
absorption due to the strong water lines situated at 
much shorter waves becomes more and more intense, 
and communication or radar on these bands is almost 
totally excluded. It is worth noting in this connection 
that using radiation which is strongly absorbed 
might, in certain cases, be of great operational 
interest. In the ‘oxygen band, for example, short- 
range communication could be achieved without any 
likely interference by the enemy. 

Electromagnetic theory thus gives a satisfactory 
picture of the absorption and scattering phenomena 
of microwaves both by floating or falling water 
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Fxovrb 6. Atmospheric one-way attenuation. (1; Oxy- 
gen and water vapor (total for p « 76 cm Hg, T « 20C, 
water vapor. « 7.6 g per cu m). (Van Vleck.) (2) Moder- 
ate rain (6 mm per hr) of known drop size ^stribution. 
(3) Heavy ram (22 mm per hr). (4) Ilain of cloudburst 
proportion (43 mm per hr). 


drops, or their equivalent in hail and snow, and by 
the oxygen and water vapor of the atmosphere. 


PARTII 

CONFERENCE REPORTS ON STANDARD 
PROPAGATION 

Chapter 7 

A GRAPHICAL METHOD FOR THE DETERMINATION 
OF STANDARD COVERAGE CHARTS* 


T he power density at distance S from a trans- 
mitter of unit power depends upon hi and 
the heights of the transmitting and receiving anten- 
nae, and upon X, the wavelength of the radiation 
For the high frequencies under discussion, we assume 
the earth to be a perfectly conducting sphere, of 
effective radius r, equal to % that of the earth. We 
are to take into account the so-called divergence 
factor D resulting from the earth’s curvature. 

Even with the simplifying assumptions above, one 
cannot express the power as a simple function of S, 
hif Xi, and X in a single equation. Accordingly, most 
workers on this problem have introduced various 
arbitrary parameters, as intermediate steps. Differ- 
ences in procedure lie primarily in the choice of 
parameters. Whether a method uf simple or difficult 
depends upon the character of the parameters. 
Certain procedures suggested are satiirfactory for 
determining the number of decibels by which the 
signal is below the adopted standard of 1 per 
square meter, designated here by A; but if we are 
given Af Xi, and / and then are asked to compute ht 
as a function of Sf as for a coverage diagram, some 
of the methods become very unwieldy. The present 
method works satisfactorily for either case. 



enge. 

In selecting a parameter we have been guided by 
the foUowing conditions. The number of parameters 
should be kept to a minimum; the remaming vari- 
aUes Xt, and 8 should appear in the final equa- 
tions, if poisrible. Also it diould be unnecessary to 
intcrchaiig s transmitter and leoeiver according to 

U. Ccmdr. P. H. Menssl, PfiNR, Office ef the Chief 
cf Havel Operstieiic. 


the condition that ht is or is not greater than ht 
The arbitrary parameter a is defined as follows. 
Let di be the distance from the transmitter to the 
point at which the ray is reflected and do the distance 
to the point where a ray is tangent. Then 

oi “ d?(l - or) « 2Xir(l - «) (I) 

a, therefore, is constant along a reflected ray; a » 0 
corresponds to the continuation of the tangent ray; 
a % corresponds to a reflected ray perpendicular 
to the mast of the transmitting antenna; a » 1 is 
the vertical ray. Thus 

0 < a < 1 , 

with a > % over a large portion of the range of 
interest for the frequencies involved. 

Equation (1) leads to the following relationship 

S’ + S + 2rA. • (1 - 2a) 

- 2rht - 0 , (2) 

an irreducible cubic in a. It is this fact that makes 
the problem matheinatically difficult and makes 
impossible the explicit elimination of a. 

Additional equations are 


4-30-4^2//!, -3a’ 


an approximation holding well over the region of 
interest since a > %. The phase difference ♦, result- 
ing from the difference in optical path between the 
reflected and direct rays, is 


4irX,V f 1 _ 11 

X LV2rXi(l— a) Sj ^ 


(4) 


and for the transmitted power 


Hen we have four equatioiu. If &i, X, and A an 
apeeified, tinn nmain five unlmowna: D, *, a, A., 
and AThus we riiouhl be aUe theoretically to dimi- 


$8 
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nate all but ht and 8^ defining our coverage diagram. 

We may substitute the approximate value for D 
into equation (5) and also use equation (4) to elimi- 
nate S from the equation 


equation (2), to determine This equation can also 
be thrown into nomographic form if we set 

- A. « h\ (8) 


IQ-X/IO 


10* r 1 ^1 y 

» L\/2r/ti (1 - o) J 


H ' -<?)' ] • [A 



We may now set 


♦ = (« - I) »■ ; n - 1, 2, 3, • • • (7a) 

which correspond to the maxima of the lobes. We 
may alternatively take 

♦ =* nv , (7b) 

corresponding to lobe minima or, more generally 

♦ « (n + 6) V (7c) 

to represent any specific position on the lobe. 

With Af hi, and a as variables, we may throw 
equation (6) into the form of a nomogram, from 
which we determine a, first for the lobe tips, second 
for the minima, and third for as many intermediate 
points as are necessary. 

With the so determined, proceed to equation 
(4), also in nomographic form, to get 8. Finally, use 


where h't is measured vertically from the line tangent 
to the base of the transmitter. 

Another somewhat simpler type of coverage dia- 
gram is possible. If we take 




10 * 

4ir/5)’^ 


(9) 


as defining the intensity for a transmitter in free 
space, we get for the ratio of the two 


2q-(h-a*)/io 



where B is the number of decibels by which the 
actual field exceeds the free space value. Coverage 
diagrams of this type consist of lines radiating from 
the transmitter, rather than contours. For non- 
standard propagation the drawings have some com- 
plications, but the procedures are clear. This method 
has the additional advantage of fitting in with the 
theory used for surface targets, for which it is simpler 
to use free space intensities and lump the field 
strength integrated over the target area as an 
^^effective’’ target area in a uniform field. 



Chapter 8 


NOMOGRAPHIC SOLUTIONS FOR THE STANDARD CASE* 


T he equations given in the preceding chapter 
have now been thrown into nomographic form. 
When these nomograms are employed a rapid method 
for constructing coverage diagrams results. 

Let hi denote the height of the transmitter in 
feet, /ac be the frequency in megacycles, n be an 
integer (1, 2, 3, • • •) specifying the number of the 
lobe, 5(0 S 6 < 1) a ^^phase” factor specifying the 
position on the lobe, and r the radius of the earth. 
Introduce the quantity B defined as follows. 

o 150 (n -h)\'W r3.28n» 




» 3.676 X 


10« (n - 6) 

hi%, * 


( 1 ) 


where we have taken r = 8.50 X 10® iq, as the 
approximate % earth value. We have to decide on 
the interval for 5. By taking 5 * 0, X, X, X, X, X, 
we actually obtain seven points on each lobe, 
which should be sufficient for the purpose of drawing 
a coverage diagram. Hence, n — 5 « 0, X, X. X, 
X, Xi 1| X) * * * I etc., spaced at intervals of X- 

Equation (1) is represented in the nomogram of 
Figure 1. We are given hi and /ne, the height and 
frequency of the transmitter. Connect the appro- 
priate values on the scales by a straight line and 
mark the point of intersection on the central vertical 
line. 

Define a quantity k by the equation 



so that k ■■ 3 corresponds to the maximum of the 
first lobe, k » 6 to the minimum, k » 9 to the next 
maximum, k » 12 to the minimum, etc. k 15, 21, 
and 27 correspond to the third, fourth, and fifth 
maxima, respectively. Other values of k determine 
intermediate points on the lobe. 

Now draw a straight line from k » 1 through the 
point previoudy determined on the central vertical 
line until it intersects the left-hand axis of B. Read 
off B or 1/B, whichever is given. Repeat the process 
for k >» 2, 3, * * * , etc., until a value of B is obtained 
that exceeds 10; in other words, continue until the 
straight line runs off the lower edge of the left-hand 
scale. 

There wilt be cases, however, usually involving 
large values of hi or where B will s^ be small 
(1/B lar ge) even for km 27, When this condition 

*ByU. Oonidr. D. H. Msnseland Lt. A. L. Whiteman, Office 
of the Chief of Naval Operations. 


exists, the lobes tend to be so closely spaced that 
the individual maxima are difficult to define and 
even more difficult to draw on a coverage chart. 
For such conditions an alternative procedure is 
recommended, which will be given later. 

If no difficulty is encountered, however, enter the 
values of B or 1/B (designate the latter with an 
asterisk) in a table such as Table 1. 

Tablb 1 

/me Frequency in me 
hi » Height of antenna In it 


k - 


n 

b 

1 


1 

i 

2 


1 

i 

3 


1 

1 max. 

4 


1 

i 

5 


1 

« 

6 


2 

0 min. 

7 


2 

1 

8 


2 

1 

9 


2 

1 max. 

10 


2 

i 

11 


2 

1 

12 


3 

0 min. 

15 


3 

i max. 

21 


4 

1 max. 

27 


5 

1 max. 


*Put an Mtenek after an entry if the value read off it equal to l/B The 
eorreeponding valuee of n and b are entered in oolunine 3 and 4 of the form 
sheet 


It should be noted that equation (1) is easy to 
solve, and the operator familiar with mathematical 
procedures may prefer to use direct calculation, by 
slide rule or logarithm tables, as much more accu- 
rate. In general, however, the nomogram yalues are 
sufficiently accurate for the work. 

Next, for the five or six assumed values of decibels 
for which contours are desired, we solve a subsidiary 
equation for Y by means of a nomogram (not repro- 
duced here). We note that 

Y * d5 -f 60 - 10 log (2irrki) , 

and slide-rule calculation is extremely convenient. 
Foih each of the selected values of 5, we liave pre- 
pared a nomogram connecting Y, B, and o. Although 
there are six adopted values of 5, the expressions for 
5 Xi Xi Xi X coincide, so that four charts 
suffice. A representative sample of these charts, for 
b m 0, k given in Figures 2 and 3. Connect each 
value of Y, for which a contour is desired, with the 
value of B on the appropriate chart, according to 
the value of 5 (or k). Read off the corresponding 
value of o. 

Having determmed a for a given point on the 
coverage chart, we now calculate 8 from the nomo- 
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gnun ia Figun 4, with a, db, and S aa variablea. 
For S meaaured in-unita of 1,000 yd, we have 


io-*/»« 


^ 0 * ( ^ \ 


A typical example for the aeieoted values of 5 ia 
shown, as before. 

Filially, we must caleulate ht. For heights we have 




(8.a81)« W14> ( 180 ) fn - h> f~ 2 j- a«> J 
fm 
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This equation, unfortunately, has too many variables 
for nomographio solution in a single step. We first 
define a quantity C, such that 

^ „ (3,281)* (914) (150) (n - 6) (- 2 + 3a) 

ji . 

Obtain the simple product which is a charao-, 
terislic of the set. Then use the nomogram of Figure 


5 to obtain the values of C for the selected ranges of 
k and a. Then we, can determine H from the nomo- 
gram of Figure 6, for each value of S and C. Finally, 
from a nomogram (not shown here), representing 
the equation 

«■ — (1 — a)hi 

we determine At. Actually, for much of the range, 
a 1 and As ^ H, 
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FiauEE 3 


For the upper lobes considerable simplification is 
possible. We may omit all the steps involving cal- 
culation of a. We determine the various B’s as before. 
Then, as long as B 1 we employ the equation 

This equation gives 8 directly for each decibel value 


and assumed value of 6. The nomogram for 
problem appears in Figure 7. We then obtain H from 
equation (2), with a set equal to unity. 

^ ^ (3.281) 

2r 

^ (a.281)« (914) (150) g ^ 

In equation (3) we have written C inriiead of C* 
for muidi of l&e rante, wherever B is very 
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bsO 

DB*57 

S*150 

^ IN THOUSANDS OF YARDS 



Fiqurb4 


we xnay take C* ^ C, If greater accuracy is desiredi 
we may compute C directly by the equation 

r> ( 8 . 281 )' ( 914 ) ( 150 ) ^ /, _ 1 \ 

C « ^1 . 

It IB interesting to note that equation (3), apart 
from the oorreotion factor (1 - 1/B*), which merely 
swves to improve the accuracy of the result, is 
famfUar to many in the construction tA so^ialled 
‘^fade diarts.” these diagrams defact merdy thq 
Idbe mhiiina (and scmietimes also ^ maxima). If 


we set h >> 0 we get the former, and if we take 
b K we determine the latter. 

The total number of lobes N is approximately 

for hi in feet. These will be distributed over an anf^e 
of 90 degrees. Hence A, Ibe average an^e per lobe, is 

, 90" 4'*48 X 10« 

^ “ IT “ /« h, • 
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EXAMPLE SHOWN BY DASHED LINES 
k«3 

DC *0.46 
C«4« 

NOTE. WHEN 0C< 2/3, C IS NEGATIVE 
WHEN 0L>e/3, C IS POSITIVE 
h, IN FEET, f^lN MEGACYCLES 



— J« 


.•7 


Fiouaxd 


Near the horiaon, however, the angle per lobe A 9 is 
eomewhat smaller^ to wit; 

, _ 360® „ 6?64 X 10« 

* * »iv " /«Ai * 

When ilo < 0*.l, the lower tobea are ao eloaelT 
pecked that the drawing <)t a ooveiage diagram 
beoomee almoet impoeaiUe. For sneh eaaei one 


should determine, for a given decibel value, the lower 
edge of the lowest lobe. Tlien, witii the aid (tf the 
nomograms for b -> calculate merdy the poai* 
tions of maxima of the other lobes. 

A work dieet for coverage (hagram calouIatKms 
is shown in Tdde 2. As an illustrative example we 
have selected the case in ediiA 

hi m 100 ft,/M • 3,000 me, db • 46 . 
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Here db stands for the number of decibels that the 
power density is hdow standard, where we have 
assumed a powssr of 1 w for the transmitter. The 
iQrmbol db is defined differently by the MIT group. 
The oomspondenee is: 

db 4- — [d6iitT + 49] . 

The value of X, which depends only on db and Xi, 
was obtained fmm tiie nomogram of Figure 4 and 
eqiials 19.9« The product h\t^ is, of course, S00,000.>< 
The rest of the taUe was filled out by the methods 


just described. 

The lobes corresponding to this data were also 
computed by the MIT method and are shown 
plotted in dotted lines in Figure 8. In general, these 
lobes agree completely with our own. In the oases 
where there is some slight variance, we have also 
drawn our lobes in heavy lines. Note that the MIT 
db of 95 corresponds to our db of 46. The nomograms 
presented herein correq[K»nd to a reflection coefficient 
of —1. For any other value they would have to be 
redrawn* 
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EXAMPLES SHOWN BY DASHED LINES 

b ■ 0 b * Ve 
B>3.75 4«B<10 

S » 70 S • 7 
DB>64 DB«27 


iJ 

•tO 


7 ^ 

7.9 


f 


0 



Fiourb 7 


Tablb 2. Work sheet for coverage diagram calculations, db ■■ 46 (MIT — 96 db) , /*n»o ■■ 8,000 , ^i/me 300,000 
Y - 13.9 hi - 100 ft 


k 

B 

n 

b 

a 

s 

C 

H 

ht 

1 

0.21 

1 

1 

0.478 

53.5 

-2.15 

350 

300 

2 

0.42 

1 

i 

0.581 

82.5 

-1.29 

950 

908 

3 

0.63 

1 

i 

0.655 

93.0 

- .20 

1,350 

1,316 

4 

0.84 

1 

1 

0.72 

85.0 

1.07 

1,250 

1,222 

5 

1.02 

1 

1 

0.778 

52.5 

2.45 

600 

568 

6 

1.28 

2 

0 






7 

1.35 

2 

i 

0.828 

56.0 

4.10 

750 

733 

8 

1.55 

2 

i 

0.835 

94.0 

4.70 

1,850 

1034 

9 

1.85 

2 

i 

0.863 

109.0 

5.70 

2050 

2,536 

10 

1.95 

2 

i 

0.873 

98.0 

6.60 

2,200 

3.187 

11 

2.1 

2 

1 

0.893 

57.0 

7.80 

950 

938 

12 

2.3 

3 

0 






15 

2.9 

3 


0.923 

1140 

10.80 

3000 

3,292 

21 

3.9 

4 

i 

0.951 

1130 

15.40 

4,100 

4,095 

27 

5.3 

5 



1190 

23.5 

5,100 

5,100 
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Chapter 9 


THEORETICAL ANALYSIS OF ERRORS IN RADAR 
DUE TO ATMOSPHERIC REFRACTION* 


PURPOSE 

T his report is a theoretical evaluation of errors 
in altitude, asimuth, and range caused by atmos- 
pheric refraction. These errors are compared with 
the error tolerance specified in military characteris- 
tics for fire control radar equipment. Regional 
climatological data are utilised to determine probable 
refractive index gradients used in the deteimination 
of the error. Errors in heightfinding resulting from 
ducts are also treated. An Evans Signal Laboratory 
[ESL] report now under preparation discusses errors 
which may occur during specific met^rological 
situations and which may exceed the errors indicated 
in this report. 

PROCEDURE 

The variation of the index of refraction perpen- 
dicular to the path of a radio wave results in a 
curvature of the ray toward the higher index. The 
curvature of the ray is approximately equal to the 
rate of decrease of the index of refraction with 
altitude. Errors due to atmospheric refraction will 
therefore depend on the rate of decrease of the 
index of refraction perpendicular to the ray path 
and to the range. A simplified equation for the error 
in asimuth and altitude is derived below and is 
utilised in this report. This method has been found 
to check to within a thousandth of a degree with 
more accurate methods^ of ray tracing.* 

The rate of decrease of the index of refraction in 
a standard atmosphere is 12 X 10“^ unit per 1,000 
ft up to 4,000 ft above mean sea level. Thif corres- 
ponds to a curvature of the path of the ray approxi- 
mately one fourth the curvature of the earth. 'The 
standard atmosphere represents average conditions 
in temperate sones. In tropical air such as exists in 
equatorial regions and southeast Asia and southeast 
United States in summer, the average rate of decrease 
of the index of refraction is approximately 18 X 10^ 
unit per 1,000 ft up to 6,000 ft corresponding to a 
curvature of the ray % that of the earth. Over trade 
wind regions of the ocean (latitude 10* to 30*) dry 

*By Raymond Wexler, Signal Corps Qroimd Signal Agency. 
^Errors in angle of altitude due to a duct with a standard 
atmosphere abo^ the duct have been computed by membms 
of Oroup4d of the Radiation Laboratory. Values computed by 
the method outlined below under IMvatkm of Formulas 
haws been found to egree with their resulte. 

*F6r a mote detailed analysis ct ray tmehig methods, see 
ftfeienee 75. 


subsiding air exists over a moist tropical layer. The 
rate of decrease of the index of refraction in these 
regions is approximately 24 X 10~* unit per 1,000 ft 
corresponding to a curvature of the ray one-half that 
of the earth. Within layers of atmosphere designated 
as ^^ducts” the curvature of t^e ray may exceed the 
earth’s curvature and may result in a trapping of the 
ray within the duct. Errors due to atmospheric 
conditions in each of the above atmospheres are 
analyzed. In Table 1 are tabulated values of the 
index of refraction at selected levels for the standard 
atmosphere, tropical atmosphere, and tropical dry 
atmosphere as utilized in this report. 


Table 1. Values of the index of refraction for selected 
levels in different air masses.* 

(n — 1) 10*; n • index of refraction. 


Elevation abo^e 
mean sea level 

Standard 

Tropical 

Tropical air 

(feet) 

atmosphere 

atmosphere 

dry air above 

0 

824 

394 

348 

2,000 

800 

358 

300 

4,000 

276 

322 

260 

6,000 

255 

286 

242 

8,000 

10,000 

286 

255 

227 

219 

284 

216 

15,000 

191 

195 

179 

20,000 

151 

159 

146 

80,000 

105 

107 

105 


*A 0 rologii»l date for Miami and Ban Diafo for July 1M3 warn utilisad (o 
eomputa the indioaa of rafraciicm for the tropical atrooapbara and the trop* 
ioal atrooaphora with dry air abova, rwpaotivoly. 


APPLICATION TO GROUND 
RADAR EQUIPMENTS 

GtWLAYiNO (Antiaircraft) Radar 

Military characteristics for gunlaying radar call 
for a tolerance of 50-yd error in a range of 29,(X)0 
yd and an angle of 1.5 mils in azimuth and elevation. 
Initial angles of sight are between 10* and 90*. 
RSBirLTS 

In a standard atmosphere, errors in angle of eleva- 
tion for a range of 29,000 yd and an initial angle of 
sight 10* are 0.5 mil. A maximum error is obtained 
at 0.9 mil. For an initial ang^e of sight of 20* the 
maximum error is about 0.6 mil as compared to an 
error in a standard atmosphere of 0.4 mil. Errors in 
azimuth and range are ne^igible.. 

Eablt Warminq HniGHTfiNDmo Radar 

MQitiuy characteristics call for the fcdlowing 
tolerances in beii^tifinding radars. 
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Set Fraq. Bend Aoeuraoy Requited 

AN/CPS-4 S 1,000 ft in absolute altitude and 

600 ft in relative altitude at 46 
miles range, preferably 90 miles. 

AN/CPS-6 S 1,000 ft in absolute altitude and 

500 ft in relative altitude at 75 
miles range, preferably 100 miles. 

AN/TPS^IO X 1,500 ft in absolute altitude and 

500 ft in relative altitude at 50 
miles range. 



Thus with the % earth radius correction the error 
remains under 1,000 ft at 75 miles. However, these 
atmospheric conditions represent normal conditions 
so that in specific meteorological situations the error 
may exceed 1,000 ft in 75 miles especially in the 
trade wind regions. 

Since the maximum error Occurs at a true angle 
of 0*^, these errors in absolute altitude for a range of 
75 miles are tabulated for true angles of 0^ to 3^. 
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FiauBB 1. Maximum errors in absolute altitude due to atmospheric refraction. A. True earth radius. B. 4/3 earth 
radius. Target assumed to be at true angle of sero degrees. 


Absolute Altitude 

Figure 1 A indicates the errors in absolute altitude 
for different air masses on the assumption that the 
target is at a true angle of sero degrees. Thus at a 
range of 75 miles the error in elevation is 940 ft in 


Table 2 . Errors in absolute altitude for early warning 
haightfinding. Range 75 miles. 


True 

Angle of sight (degrees) 

Errors in altitude (feet) 

aai^ 

Standard 

Tropical 

Standard 

Tropical 

0 

0.14 

0.20 

941 

1,412 

1,382 

1 

1.12 

1.17 

828 

2 

2.10 

2.14 

705 


8 

R09 

3.12 

026 

845 


a standard atmosphere and 1,880 ft in a trc^ioal 
atmo^ibere with dry air above. Figure IB depicts 
tile mors on tibe assumption that the standard 
atmoigibere oorreotion (% earth radius) is apfdied. 



Fioubb 2. Maximum errors in absolute altitude due to 
surface duets with standard atmoq[>here above. 
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Ducts in the lower layer of the atmosphere will 
cause erroxs to exceed those specified by military 
eharacteiistics. For a duct depth of 25 ft and l«umt 
decrease in the modified index of refraction, errors 
in absolute altitude may exceed 1,000 ft within 
ranges of 50 miles. A 200»ft duct, in which the 
modified index of refraction decreases 10 units, may 
cause an error of more than 2,000 ft in 50 miles 
range. Figure 2 depicts errors in absolute altitude 
for ducts of various depths on the assumption that 
the lay just escapes the top of the duct into a stand- 
ard atmosphere above. The rate of decrease of the 
modified index of refraction in the duct is 1 unit 
per 20 ft (corresponding to a curvature of the ray 
about twice that of the earth). 

Relative Altitude 

For example, let us assume that five aircraft are 
located at altitudes of 3,000, 8,000, 13,000, 23,000, 
and 33,000 ft above mean sea level. Suppose that 
these planes are detected by radar at ranges of 50, 
75, and 100 miles. Errors in relative altitude occur 
because of differential refraction at high and low 
levels. Even in a standard atmosphere errors in 
relative altitude arise since the rate of decrease of 
the index of refraction near sea level is 12 X 10“* 
unit per 1,000 ft, while at 15,000 ft it is only 6 X 10“* 
unit per 1,000 ft. In a tropical atmosphere with dry 
air aloft the errors are likely to be considerably 
greater since the rate of decrease of the index of 
refraction with height is greater. 


Tablb 3. Errors in altitude relative to lowest plane 
located at 3,000 ft above mean sea level. 


Separation 
of planes 
(feet) 

Standard 

atmosphere 

(feet) 

Tropical 

atmosphere 

(feet) 

Tropical 

dry 

(feet) 


Range 50 milee 


5,000 

85 

24 

317 

10,000 

78 

107 

380 

30, OM 

131 

243 

514 

30,000 

171 

306 

572 


Range 75 mUee 


5,000 

78 

54 

713 

10,000 

164 

242 

924 

20,000 

287 

539 

1,158 

30,000 

889 

693 

1,290 


Range 100 milee 


5,000 

139 

97 

1,270 

10,600 

376 

431 

1,644 

20,000 

527 

960 

2,061 

80,000 

m 

1,287 

2,296 


Thus in a tropical atmosphere with dry air aloft 
such as exists in the trade wind areas over the ocean 
erroia of some 500 ft relative altitude for planes 
separated by 20,000 ft would occur in a range of 50 
m^. For lOC^mile range, errors can be as much as 

2,000 ft. Even in a standard atmosphere errors are 
more* than 500 ft for ranges of 100 miles for the 
higher level planes. 


Azimuth and Range 

Errors in azimuth are negligible for aU meteoro* 
logical conditions except possibly for propagation 
parallel to a sea coast or sharp cold front (see para* 
graph below). Errors in range are likewise negligible 
for all possible meteorological conditions. 

SuKFACE Surveillance Radar 

Military characteristics for sets AN/MPG-1 and 
AN/FPG-2 specify errors up to 0.05® in azimuth at 

28.000 yd and 50,000 yd respectively. Range error 
toleration is 20 yd in 50,000 yd. 

Range 

Errors in range due to vertical refraction within 
a duct are approximately of the order of 1 yd in 

50.000 yd. The error in range corresponding to an 
azimuth error of 0.05® is estimated at less than 0.2 
yd in 50,000 yd. 

Azimuth 

Errors in azimuth arise from horizontal variations 
in the index of refraction in the atmosphere. Generally 
these variations are of insufficient magnitude to cause 
such errors to be appreciable. In order to obtain an 
error of 0.05® in 50,000 yd it can be shown thii.t a 
change in the index of refraction of 1 .5 X 10'^ unit 
in 44 yd perpendicular to the path of propagation 
is required. This corresponds to an increase of 1C 
temperature and a decrease of 0.1 mb in vapor 
pressure. Such changes within 44 yd may occur in 
propagation parallel to a sea coast or to a sharp 
cold front, or in isolated regions such as between 
forest and meadow, valley and plain, or land and 
water surfaces. Except in the vicinity of a cold front 
or sea coast it is unlikely that such horizontal gradi- 
ents of the index of refraction exist along the entire 
path of the ray. 


CONCLUSIONS 

1. For gunlaying (antiaircraft) radar, the maxi- 
mum error in angle of elevation at 29,000-yd range 
is 0.9 mil, as compared to a military tolerance of 
3.5 mil. 

2. In early warning heightfinding radar, errors of 

1,000 ft absolute altitude at 75 miles range may be 
exceeded even with the application of a standard 
atmosphere (% onrth radius) Sorrection. Because of 
ducts, errors may be as much as 2,000 ft at 50 miles. 
Errors in relative altitude may likewise exceed 500 
ft in 75 miles. 

3. Errors in azimuth may exceed 0.05^ in 50,000 
yd in propagaiUon paisUel to a sea coast or a cold 
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front. Errors of this infinitude will; however, be rare. 

4. Errors in range are negligible for all possible 
meteorologioal situations. 

Debivaton or Fobmulas 

Let the origin of the coordinate system be the 
point where a ray is initially tangent to a line of 
constant index of refraction no, and let the Y axis 
coincide with this line. Since the ray curves toward 
higher index of refraction n, according to Snell’s law: 

n cos jS * no , (1) 


V Jh- « V2X 

Vx “ “ Vi ’ (3) 

Equation (3) indicates that the ray follows a para- 
bolic path. Let us convert into polar coordinates by 
l^e transformation X » r sin ^ and K « r cos 
where r is the actual range. Then the equation of 
the path becomes 

2 no* 

r * tan ^ sec ^ . (4) 

(i> 


where jS is the angle the ray makes with the line n. 
Then from trigonometric relations: 


tan d 


dX — K 

dY “ n„ 


Vn — no Vn no 

no 


( 2 ) 


Since n and no are extremely close to unity no appre- 
ciable error will result if we assume that n -f no * 2, 
hence 


dY 


V2 / 

V w — no . 
no 


Assuming a linear variation of the index of refraction 
in the X direction, n * no -f and 


Since in actual practice, 0 is extremely small and no 
is extremely close tO unity, equation (4) can be 
written as 

tan « = . (6) 

Here <o represents the rate of change of the index of 
refraction perpendicular to the ray, and 0 is the 
error. If the ray were initially at an angle a to the 
line of equal index of refraction, then the rate of 
change of the index of refraction perpendicular to 
the ray would be ta cos a. Hence, more generally, the 
equation for the path of a ray at a mean angle a to 
the lines of index of refraction can be written aa 

tan 0 ~ cos a . (6) 

Equation (6) has been utilized to compute errors in 
azimuth and angle of elevation. 



Chapter 10 

DIFFRACTION OF RADIO WAVES OVER HILLS 


E XPBRIBNCB has shown that frequencies in the 
VHF (very high frequency) range and higher 
are propagated over hillg and behind obstacles more 
easily has been commonly expected. Hills or 
other obstacles in the transmission path cast shadows 
which may make a radio system unworkable when 
either antenna is located close to the obstacle, but 
recent experiments, notably the work of Jansky and 
Bailey,^ have shown that hills and mountains can 
cause constructive interference as well as destructive 
interference. In other words, with proper antenna 
st^np, ihe JUtd inieneUy beyond the line of sight may 
he higher than is expected for the same distance over 
plane earth. This improvement in field intensity may 
bed to 10 db or more. 

One attempt to develop a theoiy foc radio trans- 
mission over hills is based on the computed field 
intensity over the solid triangle shown in Figure 1. 



Fiauav 1. Anslynt of fidd intensity over a solid triangle. 

It was reasoned that a good approximation to the 
field over any profile might 1^ obtained from a 
knowledge of (1) the field over a perfectly smooth 
earth, (2) the field over the solid triangle that 
encloses the actual profile, and (3) the field over a 
knife edge equal in height to the highest point in 
the profile. The theory of propagation over a perfectly 
smooth earth is well known; it is the basis of all the 
published tiieoretical curves on radio propagation. 
The corresponding expressions for the field intensity 
over a solid triani^ and over a knife edge are indi- 
cated in a paper hy Sdhelleng, Burrows, and Ferrell, 
but some effort is needed to place these expressions 
in a convenient form for computation. 

The method of obtaining an esqnession for the 
field over a wriid tariang^ is indicated in Figure 1, 

•By K. Buttagtoa, BeU Tslepbone Lebotatoitoa 


and the same analysis applies to each of the ideal 
profiles shown in Figure 2. The field intensity at any 
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point P in the vertical plane through the apex of the 
triangle is assumed to be the sum of a direct ray and 
a ray reflected from the ground Which is equivalent 
to a ray from an image antenna. In a similar manner 
the field at point P is propagated to the receiving 
antenna by means of a direct ray and a ground 
reflected ray. By integrating over the plane above 
the apex of the triangle (that is, from y » H to 
y » 00 and from — Qotos«oo)an expression 
for the total received field is obtained. The complete 
expression is not as complicated as the expression 
for propagation over a smooth sphere, but two simple 
approximations will be sufficient for the present 
discussion. When the height of the hill » 0 and 
when the ground reflection coefficient is —1, the 
complete expression reduces, as it should, to the well- 
known formula for VHF propagation over plane earth. 

fr - 2£, sin . . . (1) 

X (Xi + x%) 

When the height of the triangle H is greater than 
three to five times the average height of the antennas 
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sod «di 0 n tibe ntleetion ooeffioient is —1, the oom- drawing. The open circles show the field intennty 
plete expression reduces to in decibels below the free space t^due when both 
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4BtS sin 


2rHhi 2wHht 
» ' ' SID ^ • 

Xxi \xi 


m 


The factor S is the shadow loss shown in Figure 3 
as a function of 


antennas are 20 ft in height, and the dots give 
similar data for 10»ft antennas. The two dashed 
lines running from upper left to lower right are the 
computed values for smooth earth for 20-ft and 10-ft 
antennas, respectively. The solid line with the inter- 


ference fringes is obtained from equation (2) for the 
case of 29-ft antennas. The correlation between 
theory and experiment is not complete, but at least 
The other symbols in the above expressions have the theory may be a step in the right direction, 
the following meanings: Similar theoretical and experimental results are 



E * field intensity in microvolts per meter, obtained with vertical polarization. 

Eo »* free space field intensity in microvolts Thus far the only t 3 rpe of profile considered has 

per meter been one with a single prominent hill, and it is 


^ 3 X 10* 

Xi Xt 

P » radiated power in watts, 

X » wavelength in meters, 

H s height of the obstruction in meters, 
hifhi » antenna heights in meters, 

XiiXt •• distances as shown in Figure 1 in meters. 


natural to ask what happens over profiles containing 
several hUls. There are less experimental data avail- 
able on this point than for propagation over a single 
hill, and consequently the remainder of this discus- 
sion is more speculative than the preceding part. 

An ideal profile consisting of two hills of equal 
height is shown in Figure 6. The complete mathe- 
matical solution for this case is difficult, but an 


The approximate expression given in equation (2) 
indicates that the field intensity for points well 
beyond the line of sight may be greater than the 
fidd over a plane earth which is given in equation (1) . 
The sine terms in equation (2) indicate interference 
patterns beyond the line of sight which seem to 
offer an explanation for the experimental fact that 
behind hills raising the antenna may cause a loss, 
or lowe^g the antenna may result in a gain, in 
signal intensity. 

A comparison between theory and experiment is 
shown in Figure 4. These data, which were taken 


approximation can be obtained in the following 
manner. The field at any point P midway between 
the two hills can be obtained by means of the expres- 
sion for the diffraction over a single hill. The field at 
this point is then propagated over the second hill to 
the receiver. The total received field is obtained by 
mechanical integration, that is, by adding the effect 
(magnitude and phase) of many evenly spaced points 
in the vertical plane midway between the two hills. 
The net result is that the total received field is 
represented more closely by the path ACB than by 
the path A DEB. The energy received over any given 


from the previously mentioned NDRC report pre- 
pared by Jansky and Bailey, show measured values 
at 116 me for horizontally polarized waves propa- 
gated over the profile shown in the bottom of the 



Fmim 4. TheoretiaJ and expeHtneatal rasults in 
uritig field intensity of horimtelly polarised waves. 
liVe^ieney llfi iae» « 



Figure 5. Field intensity computation for a profile of 
two hills by a solid triangle. 


path such as path ADEB decreases rapidly as the 
number of diffractions in that path increases. How- 
ever, for any profile there is always at least one 
path between transmitter and receiver such as path 
ACB that requires no more than one diffraction, 
and the field intensity over this path is usually 
controlling. In other words, the profile consisting of 
two hills can be approximated for computation pur- 
poses by a solid triangle which is formed by a line 
from the base of the transmitting antenna to the base 
of the receiving antenna and lines from the base of 
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eafili Mutenna tangent to the hill that blocks the line 
ot sight. By the same reasoning it appears that a 
profile which includes any number of hills can be 
represented approximately by the circumscribing 
triangle. 

The principal assumptions that are basic to this 
method of treating radio propagation over hills and 
other obstructions are as follows: (1) the height of 
antennas is greater than about one-half wavelength, 
(2) the sise of obstructions is large compared with 
the wavelength, and (3) the distance between anten- 
nas is large compared with either the antenna height 
or the sise of the obstructions. These assumptions 
limit the application of this theoiy to wavelengths 
shorter than a few meters 
The principal differences between the diffraction 
over an irregular earth and the diffraction over a 
smooth sphere is illustrated in Figure 6 for trans- 
mission of S-band waves over sea water. The dashed 
line shows the field intensity versus distance over a 
perfectly smooth earth. The solid line shows diffrac- 
tion over a solid triangle which represents what is 
expected when the sea is rough, that is, when the 
height of the water waves is large compared with 
the S-band radio waves. It will be noted that there 
is little difference between the two methods for 


distances less than about twice the optical range, 
but at greater distances the solid triangle theory 
indicates that some energy will be received at 
appropriate distances. 

These view6 on the transmission of meter and 
centimeter radio waves over multiple obstacles are 
speculative. There is little experimental evidence to 
support them, but also there appears to be even less 
experimental evidence to contradict them. 
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Figure 6 Companaon of diffraction over irregular earth 
and over a smooth sphere for S-band waves over sea 
water. 




Chapter 11 


SITING AND COVERAGE 

INTRODUCTION 

T his is aqenbral discussion of the effects of terrain 
on the operation of ground radar systems. Written 
to supplement a Signal Corps publication Radar 
Performance Teeiinq^ it is intended to provide a 
practical, engineering type of solution of siting 
problems. The principal emphasis is on early warn- 
ing and other very high frequency [VHF] systems 
although application may be made to microwave 
and other types of radio equipment. 

The objective has been to enable field personnel 
to compute coverage and other characteristics of a 
given site and radar and reduce the number of test 
flights required to a minimum. Thus the terrain 
factors may be evaluated, and a definite, numerical 
description of the capabilities of a site may be stated. 

Since it is not possible to anticipate all problems 
that may arise in the field, sufficient theory has been 
included to cover a fairly wide scope. In most cases 
several types of solutions are provided so that the 
accuracy and detail required may be related to the 
labor involved. A number of fully worked examples 
are included with a discussion of significant features. 
The drawings are made to scale and to fit practical 
situations. 

RADAR SYSTEMS 

Types of Ground Radar 

Tactical requirements and intensive technical 
development have led to the introduction of numer- 
ous types of ground radar equipment. The charac- 
teristics and descriptions of these units are given in 
several Service publications. 

Ground radars may be divided into two classes: 

(1) those which utilise ground reflection; (2) those 
which use only the direct ray. Sets which are sited 
so that ground reflection influences their performance 
usually have stringent siting requirements and the 
coverage is dependent on the site. This report is 
concerned chiefly with this type of radar. Equipment 
that uses only direct rays is relatively free from site 
restrictionB, and the terrain has little effect on the 
coverage. 

Radar Systems— Tactical Aspects 

In most cases radar stations are operated in groups 
for tile defense of a region of considerable extent., 
The several stations are assigned sectors in which 


OF GROUND RADARS* 

searches are conducted for designated targets, and 
these, when located, are reported to a central agency 
for tactical disposition. Technical operation of such 
groups requires close study of the topography of the 
region so that available equipment and personnel 
may be used to the best advantage. In this way 
adjacent stations may support each other in the 
event of outage due to maintenance or enemy activ- 
ity, and other factors may be taken into account, 
such as jamming, atmospheric effects, and perma- 
nent echoes. 

The nature of the region to be protected and 
the type of application for which the radar equip- 
ment is to be employed are controlling factors 
determining the number, location, and kind of sets 
which must be used. Thus, harbors, islands, and 
inland mountainous regions present problems with 
widely differing operational characteristics. Elarly 
warning [CHL], fighter control [GCI], gunlaying 
(coast defense), gunlaying (antiaircraft), and search- 
light control radars all have different siting require- 
ments. This report deals mainly with the first three 
types of equipment listed above, but the methods 
have general application to other problems such as 
the siting of direction finding sets [DF]. 

The early warning radar usually has the mission 
of reporting and identifying enemy aircraft (at say 
20,000 ft) 45 minutes before they can reach the vital 
defense area. This is based on the time required to 
alert the area and to give the defense aircraft time 
to take off and make their attack. Other missions 
may be assigned, such as detection of ships or obser- 
vation of friendly aircraft for purposes of control and 
air-sea rescue. Using the moderate plane speed of 
240 miles per hour it is apparent that the early 
warning radar must have a range of 180 miles if 
located near the defense area. Sometimes suitable 
outlying sites, such as islands, are available, and the 
coverage may be extended accordingly. The disad- 
vantages of outlying sites presented by communica- 
tion and supply difficulties, exposure to enemy 
attack, etc., should be carefully considered. More 
often, however, the success of the warning system 
depends on effective long-range operation of radars 
located relatively close to the defense area. The early 
warning stations give periodic reports of the grid 
position of an aircraft and its response to interro- 
gation signals. 

The GCI radar is used to direct from the ground 

*By Capt. £. J. Emmerling, detailed by Signal Corps to 
the Odumbia University Wave Propagation Group. 
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the opemtion of friendly fighters against enemy 
airemft. It has a range of about 50 miles and is 
capable of handling a large volume of traffic. In 
addition to the grid position and identification of 
the target it also determines the height. Surrounding 
the defense area is a region whose width depends on 
the time required to make an interception on an 
incoming enemy plane. The siting objective of the 
GCI stations is continuous and efie(stive cover- 
age of the interception region. Close coordination is 
maintained between early warning and fighter sta- 
tions, and the coveiage deficiencies of one station are 
counteracted by favorable characteristics of the 
other stations. 

The coast defense gunlaying radar is concerned 
primarily with accurate location of ships. It has a 
range up to 100,000 yd and must be sited fairly high 
and within a few miles of the coast defense guns 
which it directs. This radar supplies accurate data 
on the azimuth and range of the target. 

The antiaircraft gunlaying radar is used primarily 
for directing the guns. Long-range search features 
are usually provided so that they may function also 
as early warning radars, at least to a* limited extent. 
They are sited near the guns which are located to 
meet artillery requirements. These units provide a 
continuous flow of data to the gun director giving 
the azimuth, elevation, and range with great accuracy. 

The searchlight control radar is a short-range high 
angle set which is located near the light it directs. 
It furnishes the azimuth, angular elevation, and 
altitude of the target. 

Radar Siting — Technical Aspects 

In the past some elaborate air warning systems 
have been set up without a competent analysis of 
terrain effects. This resulted in a waste of time and 
money and in failure to adequately provide urgently 
needed radar screens. This failure was caused in 
many cases by the use of prepared coverage diagrams, 
furnished with the equipment, which were computed 
for idealized sites. In mountainous regions where 
only limited reflection areas occur and where the 
sites are very much higher than those used in labora- 
tory tests, such diagrams are likely to be very 
misleading. A result of this experience is an unfor- 
tunate tendency to explain variations from expected 
coverage by resort to various abstruse speculations, 
with weather not infrequently bearing the btunt 
of the odium. 

It is the purpose of this report to provide an 
engineering type of solution for the bulk of the 
problems that arise in siting and in field computa- 
tion of coverage. A more accurate analysis, with 
increased attention to detail, probably is not war^ 
ranted at this time in view of the relatively rough 
measur^nents which now are made in the field of 
radar. 


The common early warning radar uses horizontal 
polarization and operates in the VHF band. It must 
be sited from several himdred "to several thousand 
feet high in order to obtain sufficiently low angles 
for the range and low coverage desired. Suitable 
sites of the required height may be far inland so 
that an important part of the reflecting surface may 
be rough land or sloping flat areas. Such features 
and also clifi edges, ridges, hills or other obstacles, 
nearby towers and structures will, in general, produce 
a marked effect on the coverage pattern. 

The GCI radar uses horizontal polarization, 
operates in the VHF band and should be sited on 
a large, flat area. The determination of the height 
of an airplane is accomplished by comparing signals 
from two antennas of different heights. If reason- 
able Accuracy is to be attained the lobe structure in 
the vertical plane must be known with considerable 
precision. Best results are obtained by using a site 
of the extent and flatness prescribed in the instruc- 
tion manual, in practice it may be necessary to 
operate on rough ground or limited areas. The ques- 
tion may then arise concerning the benefit that will 
be obtained by grading the surrounding areas, or 
how much forest' or vegetation should be removed 
for acceptable operation. 

Similar problems arise in siting DF stations. Large 
errors may be introduced by reflection from sloping 
land or other terrain features. 

The effects described above, involving reflection 
from limited areas or rough land or passage of waves 
past an edge, may all be treated as problems of 
diffraction, for which solutions are well known or 
may be readijy computed. This subject is unfamiliar 
to most Service personnel; but a working knowledge 
of the methods of computation may be obtained by 
anyone who has the usual engineering education. 
Since it is not possible to anticipate all problems 
which may arise in the field, a fairly comprehensive 
discussion of diffraction has been included in this 
report so that even in the absence of other references 
the majority of problenm may be treated. 

Other important considerations such as orienta- 
tion, visibility, permanent echoes, interference, and 
test methods are discussed. There have been many 
ingenious developments in these subjects in different 
theaters, and where available they have been 
included in this report. Only standard atmosphere 
propagation has been considered. Those who are 
interested in nonstandard propagation should refer 
to the articles on this subject published in this series. 

TOPOGRAPHY OF SITING 
Introduction 

The performance of equipment which utilizes radio 
propagation depends upon the character of tibe tntm<- 
vening land or sea and in partioufaur upon the local 
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tenrnin at the tenmnale of the propagation path. 
Siting rrfen to the general problem of selecting and 
utiliiing avmlable locations for the best operation 
of the equipment involved. With some types of 
equipment the effects of local conditions are minor, 
and with other types the requirements are most 
exacting. In many cases practical and tactical con- 
siderations will compel the use of unfavorable loca- 
tions. Performance may then be considerably below 
that obtained in the laboratory or under ideal condi- 
tions, and familiar characteristics may be drastically 
modified. 

Field personnel are frequently called upon to 
predict or explain abnormal operation, to devise 
methods of improving poor performance, and to 
make modifications to fit local requirements. This 
discussion will be limited to general principles, and 
reference is made to the instructions furnished with 
the individual equipment for specific details. 

Moments of a conununication or radar network 
should ordinarily be viewed as parts of a system and 
not as isolated, self-sufficient units. From this point 
of view a site that gives outstanding results would 
not be satisfactory if it did not help achieve the 
mission of the system. This interrelation between 
various parts of a system, which may extend over 
hundreds of miles, raises numerous problems of 
orientation, visibility, and coverage. 

Maps and Surveys 

Where available, topographic maps of a scale on 
1 or 2 miles to the inch and contour intervals of not 
more than 100 ft, preferably 20 ft, should be secured. 
Hydrographic charts are valuable in coastal areas. 

If there are no reliable maps, aerial photo^phs 
may be used to a limited extent. 

Due consideration should be given to the suit- 
ability of the map projection for the purposes for 
which it is to be used. The grid system used for 
reporting should be based on the Lambert polyconic 
projection, and not on the Mercator projection. 
Otherwise important errors in asimuth may occur. 
This is especMy true at high latitudes. If in coordi- 
nating with other services, such as the Navy, it is 
required to use the Mercator projection, the transfer 
from the Lambert projection may be made with a 
transparent overlay of one grid system on the other. 

A transit and a stadia rod are most useful for 
orientation, surveys, profiles, etc. Compasses, clinom- 
eters, and other surveying instruments should be 
provided. In the absence of some of this equipment 
much may be done with improvised devices made 
with plumb bobs and protnustors. Bough surveys 
may he made with only a sketching board and by 
pacing off distanoes. Navigation instruments may be 
used for approximate determination of position. 
Engineer and artiUery publications deserilM orien- 
tation methods in ifetail. dose attention should be’ 
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given to the grid system used for reporting nets so 
that all stations are accurately located. Grid errors 
may be minimised by making all charts from a 
master copy. 

Profiles 

The height of the center of the antenna should be 
determined to within a few per cent. The reference 
level is the main reflecting surface, which is normally 
the sea. Heights given on maps should be checked 
against available bench marks and the terrain. 
Barometers or airplane altimeters are useful for 
height determinations, but their readings should be 
corrected for temperature. 

Where the reflection surface is part or all land, a 
profile is usually necessary for estimation of the 
effective antenna height and the refiection charac- 
teristics of the terrain. Profiles should be prepared 
of several representative asimuths in the operating 
sector. The accuracy required decreases with the 
distance from the transmitter. In most cases suffi- 
cient detail is not available on maps so that a 
personal inspection of the terrain should be made 
to become familiar with the nature of the soil and 
the degree of roughness. Special attention should be 
given to ridges, flat areas, bodies of water, distance 
to the shore, hills to the rear, obstacles in the operat- 
ing area and at the boundaries. A knowledge of the 
antenna pattern in both the vertical and horisontal 
planes is necessary for judging what parts of the 
terrain should be more closely examined. 

Orientation 

Where long distances and directive beams are 
involved fairly accurate orientation is required. This 
is especially true of the narrow beam, precision type 
radars. Of the many ways of determining the direc- 
tion of north, one of the most convenient is observa- 
tion of the azimuth of the sun. Care must be taken 
when using compasses because of local attractions 
or inadequate information of the declinationE. Star 
observations are capable of good accuracy, but where 
Polaris is not visible they require the same procedure 
as solar shots. Caution must be used in aligning on 
permanent echoes because nonstandard refraction 
may bring in confusing distant echoes, or side lobes 
may give false echoes. In general several methods 
should be used in order to obtain independent cheeks. 
When an accurate orientation has been obtained 
reference marks should be provided so that the 
asimuth may be readily checked. 

Solar azimuths, correct to the nearest quarter of 
a degree, may be determined from the date, time 
to the nearest minute, and the latitude and longitude 
to the nearest degree. Two methods will be given 
for obtaining the azimuth of the son; (1) by calcu- 
lation, (2) from tables. A third method gives true 
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south outy. 

The asimuth of the sun may be calculated from 
the formula: 

^ * cos ♦ tan 5 - sin « cos HA ‘ ^ ^ 
fi OK hearing of the sun. 

The bearing is east or west of south when e-5 is 
positive. The bearing is east or west of north when 
is negative. The bearing is east in the morning 
{p will be negative), and west in the afternoon {fi 
will be positive). 

HA « hour angle of the eun. 

During the morning hours w.hen the hour angle is 
greater than 12 hours, its value should be subtracted 
from 24 hours for use in the formula. 

♦ » latitude of the place of observation. 

6 « declination of the sun at the time of observation. 

The signs of « and d are important and each is 
positive when north of the equator and negative 
when south. 

The hour angle HA is the local apparent time 
[LAT] minus 12 hours. To convert the observed time 
into LAT the civil time at Greenwich [GOT] must 
be found and combined with the equation of time 
to correct for the apparent irregular motion of the 
sun. This gives Greenwich Apparent Time [GAT] 
which is converted to LAT by allowing for the lon- 
gitude. The equation of time and the declination of 
the sun are plotted in Figure 1 for 1945. The annual 
change is small, and these curves may be used for 
radar work without regard to the year. Standard 
time meridians are eveiy 15^ east or west of 


Greenwich, each lone corresponding to 1 hour. Care 
should be used to take daylight saving, or other 
changes from standard, into account correctly. 

Example f . It is desired to compute the asimuth 
of the sun. 


Given: Date March 16. 

Time 1846 hours PWT 
Latitude 40® North 
Longitude 118® West 

SoltUion: 

The hour angle will be determined first: 
Observed time PWT 
Zone difference 
Greenwich civil time 
Equation of time (Figure 1) 
Greenwich apparent time 
Longitude difference for 118® W 
Local apparent time 
LAT - 12 »- HA 
Hour angle of sun 
HA in arc (4** ■■ 1®) 
latitude ♦ 

Declination of sun i (Figure 1) 
Substituting in equation (1): 


13» 
-f 7^ 

45"» 

20* 

45*« 


- 9*" 

20^ 

36** 

- 7* 

62" 

W 

44* 

- 12* 


f IF 

44" 


-f 11® 
-i-40® 
- 2 ® 


tan $ 


sin 11® 

cos 40* tan (—2®) — sm 40® cos 11® 


0.19 

0.766 X (-0.0349) - 0.643 X 0.982 

- 0.29, 

0 - 16*10'. 

Since — ft is positive, 0 is the bearing from the south. 
The bearing is west of south since 0 is positive (p.m.). The 
asimuth of the sun is 

180® + 16*10' - 196*10' . 

A quicker solution may be obtained from a book 



Fiavas 1. Sun data from nauticil almanac, 1945. 
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Awnvl^ of the Sun, H. 0. 71, published by the 
U. S. Navy, Hydrographic Office. The equation of 
time may be obtained from a current copy of The 
American Nautical AlmanaCt United States Naval 
Observatory, Washington, D. C. 

This method will be illustrated by the data from 
Example 1. The LAT is obtained as before. Between 
September 23 and March 21 the sun is in south 
declination and since the latitude in this case is 
north, the second part of the book labeled /^Declina- 
tion Contrary Name to Latitude” is used. For 
latitude 40** an interpolation is made between 12:40 
and 12:50 obtaining 164**. The table is marked ”the 
angular departure of the sun west of north” for 
readings in the afternoon, and the tabular value is 
therefore subtracted from 360®, giving 196® as the 
asimuth of the sun. It is usually more convenient 
to plot a curve of asimuth against time for the hours 
during which it is expected that the observation will 
be made. Such a curve may be used for several days 
without much error. 

A method that is less convenient but requires no 
calculation is the equal altitude method. This con- 
sists in measuring the horizontal angles between the 
sun and a mark, when the sun is at the same altitude 
on both sides of the meridian of the observer. The 
bisector of the horizontal angle between the two 
equal altitude positions of the sun during the obser- 
vations is very close to true south, and the azimuth 
of the mark may be determined. 

A horizontal radiation pattern should be obtained 
to determine whether the electrical and mechanical 
axes of the antenna coincide and to discover any 
abnormalities in the main or secondary lobes. Defec- 
tive patterns should be corrected by appropriate 
maintenance. 


Visibility Problems 

It is frequently necessary to estimate the effect on 
rays of intervening obstacles or the curvature of the 
earth, or to compute the distance to the horizon, or 
the amount a ray would have to be diffracted to clear 


an intervening hill. The methods described here 
enable one to solve such problems quickly and 
simply. 

Distance to the Hobizon 

The distance d of the horizon on a spherical earth 
as seen by an observer at elevation h is given by the 
well-known formula: 

or A=|d*, (2) 

with d in statute miles and h in feet. This expression 
makes no allowance for refraction and is commonly 
used in visual work. 

In radio propagation work the refraction of the 
standard atmosphere is sufficient to increase the 
distance of the ”radio horizon” to 

d = \/2/i or A = I d* , (3) 

where d is expressed in statute miles and h in feet. 
This corresponds to the use of an effective radius of 
the earth equal to ka where k % and a is 3,960 
miles. This value of k will be used throughout this 
reiKirt. If it is desired to use other values of /r, 
equation (3) may be written as 

^ likh . 2d2 

d = ^-^.or = 

Points at heights hi and h% which are separated by 
the sea or smooth earth are visible from each other 
if the distance between them is less than 

dt. = V^I + VWi . (4) 

Dip and Rise 

Over land, visibility is determined by the prohle 
of the path involved. Elevations obtained from map 
contours may be plotted on a profile so as to take 
the effective earth curvature into account, and visi- 
bility can then be detennined by graphical means. 
However, construction of such profiles on a curved 
datum line is tedious, and it is easier to compute 




Fiovre 2. Relations between various heights on earth’s surface. Dip and rise. 
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the earth curvature and the visibility directly from 
the map by methods given below. 

In Figure 2 is shown the relations between various 
heights on the earth^s surface. In considering the 
reference line (sea level) flat as on a map or ordinary 
profile diagram) use is made of the line H\TH%T' 
instead of the curve This will be com- 

pensated for by using a fictitious ray path PiPPtP' 
instead of the line P1QP2Q'. The deviation of this 
fictitious path from PiQP^Q* at P is QP = HT and 
is called the dip. The deviation at P' is Q'P' = H*T' 
and is called the rise. 

In the figure on the left the triangles HH%T and 
HiKT are similar and 

TH^ _ HT 
TK ^ HiT » 

or approximately (right-hand figure) 

HT X 2ka = did* . 

Therefore the dip, 

5,280 X did, X 3 _ did* 

““ 2 X 3,966 XT' = T • 

Similarly for the rise 


The application of these formulas will be shown by 
a number of examples. 

Example S, Intervening Obstructions — Graphical 
Solution. In Figure 3 is shown a profile as may br 



Fiocrb 3. Intervening obstruction of radiation between 
two points. 


It will be noted that QX is a maximum midway 
between P\ and Pt. 

QX^ = g (<*1 + • W 

Where there are several obstructions to be con- 
sidered the work may be speeded by drawing a line 
SiSa (Figure 4) parallel to PiP* at a vertical distance 



Fiu'jrb 4. Several obstructions of radiation between 
two points. 


below it equal to the maximum dip. Then intervening 
hills which do not rise above StSt will not have to 
be considered, and those that do cut the line may 
be checked for obstruction by equation (5) as before. 

Example S. Remote Shielding -^Graphical SoluJtion. 
It is frequently desired to know from a position as 
Pi what degree of shielding will be obtained from a 
given profile. In Figure 5 the rise Q'X' is computed 



Figure 5. Remote shielding obtainable from a given 
profile. 


by equation (5). Since P'lies below X' it is shielded 
from Pi and the minimum height of radiation is 
indicated by the dotted lines 


Q'.Y' 


di'd,' 

2 


90 X 80 
2 


3,600 ft . 


obtained from a topographical map. It is desired to 
ascertain whether P, will receive, radiation from Pi 
without being obstructed by the intervening hill P, 
Owing to the curvature of the earth the line marked 
^'datum lever^ is actually curved instead of being 
straight as shown. To compensate for this distortion 
the line of sight of the radar is taken as the parabola 
PiXP, (shown dashed) instead of the straight line 
PiQP*. If X lies above the top of the intervening 
hill P, the ray is not obstructed. The distance QX 
is from equation (6). 

QX - ^ ^ - - 300 ft . 

Scaling this distance down from Q, it will be found 
that X lies above P and there is no obstruction to 
the radiation. 


Example 4. Visibility Determined by Compulation. 
In many case, it is not necessary to construct profiles, 
as visibility may be determined by a simple compu- 
tation. The critical height, h„ which an intervening 
hUl must equal or exceed to obstruct the line of 
sight, may be computed from Figure 4. Let the 
height of the line PiP, at di be h*. Then 

hi - h' ht 

d\ d% 

h* wt 

di i“ df 

But the height h! exceeds by the dip (didi)/2; 
therefore 

1 hjdt + Afdi d\d% 
di + d* 


( 7 ) 
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For the values given in Figure 4 the critical height 
at di is 

. 3,000 X 35 + 1,500 X 15 15 X 35 

* 16 + 35 2 

« 2,287.5 ft . 

Since the hill P is 2,300 ft high it will interfere with 
radiation to P|. 

Example 5, Remote Shielding---ComptUation. An 
important problem is illustrated in Figure 5. A trans- 
mitter is located at Pi, and it is desired to know if 
the nearby hill Pt shields the distant mountainous 
island. The height of the line PiQ' at a distance of 
di^ from Pi is denoted by h' and may be obtained 
from the relation: 

ht - V hi- V 

di'ht - dt% 
di' - dt' * 


For this case the rise Q^X' due to earth curvature 
must be added to give the elevation X* of the line 
of sight. The height of the lowest ray is therefore 


, di%-dt%, . di'dt' 
H - + _ 


( 8 ) 


For the values given in Figure 5 

. 90 X 2,200 - 80 X 2,400 90 X 80 

90 - 80 *^2 

« 4,200 ft . 

It is apparent that the hill P' is shielded from Pi 
by the nearby hill P* except by diffraction. 



Example 6. Vertical Angles. The slope of the line 
of sight at the near end (Figure 6) is given by 

s, * ^ (Q\ 

‘ 5,280d 10,500 ’ ^ ^ 

4i is in radians and is measured from the horisontal 
at Ai. The an|d^ ^ith respect to the horisontal at the 
far end is given by 

5,280d 10,660 • 

Thus for the values shown 


4i- 

and 


1,500 - 4,000 
5,286 X SO 


60 


10,560 
H 0.00474 radian . 


—0.0142 radian , 


Example 7. Angle of Diffraction. One of the principd 
problems in connection with intervening obstacles is 
the computation of the angle of diffraction. In Figure 
7 the angle of diffraction is $g. The line PiP is the 
geometrical shadow line; is the height of the 



direct line PiPi at the distance di and is given by 
equation (7). 


hr-H 
“ 5,280di ' 


( 10 ) 


For the values shown in Figure 7 

. 4,000 X 30 + 1,500 X 20 20 X 30 

20 + 30 2 

« 2,700 ft , 

. 2,700 - 2,500 .1* 

^ 0.00189ntduin. 

Pt is therefore in the illuminated region. Had At 
been 100 ft instead of 1,500 ft, A, would be 2,140 
ft and 


2,140 - 2,500 
5,280 X 20 


—0.00341 radian , 


and Pt would then have been in the shadow region. 


DIFFRACTION OF RADIO WAVES 
Introduction 

Whenever interference effects are important, the 
reflecting surface must be examined to determine to 
what extent the assumption of an ideal plane or 
spherical surface with uniform values for the ground 
constants is valid. This uniformity holds when the 
reflecting surface is the sea; but it is often not true 
over land areas, and especially at the coastline. 
More important deviations from the ideal case are 
roughness of the reflecting surface, such as waves on 
the sea, or irregularities of the land, such as hilly 
or broken terrain. This frequently causes diffuse 
reflection and virtual elimination of useful reinforce- 
ment of the direct ray. To deal with these practical 
terrain problems the methods of physical optics are 
employ^. 
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Wave Propagation 

For most purposes the antenna may be considered 
as a point source of radiation. Near the antenna 
the wavefront (the locus of points of constant transit 
time) is spherical, but at great distances it is prac- 
tically idane. According to Huyghens’ principle each 
point of a wavefront may be considered as a source 
emitting wavelets whose envelope at a given time 
is the new wavefront. In Figure 8A, 0 is the source 



Fiqubs 8 . Radiation wavefronts. A. Spherical wave- 
front. B. Plane wavefront. 


reflecting surface AB' Points ACDEB' are struck 
successively and in turn become centers of new 
wavelets. In the time required for B to reach B' 
the wavelet from A spreads to a radius AA', the 
distance it would have traveled if there were no 
reflector. Other wavelets have lesser radii which, in 
spreading, form a new wavefront. This is the reflected 
wavefront, and its angle with the reflecting surface 
is the same as that of the incident wavefront. 

The secondary wavelet from a point on a spherical 
wavefront (AB in Figure 10) does not produce the 
same effect in all directions. The field strength in a 
direction ac varies in proportion to (1 + cos 6). The 
field strength drops from a value 2 in the forward 
direction to 1 along the line xy and to zero in the 
backward direction » 180®). While in Figure 8A 
an envelope of secondary wavelets can also be drawn 
to the right of AB so as to produce a convergent 
wave traveling back to zero, it can be shown that 
this backwave does not exist. Only waves in the 
forward direction should be considered. 


I 

I 


of radiation, and AB a portion of the spherical 
wavefront. From centers a, 6, and c, secondary waves 
spread out as shown by the dotted lines and are 
enveloped in the new front A'B'. A similar construc- 
tion is made in Figure for a plane wavefront. 

Another example showing how waves are reflected 
from a plane surface is given in Figure 9. A wavefront 
AB is descending in an oblique direction on the 



Fiousa 9. Reflection of waves from a plane suifaoe. 
Huygfaens’ construction. 



y 

Figure 10. The secondary wavelet. 


Fresnel Zones 

In Figure 11, BC denotes a plane wavefront 
moving from a distant source on the right toward 
a point P to the left. It is desired to know the effect 
at P of the secondary wavelets emanating from the 
wavefront. A straight line is drawn from the distant 
source to point P cutting the wavefront at C. In the 
wavefront with C as a center are drawn circles such 
that the first is a half wavelength further from P than 
C is, the second is 2 half wavelengths, etc., so that 
the secondary disturbance from any circle will reach 
P half a wavelength ahead of those from the circle 
enclosing it. 

If PC ■■ b, the radius n of the first zone may be 
obtained from 

(n-iy-M-n.. 
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Neglecting XV4, the ladius ri =* and the 

radii, rj = ra « y/Zh\ etc., and in general 

rm^y/mhX. ( 11 ) 

The corresponding areas are approximately irdX, 
2ir6X, 3ir&X, and mir6X. The area of the central zone 
is ir&X, and each succeeding ring or zone is slightly 
gi*eater. 

The efifect whicji one of the zones produces at P 
is proportional to its area and inversely proportional 
to its distance from P. These factors compensate as 
the radius increases, so that the successive zones 
may be regarded as producing equal and opposite 
effects at the point P. The zones become less effective 
further from the center owing to the increased 
obliquity, since the effect at P is proportional to 
1 + cos 0 (se^ Figure 10). The resultant effect may 
be represented by a series of terms of alternate sign 
which decrease slowly at first and then more rapidly, 
eventually becoming zero, thus; 

S * mt — mi + mt, etc., 

* gmi + Qmi - mi + gmi^ 

+ (I mi - m* + H |m« , 


It can be shown that all terms except the first cancel 
so that 

s = |m, , (12) 

The resultant effect of the entire wavefront is equal 
to one-half of that due to the central zone. 

The secondary wavelets from the central zone 
unite into a disturbance whose phase is midway 
between the center and the rim. This may be shown 
by dividing the first zone into rings such that the 
effect of each ring at the point P is equal in ampli- 
tude, and the phases range over half a complete 
period. The electric vectors corresponding to these 
subdivisions may be combined to obtain the resultant 
phase as in Figure 12. The vector for the central 
area of the first zone is AB with succeeding sur- 
rounding rings represented by BC, CD, etc. These* 
vectors fall along the perimeter of a half circle, as a 
consequence of which the resultant amplitude is 
2/r times the sum of the amplitudes of the individual 
vectors. The vectors for the second zone are shown 
dotted. 

In Figure 13 is shown the first six half-wave zones 
and the phases relative to the center of the first zone 
are indicated. A set of alternate black and white 
zones as shown at the top is known as a zone plate. 

If a screen is provided which has an aperture of 
the same diameter as the first zone, it will be found 
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that the electric intensity of the wave at the point P 
is doubled (mi » 24$) and the power intensity is four 
times as great as for the unobstructed wave. If the 
aperture is increased to include the second zone, the 
intensity at P will be reduced nearly to zero. The 
disturbances from the second zone are out of phase 
with those of the first zone and equal in magnitude 
and therefore cause cancellation. 




Reflection from Rough Surfaces — 
Rayleigh^s Criterion 

A rough surface may destroy all phase relations 
between the elements on the wavefront. The second- 
ary wavelets start from the elevated portions of the 
surface first, since these portions are struck first by 
the incident wave, and the lower portions send out 
secondary disturbances at various other times in 
random phase. It is impossible to arrange any sone 
system on such a surface for there are all possible 


phase differences irregularly distributed over the 
reflected wavefront and each point on the surface 
acts as an independent source radiating in all 
directions. 

In Figure 14 is shown a plane surface acy with 
incident rayB SB and SA falling on a raised pprtion 
and a crevice respectively and being reflected to P. 
The path difference is SA -f AP — {SB + BP). 
Since BP and AP are practically parallel, the path 
difference may be taken as BA — BK. 

BA - , 

Sin Sk 

BK ^ BA • cos 2^ . 



The path difference 


A = ’- i- . (1 — cos 2^) 
sm ^ ' 

* 2H sin ^ . (13) 


The corresponding difference in phase is 




2wA 

X 


4wH . ^ 


(14) 


Since the path difference increases as the grazmg 
angle increases, the diffusion is greatest when the 
rays are perpendicular. When the angle is small, 
near zero, regular reflection may be obtained. It was 
suggested by Rayleigh to take as an upper limit for 
the grazing angle, giving regular reflection, the value 
corresponding to a phase difference of ir/4. By 
equation (14) this angle is given by 


or 


ir 

4 


iwH . ^ 
sm"®^ , 



( 15 ) 


For a given wavdength and lobe anid^ terrain 
at the Flection point may be examined to detennine 
the limilang heiid^t of tiie rou^inen for tegular 
refiectionB. Equation (16) may also be f^ven in a 
mcne convenient form using the annoximation 
sn ^ radians for small values of 


Hm 


8,520 
f* ' 


( 1 «) 
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with H in feet» / in me, and if in degrees. Thus for 
100 mo regular reflection may be obtained over 
ridges as high as 35 ft for a gracing ang^e of 1^, but 
for 3,000 me* the roughness could not exceed 1 ft 
in hd|^t at this anide. 

DiflEractkm at Obstadea 

The preceding considerations of Fresnel sones in 
a wavefront will now be applied to the problem of 
radio wave diffraction past hills, ridges, or nearby 
objects. These obstacles will be treated as though 
they were straight edges, narrow screens, or rec- 
tangular slits. 

In Figure 15 is shown a distant source of radiation 



Figure 15. Interference of waves at an edge. 

and a diffracting edge. The illuminated edge is 
considered to send out secondary cylindrical wavelets 
which interfere with the plane waves which are not 
shielded by the edge. The dotted and solid lines are 
spaced a half wavelength apart. In the unshaded 
region the intersection of two dotted or two solid 
lines indicates reinforcement and the intersection of 
a dotted and a solid line indicates cancellation. 
The loci of maxima and minima are parabolas 
along which the relative intensities are practically 
constant. In the shadow region, where only the 
wavelets from the edge are propagated, the relative 



FminuD 16. Fresnel sense In tlwriisdow legion. 



Figure 17. Fresnel sones on the shadow line. 

intensity falls off continuously as the angle of 
diffraction is increased, since the angle $ (see Figure 
10) approaches 90®. 

In Figure 16 is shown the zone system obtained 
because of a diffracting edge with the source of 
radiation at a distance behind the paper and with 
the edge viewed from a screen on which diffraction 
fringes are formed. The observer is within the 
shadow region a distance 5c, and the zone system 
is largely obscured as indicated by the dotted lines. 
The radiation received at c comes from the exposed 
zones, and its intensity is equal to a series of the 
form mi — m* + W| • • • , etc., where mi is the 
electric intensity due to the exposed portion of the 
first uncovered zone, etc. The sum of thb series is 
a fraction of mi since the outer zones tend to cancel 
As c is moved to the right, that is, further into the 
shadow, mi will decrease very rapidly without passing 
through maxima and minima. 

In Figure 17 the observer is at the geometrical 
edge of the shadow. Only one-half of the wave is 



Fiauma 13. Frssnsl sones in the Ulumiaated region. 
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effective and the electric intensity is reduced to 
one^half) considering the unobstructed wave as unity. 
Outside the edge, Figure 18, at a distance a5 the 
electric intensity is that due to the half of the 
wave, plus such portions of the sones between a and 
b that are uncovered. If an even number of sones is 
uncovered there is approximately a minimum of 
radiation received at the line a, that is, the half 
wave plus the effect of the two zones, H - mt, 
for the case shown. If a were moved to the right so 
that slightly less than one zone were uncovered there 
would be a maximum, H + mi, in which case nti is 
greater than one-half owing to the partial screening 
of the other sones, which, if allowed to operate, 
would reduce the effect due to the ‘right-hand half 
of the central zone. For this reason the fringes 
formed outside the shadow may exceed the electric 
intensity of the unobstructed wave. As a is moved 
to the left, more zones are uncovered, and the 
m axi m a and minima are spaced approximately 
according to the radii of the zones; that is, the 
distances are proportional to the square roots of 
1, 2, 3, etc. 

Fresnel Integrals 

The preceding discussion is approximate and 
provides a qualitative picture of diffnaction phenom- 
ena. The problem will now be formulated quanti- 
tatively by the method of Fresnel. Since the applica- 
tions in view all have to do with diffraction by 
straight edges, slits, etc., the theoretical approach 
will be limited to diffraction of cylindrical waves by 
long edges parallel to the axis of the cylinder. The 
diffraction images of the source will then be bright 
bands also parallel to this axis, and the whole prob- 
lem may be reduced to the consideration of rays in 
a {dane perpendicular to the axis. The fact that in 
the applications to be discussed later the illumina- 
tion is due to a point source rather than a line source 
is probably of little importance provided the distance 
from the source to the diffracting edge is sufficiently 
large. 

In Figure 19 is shown a cylindrical wavefront AB 
with its axis at the line source S' (say an illuminated 
narrow slit). The secondary wavelets from the 
various line elements ds of the wavefront arrive at 
P with different phases, having traveled different 
distances MP, It is deirired to find the resultant 
fidd strength MP due to wavelets from any given 
finite part of the front. 

Let the eleotric field strength at a point in the 
wavefront be given by the exoression 

« ffo sin 2iift , (17) 

where t is the time, / the frequeni^, and ffo the’ 
amplitude of . The phase has been adjusted so as 
to make ff 0 when t m o. 
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Figure 19. Effect at point P of wavefront AB, 


Consider next the secondary wavelets spreading 
from the front in the direction of P, The field 
intensity at P due to the secondary wavelet emanat- 
ing from the line element da at the point M (see 
Figure 19) is proportional to daEo and is inversely 
proportional to the square root of the distance 
MP « d (since this is a cylindrical wave). Further, 
the field intensity must show a phase retardation 
corresponding to the distance d, that is 2ird/X. Hence 
the field strength of the wavelet at P is given by 
an expression of the form 

dE - JfeiBo ds sin ^ (18) 

where k is a factor of proportionality which depends 
to some degree on the an^e MPM^ and the distance 
d, but which will be considered constant here, as the 
dependence of the phase on d is of much greater 
importance. To obtain the intensity due to wavelets 
emanating from a finite part of the front, equation 
(18) must be integrated over the corresponding 
region of a. For this purpose we need a relation 
between d and a. This is obtained by applying the 
cosine law to the triangle MSP^ which gives at once 


d* = (a 4- h)* + o* — 2a (o + h) cos ~ , (19) 
or after a simple reduction, using the identity 


1-2 sin* ; 


d* « 6* 4- 4o (o 4- h) sin* ^ . (20) 

For the present purpose it is sufficient to consider 
the case when angle a/a is so small that powers of 
a/a above the square may be neglected in comparison 
with unity. This means that 

d ■» -^6* 4* 4a (a + h) sin* ^ ^ 

+ + + ( 21 ) 


or again, on writing 
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the phase lag 2wd/\ assumes the form 
2rd 2wh . w . 

— - — + r • 


(23) 




Using equations (22) and (23), expanding the sine 
expression of equation (18), it follows that 

4“*” (i "*) • - 1 ) 

• COB 2r(ft — 



5 )]*. (24) 


This expression may now be integrated over a 
certain region of the wavefront, say from t; = do to 
» « v, corresponding to s = So to s * «, giving the 
following expression for' the electric field strength 
at P: 





liquation (25) may be brought into a more con- 
venient form by writing 


and 


tan $ 


g(v,vo) 

/(».»o) ’ 


R = vy’(»,»o) + ff’(»,tio) 


(28) 

( 29 ) 


It then follows that equation (26) assumes the form 


Table 1. Fresnel integrals. 


V 

C 

S 

V 

C 

S 

0.00 

0.0000 

0.0000 

2.50 

0.4574 

0.6192 

O.IO 

0.0990 

0.0006 

2.60 

0.3889 

0.5500 

0.20 

0.1999 

0.0042 

2.70 

0.8926 

0.4529 

0.00 

0.2994 

0.0141 

2.80 

0.4675 

0.3915 

0.40 

0.3975 

0.0834 

2.90 

0.5624 

0.4102 

0.50 

0.4923 

0.0647 

3.00 

0.6057 

0.4963 

0.60 

0.6811 

0.1105 

3.10 

0.5616 

0.5818 

0.70 

0.6597 

0.1721 

3.20 

0.4663 

0.5933 

0.00 

0.7230 

0.2493 

3.30 

0.4057 

0.5193 

0.90 

0.7648 

0.3898 

3.40 

0.4385 

0.4297 

LOO 

0.7799 

0.4883 

3.50 

0.5326 

0.4153 

1.10 

0.7648 

0.5865 

3.60 

0.5880 

0.4923 

1.20 

0.7154 

0.6234 

8.70 

0.5419 

0.5750 

1.30 

0.6886 

0.6863 

3.80 

0.4481 

0.5656 

1.40 

0.5481 

0.7185 

3.90 

0.4223 

0.4752 

1.50 

0.4458 

0.6975 

4.00 

0.4984 

0.4205 

1.60 

0.8655 

0.6889 

4.10 

0.5737 

0.4758 

1.70 

0.8288 

0.5492 

4.20 

0.5417 

0.5682 

1.00 

0.8887 

0.4509 

4.30 

0.4494 

0.5540 

1.90 

0.8945 

0.8784 

4.40 

0.4888 

0.4628 

2.00 

0.4888 

0.8484 

4.50 

0.5258 

0.4342 

2.10 

0.5614 

0.8748 

4.60 

0.5672 

0.5162 

120 

0.6862 

0.4556 

4.70 

0.4914 

0.5669 

180 

0.6268 

0.5581 

4.80 

0.4388 

0.4968 

140 

0.5550 

0.6197 

4.90 

0.5p02 

0.4351 


For tabulation purposes the quantities /(i;,t;o) and 
g(VfVo) are replaced by the Fresnel integrals, defined 


by: 





C(v) ^ ^ 

[coa(^vjdt> 

(31) 

and 






1 Bin (ivAdv 

(32) 


Evidently 

f{v,Vo) C(v) - C(vo) , (33) 

and 

g(v,Vo) = S(v) - S(vo) . (34) 

In the sequel the arguments will be omitted wherever 
it can be done without causing misunderstandings, 
and the above symbols will be written simply as /, 
g, C, and S. 


The Cornu Spiral 

In Figure 20 the two Fresnel integrals are plotted 
against each other, S being the ordinate and C the 
abscissa, for different values of v. The resulting curve 
is known as Cornu’s spiral. The upper positive branch 
(C and S positive) corresponds to points on the 
wavefront above the line. S'P in Figure 19, and the 
lower or negative branch corresponds to the wave- 
front below the line 5T. 

By their definition / and g signify the coordinate 
differences between any two given points on the 
Cornu spiral, and it follows that R, as defined by 
equation (29), represents the corresponding distance 
between these points. 

Differentiating equations (31) and (32) for C and 
Sf squaring and adding, it follows that 

{dCy + {dSy - (dv )^ , ( 35 ) 

so that dv is the line element of the spiral, and v 
measures length along the curve from the origin. 

In order to see more in detail how the Cornu 
spiral is built up of contributions from different 
zones we may suppose the half-wave zones on the 
wavefront to be divided into equal areas and the 
contributions of these areas to the field strength 
vectorially combined to obtain the resultant effect 
as in Figure 22. Then as smaller areas are used and 
more zones are summed up the vector diagram 
becomes in the limit the Cornu spiral. This is shown 
in greater detail in Figures 21 and 22. Here the first 
half-period zone of Figure 21 is divided into nine 
parts and the resultant is AB (Figure 22). The 
second half-period gives a resultant BC, The sum 
' of the first two half-periods is AC, The sum of all 
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half-periodB is AZy which is thus the resultant effect 
at P of the upper half of the wavefront. A similar 
result is obtained for the lower half. 

It may be remarked that the superiority of the 
dimensionless variable v over s shows itself in the 
fact (hat one Cornu spiral suffices for all situations 
of the diffracting edge, while the use of s would have 
necessitated the construction of a special spiral for 
each specific set of values, a, &, and A. In Figure 20 
the values t; » 1 and v 2 are marked and corres- 
pond to path differences A *» X/4 and A » X, 
respectively. 

Equation (30) shows that the electric field strength 
in the diffraction region which is due to a certain 
section of the wavefront is proportional to the 
corresponding value of R. Hence, it follows that the 
power per unit area is proportional to E*. Let W 
denote peak power per tmit area at the point P for 
a certain arbitrary value of R, Then 

W ^ K • R^y (36) 

where X is a certain constant. When the whole wave 
is acting, the integration limits extend from v 
— « to a • + that is, along the full length of 
the Cornu spiral. The coordinate difference between 
the foci of the spiral being (1,1) (see Jigure 20) it 
follows that their distance m R^ \/2, so that the 
corresponding peak power per unit area Wo is, by 
equatiofi (36). W, ^ 2K whidi defines K as HW#. 


Hence it follows that equation (36) may also be 
written as 

(37) 

Straight Edge Diffiraction 

Using Cornu’s spiral the diffraction pattern due to 
a straight edge may be obtained. In Figure 23 is 
shown a diffracting edge at Afo. At P the upper 
half of the wave is effective, and on Figure 22 the 
amplitude is AZ of length l/y/2. The square of this 
is one-half, which by eqiiation (37) is multiplied by 
% to gfii % for the power intensity at the edge of 
the shadow. The electric field intensity is K# 
Consider next a point such as P' at a distance x 
above P (see Figure 23). To be specific, the point 
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Figure 23. Diffraction at shadow line. 

amplitude vector moves to the left along the spiral 
while its head is fixed at Z. 

The amplitude goes through a maximum at 6', a 


Figure 22. Vector sum of subzone contributions. 

P' is chosen in the direction of SMx of Figure 23, 
where Mi is the upper edge of the first half-wave- 
length zone. The illumination at the point P* is, 
firstly, due to all wavelets emanating from the half 
wavefront above P*S. In addition, there is the 
contribution from the lower half of the wavefront 
extending from Mi to Mo. The situation is, in fact, 
the same as if P' were brought down to P and the 
diffracting edge were lowered from Mo to M\ (see 
Figure 24). The resultant amplitude R is represented 
on Figure 25 by ZB. Starting at the point P at the 
edge of the shadow (Figure 23) where the amplitude 
IS AZf if the point is moved upward, the tail of the 





p' 

X 


p 


Figure 26. Method of using the Cornu spiral. 
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minimum at etc., approaching a value ZZ* for 
the unobstructed wave. Moving in the other direc- 
tion, into the shadow, the vector moves to the right 
from At decreasing steadily to zero. 

The power intensity versus. is plotted in Figure 
26, and the points B, C, Dt etc., corresponding to 
those in Figure 25 represent the exposure of 1, 2, 3, 
etc., half-period zones below Mo- The maxima and 
minima occur a little before these points are reached. 
This curve may be plotted from the' table of Fresnel 
integrals with the equations 

/ « 0.5 -f C , 

0,5 + St (38) 

**= l(p + ff‘) , 

where z* is the relative power intensity compared to 
the unobstructed wave. The relative electric inten- 

( 3 .) 



FiaoRE 26. Relative power intensity-straight edge 
diffraction. 


Equation (39) is plotted in Figure 27. The portion 
of the curve for -t; has been drawn to the right and 
is to be used with the right-hand ordinate. 



Fiourb 27. Relative electric intensity— straight edge 
diffraction. 


The phase lag [ due to diffraction may be deter- 
mined from the angular position of the vector R in 
Figure 25. In the illuminated region the phase lag 
oBGillateB about the reference value, Z^Z, and is 
given by 

At the shadow line the relative value is the same as 
Z'Z. In the shadow region the phase lag varies 
continuoudy along a parabolic curve and is given by 



Fiourb 28. Ph» lag— straight edge diffraction. 


The phase lag relative to that of the shadow line 
is plotted in Figure 28. The portion of the curve 
for is drawn to the right, and its ordinate, on 
the right, has a different scale from that used with 
the +v portion of the curve. 


Location of Maxima and Minima 

When the source is close to the diffracting edge, 
the positions of the maxima and minima in the 
illuminated region may be determined by the follow- 
ing analysis. The effect of the wave RM (Figure 29) 
at P' may be considered to be due to the upper half 
of the wave (above jB), which is unaffected by the 
edge, and the lower half of the wave (below P), 
which is partly shielded by the edge. If RM contains 
an even number of half-period elements the intensity 
at P' is a minimum. If the number of half-period 
elements is odd the intensity is a maximum. That is 

MF' - RP' = ^ , (40) 

where n is an integer with values 1, 3, 6, etc., for 
maxima and 2, 4, 6, etc., for minima. The difference 
JIfP' — RP' is a constant, and the locus of the 
point P' is a hyperbola having M and S for loci. 
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That 18 , 

SP' - MP' ^ SR - (MP' - RF), (41) 
and SR is constant; therefore, the difference of the 
distances of P* from the fixed points S and M is 
constant. P' describes a hyperbola, but its curva- 
ture is so small that it almost coincides with its 
asymptotes. 

The distance a; to a maximum or minimum may 
be computed as follows 

S'” - (» + « [‘ + STtrJ ■ 

Since x is small compared to a -f 6 


The Rectangular Slit 

A problem similar to the straight edge is the 
rectangular slit (see Figure 30). Cornu's spiral will 
be used to determine the field intensity along the 
plane PP'. With the slit in the central position, the 
only radiation at the plane is due to the wavefront 
in the interval As * MN. Equation (31) is used to 
determine what length Av corresponds to As. The 
resultant field strength at P is given by the chord 
of the spiral which has a length At>. Since the point 
of observation P is centrally located, this chord will 
be centered on the spiral. Thus, if As « 0.5 the 
chord (see Figure 20) will extend from approximately 



f^QVHsi 31. The Comu tpirai sillied to obsteoles and slits. 


SP' « a H- 5 + 


\(a -|- b) 


MP' « 6 + 


Therefore from equations (40) and (41) : 

hence 

. - , ,«) 

where n is odd for maxima and even for minima. 



Fiourf. 30. Rectangular slit. 
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C » -0,26 to C « 4-0.25. The resultant R S 0.6 
substituted in equation (37) gives a power intensity 
of % relative to the unobstructed wave and a field 
strength of 0.363. 

The field intensity at P' is due to the same length 
A& but taken over a different portion of the spiral. 
For this purpose^ it is desired to use distances along 
the plane PP', x, instead of « (Figure 30). 

o 4“ 6 (o 4“ 6) 

2« • 

Thus the portion of the spiral nO in Figure 31 from 
i; « 0.9 to » * 1.4 has an average value of t; = 1.15 
which multiplied by the radical term of equation (44) 
gives X. The chord connecting these points is 0.43, 
and the relative power intensity is 0.092. This same 
result may be computed from the table of Fresnel 
integrals by obtaining the values of AC and AS for 
V » 0.9 and v » 1.4. The sum of the squares of AC 
and AjS is P*. Typical patterns for slits of several 
widths are shown in Figure 32. It wi)l be noted that 
there is little radiation outside the slit. 

Diffraction by a Narrow Obstacle 

The effect of a narrow object with parallel sides 
may be determined with the Cornu spiral. In the 
case of the slit only a fixed length slid along the 
spiral is effective, the remainder being shielded by 
the edges of the slit. With an obstacle, however, a 
fixed length slid along the spiral represents the 
ineffective portion. If the obstacle is of such size 
that it covers an interval Av » 0.5 on the spiral. 
Figure 31, the segment As may be located as JK, 
The radiation at the point considered will be due 
to the two parts of the spiral Z' to J and if to Z. 
The resultant amplitude is obtained by adding the 
two vectors Z'J and KZ, The sum is R for a point 


JU 


-5 0 -fS 

•i 0 ta 



• 4 0 +4 

-3 0 ^3 

Av«l*9 

Av««.a 



•*3 0 

av»it 

•3 0 43 


«« -» 0 


Fjourib i2. Diffraction patterns of slits. 
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-5 
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Figure 33. Diffraction of narrow obstacles. 


midway between J and K, The head of the vector 
is always in the direction Z along the spiral. Typical 
patterns for narrow obstacles are shown in Figure 33. 


Multiple Slits and Obstacles 

Slits or obstacles with parallel sides may be treated 
by means of the Cornu spiral and the resultant sum 
of the vectors obtained. Thus, with two slits of a 
width such that Av — 0.5 and spaced so that Av ^ 0.5 
may be located on the spiral as /if and Im in 
Figure 31. The total R is the vector sum of R and 
P". The field strength pattern is then obtained by 
sliding the two lengths along the spiral holding their 
spacing fixed. 

In similar fashion two narrow obstacles would 
cause two absent sections such as JK and Im and 
three open sections Z'J, Kl, and mZ. The three 
vectors, obtained by joining these three latter pairs 
of points, are combined to give the resultant ampli- 
tude P. 


Limitations of Fresnel’s Theory 

Neither Huyghens' principle nor Fresnel's theory, 
on which the above treatment is based, is rigorous, 
and their limitations must be kept in mind when 
making applications to radio and radar problems. 

In the development of the theory no mention was 
made of the effect of the shape and composition of 
the edge. Actually within a region of about one 
wavelength around the edge the wavefront is 
affected by the presence of the edge. In Figure 34 
the region of the edge disturbance is DE, and first 
half period of the wave front is DP. The first half 
turn of the Cornu spiral is due to DF, The position 
of F depends on the point considered. When DP is 
an appreciable part of DP, the simple Fresnel theory 
should not be depended upon. This occurs when the 
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Fiuurib 34. Edge effects. 

field point is at Q, lying at a large angle of diffraction, 
or at Rf close to the edge. 

Near the diffracting edge, a certain amount of re- 
flection occurs, especially near R. This reflection is 
divergent and decreases rapidly in intensity as one 
recedes from the edge. When the edge is blunt or 
has a large radius of curvature, the amount reflected 
is increased and the field is affected over a greater 
distance. Since the angle is near grazing, the nature 
of the reflecting surface is not important. If FresnePs 
theory is applied to spheres and cylinders, the results 
may be only approximate. 

When the edge and the electric vector are parallel, 
the theory gives good results. When the electric vec- 
tor is perpendicular to the edge, the field strength in 
the shadow region may be several times larger than 
that obtained with the electric vector parallel, and 
the theory should then be used only for small angles 
of diffraction. 

Other discrepancies are due to ignoring the ob- 
liquity factor and the effect of the inclination of the 
wavelets with respect to each other, The theory does 
not give the correct phase angle for the diffracted 
wave. 

The same objections may be raised for apertures 
and obstacles whose dimensions are of the order of 
a wavelength. 

It should be noted that 

1 . FresneVa theory is valid when the wavelength is 
small compared to the dimensions of the diffracting 
object (as in optics). 

2. FresneVs theory should not be used: 

a. For large angles of diffraction. 

b. Close to the diffracting edge. 

c. For apertures or obstacles of the order of a 
wavelength. 

d. When the diffracting edge is not parallel to 
the direction of polarization of the wave. 

In spite of these shortcomings the theory is useful 
because it provides simple solutions for the majority 
of the diffraction problems encountered in the field, 
and) considermg the difficult nature of the general 
problem, it is still the most manageable treatment 
that has been developed. 


PERMANENT ECHOES 
Introduction 

Permanent echoes are due to reflection from terrain 
features such as mountains, islands, or even smooth 
surfaces near the antenna (ground clutter). Nearby 
hills and surfaces produce strong echoes which 
obscure the indicator and widen the main pulse so 
that the minimum range of detection is increeised. 
More important are the distant hills, especially those 
in the operating sector which obscure areas of tactical 
importance. Permanent echoes are a prime considera- 
tion in siting, as many otherwise excellent sites are 
rendered worthless by excessive fixed echoes. A care- 
ful analysis of the terrain will enable an approximate 
prediction of such echoes. In this section is presented 
a systematic method of preparing* permanent echo 
predictions so that the suitability of sites may be 
determined withoiU actual field tests. 

Several factors combine to make permanent echoes 
more troublesome than might be expected on first 
thought. 

1. Hills and land surfaces are so much greater in 
extent than the target which the equipment is 
designed to detect, that strong echoes may be 
obtained from distances where an ordinary target 
would give an echo far below normal detection levels. 

2. The low elevation of the land surfaces places 
them in regions most subject to nonstandard propa- 
gation effects where extreme ranges and large 
responses are frequently obtained. 

3. Side lobes of the horizontal pattern of the 
antenna cause permanent echoes to appear at several 
other azimuths in addition to that of the main lobe. 
Although the signal intensity of the side lobes is 
much reduced, the echoes may still be strong enough 
to obscure targets. 

4. Strong permanent echoes causing considerable 
trouble may be obtained from distant mountains in 
the rear as a result of back radiation. Again, the 
weakness of the radiation and distance of the moun- 
tains are often compensated for by the large extent 
of the reflecting surface. 

5. Antennas with wide beams cause permanent 
echoes to be much wider than the object that 
produces them. 

6. Diffraction over intervening ridges is often 
sufficient to nullify their screening action so that 
objects behind the ridge are visible. 


Permanent Echo Diagrams 

The permanent echoes associated with a radar 
station may be plotted on a chart and their extent, 
location, and strength represented. Permanent echo 
diagrams should be prepared for each unit of a radar 
system using a standard procedure for the taking 
and presentation of data. These diagrams are very 
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useful for: 

1. Indicating blind areas in a station’s coverage. 

2. Assigning the operating area of a station. 

3. Checking the range and azimuth accuracy. 

4. Checking the transmitter output and receiver 
sensitivity. 

5. Estimating nonstandard propagation. 

6. Planning test flights. 

While methods used in different theaters vary as 
to detail, the typical permanent echo diagram is 
prepared about as follows. The equipment should 
be in normal operating condition : that is, the trans- 
mitter output and receiver sensitivity should be as 
recommended by the instruction manual; the range 
and azimuth calibrations should be accurate; and 
the weather conditions that affect propagation should 
be average. The receiver gain should be set to some 
standard level, usually maximum, or to some definite 
noise height. The value of the data taken will depend 
to a considerable extent on the skill and judgment 


of the operator. The station would normally be taken 
out of operation for about an hour while data are 
taken, although it is possible to take observations 
during normal scanning by stopping momentarily. 
Where antenna switching is provided, the low-angle, 
long-distance beam should receive the most atten- 
tion although the other combinations should be 
checked also. 

If the beam is highly directive and can be changed 
in elevation, a low angle such as would be used for 
distant search should be used for recording perma- 
nent echoes. In some situations several elevations 
should be used. On plan position indicator [PPI] 
scopes it may be more convenient to photograph the 
screen if proper equipment is available. Care should 
be taken not to confuse storm and fog echoes with 
permanent echoes on microwave sets. 

A more detailed procedure is required where A- 
scope presentation is used. After the initial adjust- 
ments have been made the next step is to decide on 
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the intervals in asimuth at which readings are to 
be made. The definition of the echoes will depend 
in part upon the beam width so that the narrow 
beam radars should be checked at closer azimuth 
intervals. Readings may be taken at intervals of 10® 
or 5® or even less depending upon the detail desired; 
in general an interval of about a fourth of the beam 
angle is sufficient. Permanent echo readings should 
be taken through 360® regardless of the sweep sector 
used, so that back and side echoes may be investi- 
gated also. 

At each azimuth the range of all permanent echoes 
is recorded from zero out to the extreme range. The 
width of the main pulse and local ground echoes 
should be noted as well. Echoes one mile or less in 
width are recorded by a single reading at the center 
of the echo. Wider echoes are recorded by two read- 
ings, one at the left of the echo where the trace leaves 
the baseline and a second at the right where the 
trace returns. Adjacent echoes less than 1 mile apart 
are recorded as a single echo. Where the separation 
is greater, care should be taken noi to lump echoes 
together. 

For most purposes variations in amplitude may 
be disregarded. Amplitude is, "however, sometimes 
recorded for a few azimuths of special interest such 
as those used for test flights or in tactically important 
regions. 

To plot the data an overlay of a regional aero- 
nautical map or other chart with a scale of 1 to 
1,000,000 may be made showing some of the signif- 
icant features as coastlines, islands, and cities. On 
this should be drawn radial azimuth lines every 10 
degrees and range circles every 10 miles. The data 
are then marked on the chart as short lines, and 
these lines are connected as indicated by inspection. 
The enclosed areas may then be shaded lightly. If 
it is desired to represent amplitudes, a few equal 
amplitude contours may be shown within an echo 
area. More detail may be shown by plotting ampli- 
tude versus range on a rectangular graph for each 
azimuth. 

The completed permanent echo diagram should 
be compared with a to[K)graphical map to check the 
degree of shielding obtained and the range and 
azimuth accuracy of the equipment and back and 
side lobe radiation effects. Care must be exercised 
in identifying the cause of an echo, as distant echoes 
may come in on the second or third sweep on the 
scope after the main pulse. 

In Figure 36 is shown a peimanent echo diagram 
which was selected for purposes of illustration rather 
than as an example of a good site. A few miles from 
the coast is an extensive range of mountains which 
are poorly shielded to the north. The large echo at 
200® is due to a mountainous island 260 miles away. 

Use of Permanent Echoes in Testing 

Permanent echoes are useful for tuning the equip- 


ment, estimating the output and sensitivity, and 
checking the range and azimuth accuracy. While 
such observations may be used as an overall test 
of performance, care should be used in selecting the 
test echo and in interpreting the indications. 

Careful tests have shown that, even though 
equipment performance is closely controlled, the 
strength of permanent echoes varies over a consider- 
able range. It is noted further that indications from 
aircraft also vary, but there is little correlation with 
the changes in permanent echoes. Other tests show 
that, as the performance of the set is reduced, the 
maximum range for small targets is reduced at a 
much faster rate than for large targets. Thus a 
reduction of receiver sensitivity may cause weak 
echoes to disappear ^entirely without a noticeable 
effect on strong permanent echoes. 

Permanent echoes vary for the following reasons: 

1. Atmospheric changes affect both the direct and 
reflected rays. This may be due to a change in the 
amount of refraction from standard or in the degree 
of trapping. Under some conditions marked absorp- 
tion may occur. The changes may occur slowly or 
fluctuate erratically, being most marked in connec- 
tion with microwaves. 

2. If the reflecting surface is the ocean, variation 
of the reflected ray may occur if the tide changes 
or the roughness of the surface becomes excessive. 

3. Frequency variations will affect the echo from 
complex reflectors such as rugged terrain. Peaks 
which are separated in distance such that the returns 
from a single pulse overlap are said to be frequency 
sensitive. In the overlap portion the echo strength 
will depend upon the relative phase of the two 
returns. Thus if the pulse width is 10 ^sec the wave 
train will be about 2 miles long. If there are peaks 
at 10 miles and 10^ miles their echoes will appear 
as follows on an A scope: 

10 to 10}/^ miles near peak echo only 

10^ to 12 miles combined echo of both peaks 

12 to 12}4 far peak echo only 

The combined portion of the echo may have a height 
from zero to twice that of the individual echoes and 
usually fluctuates rapidly as the frequency drifts. A 
change of a half wavelength in the separation of the 
peaks will change the combined echo from maximum 
to minimum. This means that a frequency stability 
of the order of one paH in a million is required for 
a steady combined echo. 

Permanent echoes used for testing should therefore 
be (1) nearby but distinct from ground clutter and 
other echoes, (2) separated from the transmitter by 
rough nonreflecting land, (3) a single distinct target 
such as a steel tower, (4) weak in response, that is, 
comparable to that of a distant aircraft. 

The range of echoes which come in on the second 
or third pulse may be estimated by adding one or 
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two times the length of the range scale to the 
observed range plus an allowance for the return 
trace time^ usually several miles. To determine by 
test which sweep an echo is associated with, the 
pulse repetition rate should be changed, and the 
shift in range of the echo observed. Thus if the range 
scale is 200 miles long and the pulse rate is reduced 
10 per cent, then a target at 250 miles which had 
been appearing at 48 miles would shift to an indi- 
cated range of 23 miles and could thus be distin- 
guished from a 48-mile target that would shift to 
43.2 miles. 

Frequency-sensitive permanent echoes are not 
suitable for checking range accuracy. The frequency 
changes from maximum to minimum return are 
usually too small to be detected on a frequency 
meter, so that frequency-sensitive echoes are recog- 
nized chiefly by their unsteady appearance. 

Azimuths may be determined to best accuracy 
by **beam splitting.’’ This consists in turning the 
antenna slightly to one side of the maximiim until 
the signal decreases to a predetermined level. The 
antenna is then turned past the maximum until the 
same level is reached and the two azimuths are 
averaged. When checking azimuth accuracy the 
possibility of horizontal diffraction due to a nearby 
hill should be considered. 

Shielding 

The principal device for control of fixed echoes is 
shielding. This means that the antenna is to be sited 
in such a way that distant hills are screened by a 
local obstruction. A local echo at say 3 miles, is 
combined with the main pulse or ground return, 
and the distant echo is weakened or eliminated 
entirely. In operating regions the loss of coverage 
may be more serious than the permanent echo, so 
shielding should be used with caution. 

Rear areas which are not scanned should be well 
shielded so that back and side echoes do not interfere 
with targets in important tactical regions. Operation 
over such shielded sectors would be limited to high 
targets. 

Construction of artificial shields made of poultry 
netting has been suggested in some cases, where the 
back radiation and side lobes were relatively strong. 
The very large size of such structures ordinarily 
renders them impractical. Most of the antennas 
using parabolas luive a small back radiation, and 
permanent echo problems are much simpler. 

In special cases it may be desirable to eliminate 
a particular echo from some obstacle without using 
shielding. This may be done by constructing a target 
of sheet metal on the side of the obstacle, spaced so 
that the target echo and obstacle echo are about 
' 180^ out of phase. This requires accurate alignment 
of the target (so that it is normal to the radiation to 
within 5® or less) and close contrdi of the frequency. 


It is also necessary that the area be adjusted so that 
the response of the target and obstacle are equal. 

Prediction of Permanent Echoes 

Permanent echoes may be determined by several 
methods: 

1. Tests with the radar at the site. 

2. Profile method. 

3. Radar planning device [RPD]. 

4. Supersonic method. 

The feasibility of moving the radar to the site to 
determine the permanent echoes is dependent on 
portability, accessibility, etc. Echoes obtained with 
one type of equipment may be very different from 
those from another type of radar with different 
directivity, frequency, and range. 

The profile method, which will be described in 
detail below, involves a study of topographical maps 
and plotting the echoes according to their visibility 
and the amount of diffraction. A fairly difficult site 
may be handled in periiaps 8 man-hours. This method 
is adapted to long-range, low-frequency radars where 
diffraction and side and back lobe radiation are 
important. On microwave equipment fixed echo 
prediction is simpler and the profile method may be 
worked out in a few hours. 

The RPD technique requires construction of a 
relief model of the terrain considered. A small light 
source is used to simulate the radar and the echoes 
are plotted as a result of a study of thfe areas illu- 
minated. This method is adapted for short ranges 
and microwaves where the diffraction and side and 
back lobe radiation are small. Construction of a 
fairly difficult model may take a crew of men several 
days to a week, as a model should be accurate. 
Once completed, all possible sites or aspects from a 
plane or ship may be readily examined. Models of 
enemy areas may be used to predict the coverage 
of possible enemy sites, and evasive action may be 
planned. The RPD is well suited for training and 
briefing of air personnel. Kits are provided contain- 
ing the light source, supports, etc. Darkroom facilities 
are required, and special processing of films is used 
to secure more realistic pictures. 

The supersonic method requires a model made of 
sand, glass beads, etc., to be used under water. Such 
models are much easier to construct than the RPD 
type. Supersonic gear is used to send out pulses 
which are reflected like radar pulses and the echo 
is picked up and presented on a PPI scope. Photos 
may be taken of the scope picture, and the method 
may also be used for training and briefing. Special 
equipment is required, but the models may be made 
easily and the presentation is obtained direct on the 
PPI scope without further processing. This method 
is well adapted for training, as fli^t, changes in 
altitude, etc., may be simulat^ readily by movement 
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of the sonar head. 

In general the profile method should be used on 
long waves or on microwaves where only a few sites 
are being considered. It is well adapted for the 
estimation of nonstandard atmospheric effects. For 
air- or ship-borne radar the RPD or supersonic 
methods are convenient because of the large number 
of aspects involved. It may be noted that the latter 
two methods should not be considered more exact 
than the profile method, as the principle of similitude 
does not apply unless all elements including the 
wavelength are changed in proportion. The principal 
difficulty is to secure a source which has the same 
radiation characteristics as the antenna system. 

Prediction by Profile Method 

The profile method will be described in detail. The 
discussion will refer chiefly to VHF radars in a 
mountainous terrain, but the methods have general 
application. The principal requirements are topo- 
graphic maps of the surrounding area with a scale 
of 1 or 2 miles to the inch and a contour interval 
of 20 ft, although intervals up to 100 ft may be 
used. Maps with a scale of about 20 miles to the 
inch are needed for checking distant echoes. Regional 
aeronautical maps, with a scale of about 1 inch to 
16 miles and 1,000-ft contours, are suitable as the 
height of prominent peaks is indicated. 

From the maps, profiles are prepared for various 
azimuths about the radar station. The first mile or 
so should be plotted accurately, and at greater 
distances the critical points such as hills and breaks 
should receive the most attention. A convenient 
scale is 2 miles to the inch for range and 500 ft to 
the inch for elevation. The distances to which the 
profile should be plotted is a matter of judgment, 
but it shoidd be extended to perhaps 20 miles, or 
further if there is doubt. 

On each profile is drawn the tangent line from the 
center of the antenna to the point on the profile 
which determines the shielding, as in Figure 36. 



This is the line-of-sight curve; it is drawn for each 
azimuth, and the vertical angle v is marked on the 
profile. If the angle is below the horisontal it is 
negative, and caution must be used on high sites 
not to exceed the limiting shielding angle of the 
radar horizon. This is given by the expression 


y - -0.0108 VWi , (45) 

where y is the angle ‘between the effective horizon 
and the horizontal at the antenna in degrees and hi 
is the height of the center of the antenna in feet. 

The line of sight is actually curved, as explained 
in the section on visibility problems, but for ranges 
up to 10 miles the error in using a straight line is 
small. For longer distances the dip QX as computed 
from equation (5) should be considered. More con- 
venient for this purpose are the curves of the line 
of sight for various angles which are calculated from 
Figure 37. Standard refraction is taken into account 
by use of ^ a instead of a for the earth's radius, 

I o - 1.33 X 3,960 - 5,280 , 

*= 6,280d tan T + ^ » 

with hi and hi in feet and d in miles. Above 10®, or 
where the shielding is distant, equation (8) should 
be used. 



Fiourb 37. Line-of-sight geometry. 


These curves are plotted in Figures 38 and 39, and 
their use is illustrated in Figure 36. The center of 
the antenna is at 200-ft elevation, and the height 
of the shielding ridge 4 miles away is 400 ft. For a 
200-ft rise in 4 miles the angle is found from Figure 
38 to be 0.5 degree. This curve can then be used to 
determine the height of the shielded region at other 
ranges. Thus the range at which the shielded region 
is 4,000 ft high for the case considered is found from 
Figure 39 by using A* — Ai =* 4,000 — 200 » 3,800 
ft for height and the )4^egree curve, giving 53 miles. 

It is desirable to be able to estimate diffraction 
effects in a simple fashion suited to the approximate 
nature of this kind of work. As shown in Section 
15.4.8 the field intensity varies in a rather compli- 
cated manner with the diffracting angle and the 
distance of the shield dy [Figure 7 and equation (10) ]. 
In Figure 40 is plotted the relative field intensity 
compared to that obtained without a shield for 
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Figure 38. Line-of-aight curves. 

shields at several distances. This graph is intended 
for 200 me but may be used on other frequencies by 
changing di in proportion to the change in X. It 
enables one to make an estimate of the effectiveness 
of a shield. Thus if a shield is 1 mile away it may be 
neglected for values of 6^ in excess of +3®. Likewise 


artw oEORccs — ^ 



Figure 39. Lme-ofHsight curves. 

objects below —3® in the shadow region would give 
weak echoes in most cases. For intermediate angles 
the relative intensity may be read from the curve. 
For shields closer than 0.1 mile the methods dis* 
cussed on pages 84-86 should be employed. 
Figure 15 shows that the relative intensity of a 



Figure 40. Diffraction over a ridge. (200 me) (For other f requenciee change di in proportion to the change in wavelength.) 
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diffracted wave is virtually constant for a given 
angle when the distance from the edge is large. 
Equation (22) may then be written in the form 


V 



(47) 


where 6^ is in radians (1 radian = 57.3®) measured 
from the geometrical shadow line (Figure 7) and 
di is in the same units as X. This equation is approxi- 
mate, and the error is of the order of a/b. 

Where the shield consists of several ridges close 
together, an equivalent shield is used instead of 
successive shields. The height and distance of the 
equivalent shield is found by constructing a triangle 
between the radar and the reflecting object which 
encloses the shielding ridges. The apex of this triangle 
is then treated as though it were the diffracting 
edge. In Figure 41 H and di are the quantities to 
be used in equations (10) and (47). 

The general procedure to be followed in preparing 



Figure 41. The equivalent shield. 


a prediction* of permanent echoes will now be out- 
lined. By examining a topographical sheet the azi- 
muths are determined at which profiles should be 
prepared. This will normally be about every 10 
degrees. Where the shielding is obviously good the 
interval may be 20 degrees, but where the terrain 
is questionable such as a region of low hills the 
profiles should be taken at 5-degree intervals. The 
profiles are prepared and the angle of the line of 
sight determined as described above. 

The next step is to make an overlay of a map of 
scale 1 to 1,000,000. The principal features as coast- 
line, towns, and rivers are sketched in to aid in 
reading the completed chart. On this is drawn a 
polar coordinate system with azimuths marked every 
10 degrees and range circles every 10 miles out to 
the full range of the indicator. 

On the overlay are now drawn the coverage 
contour lines. These lines represent the limits of 
the heights of the shielded regions. Targets or 
mountains below these coverage contours will not 
be visible except by diffraction, and targets above 
the contours are in line of sight and receive direct 
radiation. For each azimuth and the corresponding 
angle of sight (Figure 36) the ranges are plotted for 
various contour heights as 1^000, 5,000, 10,000, and 
15,000 feet. Where these coverage contour lines are 
dose together the shielding is good but the coverage 
is poor; where the lines are widely separated, the ' 


shielding is weak, and toward the sea there is no 
shielding except by the horizon. 

With the coverage contour diagram superimposed 
on a map, the peaks exposed to radiation may be 
noted. The extent of the echoes due to these peaks 
depends on the horizontal radiation pattern and 
pulse width. The horizontal beam width is only a 
very rough measure of the width of an echo, and 
some other angle usually between the half-power 
points and the nulls will determine the echo width. 
The angle may be estimated by considering the range 
and size of the peak. The extension of the echo in 
range will be at least as great as the pulse width in 
miles, which as it appears on the indicator is about 

0.1 mile per /lisec. Actual echoes are usually much 
wider than this, as all of the exposed hill sends back 
an echo. 

The echoes are then sketched in, based on inspec- 
tion of the profiles. The plotter’s judgment is a very 
important factor, but the following rules may be 
used as a guide. 

1. Shade in a circle for the main pulse several 
miles wide, depending on the pulse width and local 
return. 

2. Consider each profile in turn and for each peak 
or hillside in front of the shielding plot an echo on 
the main and all sidelobes. 

3. A series of sharp hills within the shielding 
region should be plotted as a single echo rather than 
a number of echoes. 

4. The inner edge of an echo should be at the same 
range as the hill, and its extension depends on the 
slope of the hill and the pulse width, which may be 
several miles with some sets. 

5. In case of doubt plot the echo. 

6. Peaks beyond the shield may be in the diffrac- 
tion region and the relative intensity of the radiation 
at these peaks will then be obtained from Figure 40 
as described above. 

7. If the mountain is large enough to intercept 
several lobes, the interference effects may be ignored. 
The echo strength may be estimated roughly as 
proportional to the cross-sectional area of the moun- 
tain, the relative intensity of the radiation from 
Figure 40, and the inverse square of the distance. 
For side and back lobes an additional factor is 
required. 

8. The 1 to 1,000,000 scale map should be carefully 
checked to make sure that no peaks are missed in 
between the azimuth considered or at extreme ranges. 

In the above method much is left to the judgment 
of the plotter but it will be found that with experience 
a reasonably good estimate of permanent echoes may 
be made from a map. 

Example 8. Profile Method. A detailed example of 
a difficult site will be worked out, and comparison 
will be made with the actual recorded echoes. The 
site selected is that of Figure 35. The characteristics 
of the SCR-270B radar* are given in Table 2. 
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Tabub 2. Type SCIL-270B. Charaoteristics of antenna 
pattern. _______ 



Horisontal pol. 

Vertical pol. 

Half-power beam angle 

26® 

6.6® 

First null angle 

40® 

14® 

Secondary lobe angle 

46® 


Secondary null angle 

90® 


Secondary lobe angle 

6% 


Back radiation 

4% 



Other characteristics of this set are as f<$llows: 

Pulse width 30 toec «• 3 miles 

Nominal range 160 miles 

Sweep sector 185® to 290* 

Elevation: center of antenna 387 ft 

From these data may be calculated the relative 
echo strengths of mountains at various distances 
and the relative side and back echoes. A reference 


value of 1.0 is taken for the main echo from a typical 
mountain 100 miles distant, and the relative intensity 
from Figure 40 is taken equal to 1.0. It is estimated 
that all echoes whose strength compared to the 
reference value is over 0.25 will be strong enough to 
obscure targets. Thus the back echo of a mountain 
10 miles away in a diffraction region where the 
relative strength is 0.5 would bave an echo value 
of (100/10)* X 0.5 X 0.04 * 2.0 and should be 
plotted since it exceeds 0.25. 

A table may be constructed for the main, side, 
and back lobes (Af, S, B) for various distances and 
degrees of diffraction to show which echoes should 
be plotted. Table 3 is such a table, corresponding to 
a reference strength equal to 0.25. This table will 
apply only for the conditions of this example. 

In Figure 42 is shown a topographical map of the 
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Tabu 8. Prediction of pennanent echoei.* 

RelatiTB intenstties from Figure 40. 

DiBtanee 


in miles 

1.18 

1.00 

0.76 

0.60 

0.25 

0.10 

0.03 

1 

MSB 

MSB 

MSB 

MSB 

MSB 

MSB 

MSB 

10 

MSB 

MSB 

MSB 

MSB 

MSB 

MSB 

M 

20 

MSB 

MSB 

MSB 

MSB 

MSB 

M 

M 

60 

M 

M 

M 

M 

M 

M 


100 

M 

M 

M 

M 

M 



200 

M 

M 


. . 

. . 




*Thui toU* will apply only foa tha oonditioiia of Esampla 8. 


area. Contouns are drawn for the first few thousand 
feet, and prominent peaks are indicated. From topo- 
graphical sheets of a 20-ft interval and a scale of 
2 in. to the mile the profiles of Figures 43 and 44 
are obtained. From the center of the antenna to the 
^^effective^* shielding, the line of sight has been drawn 
and the angle of the line of sight noted. In some cases, 
as at 20 degrees (Figure 43) a near sharp ridge is not 
considered an effective shield because of the large 
diffraction around such obstacles. The map is 
inspected between the azimuths used and the hori- 
zontal limit of shielding of a ridge noted. Thus the 
shielding ridge on 12P degrees (Figure 44) is found 
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Fiovrb 43. Profiles for Example 8. 


to drop off at 138 degrees. From the curves of 
Figures 38 and 39 are read the ranges for ht — hi ^ 
1,000, 5,000, 10,000, and 15,000 ft for the line-of- 
sight angles at various azimuths. These points are 
plotted on Figure 42; they are connected by heavy 
dashed lines and are the coverage oontcurs. 

In Figure 45 are plotted the predicted echoes. It 
will be noted that the shielding to the east is very 
good and most of the mountains are not visible. To 
the north the numerous mountains are unshielded 
and give rise to many echoes which extend into the 
search sector to the west. The islands are inherently 
bad and cannot be shielded without drastic loss of 
coverage. In some cases, as along azimuth 345^, 
ridges which cause large echoes shield more distant 
ridges. The broken terrain in this region is taken to 
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Figure 44. Profiles for Example 8. 

give one large echo rather than a number of small 
echoes. In most cases the simple rules for plotting 
echoes may be applied directly. 

Where diffraction is involved the procedure should 
be more detailed. In Figure 43 azimuth 20^ will be 
examined to determine the visibility of the hill at 
4.65 miles. The following data are obtained from 
the profile. 

h - 387 ft; d'l - d't * 1.46 miles 
A, - 550 ft; d'i « 3.20 miles 

H 426 ft; d'l ■■ 4.66 miles 

From equation (8) : 

. ^ 4.65 X 550 - 3.20.x 387 4.65 X 3.20 

4.65 - 3.20 2 

= 917.2 ft . 


From equation (10): 




425 - 917.2 
5,280 X 4.65 


X 57.3 


-1.15®. 


From Figure 40 the intensity is found to be 15 
per cent. At the very short range of this hill a strong 
echo would be expected at this intensity, and all 
lobes would be plotted. 

At 138.5° azimuth and 160 miles is a 10,000-ft 
mountain (not shown in any figure). The data for 
this case are: 

hi - 387 ft; d'l ^ d't « 0.27 miles 

As -• 380 ft; d't » 160 miles approximately 

H "• 10,000 ft; d'l m 160 miles approximately 

160 X 380 ~ 160 X 387 . 160 X 160 

^ + 2 

= 16,950 ft. 
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10,000 - 16.950 
5,280 X 160 ^ 


-0.472° . 


From Figure 40 the relative intensity is 43 per 
cent. A main lobe echo is plotted on the second sweep 
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at 10 miles since the first sweep is only 150 miles. 

In Figure 35 is shown a large echo at 110 miles 
from 175 to 242 degrees. This is received only when 
there is trapping, and the size of this echo indicates 
the unusual weather conditions at the time the data 
were taken. This echo is due to a mountainous island 
260 miles away and about 5,000 ft high. There is 
no shielding except from the curvature of the earth. 
The relative intensity compared to the free space 
intensity computed from the formulas for the dif- 
fractive region (not given here) is 0.5 per cent: This 
echo would not ordinarily be plotted in spite of the 
large area of the mountain side. 

In correlating the predicted and actual fixed echo 
diagrams, f%ures 45 and 35 respectively, it will be 
noted that the degree of success achieved depends 
on the effort expended. Numerous small echoes were 
not predicted, but the^ are unimportant from an 
operating standpoint. ^Termanent*’ echoes vary over 
wide limits with changes in weather conditions and 


efficiency of the equipment so that only a fair 
agreement should be expected in their predictions. 

Microwave Permanent Echoes 

With microwave equipment a simple analysis of 
the terrain is generally sufficient. The beam may 
be treated virtually as a searchlight, as the back 
radiation and diffraction effects are small. Trapping 
is likely to be severe and in some regions it is the 
controlling factor. Sea or land clutters are important 
and the extent of such echoes may be estimated 
from equation (16). 

Microwave sets because of- their narrow beam- 
width, high resolution, and PPI presentation are 
well adapted to navigational uses. Coastlines may 
be readily identified, and ships near land may 
accurately determine their position. Over land it is 
frequently difficult to corrdate a PPI {fictuxe with 
a map. In many eases it may be veiy deorable to 
be able to locate terrain features accurately. 
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The presence of some distinctive echo is of great 
assistance in orientation of the picture, but scope 
distortions and the nature of the echoes cause much 
confusion. It is therefore desirable to be able to 
correct the distortions and to be able to prepare a 
radar map which shows the terrain features likely 
to contribute to the observed pattern. 

The PPl distortions are due to the beamwidth, 
range marker errors, and nonlinear sweep. The 
width of the beam causes objects to appear wider 
than they are, as discussed in preceding sections. 
The range marker errors may be determined by 
calibration with a precision-type calibrator. By 
preparing a cardboard scale to line up with the range 
pips the correct ranges of echoes may be obtained. 
Because the sweep usually takes about 15 fisec to 
attain a steady speed the pattern is displaced inward 
with respect to the map. This may be compensated 
in part by adjusting the centering control so that 
at least one of the range markers is moved out 
radially to its true range. The pattern will then 
show a central hole, and the first half mile will be 
displaced from its true position, but the pattern 
as a whole will be more accurate. 

For construction of the radar map it is desirable 
to have topographic sheets of a scale of 1 to 20,000 
which show modern structures. Aerial photographs 
are also useful. Map matching is done by adjusting 
the sweep length and centering controls with major 
changes in scale made photographically. To eliminate 
detail of little interest it is desirable to ink in only 
those contours which correspond to equal increments 
of radar range based on the curved surface of the 
earth. That is, the retraced contour intervals should 
form a sequence of squared numbers (1, 4, 9, 16, 
25 • • • n*), for example, 20, 80, 180, 320, and 500 ft. 
The amount of distortion to introduce into the radar 
map is obtained from the range correction scale and 
the shift of the PPI center. For each azimuth 
considered the map is shifted to compensate for 
the centering error, and the corrected range scale 
is used to lay off distance. 

THE CALCULATION 
OF VERTICAL COVERAGE 

Introduction 

The computation of vertical coverage diagrams in 
the optical region consists essentially of adding two 
vectors, the contributions of the direct and reflected 
waves, which have been modified by earth curva- 
ture, antenna directivity, etc. The actual computa- 
tion of the contours of constant field strength tends 
to be laborious because of the implicit nature of the 
parameters. The problem may be formulated in a 
rigorous, general manner, but the solution is likely 
to be unwieldy. 

For field purposes where high accuracy is not 
required, a method of computing vertical lobe , 


patterns is desired that is direct, does not require 
excessive calculations, provides a simple physical 
interpretation of terrain effects, and is flexible. The 
methods presented here are designed to meet these 
requirements, and the computer may readily accom- 
modate the labor of calculations to the required 
accuracy and the complexity of the problem. 

The path difference of the direct and reflected 
rays, the distance of the reflection point, and the 
vertical angle are functions of each other, while the 
reflection coefficient, the divergence factor, and other 
factors depend on the vertical angle. It is therefore 
desirable to examine the problem in a general way 
to determine what simplifications may be introduced. 

With microwaves the reflecting surface must be 
quite smooth to be effective. Thus by equation (16) 
for the S band and an angle of 1 degree the roughness 
must be less than 15 in. if the reflection is to be of 
much assistance. The rolling character of sea waves 
makes a substantial variation in signal strength so 
that the reliable range is only slightly greater than 
that of the direct wave alone. Also highly directive 
antennas are commonly used with microwave radars. 
These factors reduce the magnitude of the interfer- 
ence effects. The fineness of the structure of a micro- 
wave pattern and the relatively weak reflection 
effects commonly encountered therefore render it a 
useful approximation to deal with the direct wave 
pattern only for most purposes. 

Fire control and searchlight radars normally 
operate at high angles so that they also are mainly 
concerned with the direct wave. The GCI and other 
low-sited radars have their reflection areas within a 
mile of the antenna so that earth curvature may be 
ignored, which means a considerable simplification. 
The case which requires the most careful considera- 
tion is early warning, VHF, high-sited radar which 
is dependent on the reflected wave for much of its 
performance. A careful analysis of all factors involved 
is therefore usually required. Prepared diagrams for 
various heights and wavelengths must be considered 
carefully before being used, as local terrain features 
may radically alter the lobe pattern. 

The accuracy and detail desired and the type of 
site influence the amount of calculation involved. 
With a low-sited VHF radar only a few lobes are 
formed so that the shape and location of the lobes 
is of interest. With a high-sited VHF radar the lobes 
are numerous and the gaps are small so that there 
is little likelihood of losing a target in a null area or 
of being able to associate an echo with a particular 
lobe. In this case the envelope of the lobes is of 
particular interest. 

The high-power microwave radars are best suited 
for vital areas with high traffic density. However, 
for most purposes the basic long-range, early warning 
radars used by the ground forces operate in the VHF 
band* They are normally sited high, that is several 
hundred feet and up, in order to secure low lobe 


. 4 ' 
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Figure 46. Vertical lobe diagram. 


angles and numerous lobes. The need for good rein- 
forcement and tactical considerations lead to the 
use of the sea as a reflecting surface where feasible. 
The general high-sited radar problem will be ana- 
lysed in detail, and the use of approximate, simplified 
methods of calculation will be described where 
applicable. 


The Vertical Coverage Diagram 

The object of test flights and field intensity 
•calculations is the construction of the vertical cover- 
age diagram. A typical diagram for a long-range, 
early warning, VHF radar is shown in Figure 46. 
The contours or lobes on this diagram lepresent the 
locus of all points in space along a particular azimuth 
where an incoming plane of standard type, usually 
a twin engine medium bomber, will produce a mini- 
mum detectable signal. A minimum detectable signal 
is ordinarily taken to be one that has a signal-to-noise 
ratio of unity. This may also be expreased in other 
terms such as field intensity or voltage at the 
receiver terminals. For other types of planes, or a 
number of planes, or different aspects of the same 
plane, the lobe pattern has a different size. 

It will be noted that the vertical scale is nearly 
10 times as great as the horizontal scale, causing a 
marked distortion in angles and crowding of angles 
above 10 degrees. The lines of constant altitude are 
parabolas, owing to the curvature of the earth. Their 
shape is given by the equation 


h - 


d* • 6,280 
2ka 


(48) 


Here y » the ordinate measured from the horizontal 
line through zero; 


h = the height of the curve at zero range, in 
feet; 

d ~ distance along the eanh in miles; 
a B radius of the earth in miles; 
ka » equivalent earth radiu». 



Figure 47. Flat earth ray diagram. 


For standard conditions k is taken as %, At 40^ 
latitude the radius of the earth is 3,960 miles. Sub- 
stituting in equation (48) gives the convenient 
relation: 

y - - f , (49) 

with y and h in feet, and d in miles. 

Thus in Figure 46 a medium bomber coming in 
at 5,000 ft would first be detected at 108 miles, the 
signal would increase in strength, reaching a maxi- 
mum around 96 miles, and then decrease and be lost 
at 84 miles. In the null region between 84 and 77 
miles there would be no detection. Similar regions 
of detection and nulls would be encountered as the 
plane came in closer. The nulls do not come into 
tile origin when the direct and reflected rays are 
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unequal. This gap filling is secured at the price of 
shorter lobes. Above 3 degrees the lobes cannot be 
distinguished from the nulls. 

Only lobes due to the main free space lobe of the 
iantenna pattern are ordinarily plotted, as targets 
hi|di^ than about 10 degrees are of little interest 
to an early warning radar. Because most detection 
occurs at angles under 2 or 3 degrees, no distinction 
will be made between slant range and horizontal 
range. 

The calculation of the coverage diagram will be 
approached in successive steps. The first steil will 
consist of calculation of the angular position of the 
lobe maxima and minima. This will be done in three 
different degrees of approximation corresponding to 
different situations encountered in practice. The next 
step is the calculation of the length and shape of 
the lobes themselves, which is given in a later section. 


maxima in the center of the lobes and the lines of 
minima or nulls. These lines correspond to 

A = r — *= constant . (52) 

For the case of a fiat earth these lines are by defini- 
tion confocal hyperbolae with T and T* as foci and 
A as the major axis. This is shown in Figure 48 for 
a target at short range. In a typical case will be 



Fusurk 48. Constant path difference hyr)erbola. 


Flat Earth Lobe Angle Calculations 

When the reflection point is so close that earth 
curvature may be ignored, the rays may be drawn 
as in Figure 47. The transmitter T has the center 
of the antenna at height Ai above the horizontal 
reflecting surface. The antenna is assumed to have 
horizontal polarization; that is, the dipoles are 
parallel to the reflecting plane and perpendiculai 
to the direct ray The target height is ht. Both hi 
and ht are several wavelengths or more, and r<i is so 
large that the field at the target falls off as l/r<i. 
The image of the antenna is at T* at a distance hi 
below the reflector. The length of the ray from 
T' is r. 

The coefficient of reflection is p, and the phase lag 
at reflection is 0 . The electric field strength due to 
the combined direct and reflected waves (rd r) 
may be written as 

JE =. y + p‘ + 2 pcos (♦ + «)' (60) 


where 5 = 2 **^ “ phase lag due to the path differ- 
ence, 

A at r — fd path difference of the direct 
and reflected rays, 

E\ » the field strength at unit distance. 


For horizontal polarization and small angles p is 
unity and ^ is 180 degrees and equation (50) reduces 
to 


2jEi . 1 k 

— «n2*’ 


2fl?i . vA 
“ sin “T*— • 
r X 


(51) 

In the construction of a vertical coverage diagram 
it is unportant to be able to draw the lines of constant 
pAth difference. Of special interest are the lines of 


positive and approximately equal to y. From 
geometry 

2A - 4 / 1 . sin 

When Td is very large compared with hi the angle 
y is equal to /3, and the denominator of equation (53) 
is practically zero, giving 

sin 7 ^ . (54) 

Using equation (51) with the (vA)/X = ir/2, the 
lobe maxima are given by 

A = n ^ , (55) 


where n = 1 , 3, 5 • • • . Minima are given by values 
of w = 0, 2, 4, 6 , • • • . 

Substituting in equation (54) 

sin 7 = jj- , (56) 


or to a sufficient approximation 
n X 


(57) 


Here 7 ~ the angle of elevation of the target referred 
to the horizontal at the ground below the 
antenna, in radians; 

n = number of lialf-wavelengths • difference 
between the direct and indirect paths, 
n » 1, 3, 5, etc., for maxima of lobe 
number 1 , 2, 3, • • • (n -|- l)/2 counting 
from the reflector up. n « 0, 2, 4, 6 , etc., 
for minima of null numbers 1, 2, 3, 4, 
• • • (n + 2 )/ 2 ; 

hi » the height of the center of the antenna 
above the reflector; 

X a wavelength; 
with hi and X in the same units. 
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From Figure 47 it follows that di, the distance to 
the reflection point, is given by 


or taking tan ^ sin ^ « Y (which may be done 
provided di is small enough compared to dt and large 
compared to hi) and substituting in equation (57), 



f58) 


Here di, 5i, and X must be expressed in the same units* 
For high sites and distant targets the angle y 
becomes smaller, and the approximation involved 
in equations (57) and (58) requiring di to be small 
compared to dt becomes worse. In Table 4 are listed 
the minimum values that nX may have for an error 
of 1 per cent or less in equation (57) at different 
antenna heights. Also is given the minimum value 


Table 4 One per cent error in 7. 


hi, ft 

Minimum 7^ 

Mimmum nX, ft 

400 

1.5 

43 

200 

1.1 

15 

100 

0.8 

6 

60 

0.6 

2 

15 

0.3 

0.3 


of 7 corresponding to nX. Thus equation (57) when 
used on a lOO-ft site at 100 me (X » 9.84 ft) will 
give values which are in error by less than 1 per cent 
for all lobes and for angles above 0.8 degree. If the 
100-ft site operated at 1,000 me (X » 0.98 ft) the 
minimum value of n would be 6 corresponding to 
the fourth null. The error in y is always positive 
and increases rapidly with antenna height, and at 
a height of 1,000 ft and a frequency of 100 me the 
formula is incorrect for all angles of interest. At 
distances such that the earth cm^ature drop is 
comparable to Ai, equation (57) does not even give 
the correct order of magnitude for 7. 

Examples 9 and 10. Flat Earth Ldhe Angle Campur 
latione. Lobe angles for two cases wiU be computed. 
Example 9, a 200-mc set at 15 ft and Example 10, 
a 500-mc set at 50 ft. 

t 

Example 9 Example 10 

X - ^ X 8.38 - 4.92 ft X - 1.97 ft 
200 

For n 1 (fifvt lobe) 

X *7.8 - 4.7* 7 - 0.664« 

4 X 16 

d.- 8,080ft 

In practice some of the lobes listed for Example 9 
may be absent because of nulls in the antenna 
pattern. The angle listed for the first lobe of Example 
10 is slightly over 1 per cent too large. 


Tabmd 5. Lobe angle and distance to reflection point. 


Example 9 Example 10 


n 

7, degrees 

di,ft 

7, degrees 

d.,ft 

1 (lobe 1) 

4.7 

183.0 

0.66 

5080 

2 (nuU 2) 

9.4 

91.5 

1.13 

2540 

3 (lobe 2) 

14.1 

61.0 

1.69 

1693 

4 (null 3) 

18,8 

45.7 

2.26 

1270 

5 (lobe 3) 

23.5 

36.6 

2.82 

1016 


Lobe Angles Corrected 
for Standard Earth Curvature 

Equation (57) may be modified to include the 
effect of earth curvature approximately and to give 
the lobe angles for the majority of sites with accept- 
able accuracy. 

For antennas several hundred or more feet high, 
di as given by equation (58) may be large enough 
80 that the earth curvature drop is appreciable. 
In Figure 49 is shown a transmitter of height hi 
above the horixontal plane GH. The radius of the 
standard earth is ka. At D, the center of the reflection 
area for the lobe considered, is drawn a tangent 
plane CDE, which intersects hi at a distance 
below the center of the antenna and which will be 
considered the equivalent antenna height. This then 
is the part of hi which determines the angle 7' 
which the lobe center line CL makes with the tangent 
plane CDE. Subtracting from 7' the angle $ which 



FitiURE 49. Lobe angles corrected for earth curvature. 


the tangent plane CDE makes with the horizontal 
at the base of the antenna GH, the lobe an^^e 7 
referred to the horizontal at the antenna is obtained. 
From equation (49) it follows that 

Ai' * Ai - . ( 80 ) 

Here A/ and Ai are expressed in feet, di in miles, and 
k is assumed to be 

This height hi is the portion of Ai that is effective 
in connection with the plane CDE and when substi- 
tuted in equation (57) gives the angle 7^ 
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Since the earth’s radius ka is perpendicular to Gfl and 
CDE, the tangent angle is 9. It is always negative:! 


$ ^ 

y sst 


di di 

ka “ 6,280 ’ 


(61) 


di 

5,280* 

(62) 


n is an odd integer for lobe maxima and an even 
integer for lobe minima, •Ai in feet, di in miles. 

The value of di to substitute in equation (62) 
must also satisfy equation (58). A convenient method 
of solving these equations is to plot a curve of 
equation (59) and also of equation (58) in the form 


.4(/i,0 

5,280d,X ‘ 


Corresponding values of hi and di for the desired 
value of n are then substituted in equation (62). 

While equation (62) is subject to the same sort 
of limitation as equation (57), it will be noted that 
in the region of greatest interest, that is, small 
angles, hi is itself small, and this tends to compen- 
sate the error. The modifications introduced permit 
the use of the simple plane earth formulas, since for 
a particular angle the tangent plane is taken as the 
reflection surface. 

The angle y given by equation (62) is the trans- 
formed angle to be used in constructing the vertical 
coverage diagram based on a modified earth radius 
of ka *= 5,280 miles. If the true angle is desired, the 
true earth radius a = 3,960 miles must be used in 
equation (62) instead of 5,280 miles. 



Examples 11 and 12. Lobe Angles Corrected for 
Earth Curvature. Lobe angles will be computed by 
this method for two radar sites. 


Example 11 

X( - 500 ft 
/ - 200 me 

From equation (59) 

A,' - 500 - y 


Example 12 

hi - 3,000 ft 
/ - 100 me 

hi' - 3,000 - ^ 
2 


Table 6. Lobe angles for radar. (Example 11.) 


From Figures 

50 and 51. 

Equation (60) 

r - 1.23 

Equation (61) 

e ^ 

5,280 

Equation (62) 

y - y + « 

Equation (57) 

n 

^-4h, 

n 

hi' 

di 

radians 

radians 

radians 

degrees 

radians 

0 

0 

31.6 

0 

-.005983 

-.005983 

-0‘^'22" 

0 

1 

341.5 

17.8 

.003602 

-.003372 

+.000230 

+0® 0'47" 

.00246 

2 

414.0 

13.1 

.005943 

-.002481 

.003462 

0“11'54" 

.00492 

3 

448.0 

10.2 

.008238 

-.001932 

.006306 

0‘^r89" 

.00739 

4 

464.6 

8.4 

.010592 

-.001591 

.009001 

0®30'86'' 

.00985 

5 

475.5 

7.0 

.01294 

-.001326 

.01161 

0*89'54" 

.0123 

6 

481.4 

6.1 

.01532 

-.001155 

.01417 

0®48'43" 

.0148 

7 

486.0 

5.8 

.01772 

-.001004 

.01672 

0^7'29" 

.0172 

8 

489.0 

4.7 

.02011 

-.000890 

.01922 

6' 4" 

.0197 

9 

491.6 

4.1 

.02252 

-.000776 

.02174 

in4'46" 

.0221 

10 

493.2 

3.7 

.02493 

-.000701 

.02423 

1^2319" 

.0246 

11 

494.6 

3.3 

.02784 

-.000625 

.02672 

1"31'55" 

.0271 

12 

495.5 

3.0 

.02978 

-.000568 

.02921 

1"40'28" 

.0295 

13 

496.1 

2.8 

.08222 

-.000530 

.03160 

r48^58" 

.0320 

14 

496.6 

2.6 

.03468 

-.000492 

.03419 

r57'83" 

.0345 

15 

497.1 

2.4 

.03720 

-.000454 

.03675 

2® 6'23^' 

.0369 

16 

497.4 

2.8 

.08955 

-.000436 

.03911 

2®14'30" 

.0394 

17 

497.6 

2.2 

.0420 

-.000417 

.0416 

2®23' 2" 

.0418 

IS 

497.8 

2.1 

.0445 

-.000398 

.0441 

2®3r44" 

.0444 

19 

498.0 

2.0 

.0469 

-.000379 

.0465 

2®89'54" 

.0468 

20 

498.2 

1.9 

.0494 

-.000860 

.0490 

2®48W' 

.0492 

21 

498.4 

1.8 

.0518 

-.000841 

.0515 

2%7' S" 

,0517 

22 

498.6 

1.7 

.0542 

-.000322 

.0589 

3* 5'22'' 

.0541 

23 

498.8 

1.6 < 

.0567 

-^000808 

.0564 

3®14' O'' 

.0567 
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Table 7. Lobe angles for radar. (Example 12.) 



From Figures 
SO end 51 


Equation (60) 

7' « 2.46 ~ 

hi 

Equation (61) 

« - -Ji- 

5,280 

Equation (62) 

7 - Y' + « 

Equation (57) 

-4T. 

n 

hi' 

(It 

radians 

radians 

radians 

degrees 

radians 

0 

0 

77.4 

0 

-.01466 

-.01466 

-0‘‘60'24" 

0 

1 

930 

64.3 

.002645 

-.01218 

-.00964 

-0®32'49^' 

.00082 

2 

1245 

59.2 

.003952 

-01121 

-.00720 

-0«26' 0" 

.00164 

3 

1458 

55.5 

.005063 

-.01051 

-.00646 

-0n8'44'' 

.00246 

4 

1638 

52.2 

.006007 

-xmm 

-.00388 

-0n3'20'' 

.00328 

5 

1788 

49.2 

.006880 

-.00932 

-.00244 

-0® 8'22" 

.00410 

6 

1910 

46.7 

.007730 

-.00885 

-.00112 

-0*^ 3'62'' 

.00492 

7 

2013 

44.4 

.008550 

-.00841 

+ .00014 

+0® 0'29'' 

.00574 

8 

2108 

42,4 

.009335 

-.00803 

.00130 

0« 4'28" 

.00656 

9 

2195 

40.6 

.01018 

-.00769 

.00249 

0® 8'33" 

.00738 

10 

2246 

38.8 

.01095 

-.00735 

.00360 

0°12'22" 

.00820 

11 

2308 

37.2 

.01173 

.00705 

.00468 

0** 16' 6" 

.00902 

12 

2359 

35.8 

.01251 

-.00678 

.00573 

0®19'41" 

.00984 

13 

2408 

34.4 

.01328 

-.00651 

.00677 

0*23'16" 

.01066 

14 

2452 

33.1 

.01404 

-.00627 

.00777 

0*26'44" 

.01148 

15 

2488 

32.0 

.01484 

-.^X)606 

.00878 

0®30'10" 

.01230 

16 

2525 

30.8 

.01558 

-.00583 

.00975 

0*33'31" 

.01312 

17 

2559 

29.7 

.01635 

-.00662 

.01073 

0"36'60" 

.01394 

18 

2588 

28.7 

.01712 

-.00544 

.01168 

OW 8" 

.01476 

19 

2623 

27.8 

.01782 

-.00526 

.01266 

0%3'10" 

.01558 

20 

2638 

26.9 

.01866 

-.00609 

.01367 

(y46'40" 

.01640 

21 

2662 

26.0 

.01940 

-.00492 

.01448 

0‘»49'48" 

.01722 

22 

2685 

25.1 

.02030 

-.00475 

.01555 

0‘*53'26" 

.01804 

23 

2702 

24.4 

.02093 

-.00462 

.01631 

0 ^ 56 ' 4" 

.01860 


Reading values of hi and di from Figure 50 and sub- 
stituting in the above equations, curves of n and di 
are plotted in Figure 51. From these two curves 
may be read the values of hi and di corresponding 
to integral values of n. The calculation of y* and B 
from equations ( 00 ) and (61) are conveniently per- 
formed by arranging columns as shown in Tables 
6 and 7, 

For purposes of comparison with equation (62) 
the last column gives values of 7 computed by means 
of equation (57). In Table 6 the error in the figures 
computed from equation (57) is seen to \ye consider- 



ably below n ~ 10 ; for higher values of n the two 
formulas tend to show fair agreement. In Table 7 
the disagreement is marked even at n « 23 indicat- 
ing that equation (57) is unsuitable for high sites. 

The lobe angles are shown in Figures 52 and 53 . 
The lines of constant altitude over the modified 
earth are plotted from equation (49). The lobe 
angles are constructed by drawing radial lines from 
the center of the antenna, while the height in feet 
at a given distance is obtained by multiplying 7 
(in radians) by 5,280 times this distance in miles. 
The lines have not been drawn close in because of 
the crowding and because they actually start near 
the origin rather than at the center of the antenna. 

The error in the position of the center lines of the 
lobes near thcf antenna is a limitation on this method; 
but this occurs in a region which, because of gap 
fiUing, has no nulls and is therefore of little concern. 
Another difficulty is that the lower lobes dre actually 
curved instead of straight; but as long as the site is 
not too high, say under 100 ft (100 me), thd curva- 
ture is small and unimportant. In general the method 
of equation (62) gives reasonably correct lobe angles 
for most high sites and with a moderate amount of 
computation. This is the first step in the preparation 
of the coverage diagram. Later sections will discuss 
construction of Inhes about these center lines. 

These equations are plotted in Figure 50. From 
equation (^); 


n-— « 

5,280 X 4.92 X di ' 


0.000077 . 

di 


Fioitre 51. Reflection area graph. 


SITING AND COVERAGE OF GROUND RADARS 


105 



Figurk 62. Lobe angles for Example 1 1 

The General Lobe Angle Formula expression for the locus of constant path difference 

than is afforded by straight lines. This is of especial 
For very high sites (over 1 ,000 ft) and frequencies interest in the first few lobes as these detemaine the 

over 200 me, it is desirable to have a more accurate low coverage which is of great tactical importance. 



Fiquius 68. Lobe anjjleg for Example 12. 
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Thfi iQethod described here overcomes the limitations 
of equation (62) and may be used for the highest sites. 

In Figure 54 is shown the antenna above a curved 
reflecting surface whose radius is taken as of the 
earth’s radius to allow for atmospheric refraction. 
The tangent plane CE makes an angle 9 with the 
horisontal at the antenna, and 9 is given by — (di/ka) 
as shown in Figure 49. 

hi n height of the center of the antenna above 
the earth’s surface, in feet. 

hi » equivalent height of the antenna, in teet 
— equation (59). 

Vd » distance from the antenna to the target, ir 
miles. 

A — distance from the antenna to the reflection 
point, in miles. 

B a distance from the reflection point to the 
target, in miles. 

A « path difference, A + H — r^, in miles. 

X » wavelength, in feet. 

9 » angle between the tangent plane CE and the 
horisontal at the antenna, in radians. This 
angle is always negative. 

ka « radius of the modified earth, 5,280 miles. 

» angle between the direct ray rd and the 
horizontal plane CE^ in radians. 

^ angle between the reflected ray A or H and 
the horizontal plane CE, in radians. 

n « number of half-wavelengths path difference. 

In the triangle ABrd (cosine law) 

Td « VA* + -f 2AH cos"2^ . (64) 

From the definition of path difference: 

A + 5 - A = V-A» + i?» + 2AB cos 2* ; 
•squaring and dropping terms that cancel out gives 
2AB - 2AB cos 24^ - 2HA * 2AA - A* , 


or solving with respect to B, 
AA - 


B 


Substituting 


A(1 - cos 24^) - A ’ 


nX 


2 X 5,280 ’ 

into equation (66) gives 
nX 


B 


10,560 


1 / nX 

2 \ 10,560/ 


A(1 — 008 24^) — 


nX 

10,560 


m 


(67) 


Several approxima^^ns will be introduced to 
simplify equation (67): 

A will be taken to equal di since 4^ is of the order 
of 3® or less. 

From Figure 54 it follows that sin 4^ « Xi7S,280A, 
or for small angles, 4^ *= Ai75,280A. 

Substituting for hi [equation (59)] it follows that 


5,280di * 


(68) 


Using the approximation 

cos 24^ SK 1 — 24^* . 

and neglecting i(nX/10,560) compared to A, equa- 
tion (67) becomes 


-ri, 

10,560 

B . 

2d,’*'* - — 

10,560 

From the law of sines 

sin 24^ sin (4^ -f 4^^) sin (4^ — 4^^) 
rrf “ B “ A 


(69) 


sin (4^ + 4^rf) 


B sin 24^ 
Td 



FiGi7as54. Beflsetion point geometry. 


MOOirifO 
EARTH tURrAOi 



When "9 and are small 
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9 + 9i 



t 


and 





and hence by subtraction 




B - A 

Td 


^ . 


Since ^ is a small quantity td may be taken to equal 
A + i?, and A =* di, that is 


^d 




B + di 


(70) 


This is the angle of the target with respect to the 
tangent plane CE as seen from the antenna. The 
angle, desired however is 7, which is measured with 
respect to the horizontal at the antenna, GH, As 
shown in Figure 54 

From equation (61) 

5,280 • 

The line of minimum path difference (A » 0) is 
along the earth's surface from the transmitter to 
the horizon, and beyond it is along the line of sight 
tangential to the horizon since the direct and indirect 
waves are equal in that case. Maximum path differ- 
ence occurs directly below the antenna and is equal 
to 2hi. Since the path difference is also nX/2, the 
maximum value of n is 4hi/\. In practice the vertical 
directivity of the antenna limits n to a much smaller 
value. 

Consider a wave which is reflected from directly 
under the antenna, and let ho denote the height 
above the reflector at which the path difference is 
nX/2. Then 

hi + ho- (ftl - A,) - y , 


or 

A. - f . (71) 


Thus if X is 10 ft the center of the flrst lobe will be 
2.5 ft high at zero range. For most purposes the lobes 
and nulls may therefore be considered to start at 
the origin. 

To use this method it is best to arrange the calcu- 
lations in a tabular form. Points along the lobe center 
are selected by using various values of di for the 
value of n desired. Next ^ is obtained from equation 
(68) and substituted in equation (69), and B and 
^ are substituted in equation (70) yielding which 
is combined with $ to obtain 7. The curve of constant 
path difference is then plotted from 7 and rd, which 
are now known. 

Example IS. The General Lobe Angle Formula. To 
illustrate this method a radar 3,000 ft high and 
operating at 100 me will be used. A trial value of 
60 miles is arbitrarily selected for di and substituted 
in equation (68), giving 


3,000 - i X (60) » 
5,280 X 60 


0.003788 radian . 


In equation (69) using n = 1 and X « 9.84 ft, 


B ^ 


1 X 9.84 
10,560 


X 60 


2 X «)(0.(XB788). - 


= 70.85 miles . 


, -12 X 0.003788 = 0.000314 radian . 
7U.OO -f- DU 


9 — — K 00^ = —0.01136 radian . 
o,^u 

7 = 0.000314 - 0.01136 = -0.01105 radian . 
fd = 60 -f 70.85 = 130.85 miles . 

Laying out the angle 7 from the antenna and 
marking off the distance rd gives one point on the 
curve of constant path difference. Enough other 
points are computed to enable one to draw a smooth 
curve. The computations may be arranged as shown 


Tabud 8, General lobe angle formula. (Example 13.) 


miles 

radians 

B, 

milM 

radians 

radians 

-7, 

radians 

u, 

miles 

(n » 1) 65 

.002800 

696.0 

.0023220 

.0123105 

.00999 

761.0 

62 

.008290 

141.2 

.0012810 

.0117450 

.01046 

203.2 

60 

.003788 

70.85 

.0003140 

.0113636 

.01105 

130.85 

58 

.004800 

44.60 

-.0005618 

.0109850 

.01156 

102.60 

55 

.005118 

26.32 

-.0018080 

.0104166 

.01222 

81.82 

50 

.006628 

13.45 

-.0038880 

.0004698 

.01331 

68.45 

30 

.016090 

1.91 

-.0141600 

.0056820 

.01984 

31.91 

(n « 2) 60 

.003788 



.0118636 


, . 

68 

.004300 

886.0 

jmvno 

.0109850 

.007808 

440.0 

56 

.004840 

187JI 

.0020890 

.0106060 

.008567 

193.5 

55 

.006118 

101.0 

.0015090 

.0104166 

.008908 

156.0 

13 

.005700 

62.6 

.0004738 

.0100881 

.009565 

115.6 

50 

.006628 

86.78 

-.0010115 

.0094698 

.010480 

86.78 

30 

.016000 

4.09 

-.012900 

.0056820 

.017910 

34.09 
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in Table 8. The values selected for di should be 
small enough so that the denominator of equation 
(69) *s positive. 

These two curves are plotted in Figure 55. For 
comparison is shown the first lobe as computed from 
equation (62), and it can be seen that this equation 
may lead to appreciable error in estimating Igw 
coverage. For most‘pu*^P 08 es it will suffice to calcu- 
late lobes higher than the first one or two by means 
of equation (62). 

The Calculation of Lobes 

Three methods of computing lobe angles were 
given corresponding to low, medium, and high sites, 
in order to relale the labor of the computations to 
the complexity of the problem. A similar procedure 
will be follow^ in the calculation of the lo^ shapes. 

The lobe diagram represents the locus of all points 
along a particular asimuth of a definite field intensity, 
usually the threshold of detection. If the site has 
hoiisontal symmetry throughout its sector of opera- 
tion one diagram will suffice. Usually several dia- 
grams are required, and it is common practice to 
prepare a diagram for the central asimuth of the 
sector and for 10 degrees inside of each limit of scan. 

Low Site Lobes 

The electric field intensity at the target is the 
resultant of the direct and reflected waves which 
have the same amplitude and a phase angle which 
varies continually as the lobe ang^e y is increased. 
For a perfect r^ector and horisontal polarisation 
the phase lag is equal to -t-ir -|- (2s?/X) X (nX/2) 
which adds up to mr + ir- Odd integral values of 
n give lobe maxima, and intennediate values give 
other points on the lobes. 


The sum of the two vectors practically parallel 
and of equal magnitude, Ei/d, is 

£ = ^cob[(« + 1)|]. (72) 

where Ei is the electric intensity (microvolts iier 
meter) in the equatorial plane 1 mile from the 
antenna in free space, that is, without a reflecting 
surface. E is the electric intensity at the point 
eonsidered in microvolts per meter, d is the distance 
to the point, in miles, n is a number related to the 
angle of elevation. It is an odd integer for lobe 
maximums and an even integer for nulls. For a 
given antenna and radar the electric intensity E 
will produce at the inout of the receiver a voltage, 

F, - ^ sin (90*«) , (73) 

where is a proportionality factor for the voltage 
applied to the receiver input. If Vt is set equal to 
the minimum operating voltage of the receiver 
equation (73) becomes 

d * sin (90®n) . 

y min 

The term kiBi/V^tn is usually obtained from test 
flights on the particular radar or on radars of the 
same type. The usual form is 

d « sin (90®n) , (74) 

where d^x stands for kiEi/Vwto and is a measure 
of the performance of the radar set. 

The lobes will be polar sinusoids and the minima 
will go to sero only when the amplitude of the direct 
and indirect waves are equal. These conditions will 
not obtain if the vertical directivity of the antenna 
affects the rays unequally, if the reflected wave 
Buileie imperfect reflection or divergence, or the 
atmosphere or terrain has unequal etfects on the 
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Fiqum 56. Low fite lobes. (Example U ) 


two waves. Low mtes are generally free from the 
above effects and equation (74) may be used with 
aee^table accuracy. 

Examtde H. Low Site Lohee, A radar operating on 
3QQ mo is 25 ft high and has a maximum range of 
00 miles. The lobes occur at 2.S2^, 8.46^ and 14.1^ 
and the nu!b at 0^, 5.64% 11.28% The method of 


plotting a lobe is shown in Figure 56. n may be 
divided into as many parts as desired^ and the 
corresponding range for each obtained from equa- 
tion (74). Thu5 at n an 0.7 the angle is 

0 7 V 4 02 * 

0.0344 radian, 

d « 60 ffln (90* X 0.7) - 53.46 mUes. 
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A line is drawn at this angle, and a point is marked 
off. at a range of 53.46 miles. 

Lobe Diagrams of Medium Height Sites 

In dealing with radars at medium heights, say 
from 100 to 1,000 ft, a more involved treatment is 
required, owing to earth curvature effects. The 
procedure followed in this section is to compute a 
value of dtau. ^or each lobe from which a sinusoid 
is constructed at the angle of the lobe. The envelope 
of the lobes is considered to be of principal interest, 
the lobe shape being of secondary importance. 

The strength of a wave is measured in miles, that 
is, the distance at which the standard target must 
be to give a standard signal response such as a 
signal-to-noise ratio of one. The distances corres- 
ponding to the direct and reflected waves are added 
to get lobe maxima and subtracted to get minima. 
The direct and reflected waves will therefore be 
computed separately. The phase shift due to reflec- 
tion will be taken as 180^, and the phase shift due 
to other causes than path difference will be considered 
neg^ble. This assumption greatly simplifies calcu- 
lations and is a good approximation for small angles 
and horisontal polarization. For vertical polariza- 
tion, especially in the VHF band, it is a poor 
approxinoation. 

The direct wave is affected only by the modified 
antenna pattern. The reflected wave is affected by: 

1. Shoreline diffraction. 

2. The modified antenna pattern. 

3. Earth curvature. 

4. Coefficient of reflection. 

5. Divergence. 

Terrain effects such as reflection areas of limited 
extent, the shordine, cliff edges, and obstacles involve 
diffraction. A simple, flexible method for solving such 
problems will be developed in the next section. 

Shdneline Diffiraction 

Unfortunately sites of sufficient height are 
frequently some distance inland, and a considerable 
portion of the reflection surface is on land. The 


poor reflecting qualities of land, especially when 
rough, cause tl^ high angle lobes due to nearby 
reflection to be reduced as much as 50 per cent in 
length. This is a common cause of poor high coverage 
so often experienced in field installations and the 
inability to detect high-level bombing attacks except 
at perhaps 10-mile ranges. In this section will be 
developed a method of computing the vertical 
coverage pattern for the typical high site with part 
land and part sea reflecting surfaces. 

In most cases the profile of the land between the 
transmitter and the shore will be found to be too 
rough for coherent reflection, as may be determined 
from equation (16). If substantial regular areas or 
obstacles occur between the antenna and the shore 
line they should be treated as described in the see 
tion on the modified antenna pattern on page 115. 

Sea Reflection 

with DifiFuse Land Reflection 

The problem treated in this section will be that 
shown in Figure 57. The land in the foreground is 
so rough as to cause only diffuse reflection, and no 
regular areas exist which will affect the vertical 
pattern below 16®. 

The diffuse reflection from the land area has a 
random phase relation, and the field intensity in a 
particular direction is relatively small. The effect of 
the land reflection on the interference pattern is 
therefore neglected. This is equivalent to termination 
of the reflecting surface at the shore line. 

In order to describe diffraction at a shore line a 
system of Fresnel zones for each lobe is considered 
to be formed on the sea with the reflection point of 
the lobe as their center. The zones will be ellipses 
because of the inclination of the rays. The influence 
of the shore line will be determined by the number 
of zones which are not interfered with by the shore. 

Thus a low angle lobe which has its central Fresnel 
zone far out to sea would be virtually unaffected by 
the limited reflection area, as numerous zones are 
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formed on the sea. This is indicated by A in Figure 
67, which represents the reflected wave. At B, a 
higher angle lobe, there are only two zones intact, 
and the reflected wave is weak. Had only one zone 
been complete, the reflected wave would have been 
stronger than A. At C only portions of outer zones 
are formed on the sea, and the reflected wave is 
negligible. 

The effect of the reflecting surface may be repre- 
sented by an image antenna located in the earth 
under the radar antenna at a depth Ai below the 
surface as in Figure 58. The nonreflecting land surface 
then acts precisely as a straight diffracting edge for 
the image antenna and indirect ray. A general 
formula will be developed which gives the situation 
of any Fresnel zone of any lobe for a given radar 
station. From this formula and the distance to the 
shoreline it may be determined for each lobe which 
zone is intercepted by the shore. In the graph in 
Figure 58 is plotted the relative intensity of the 
reflects ray as a function of nt, the munber of the 
zone touching the shore. In the illuminated region 
at large angles, as A, the relative intensity is close 
to unity. Approaching the shore it oscillates about 
unity, reaching a maximum of 1.18. In the shadow 
region, the intensity drops to low values. Thus, 
knowing m, the effect of shoreline diffraction on the 
reflected ray may be obtained. The derivation will 
be developed for a plane reflecting surface, since, as 
it has be^ explained on page 102, for lobe ancles 


corrected for standard earth curvature, the effect of 
earth curvature may be taken into account by using 
h,\ [equation (59)] instead of Ai. In most cases di will 
be small and hi may be used with little error. 

General Formula 
for the Reflection Area 

In Figure 59 is shown an image antenna T sending 
radiation through a plane of indefinite extent. In 



Fioube 59. Fresnel sones on the reflecting surface. 


order to amplify the calculations it will be assumed 
that the distance from the reflection point to the 
target is large, so that the rays from the Fresnel 
zones may be considered parallel. With regard to 
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ttie transmitter distance, however, no such approxi- 
mation will be made. 

hi depth of the image antenna below the 
reflecting surface, in feet. 

Sk » angle of the lobe considered with reference 
to the tangent plane at the reflection point, 
in radians. 

m B number of the Fresnel zone. 

m » 0 for the center of the first zone. 

m » +1 for the far edge of the first zone. 

m « ~ 1 for the near edge of the first zone. 

m ss -f-2 or —2 for the edge between the second 
and third zones. 

n ss lobe number. For a given radar station n is 
related to the angle ^ by the equation 
n » (4Ai/X) sin 

X wavelength in feet. 

dn — distance from the transmitter to the near 
edge for the Fresnel zone and lobe considered, 
in feet. 

df » distance from the transmitter to the far edge 
ior the Fresnel zone and lobe considered, 
in feet. 

di » distance from the transmitter to the center 
of the first Fresnel zone for a particular lobe, 
in feet. 

In Figure 59 is shown the first Fresnel zone for an 
angle ^ with a corresponding value of n. Ray 2 
passes through th^ center of the first zone and rays 
1 md 3 pass through the near and far edges respec- 
tively. Because of the great distance of the target 
the rays 1, 2, and 3 are parallel. 

For the fiM: zone the path difference between 1 
and 2 is X/2. For zone m the path difference is 
mX/2 (where w » 1, i, 3, etc.). Since the points 
di and d» are not equidistant from the target, the 
distance Xicob^ must be subtracted from ray 2 to 
compensate for the increased path length of ray 1 
above the plane. 

mX , / Ai , \ 

In the right triangle 

li* » xi* sin* ^ - »i cos . 

\sin y / 

Eliminating ft from these equations and solving 
for xi 

-mX cos^ + V *n*X* -f imXhi siny 
** • (75) 

For the far point of the zone 

f ***-(s^ + *•«“♦) • 

abo 

It* - 4- + *1 COBf-) , 


By a similar process of elimination of 1% and solving 
for xt: 


Xi 


m\ cos 4- \/ m*X^ 4» imXhi sin ^ 
2 sin* y 


. (70) 


For the near point of the zone 

h\ —mX cos ^ m*X* -I- 4mXAi sin y 


d. 


tany 


2 sin* y 


Since sin Sk = n\/ihi and ^ is small, cos ^ may be 
taken as unity with the following error: 

up to 2>^® 
up to 10® 
up to 15® 


less than 0.1 per cent, 
less than 1.5 per cent, 
less than 4.5 per cent. 


d. - 4 - 

\2n n 

For the far point 


i / 1 I 1 

= l2n + P + 
<luations may be i 


V m* -f inn\ 

i 8Ai* 

n* j 

' X 

y/ m* -f“ mn\ 

00 

) 

' X 

combined: 


\/w^ 4- mw\ 

8/i,* 

) 

X 


(77) 


where the plus sign gives the far point and the minus 
sign gives the near point. The ri*flection point is 
obtained by using m = 0 and equation (77) reduce^- 
to: 


di = 


4hr 

n\ 


(78) 


Thus to obtain the range of the near edge of the 
first Fresnel zone for the first lobe, substitute n = 1 , 
m = 1 and use the minus sign in equation (77) : 


0.688^ . 

A 


(79) 


The far edge of this zone is obtained by using the 
plus sign 


dr * 23.3 ' 

' A 

Equation (77) is in the form 


(80) 


(81) 


where 


T 


or 



Vm*^- mn 


)• 


Ti 


d\K 

hi*- 


(82) 

(83) 


If di u taken as the distanee of the shordine, Ti 
may be oonaidend as a charaoteiistie site or terrain 
factor at a particular asimuth and combined with 
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the height and wavelength to obtain the range of 
any zone of any lobe. 

In order to read the relative intensity and phase 
lag of the reflected wave from the diffraction graphs, 
Figure 27 and Figure 28 respectively, it is necessary 
to have m expressed in terms of v. In Figure 19 the 
path difference is by definition of m 

A = m I . (84) 

Equation (23), with A ^ d — b, yields 



hence 

m = I . (85) 

It is also desirable to have an expression for v in 
terms of n and T. This is obtained by substituting 
y V2 for m in equation (82) and solving 

» = - n + I (86) 

The width of the zones, that is, along a chord at 
di parallel to the minor axis of the elliptical rings, 



may be obtained from Figure 60. Zone m is shown 
with a chord length h. The distance from the image 
antenna jbo the intersection of the chord and ring m 
is I + mX/2. From this may be written 

(i + f)’-l* +(!)’. (87) 

Neglecting m*XV^ it is small compared to the 
other terms, 

+ nM « 


b I- 
I m 

from equation (78), smoe ^ is small. 


di 

008 f' 




Where earth curvature effects are appreciable the 
effective hei^t, from equation (59), i^uld be used. 

( 88 ) 


To apply this method the distance 6f the shore- 
line, di, is substituted in equation (81), and the 
equation is solved for Ti, the terrain factor. This 
quantity is a constant for a particular azimuth and 
is substituted in equation (86) along with the values 
of n desired and solved for The values of m corre- 
sponding to these values of v are the numbers of the 
zones which intersect the shoreline for each value 
of n. These values of v are entered in Figures 27 and 
28 to obtain the intensity and phase lag relative to 
that which would be obtained if the rough land were 
replaced by the sea. 

Example 15. Shoreline Diffraction. A radar station 
is assumed to have the same height and frequency 
as in Example 11. The shoreline distance is 3 miles, 
and the intervening land is occupied by a large 
city, hi = 500 ft; / - 200 me; di « 15,840 ft. At 
this distance the effect of earth curvature is less than 
1 p)er cent and may be neglected. The greatest angle 
at which waves are reflected from the sea is given by 

lira X - ■•»*” • 

In equation (16) the maximum height of roughness 
for regular reflection is 


.. 3,520 

200 X 1.81 


9.7 ft . 


The land is evidently a diffuse reflector. From 
equation (83) 


Ti 


ae 


diX 

JhTy 


15,840 X 4.92 
(500 - 4.5)* 


0.317 . 


Substituting in equation (86) forn » 2 




f0.317 X 4 


8 


- 2 + 


0.317 


2 . 11 , 


m 



2.23 . 


That is, somewhat more than two zones are com- 
pletely formed on the sea. In order to determine 
which sign to use in reading Figure 27 it is only 
necessary to know whether the main reflection point 
di for tUs* lobe falls on the land or the sea corre- 
sponding to shadow or illuminated regions. A more 
general procedure is to solve equation (63) using the 
shoreline distance for di : 


4 X (500 - 4.5)* 
" “ 16,840 X 4.92 


12 . 6 . 


For all values of n less than 12.6, di will be on t^e 
sea and equation (84) applies to the near edge, and 
the minus sign is used in equation (82) corresponding 
» to in Figure 27. For n greater than 12.6 the 
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plus cugn is used in equation (82) and — s in Figure 
27. ThuS| for n ■« 2 and v * +2.11, is read in 
Figure 27 the relative intensity z 0.980 and in 
Figure 28 the phase lag, f * -0.103 radians. Other 
values are lisM in Table 9. 


Tablb 9. Shoreline diffrartion. (Example 15.) 


n 

V 

Sign 

z 

f 

n 

V 


t t 

r 

0 

2.51 

+ 

1.036 

+0.080 

12 

0.14 

+ 

0.582 

-0.180 

1 

2.81 

+ 

1.083 

-0.015 

18 

0.089 


0.459 

+0.2 

2 

2.11 

+ 

0.980 

-0.108 

14 

0.28 

— 

0.377 

+0.6 

8 

1.91 

+ 

0.884 

-0.038 

15 

0.49 

— 

0.806 

+0.9 

4 

1.71 

+ 

0.938 

+0.100 

16 

0.68 

— 

0.261 

+1.4 

5 

1011 

+ 

1.082 

+0.120 

17 

0.87 

— 

0.223 

+1.9 

6 

1.82 

+ 

1.170 

+0.080 

18 

1.08 

— 

0.192 

+2.6 

7 

1.12 

+ 

1.156 

-0.085 

19 

1.27 

— 

0.170 

+8.3 

8 

0.92 

+ 

1.073 

-0.181 

20 

1.48 

— 

0.160 

+4.2 

9 

0.72 

+ 

0.958 

-0.255 

21 

1.67 


0.136 

+5.2 

10 

0.52 

+ 

0.825 

-0.273 

22 

1.88 

— 

0.121 

+6,4 

11 

0.82 


0.696 

-0.224 

28 

2.07 

- 

0.111 

+7,6 


The width of the seeond sone may be computed 
from equation (88). The effective height forn « 2 
is obtained from Figures 60 and 51 and is 414 ft. 

6 - 4 X 414 ^ - 1,656 ft . 


The Modified Antenna Pattern 

The vertical directivity of the antenna is modified 
by the local terrain. Unless the ground under the 
antenna is an extension of the reflection plane the 
modification of the free space directivity character- 
istics should be taken into consideration in the 
calculation of radar coverage. 

The vertical pattern of the antenna in the absence 
of a reflecting surface is referred to as the free space 
pattern, This is usually given in the instruction 
manual for the set. If this pattern is not available 
or if the antenna has been modified, the vertical 
directivity may be computed by methods given in 
the next section. Local terrain effects are treated in 
some detail as they are in many cases a controlling 
factor. The resultant effect of the local terrain and 
free space pattern is called the modified antenna 
pattern, f(y). It does not include the effect of the 
main reflecting surface. 

Antenna Patterns 

To obtain /a, the rdative amplitude of the radia- 
tion from the antenna, as a function of the vertical 
ai^ V it is only necessary to'take into account the 
path differences of the elements of the array. The 
absolute field intensity and time phase will not be 
considered. In Figure 61 is riiown an array of four 
hmiontal half-wave dipoles spaced a half wavelength 
apart. The radiation from A in the directfen y may 
be taken as proportional to cos cA . The path differ- 
ence of radiation from B is A/2*ain 7. xTmz corre- 



sponding phase difference is 


2t X . 

— X 2 sin 7 = — T sin 7 . 


For C and D the phase is -?ir sin 7 and —3ir sin 7 
respectively. The total field intensity pattern is 
/a * cos «< + cos (ci)< — -r sin 7) 

+ cos (a>/ - 2ir sin 7) + cos (tat - 3ir sin 7) , 
grouping 

[cos + cos ((!)< — 3ir sin 7)] 

+ [cos (<u^ - IT sin 7) + cos («t * 2 t sin 7)] . (89) 
From the identity 

cos A + cos B = 2 cos J (A + B) cos | (A - B) 


equation (89) 

may be written 


/a * 2 cos 

(^t — 

3«- . \ 

COB ( y sin 7^ 

+ 2 008 


3)r . \ 

j smyj 

cos sin 7^ , 

fx « 2 cos 

(- 

ySiDTj 

• 

[m 

sin 7^ 

+ cos • j 


/a 4 cos 

— 

ysin y) 

COS (fr sin 7) • 

COB 


• 



Since only the rms value of this equation is signifi- 
cant, the terms contaim*ng (d may be dropped, and 
the result for the four-element array is 

/a * cos (v sin 7) cos ^ sin 7^ . (90) 


It is easily verified that this Is a special case of the 
general expression for an N element array spaced at 
intervals of nX and excited in phase (not derived here) 


f M sin (JVn r ate 7) 
AT sin (nir sin 7) * 


(» 1 ) 


The effect of a reflecting screen may be compnted 
by treating it as though it wm X/4 from the ^pole 
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as in Figure 62. In practice the spacing may be 



more nearly X/8 but for y less than 30® the method 
given here is satisfactory and avoids a complicated 
analysis. The path difference QR is (X/2) cos and 
the phase difference is r cos 7. Then 

» cos Oil — cos ((at — V cos 7) . (92) 

From the relation 

cos A — cos B * — 2 sin i (A + B) sin i (A — J?), 
it follows that equation (92) may be written in the 
form 


/x » - 2 Bin (uit cos 7^ sin cos 7^ • 
Dealing only with the rms value, 


sin ^ ^ cos 7 ^ 


(93) 


For small angles this factor is usually unimportant. 
Factors are given in Table 10 for some typical arrays 
with horizontal radiators in a vertical column and 
a reflector screen. 

Example 16. Vertical Pattern of an Antenna. Using 
the eight element array in Table 10, the relative 
intensity at angle of 5® from the horizontal is com- 
puted as follows. 


fA ~ cos (90 sin 5®) cos (180 sin 5®) 
cos (540 sin 5®) sin (90 cos 5®), 

* cos 7®6l' X cos 15®41' 

X cos 47®4' X sin 89®39', 

» 0.9906 X 0.9628 X 0.6809 X 0.9999, 

* 0.65. 


The main vertical lobe is plotted in Figure 63. The 
first null is at 9®36' and the half-power beam width 
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Fiqvre 63 . Vertical pattern of a typical antenna. (Ex> 
ample 16 .) 


is 4.53®. It will be noted that the effect of the 
reflector screen may be neglected for small angles. 

The pattern from a parabola is closely dependent 
on the feed system which controls the uniformity 
of illumination. To reduce side lobes it is common 
practice to taper the illumination toward the edge 
of the dish. This is accompanied by a broadening of 
the beam and a loss of gain. The half-power beam 
width for uniform illumination is 59X/D degrees, 
where D is the diameter of the aperture! The first 
side lobe is then about 2 per cent of the maximum. 
A typical dish with a tapered feed would have a 
half-power band width of 68.8X/D degrees. This 
reduces the first side lobe to 0.5 per cent. Some 
designs are further modified by deforming the dish, 
off-center feeds, etc., so that the patterns may not 
be easily computed. Such patterns are best obtained 
experimentally and are usually given in the manual 
for the equipment. 


Local Terrain Effects 

The vertical pattern of the antenna may be modi- 
fied by reflection from local flat areas or by diffraction 
over hills or other obstacles. To take these effects 
into account, factors are computed from the diffrac- 
tion equations which are used to modify the direct 
and reflected ray patterns. 

A detailed method of calculating f(y) cannot be 
given because of the great variety of sites encoun- 
tered. However, the following discussion of the 


Table 10 . Antenna pattern factors. 


Array with screen 

Vertical pattern/^ 

Two radiators spaced ~ 

cos sin 7^ sin cos 7^ 

Four radiators spaced | 

cos sin 7^ cos (r sin 7 ) sin cos 7 ^ 

Two sets of four radiators each 

cos sin 7^ cos (ir sin 7) X 

(Vertical QMudiig between 

/t \ 

centers dt sets is dx.) 

(Sr Sin 7 ) sin 
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diects of particular terrain features will suggest 
methods of combining them to analyze a particular 
site. 

A large, flat land area will in general produce lobes 
and nulls at angles given by equation (57) with an 
envelope twice as large as the free space pattern. 
If the land area is not level, the lobe pattern will be 
tilted by the angle of the land. However* the problem 
is essentially a matter of diffraction since the land is 
of limited extent. Equation (16) should be used to 
determine whether the area is sufficiently flat to act 
as a regular reflector. 

If the land is flat from the antenna out to a 
distance di the relative intensity of the reflected ray 
is when di ^ hi X cot 7 . This assumes the land 
beyond di to be nonreflecting and that the distant 
boundary acts as a diffracting edge. As dt increases 
further, the relative intensity increases to about 1.18 
and then decreases again and oscillates about unity 
in gradually decreasing swings. This is accompanied 
by a variation of phase. 

Several typical terrain problems will be solved in 
detail to illustrate the methods. 

Exai^le 17. Limited Reflecting Area. A 2(X)-mc 
radar, Figure 64, with an antenna as described in 

VtOFEir f«tooMe 



OffTANCCS| INFECT 

Fioure 64. Lobes from a limited reflecting area. 

Example 16, is 50 ft above a smooth reflecting surface 
(a lake) which extends from 600 to 3,000 ft. From 0 
to 600 ft and from 3,000 ft on is rough land. The 
shore line diffraction method will be used to deter- 
mine the effect of the reflection from the limited 
area upon the antenna pattern The vertical 
pattern is plotted from Figure 63 and shown dotted. 
To obtain the pattern for the reflected wave the 
shore at 600 ft is taken as a diffracting edge, and the 
relative intensity computed as a function of 7 as 
though the surface from 600 ft on were a perfect 
reflector. This is then repeated using the shore at 
3,000 ft. The difference b^ween these two functions 
is then the effect of the area between 600 and 3,000 
ft. From equation (83) forn «■ 1 

IX (50)* 1*1*; * 0.9 , 


»«» - X 1 - 1 + = 0.918 ; 

t's.ooo * 0.279 . 

From equation (78) 

^ _ 4X(50)V 

Weoo — 600 X 4 92 * ^ 8.000 — U.o7o . 

From Figure 27, using the plus sign for vsoo and the 
minus sign for Vg ooo, is obtained the relative intensity 

Zeoo ~ 1.073; ^ 3.000 ~ 0.375. 

The reflection factor for n = 1 is given by 

z * 1.073 - 0.375 == 0.698. 

From equation (57) 

1 y 4 00 

y = “ 4 *^ 5 (j ~ 0.0246 radian = 1 41® 

Other values are given in Table 11 . 


Table 11. Limited reflecting area. (Example 17.) 


n 

y 

Vcoo 

t'l.ouo 

Xsoo 

8|,ooo 

z 

fr 

f(y) 

0 

0 

+1.30 

+0.683 

1.177 

0 870 

0.307 

0.693 

0.693 

0.1 

0.14 

+ 1.26 

+0.498 

1.181 

0.810 

0.371 

0.668 

0.658 

0.4 

0.66 

+ 1.16 

+0.241 

1.164 

0.645 

0.519 

0.973 

0.973 

0.6 

0.70 

+ 1.11 

+0.166 

1.163 

0.692 

0.661 

1.147 

1.147 

0.6 

0.86 

+ 1.071 

+0.077 

1.142 

0.644 

0.698 

1 314 

1.314 

1.0 

1.41 

+0.918 

-0.279 

1.073 

0.376 

0.698 

1.700 

1.660 

1.6 

2.11 

+0.727 

-0.707 

0.960 

0.267 

0.703 

1.223 

1.137 

2.0 

2.82 

+0.636 

-1.136 

0 838 

0.186 

0 662 

0.349 

0.314 

3.0 

4.23 

+0.166 

-1.995 

0.692 

0.116 

0.476 

1476 

1.090 

4.0 

6.64 

-0.237 

-2.853 

0.393 

0.082 

0.311 

0.689 

0.386 

6.0 

7.06 

-0.619 

-3.710 

0.277 

0 067 

0 210 

1.210 

0.436 


The values of z multiplied by /a from Figure 63 
are plotted in Figure 65 as the reflected pattern. The 

^DIRECT MTTERN-fA 
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Fioubb 65. Components of the modified antenna for a 
limited reflecting area. 

resultant of the two vectors, /a and in terms of 
n is given by the cosine law: 

fr ** \/l + s* — 2s cos (ns*) . (94) 

Thus for n 0.1 

fr - V 1 + (0.371)* - 2 X 0.871 cos (0.1*) - 0.688 
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The product of /r and/^ is the modified antenna fac- 
tor f(y). This is plotted in Figure 64. With a larger 
reflecting surface^ the length of lobes would approach 
twice the value of /a* Figures 64 and 65 were drawn 
for purposes of illustration and would not ordinarily 
be required. 

Example 18. Cliff Edge Diffraction. A 200-mc radar, 
Figure 66, with an antenna as described in Example 



\2 X 3,000 ^ 

At 0.377® in the shadow region v « —0.377 X 0.61 
» —0.23. From Figure 27, z is 0.4. This angle, 
referred to the horizontal at the antenna, is 

-y * ♦ - 0.955 = -1.332®. 

Some other values are : 


>90 FEIT* 

CUFF eooe > zooo fcct 
f > coo MO 



DISTANCE df IN FEET 

Figurb 66. Cliff edge diffraction. (Example 18.) 

16, is 50 ft above a rough land surface, the top of a 
cliff whose edge is 3,000 ft away. 

The geometrical shadow line makes an angle with 
the horizontal of 

At this angle, the relative intensity, z » 0.5. Other 
values of z may be read from Figure 27 after con- 


7 “ z 

+3.536 0.917 

+1.060 1,18 

-0.955 0.50 

-8.335 0.05 

The modified antenna pattern f(y) is the product 
of z and and is plotted in F’igure 66. This pattern 
gives the factors for both the direct and reflected 
waves for the sea lobes. 

Example 19. Land Reflection and Diffraction. This 
site is similar to that of Example 18 except that the 
cliff top is smooth. This is shown in Figure 67. 



verting the angle of diffraction to v by means of ' 6,. Lanj diffraction. (Example 

equation (47). 19.) 



Fiooaa 68. Barth curvature effect on direct and image pg^tenui. Note: OH horiiontal at the antenna; CE borisontal at 

the reflection point 6 « ^ 

Ka 
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The smooth land causes land lobes to be formed 
as in Example 17 whiph furnish high angle coverage. 
The sea lobes are computed using the method of 
Example 18 for the direct and reflected rays. If the 
cliff top were tilted down, the land lobes would be 
tilted by the angle of the land. Speculation about 
complex sites yields many unusual patterns, but in 
practice the results are usually disappointing. Com- 
plex sites seldom have horisontal symmetry, and 
gaps in the coverage pattern may be expected. 
Attempts to reinforce the pattern in a particular 
direction by siting back from the cliff edge generally 
cause poor coverage at other angles. Best all-round 
CHL operation results from siting on cliff edges and 
exclusive use of the sea as a reflector. 

Earth Curvature Effect 
on Lobe Lengths 

The effect of earth curvature on lobe angles was 
described on pages 102-104. The angles to be used 
with the modified antenna pattern of the image 
antenna are affected by earth curvature, and there- 
fore the strength of the reflected wave is also affected. 
In Figure 68 is shown a radar antenna at height hi 
above the earth’s surface, with the center line of the 
antenna pattern parallel to (jff, the horizontal at 
the base of the antenna. Because of diffraction at a 
cliff edge the modified antenna pattern /( y) is unsym- 
metrical as in Example 18. The lines GH are parallel 
to the horizontal at the antenna. The line CE is 
horizontal at the reflection point and makes an angle 
9 with QH, The target is at an angle y with respect 
to OH. The incident and reflected rays make the 


angle 7 — with CE. It will be noted that the 
direct ray makes the angle 7 iS with the centerline 
of the antenna pattern, and the reflected ray makes 
the angle 7 — 2^. 


Coefficient of Reflection 

The coefficient ot reflection of, the reflecting surface 
is in general complex. That is, both the magnitude 
and phase of the reflected wave are affected. The 
reflection coefficient varies with the conductivity and 
dielectric constant of the reflector and with the 
frequency, polarization, and angle of incidence. 
Careful consideration should be given to the rough- 
ness of the surface, and a substantial reduction in 
the coefficient should be made when the height of 
roughness is comparable to that computed from 
equation (16). In general the reflection obtained 
with microwaves is of minor iniportance. 

The magnitude and phase angle of the reflection 
coefficient ai>e plotted as functions of the angle of 
reflection, ^ in Figures 69 and 70. Curyes are given 
for horizontal and vertical polarization and for the 
extreme conditions of sea water and dry* soil. For 
dry soil the reflection coefficient is not sensitive to 
frequency changes, and the 100-mc curve may also 
be used for 3,000 me. 

For most purposes the reflection coefficient for 
horizontal polarization may be taken as unity, and 
the phase angle as ISQ**. The use of these values 
simplifies computations. 

The coefficients of reflection and phase angle for 
vertical polarization vary rapidly with frequency 


f IN OeSNCES 



Fioubb 69. Reflecting ooefficie&t curves. 
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^ AN«LE OF REFteCTION IN RADIANS 


Fioore 70. Phajse of reflection coefficient curves. Note: Solid curve represents seawater. Dotted curve represents dry soil. 


and angle of reflection for sea water and more 
gradually for dry land. The minimum point iof the 
curves in Figure 69 is known as the pseudo-Brewster 
angle corresponding to a similar angle in optics. 


Table 12. Terrain reflection characteristics. 


Type of terrain 

fr 

cr, mhos 
per meter 

Fresh water 

81 

io-» 

Sea water 

81 

1 

Rich soil 

20 

3 X 10-» 

Heavy clay 

13 

4 X 10-« 

Rocky soil 

14 

2 X 10~» 

Sandy dry soil 

10 

2 X 10"> 

City~*indu8trial area 

6 

10-* 


Cases not covered by Figures 69 and 70 may be 
computed from the following equations. 

Vertical Polarizaiim: 


p exp 


fesin^ - Ve, - C08»i^ 
tc sin^ 4- — co8*1^ ’ 


Horizontal Potarizaiion: 


pexp - 


\/€e - CQS^ Sk - sin ^ 
— cos* > 1 ^ -f sin ^ ^ 


(96) 


where ^ » the angle of reflection measured from the 
horizontal; 

*• €r j/flOlfX; 

ir «« dielectric constant of the reflector relar 
tive to air; 


(T = conductivity of the reflector, mhos per 
meter; 

X = wavelength, in meters; 

0 ~ phase angle, lagging. 

Some typical ground constants are given in 
Table 12. 


Divergence 


The reflected wave is scattered somewhat by being 
reflected from the spherical surface of the earth 
instead of a plane surface, and this reduction of field 
strength is taken into account by the divergence 
factor. This is dependent on geometrical considera- 
tions and may be expressed as follows (for 7 ' < 3®) : 


1 


4 


I + 


nX 


(97) 


2(5,280)* (yV 
where n is the lobe number, 

X is the wavelength, in feet, 

7 ' is the reflection angle, in radians, obtained 
from equation 60. 

A convenient chart for obtaining D is given in 
Figure 71. The parameters are 7 ' in radians and nX, 
with X expressed in feet. 

As 7 ' approaches zero, n also approaches zero, and 
the equation is indeterminate. At the point of tan- 
gency of the line of sight and the earth, D is 0.5773. 
At low angles the field is modified by diffraction 
around the curved earth. The lower limit of the angle 
7 ' for which the optical treatment is valid is usually 
given by 


7 ' > 


> 0.00382 ^ , 


( 98 ) 





Fiourg 71 Divergence factor graph. 


where A; is ^ and X is in feet. 

For angles below this limit the theory for diffrac- 
tion of radio waves around the earth is required for 
a rigorous solution. However ^ in practice it is found 
ihat angles as low as the first maximum (n » 1 ) may 
he treated by the ray theory with little error. 

Applying equation (98) to Example 11 
7 ' > 0.00382 « 0.0066 radian. 

In Table 6 this corresponds to n » 2.25. However 
using n « 1 and 7 ' « 0.0036 the divergence factor 
D is found from Figure 71 to be 0.58. For angles 
below 7 ' * 0.0036 it is necessary to estimate D. 
Experience indicates that a fair minimum value to 
select for D is 0.6773. For angles much below the 
first maximum^ the optical treatment gives values 
of field strength which are too low because it neglects 
diffraction. This may be compensated in part by 
using values of D between 0.5773 and 1.0. 

Lobe Lengths 

The contributions of the direct and reflected waves 
may now be added to obtain the length of the lobes. 


L = [/(7) ±/(7 - 20)zpD]do (99) 

where L is the distance to the end of the lobes or 
the nulls, in miles, do is the maximum range (in 
miles) at which a given response (usually the mini- 
mum detectable signal) would be obtained if the 
antenna were in free space. If the lobe diagram were 
plotted for some signal level above the minimum 
detectable, do and I would be correspondingly 
smaller. 

Example 20. Lobes for a Medium Height Radar. A 
200 -mc radar using horizontal polarization has an 
antenna composed of two groups of dipoles spaced 
three wavelengths between centers, each group 
having four dipoles spaced X/ 2 , as in Example 16. 
The antenna is 500 ft high and 3 miles inland as in 
Examples 11 and 15. It is desired to compute the 
vertical coverage pattern. 

From previous tests on this t 3 rpe of equipment it 
is known that the maximum range that would be 
obtained in free space do is 80 miles* Sinoe the 
polarisation is horizontal, p irill be taken as unity. 
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Precifflon is not required for most of this kind of 
work, and it will suffice to compute values for equa- 
tion (99) at each integral value of n and to consider 
the values for odd n’s (with the plus sign) as the 
average of the lobe. The lobe shape will be taken 
as sinusoidal and the range at the nulls obtained by 
using even values of n and the minus sign; f{y) and 
f(y^ 2$) are obtained from Figure 63, by using 
values of y and y — 2$ from Example 11 corres- 
ponding to integral values of n. The values of z are 
obtained from Example 15. The computations are 
shown in Table 13. Had cliff edge diffraction been 
involved f{y) and f(y — 2$) would be read from 
curves a!S in Example 18 with marked effects on 
the pattern. 

The lobes are plotted in Figure 46 using eqliation 
(74) and the value of L for odd numbered n's. For 
intermediate values of n the factors are: 


Fractional value of n sin (90^ n) 

0.33 0.500 

0.60 0.707 

0.70 0.891 


Using these three (>oints above and below the lobe 
line and the maximum and minimum values from 
Table 13 the lobes may be plotted quickly as 
explained in Example 14. 

Table 13. Lobes for a medium-height radar. (Example 20.) 


n f(y) fiy— 2$) z D 2(?) f{y) i » 

n fWm z U f{y^20)pzD ^ 


0 0.999 0.999 1.036 0.577 

1 1.000 0.998 1.083 0.580 

2 0.999 0.997 0.980 0.735 

3 0.999 0.994 0.884 0.823 

4 0.997 0.992 0.938 0.890 

5 0.992 0.989 1.082 0.912 

6 0.989 0.987 1.170 0.933 

7 0.985 0.981 1.156 0.942 

8 0.980 0.978 1.073 0.959 

9 0.976 0.972 0.953 0.963 

10 0.970 0.967 0.826 0.968 

11 0.963 0.961 0.696 0.973 

12 0.958 0.952 0.582 0.979 

13 0.950 0.947 0.459 0.981 

14 0.941 0.939 0.377 0.984 

15 0.932 0.929 0.308 0.987 

16 0.923 0.920 0.261 0.989 

17 0.913 0.910 0.223 0.991 

18 0.903 0.900 0.192 0.992 

19 0.893 0.890 0.170 0.992 

20 0.881 0R79 0.150 0.992 

21 0.871 0.869 0.135 0.992 

22 0.857 0.853 0.121 0.992 
28 0.844 0.841 0.111 0.992 


-0.597 

0.402 

32.2 

-fO.627 

1.627 

130.2 

-0.718 

0.281 

22.5 

-1-0.723 

1.722 

137.8 

-0.828 

0.169 

13.5 

H-0.976 

1.968 

157.4 

-1.077 

0.'088 

7.0 

+1.068 

2.053 

164.3 

-1.006 

0.026 

2.1 

+0.892 

1.867 

149.4 

-0.772 

0.198 

15.8 

+0.651 

1.614 

129.1 

-0.542 

0.416 

33.3 

+0.426 

1.376 

110.0 

-0.348 

0.593 

47.4 

+0.282 

1.214 

97.2 

-0.237 

0.686 

54.9 

+0.201 

1.114 

89.1 

-0.171 

0.782 

58.6 

+0.150 

1.043 

83.5 

-0.131 

0.750 

60.0 

+0.116 

0.987 

79.0 

-0.102 

0.755 

60.4 

+0.093 

0.937 

75.0 


The General Lobe Formula 

The assumption of a sinusoidal lobe shape and the 
neglect of the phase of reflection and diffraction in 
the preceding section may in some cases lead to 
considerable enor, especially when the direct and 
reflected waves are very different in strength. In 


general a more accurate method is required for sites 
over 1,000 ft in height, where vertical polarization 
is used or where it is desired to know the lobe shape 
in detail. The method given in this section provides 
a general solution of the coverage problem in the 
optical region (except along the bottom of the 
first lobe). 

The development of the lobe formula will be 
reviewed, and equation (99) will be given in a some- 
what different form. The expression for the electric 
vector due to the direct wave is 

JS* = ^ f(y) exp ( - j2 . (100) 


For the reflected wave 

Sr “ ^/(7 - 20) A exp ( - j2 ir , (101) 


where Ed = electric field intensity at the target 
due to the direct wave, microvolts 
per meter: 

Er = electric field intensity at the target 
due to the reflected wave, microvolts 
per meter; 

El = electric field intensity at 1 mile in 
the equatorial plane of the antenna, 
microvolts per meter; 

f{y) « modified antenna factor for the direct 
wave (page 114); 

f{y — 2^) =* modified antenna factor for the 
reflected wave (page 118); 

R = h complex factor for the reflected 
wave given by 

R ^ Dpt {expl-j(* + f)l} ; (102) 

where D = divergence factor (page 
119); 

p exp (—70) = complex reflection factor (page 
118); 

xexp (— jf) — complex diffraction factor (pages 
111-114). 


The net field at the target is 

Er ^ Ei Er , 


Er 


El 

d 


f{y) +/(7 - 20) 


Dpe{expl-i(*-ff -!-«)]} 


(103) 


considering only the absolute value of Er and taking 
f as ra » d except where the path difference is 
involved. The path difference phase shift is 


a 



Td) . 


(104) 


Equation (103) may for convenience be written 

\Er'\~^A. (105) 

The taiget is assumed to have a complicated form 
and to be changing its aspect constantly. The 
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reflected energy is considered to be of random phase 
and magnitude. The magnitude of the reradiated 
field (microvolts per meter at a distance of 1 mile 
from the target) is found by using a coefficient of 
reradiation, Pr, which varies with the target and 
aspect. 

The received field intensity is by the reciprocity 
theorem : 

= (106) 
Substituting from equation (105) 

For a particular coverage contour, such as the 
threshold of detection, usually taken as a signal-to- 
noise ratio of unity, a minimum received field inten- 
sity I Ef; I may be assumed. This is related to receiver 
noise voltages, antenna .gain, and other factors of 
design. Using | | for | Jg; | and solving for d 

^ \l^\ En \ ^ ^ 

Because of the way in which Ei and pr are defined, 
do, the maximum free space range, has the dimen- 
sions of length (in miles). It depends on the design 
of the transmitter and receiver and on the target. 
A may be considered a coverage factor which depends 


on y and terrain effects, 

Because of the implicit character of the parameters 
of A in equation (103), a general solution of A as a 
function of -y is not feasible. However, examination 
of typical problems discloses that the range of varia- 
tion of some of the factors is limited, and a method 
of successive approximations may be readily applied. 
In most cases 4> and f will vary slowly (about as 
fast) compared to B below 2® or 3®. At higher angles 
the rate of change may be faster, but contribution 
of the reflected wave at these angles is likely to be 
unimportant. 

The method described here consists in computing 
the lobe angles, diffraction, and divergence as though 
the only phase shift involved was that due to path 
difference as given on pages 102- 104, 111-11 1, 119. 
The phase shifts from the apparent lobe anglers thus 
computed arc then determined. The diffraction phase 
shift is and the reflection phase shift u 

0' « ^ - 180®, (108) 
where 4> is obtained from Figure 70. If horizontal 
polarization is used 0 may be taken as 180®, and 
is then zero. With curves of the phase shift 
-j- f and the product /(y - 2e)Dpz plotted 
against y the apparent lobe angles* and lengths 
computed above may be corrected to obtain the 
actual values. The details of this method will be 
given in the example below. 



Fioum) 72. Relative iioagnitude a&d phaee of the reflected tay. 
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Example 2L The General Lobe Formula, An inter- 
rogator eqiiipment is used with the radar of Example 
20. It operates on 160 me; the height of the antenna 
above the sea is 500 ft; and thb distance to the shore 
is 15,840 ft. The intervening land is too rough for 
coherent reflection. The antenna consists of two 
vertical radiating elements and parasitic reflectors. 
The radiators are approximately a half wavelength 
long and spaced a half wavelength apart. The maxi- 
mum distance. at which reliable interrogation may 
be obtained in the absence of a reflecting surface 
has been found to be 110 miles for this particular 
equipment. It is desired to construct for this site 
the vertical coverage diagram of the interrogator 
system. 

The vertical pattern of a vertical half-wave dipole 



Since this factor is over 0.98 for angles up to 10 
degrees, f(y) and f{y — 26) will be taken as unity. 
The lobe angles are then computed neglecting ^ and 

as in Example 11. Diffraction and divergence are 
computed as in Example 15 and as on page 119 . The 
results of these calculations are listed in Table 14. 

The values qf p and <t> depend on 7' and are read 
from figures 69 and 70. Using equation (108), 0' 
is obtained and added to f . The sum -f f is the 
net phase shift of the reflected wave from the values 
used in computing the lobe angles and is plotted 
against 7 in Figure 72. For purposes of comparison 
h has also been plotted, but this curve is not required 
otherwise The product Dfa is the relative strength 
of the reflected ray and is plotted in Figure 72. 

The points on the coverage diagram are obtained 
in polar form from equation (107). 


d » mVi + (Upz)’ - 2Dpz cos (0' -f r + fi) . 

The vector representing the reflected wave is shifted 
in the lagging direction by 0' -f f degrees when this 
sum is positive, and in the leading direction when 
the sum is negative. The effect of this phase shift 
on the point on the lobe being considered may be 
determined by inspection of Figure 72. 

Thus, to deteunine the first majdmum point the 
following procedure may be used. At n « 1 the 
angle 7 is 0 001 1 radian and 0' -f f is — 14.8 degrees. 
This means that for the cosine term to be —1 the 
path difference must be increased until 8 is 194.8 
degi’ees. The angle ya at which this value of 8 occurs 
is found by interpolating between 0 00110 and 
0.00492 since 8 changes from 180® to 360® in this 
interval. This angle is then 0.00141 radian. Had the 
angle 0' -f f changed appreciably from 0.00110 to 
0 00141 the interpolation would be repeated using 
the new value of .0' -f f. In most cases the new 
value of 0' -j- f may be estimated from the curve, 
and the first approximation will be close enough. 

At 0 00141 radian Dpz is 0.501 Substituting this 
value: 

d = iiovr+'((r 5 or)^ 2 x 0501 x (-d 

= 165.0 miles , 

which is laid off on the coverage diagram at an angle 
of 0 00141 radian. As many other points as required 
to sketch the diagram may be computed in a similar 
fashion. For an intermediate point it is convenient 
to use the net angle equal to 90® since the equation 
then reduces to 



The angles of the lobes have been listed in Table 14 
under ya and the lobe lengths under d. 



Fiouaie 73. Coverage^agrun for Example 21. 
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Table 14. The general lobe formula. (Example 21.) 


n 

7' 

radiami 

y 

radians 

z 


r* 

D 

74 

radians 

d 

0 

0 

-.00600 

1.061 

— 

2.86 

1.000 

-.00589 

0 

1 

.00421 +.00110 

0.920 

— 

6.27 

0.640 +.00141 

165.0 

2 

.00712 

.00492 

0.897 

+ 

3.04 

0.792 

.00527 

48.5 

3 

.01000 

.00835 

1.039 

+ 

7.56 

0.862 

.00858 

180.5 

4 

.01296 

.01163 

1.158 

+ 

2.76 

0.908 

.01206 

36.3 

6 

.01595 

.01485 

1.158 

— 

6.04 

0.938 

.01667 

178.6 

6 

.01897 

.01802 

1.067 

— 

10.88 

0.955 

.01^94 

52.7 

7 

.02200 

.02119 

0.930 

— 

15.00 

0.963 

.02225 

155.6 

8 

.02500 

.02428 

0.779 


15.00 0.969 

.02544 

66.5 

9 

.02810 

.02744 

0.648 

— 

11.00 

0.973 

.02860 

137.0 

10 

.03110 

.03051 

0.500 


0.00 

0.982 

.03161 

89.1 

11 

.03420 

.03365 

0.408 

+ 17.18 

0.984 

.03453 

126.4 

12 

.03720 

.03669 

5.332 

+ 

43.0 

0.987 

.03731 

96.6 

13 

.04060 

.04005 

0.267 

+ 

74.4 

0.991 

.04024 

120.6 

14 

.04330 

.04288 

0.222 

+ 108.9 

0.991 

.04253 

100.7 

15 

.(H640 

.04600 

0.190 

+ 1.54.6 

0.992 

.04493 

117.7 

16 

.04950 

.04912 

0.165 

+206.2 

0.993 

.04894 

103.0 

17 

.05250 

.05216 

0.143 

+263.3 

0.993 

.05010 

116.6 

18 

.05560 

.05528 

0.129 

+326.2 

0.994 

.05264 

104.0 

19 

.06870 

.05840 

0.114 

+412.3 

0.995 

.06479 

115.6 

20 

.06170 

.06142 

0.104 

+492.6 

0.997 

.05694 

104.5 

21 

.06480 

.06454 

0.094 

+590.0 

0.998 

.05909 

114.6 

22 

.06780 

.06766 

0.089 

+687.0 

0.998 

.06127 

106.6 

23 

.07090 

.07067 

0.081 

+813.0 

0.998 

.06436 

114.2 


The vertical coverage diagram is shown in Figure 
73. The lobe maxima and minima and the 90-degr^e 
points have been sufficient for sketching the lobes 
except on the first lobe where a few additional points 
have been computed. When the net angle is 60 
degrees, the field strength at the bottom of the first 
lobe is equal to the free space field. At ranges shorter 
than this the reflected wave opposes the direct wave. 
Directly under the antenna the contour passes near 
the surface so that the waves are very nearly in 
opposition. Because of the variation in Dfa with y 
the maxima will not occur exactly when the cosine 
is unity, but this effect is generally negligible. 

CALIBRATION AND TESTING 

One should not infer from the foregoing that a 
reliable coverage diagram can be obtained by calcu- 
lation alone. Under field conditions it is necessary 
to make test flights and other checks before equip- 
ment can be depended upon to meet a calculated 
performance. On the other hand it is seldom possible 
or desirable to obtain a satisfactory coverage diagram 
from tests alone. Best results are attained when tests 
and analysis supplement each other. 

Test flights are arduous, expensive in personnel 
and materials, and time consuming. In most theater^ 
a number of agencies become involved, and careful 
planning and organization are required to achieve a 
useful result. For these reasons the amount of test 
flying should be held to a minimum by intensive 
analysis and equipment tests before and after the 
test flif^ts. 

Equipment Tests 

It is difficult to overemphasize the. importance of 
proper equipment maintenance. An unfortunate ten- 
dency of inexperienced personnel is to maintain on an 


emergency basis, rather than as a matter of system- 
atic routine. In most cases the need is for a careful 
check of all elements and restoration to as-good-as-new 
condition, rather than a brilliant intuitive process 
known as '^trouble shooting.” One survey of a large 
number of systems disclosed an average reduction 
from optimum performance of 13.6 db. This corre- 
sponds to a maximum range of 50 per cent of normal. 
Careful tests have shown the use of “standard tar- 
gets” to be very misleading in many cases. Large 
changes in* the maximum ranges of small targets 
were found without appreciable changes in the 
strength of the permanent echoes used for checking 
purposes. 

Full use of test* instruments available should be 
made in checking the equipment. Orientation should 
be completed and the accuracy of range and hzimuth 
indicators checked. Tuning and modifications should 
be done before the test flights are made, unless the 
tests indicate poor performance. A great handicap 
in this work is the lack of absolute measures of power 
output, but much may be done with echo boxes and 
field intensity meters. 

Signal Measurements 

Several methods are used for recording signal 
strengths, and the*»e determine the type of receiver 
calibration required. Estimation of signal-to-noise 
ratios by means of scales on the face of the scope 
requires some means of specifying the gain setting. 
The means used, such as height of noise, position of 
gain dial, and so forth, should be calibrated with a 
signal generator so that there is an assurance of 
adequate sensitivity and a way of checking the 
measurements. The saturation line on the scope is 
assigned a height of 10, and the signal and noise 
heights are read in proportion. Ratios in excess of 
10 are usually read as 10+ . This method requires 
considerable skill on the operator's part and is 
limited in scope. In Figure 74 is shown a calibration 
curve on a typical “square law” receiver. In the circle 
is represented a signal on an A scope which would 
commonly be read as a signal-to-noise [S/N] ratio 
of 8. Actually the ratio of receiver inputs correspond- 
ing to the signal and noise heights is 8.5/3.25 or 2.6. 

A considerable improvement over the above 
method may be obtained as follows. An index line 
is drawn on the face of the A scope about an inch 
from the baseline. To measure a signal it is brought 
to the index line by adjustment of the gain control, 
and the gain control voltage is recorded. The gain 
voltage required to bring the noise to the index line 
is also noted occasionally during the test. A calibra- 
tion curve is made using a pip signal generator or a 
modulated signal generator connected to the receiver 
input. The gain voltage required to bring the signal 
to the index line is measured for various inputs. 
Gain voltage readings on the test target and noise 
are converted by means of the curve to equivalent 
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input voltages. Test data may be conveniently 
plotted as decibels above noise after this conversion. 
It should be noted that the calibration depends upon 
the type and percentage of modulation. 

A third method involves calibration of the gain 
control dial by comparison of permanent echoes. 
Three lines are drawn on the scope face such as 
1, and in. from the baseline. The position of the 
gain dial with the noise at ^ in. is marked 0 db. A 
permanent echo is selected which comes to the 1-in. 
line at this setting. The gain dial is then turned to 
bring this echo to the }^in. mark, and this position 
of the dial is marked 6 db. Another echo is then 
selected which is 1 in. high, and it is brought down 
to in. by further adjustment of the gain dial. This 
position is marked 12 db. In this manner the gain 
dial may be calibrated over the fAll range of adjust- 
ment. It may be necessary to change the series 
resistor on the gain potentiometer to spread the 
working part of the scale over a sufficiently wide 
angle. A common difficulty with this method is lack 
of suitable permanent* echoes (see page 92 ). 

A fourth method is suitable for microwave gear 
where search is conducted with a PPI scope. As the 
beam sweeps past the target a hit or miss is recorded. 
If desired, Additional note may be made such as miss, 
very weak, weak, or hit. In analyzing the data the 
percentage of hits in an arbitrary period of 30 sec is 



plotted agaihst range, counting very weak signals 
or stronger as a hit, as in Figure 75. The data may be 
scattered, but it is not difficult to decide the range 
at which the percentage of hits is 50 per cent. This is 
taken as the. maximum range. At lower altitudes 
a lobe structure may be detected, indicating ground 
reflection. 

Conduct of Test Flights 

The test planes should have two or more engines. 
Slow-speed, high-ceiling, long-range planes are most 
desirable. They should be equipped with navigational 
aids such as radio compass, DF system, and loran, 
and full complement of communication sets, trans- 
ponders, and altimeters. For positive identification 
in regions of high traffic density, a distinctive IFF 
(identification friend or foe) response is essential. 
Mark II transponders may be readily modified in 
the VHF band to give a double pulse by shifting 
the condenser rotors. 

Tests are conducted by flying out from the station 
and returning at a specified altitude to a range 
estimated to be about 10 per cent beyond the maxi- 
mum of the lobes. Suitable altitudes are from 5,000 
to 20,000 ft. Little is learned from tests below 1,000 
ft since nonstandard propagation effects are most 
pronounced in this region. 

Data should be taken by specially trained opera- 
tors as considerable judgment is required. Where 
feasible, flights over sea should pass near landmarks, 
etc., to check navigation. Other radars and agencies 
should be employed to assist the test plane in holding 
its course. The permanent echoes should be noted 
during the test and compared with average condi- 
tions so that an estimate of nonstandard propagation 
may be made. Similar checks should be made at other 
nearby radars. 
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Figure 76. Typical signal«to-noise test data. 


In Figure 76 is shown a signal-to-noise graph for 
a station similar to Example 20. The noise is set at 
a relative height of 1, and the signals are read in 
proportion as the plane comes in. The weak signals 
at medium ranges are due to shore line diffraction. 
The peaks correspond to lobe maxima and ranges at 
S/N 1 to the locations of the lobe contour at 
12,000 ft. The receiver in this case is of the “linear^* 
type, and the lobe maxima may be obtained by 
extrapolation. Along a line of constant path difference 
such as the maxima of the lobes the signal4o-noise 
ratio varies as the inverse square of distance. Thus 
the fourth lobe has a peak S/N ratio of 6 at 68.5 
miles, and the lobe length is L * 68.5 y/Q « 167.5 
miles. 

In practice the length computed in this manner 
would be compared to those obtained from tests at 
other altitudes. Notes made during the test and other 
factors would be considered and the data weighted 
accordingly. For example, at 90 miles the S/N ratio 
is 2 and the percentage error is probably greater than 
on the reading at 68.5 miles. The location of points 
on the lobe cannot be read with accuracy from Figure 
76 at S/N » 1 since this is threshold data which 


may be in considerable error. 

To determine the maximum free space range F, 
the lengths of the lobes obtained from the test data 
may be listed along with the site factors from equar 
tion (99) or equation (107). A value of F is then 
selected which will most nearly fit the test data. 
Variations in performance of the equipment affects 
the lobe lengths in proportion. Variations from the 
standard atmosphere assumed will shift the position 
of the lobes, particularly at low altitudes. 

Where better accuracy is desired or the receiver is 
nonlinear, the calibrated receiver method is required. 
Such data are recorded as gain voltage; range, and 
time. For each gain voltage, the equivalent receiver 
input voltage is read from a calibration curve such 
as Figure 74. The equivalent value of the noise 
voltage of this set is 30 /*v. Dividing the equivalent 
receiver signal voltages by 30 gives the S/N ratio 
which is plotted against range in Figure 77. The 
lobes are identified by reference to a lobe angle 
diagram. The extrapolated lobe lengths may be listed 
as follows: 

Height, feet Length of lobes, miles 
12 3 4 

20.000 ... 243 196 235 

10.000 159 212 169 162 

5,000 156 216 163 158 

The 20,000-ft data were taken laot and indicate the 
effect of certain equipment adjustments. The ability 
to maintain this performance is one of the questions 
to be considered in arriving at a weighted average 
value of lobe lengths. Comparison > 0 ! these lobe 
lengths with the computed lobe factors will indicate 
a fair value to be used for the free space maximum 
range. 
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Fioube 77. Test flight data from a oalibratad raoalver. 





Chapter 12 

VARIATIONS IN RADAR COVERAGE 


V ARIATIONS IN COVERAGE of radio and radar 
equipment are caused by atmospheric factors 
which influence propagation of very short radio 
waves. 

The rapid and accurate evaluation of radar signals 
is dependent to a great extent upon our knowledge 
and understanding of the effects produced by the 
variable conditions of the lower atmosphere. 

Evaluation of radar signals influenced by weathei 
introduces problems of identification, actual range 
determination with second or third sweeps, and radai 
coverage characteristics, each having a direct bearing 
on the tactical situation. 

Eflemy ships far beyond the horizon have been 
located by radar and sunk by radar-controlled gun- 
fire. United States warships in the Pacific, in several 
instances, have picked up targets by radar at ranges 
four to five times those obtained under standard 
conditions. 

Army coastal radars have tracked convoys on 
some occasions to 20 or 30 miles beyond normal 
radar ranges. The same radars, a few hours later, 
may have failed entirely to pick up targets clearly 
visible to the eye. 

Allied forces are employing radar and VHF (very 
high frequency) equipment with steadily increasing 
effectiveness. But we are forced to revise and improve 
our early conceptions of the capabilities and limita- 
tions of these useful instruments of World War II, 
Serious errors and false evaluation of radar presenta- 
tion may result if we do not take into consideration 
the effects of weather and atmosphere on radar 
ranges and VHF coverage. 

Complete reports of the variability of radar cover- 
age show that certain weather and atmospheric 
conditions prevailing along the transmission path 
may greatly modify the normal range characteristics 
of radar and VHF radio. The operator, at certain 
times, can '^see^' targets or hear messages far beyond 
the horizon, sometimes at unbelievable distances. At 
other times he is unable to contact, by radar or 
VHF, aircraft Or surface craft well within the normal 
range limit. 

These effects of a nonstandard atmosphere might 
leave doubt in our minds as to the effectiveness of 
radar and the usefulness of VHF radio. But we should 
adopt the reverse view. We can, by understanding 
(and allowing for these phenomena, make a useful 
instrument more effective— the weather will work /or, 
instead qf againd, radar and microwave equipment. 

Unusual ranges are caused by bending or refraction 
of the radio waves by the atmosphere. A most import- 
ant special case of refraction is the concentration of 


the wave energy in ducts within the atmosphere. 
This bending and duct formation is a direct result of 
the meteorological factors involved — ^factors of 
weather and atmosphere— -peculiar, in many cases, 
to the locality and the season. Such factors are dis- 
cussed later. 

BENDING 

The VHF or radar operator usually assumes that 
short waves and microwaves, at frequencies above 
about 30 me, travel along the line of sight from the 
transmitter to the receiver and, in the case of radar, 
to and from the target. Experience has shown that 
this assumption, nearly true in many instances, may 
lead to serious errors or false evaluation if applied 
to radar operation and microwave communication. 

Radio waves are bent from a straight line path as 
a result of refraction by the lower atmosphere. This 
bending, or refraction, is generally recognized as a 
property of light. It is equally a property of radio 
waves. The underlying principles are exactly the 
same in both cases. 

The quantity that determines refraction is called 
the index of refraction. Refraction occurs whenever 
there is a change of index of refraction, as at the 
boundary of two substances. In the interior of a 
material of constant refractive index, the rays travel 
in a straight line. The change in angle at the bound- 
ary is the larger, the greater the difference in refrac- 
tive index from one material to the next. 

Radio waves are refracted or bent in the atmosphere 
because the index of refraction of the atmosphere 
changes with height. The properties of the atmos- 
phere which determine the refractive index and which 
change with height are temperature, pressure, and 
moisture content. These changes from one level to 
another are very small compared with that from 
water to air, and the resulting refraction itself is 
small. Nevertheless this refraction is of great import- 
ance in radar operations and radio communications 
above 30 me. 

If the atmosphere were composed of a number of 
successive layers each having a different index of 
refraction, a wave passing across the successive boun- 
daries of the layers would be abruptly deflected at 
each surface. The atmosphere does not consist of such 
distinct layers. Instead, the change in its physical 
properties and its index of refraction is grsulual, 
continuous. There is, then, no sudden change in 
direction of the waves; the change in direction 
becomes gradual and continuous. In other words, a 
bending of the waves occurs as they pass through 
' the atmosphere. Radio waves passing through the 
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Figure 1. Actual pattern showing radar coverage for standard propagation. 



Figure 2. Modified presentation of the information shown in Figure L 


lower atmosphere are usually bent downwards. 

As can be seen from the illustration of the actual 
pattern (Figure 1), the bending of the waves, or rays, 
by the atmosphere permits one to see farther than 
he would otherwise. In the figure the vertical dimen- 
sions have been strongly exaggerated so that the 
earth’s curvature becomes clearly visible. Under 
average weather conditions the horizon distance is 
increased by about 15 per cent, but at an elevation 
near the first lobe the increase in range is much less 
than this amount. This is the case of standard 
refraction, or standard propagation. 

It is rather inconvenient to draw cuiwed rays in 
mdar coverage and calibration diagrams. This can 
be avoided by assuming that the earth’s radius is 
% the actual radius. Then in the diagrams the rays 
appear as straight lines when the propagation is of 
the standard type. This method often is adopted in 
rad^r calibration practice, with coverage diagrams 
drawn or printed to the % value of the earth’s radius 
(see Figure 2). This corrects for the effect of normal 
bending in the atmosphere. The radar operator 
merely plots the position of his target on such a 
diagram and assumes that the radiation travels along 
a straight line between the radar and the target. In 
this way he takes into account the effects of standard 
refraction while doing his work. 

Wave propagation deviating from standard occurs 
under special weather conditions. The most import- 
ant type is called ^^guided propagation/’* '^trapping/’ 
or ^‘superrefraction”— formerly referred to as 
anomalous propagation. The main feature of this 


type of propagation is an excessive bending of the 
rays due to refraction. This bending occurs prin- 
cipally in the lower layers of the atmosphere and 
mainly in the lowest few hundred feet. In certain 
regions, notably in warmer climates, excessive bend- 
ing is observed as high as 6,000 ft. The amount of 
bending in regions above this height is almost always 
that of the standard atmosphere. 

As a consequence of the excessive bending in the 
lower layers the coverage pattern of a radar set is 
deformed, as illustrated in Figure 3. The fact that 



Figure 3. Radar lobe pattern in nonstandard atmos- 
phere. A duct has been fonped on the surface of the 
ocean and a ship is detected. Lobe No. 1 is,bent down- 
wiurd more than normal, but the other lobes remain sub- 
stantially unchanged by the duct. 

atmospheric infiuences are effective only in the lower 
layeie does not im{dy that the echo strength from a 
te^t will be affect^ only as it Ues in these Igyers, 
though the effects will be strongest there. It nmrdy 
means that exeesrive bending is suffered by tiie rays 
only edipe passing throui^ tfae lower layers. How^ 
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ever, the deformation of the coverage pattern itself 
win in general extend to a greater height. 

Two factors are operative in producing a rapid 
change of refractive index with height: variation of 
moisture with height and variation of temperature 
with height. Excessive refraction occurs when there 
is a rapid decrease of moisture with hei^t (^^moisture 
lapse”) and, to a lesser degree, when there is a rapid 
increase of temperature with height (“temperature 
inversion”). The most pronounced cases of excessive 
refraction occur when both these conditions prevail 
at the same time. These conditions will be discussed 
later from the meteorological viewpoint. 

Since the atmosphere is a very tenuous substance, 
the amount of refraction, that is, the amount of 
angular deflection of the rays, is very small and in 
no case exceeds a fraction of a degree. How then can 
these small effects influence radar operations? The 
answer is that they do not influence operations unless 
the angle between the ray itself and the horizontal 
is very small. If radar is used for fire control, search- 
light control, or fighter intercept control, the targets 
are usually at inedium or short ranges, and the angle 
between the line of sight and tbe horizontal is usually 
larger than one to two degrees. Refraction has 
practically no effect on such an application of radar. 

However, the same equipment may be used for 
long-range search and then the story is different. 
With early warning radar the target may be an 
airplane 50 or 100 miles away, and it may fly at an 
elevation of only a few thdusand feet. In this case 
the angle of elevation of the target above the hori- 
zontal, as seen from the radar, is only a fraction of 
a degree. This applies still more to seaborne targets. 
The atmospheric effects then become operationally 
important. It should always be kept in mind that 
only low-angle search is affected fly meteorological 
conditions. 

As a rule, the operational characteristics of a radar 
for angles of elevation of the target exceeding 1 
degree may be calculated on the assumption of a 
standard atmosphere, with confidence that all non- 
standard meteorological effects are negligible. 

GUIDED PROPAGATION 

It is obvious that excessive bending of tbe rays in 
the lower layers of the atmosphere must distort 
radar coverage patterns. One case of special import- 
ance is illustrated in Figure 4. Four rays, out of 
many, are shown which leave the transmitter at 
different angles with the horizontal. 

Ray 1 is bent so much that after some distance it 
returns to the ground; there it is reflected and then 
the same course is repeated again. In this way the 
ray may be reflected a numbexntif times in succession, 
remaining always in the bwest layer. This super- 
refraction “traps^’ the rays in a “duct” and results 
in guided propagation of the radar waves. Trapping 
does not occur under standard atmospheric condi- 


Figurk 4. Wave paths illustrated as rays in ground- 
based duct. 


tions. A ray, under standard conditions, may be re- 
flected by the earth's surface only once before it 
escapes into space. 

Ray 2 is also bent in the lowest layer but not 
enough to keep it from escaping into the upper 
atmosphere whence it does not return to earth. 

Ray S is similar to 2 except that it undergoes one 
reflection by the ground before it escapes into the 
upper atmosphere. 

Ray 4 separates the two types of rays illustrated 
by rays 1 and 2. This ray becomes horizontal when 
it reaches the top of the trapping layer or duct and 
from there on travels along at the same height. All 
rays are divided into two groups: those that leave 
the trahsmitter at an angle with the horizontal less 
than the critical angle and are trapped, and those 
that leave the transmitter at a larger angle and 
proceed into the upper atmosphere. 

The critical angle is aways smalls practically never 
larger than Y 2 degree. Its magnitude may be taken 
as a measure of the intensity of guided propagation, 
that is, of the amount of radiant energy trapped 
within the duct. Rays that leave the transmitter at 
a somewhat larger angle up to about twice the critical 
angle are sufficiently deflected while passing through 
the lowest layers to distort that part of the radar 
coverage pattern lying just above the duct. Rays 
leaving the transmitter at a still larger angle are not 
appreciably affected. 

The ground-based duct or trapping layer guides 
the wave along the earth’s surface in much the same 
way that hollow metal tubes guide microwaves. 
Within the duct there is less decrease of signal 
strength with distance than there is above the duct. 
Radar ranges on surface craft and low-fl 3 ring aircraft 
located within a duct, similar to the one illustrated 
in Figure 5, are increased— -sometimes to two, three, 
or four times the normal ranges. Ground echoes 
would be increased at the same time and might, in 
some cases, obscure partly, or even entirely, the 
echoes from incoming aircraft. 

When the radar is located within the duct, ranges 
on aircraft fl 3 ring above the duct will be decreased 
only slightly, if at all. Often there may be a slight 
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Fioithb {v Rays in an elevated duct. In this, another 
common form of duct, the amounl of bending may be 
approximately normal both below and above the duct 
l^e rays oscillate between the upper and lower bound- 
aries; maximum ranges in or near the duct may be even 
greater th«n with a ground-based duct 

increase in effective ranges. If the angle of elevatior 
of the aircraft is greater than 1 degree, the effects 
become inappreciable and failure to detect the target 
cannot be attributed to excessive refraction. 

If the duct does not include the radar within its 
boundaries, as, fot example, when a duct forms below 
a high-sited radar, the effective ranges on surface 
craft may be either increased or dedreased. Similar 
reasoning may be applied in the case of airborne 
VHF radio communication. Usually there is no veiy 
pronounced effect upon the signal strength when 
VHF communication is carried on between two 
aircraft, both flying above the duct. 

Interference between the direct rays and the rays 
reflected from the ground — ^resulting in the well- 
known lobe pattern of the coverage diagram — ^has 
not been mentioned. Under standard conditions the 
position of the lobes depends only on the wavelength 
used and the height of the radar above the ground. 
When a duct is present the lowest part of the coverage 
diai^am may be strongly distorted. 

Coverage depends upon a variety of factors of 
which the most important are these: height of the 
top and base of the duct, amount of refraction in 
the duct, position of the transmitter relative to the 
duct, frequency (or wavelength) of the radar equip- 
ment, and height of the transmitter above ground. 

A coverage diagram for standard conditions is 
shown in Figure 6, diagram 1, with height strongly 
exaggerated. Only the lowest three lobes are shown, 
and the higher lobes appear compressed as compared 
to the lowest lobe. In diagrams 2, 3, 4, 5 the lower 
part of the same diagram is drawn as it appears 
under various conditions of guided propagation. The 
bottom part of the “standard’’ main lobe is shown 
by a broken line. The lines which separate the “blind 
tones” from the “detection zones” represent the 
range at which a medium bomber would just become 
visible to this particular radar set. 

The diagrams cleany indicate the great extension 
of ranges in the duct and also the moderate change 
in lranges-~6ometimes an extension, sometim^ a 
reductiou'-^above the duct. Another feature of some 
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of these diagmins is the appearance of “skip-ranges ” 
A plane flying at an altitude of 500 ft, for instance, 
would be detected early under the conditions shown 
in diagrams 4 and 5. As the plane approaches, the 
echo will disappear from the scope and reappear only 
at a range less than 20 miles. Similar conditions will 
prevail for ground clutter. In diagram 3 there would 
be ground clutter close in and also from beyond 33 
miles but not from the space between. For conditions 
shov^n in diagram 5, there^would be echoes from very 
remote ground targets but not from targets at inter- 
mediate ranges. 

A change in echo strength from day to day is not 
necessarily caused by the weather but might sunply 
be caused by a variation in performance of the set. 
Cases have occurred where tltere was extensive trap- 
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ping, but because of lowered set performance there 
was no corresponding increase in fixed echo strength. 
The set then will appear to be in good operating con- 
dition, and the operator will be deceived about ranges 
of detection for craft flying above the duct. Equip- 
ment for checking set performance is not usually 
available in the field. The change in intensity of 
nearby fixed echoes may be, in some cases, a measure 
of set performance, but in the absence of ihore 
elaborate checks this method can be misleading and 
should not be relied upon entirely. 

Failure of detection of targets is not necessarily 
due to weather influences. Electrical failure of the 
set or inadequate adjustment may be the difiiculty 
and may be far more troublesome to identify than 
meteorological effects which should not be used as 
a “scapegoat” to .be indiscriminately blamed for 
poor coverage. 

METEOROLOGICAL FACTORS 

The atmosphere is responsible for bending and 
duct formation. To understand the “why” of non- 
standard range? of radar and radio with respect to 
the weather, it is necessary to consider the meteoro- 
logical factors involved. 

The strong refraction which results in guided 
propagation is caused by a rapid decrease of index 
of refraction with height within certain layers. The 
decrease depends upon distribution of moisture and 
temperature in the atmosphere, particularly in the 
lowest few hundred or thousand feet. Normally the 
temperature decreases witji height in the atmosphere 
(at a rate of about 2®C per 1,000 ft), and the mois- 
ture decreases gradually with height. Under these 
conditions the propagation is of the standard type. 

Temperature may sometimes increase with height 
for a few hundred or thousand feet above ground 
and then, at greater heights, begin to decrease again. 
The vertical increase of temperature is called a tem- 
perature inversion. Sometimes a layer of moist air 
is found near the ground, and the air overlying it is 
very dry. There is then a rapid decrease of moisture 
over a short vertical distance: in other words there 



Fiourb 7. Moisture variation aloft. 1. Moisture distri- 
bution with height in standard moist atmosphere. 2 . 
Example of sharp moisture lapse (dry air overlying 
moist air) conducive to guided propagation. Mixing 
ratio is amount of moisture in a unit wSght of dry air 
mqffessed as grains of water per kilogram of dry air. 


is a pronounced moisture lapse (see Figure 7). A 
moderate or strong moisture lapse almost always will 
produce trapping, but a temperature inversion 
(except at low temperatures) will lead to trapping 
only if the moisture distribution is favorable. A 
combination of both effects within the same layer 
usually will produce trapping. 

The meteorological conditions to be found over sea 
and over land are quite different and must be con- 
sidered separately. 

Over Sea 

When warm, dry air flows over colder water, a 
temperature inversion will be established, and there 
will be evaporation into the lowest layers of the air, 
thus creating conditions of pronounced trapping. 
This weather condition is one of the most common 
causes of guided propagation. An example in point 
is the Mediterranean, which to the south, east, and 
west is surrounded by dry land masses producing a 
flow of dry, warm air over the water when the winds 


AIR OVER AFRICA 




Figure 8 -. Modification of air from Sahara Desert in 
passing over the Mediterranean. 


blow from these directions (see Figure 8). Similar 
conditions are often caused by westerly winds. blow- 
ing from land to sea across the eastern boundary of 
a continent. Land and sea breezes may influence 
radar operation along a coast line. The wind direc- 
tion at a coast is often an important factor in deter- 
mining propagation conditions and should be closely 
watched. Whenever unusual propagation is observed 
by coastal radar stations, a record of prevailing winds 
at the time is veiy helpful in determination of future 
expected performance. 

Over Land 

Temperature inversions are produced mainly by 
nocturnal or night cooling of the ground (see Figure 
^ 9). Trapping may occur when the moisture distribu- 
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Fiotnts 9 Formation of temperature inversion over land 

due to nocturnal cooling. 

tion in the lowest layers is such as to reinforce or at 
least not to counteract the effect of the temperature 
distribution, that is, when the moisture decreases 
not too slowly with height. Nocturnal cooling is 
greatest with clear skies and is quite small under 
an overcast. Hence guided propagation over land 
occurs at night almost exclusively with clear skies. 
This type of temperature inversion is strictly confined 
to land areas. It does not occur over the ocean because 
the sea temperature does not show appreciable daily 
variations. Temperature inversions caused by noc- 
turnal cooling are most pronounced over dry land 
(desert) but will occur almost anywhere over land 
with a clear sky and a not too humid atmosphere. 

Subsidence 

Another weather phenomenon favorable to trap- 
ping is subsidence. By subsidence is meant the slow 
downward motion, combined with horizontal spuread- 
ing, of air above the lowest layers of the atmosphere. 
This process, which most frequently occurs in the 
area of barometric high, will produce temperature 
inversions; the subsiding air moreover becomes rel- 
atively much drier than the unaffected air below. In 
general the subsidence inversion is quite high (e.g., 
above 4,000 to 5,000 ft). In the light of present 
knowledge it appears that high subsidence inversions 
do not generally affect guided propagation when the 
sets are situated at low altitudes. It appears, how- 
ever, that such subsidence inversions might materi- 
ally affect communications or airborne radar search 
aloft. Lower subsidence inversions (1,000 to 2,500 
ft) along the southwestern coast of the United States 
are known to produce stable duct layers affecting 
radar coverage at low angles. 

TubbuiiEnce of the Air 

This has a distinct normalizing effect in that it 
tends to smooth out the temperature and moisture 
variations which are conducive to guided propaga- 
tion. Moderate to strong winds produce a turbulent 
layer extending normally to a height of about 4,000 
ft. The air is well mixed within this layer, and 
consequently the standard tsrpe of refraction prevmls* 
Regions of a barometric low are characterised by 
strong to moderate winds and pronounced turbu- 


lence in the lower layers. In addition low pnessure 
areas usually have overcast skies. Hence a barometric 
low will as a rule lead to propagation of the standard 
type. 

Frequency op Occurrence 

It is extremely difficult to estimate in general 
terms the frequency of occurrence of guided propa- 
gation, since statistical data are almost nonexistent 
at present except for very limited regions in Europe 
such as the North Sea. In the central Mediterranean 
during the summer months of 1943, ducts have been 
observed on 9 days out of 10. Frequent trapping has 
also been observed in some parts of the Pacific. At 
other times and places guided propagation might be 
an unusual occurrence, esp>ecially if the barometric 
pressure is generally low and the winds strong. It 
seems advisable to consult a weather officer with 
regard to any given locality. 

Measurements 

In order to determine weather’s influence upon 
radar in a quantitative way, the variation of refrac- 
tive index with height must be determined. This 
requires accurate knowledge of the temperature and 
moisture distribution in the lowest few hundred or 
thousand feet of the atmosphere. The ordinary 
radiosonde is not well adapted U measurements of 
this type because the measured points on an ascent 
are usually spaced several hundred feet apart. Among 
the methods which have been developed for this 
purpose duiVig the past two years, the one most 
generally adopted uses a captive balloon (or kite) 
which carries aloft electrical temperature and moist- 
ure-measuring elements. These are connected to a 
meter on the ground by means of thin wires attached 
to the cable holding the balloon. This device permits 
measurements at intervals as closely spaced as 
desired. A psychrometer held out of the window of a 
slowly flying plane has been used with good success 
in the absence of more elaborate equipment. 

CLOUD ECHOES IN RADAR 

Cloud echoes (more precisely, precipitation echoes) 
are observed frequently on radar scopes. At times 
they have caused confusion by blotting out other 
targets. Their similarity, upon certain occasions, to 
actual targets have caused some difficulty in the 
interpretation, of the signals. 

These echoes are caused by a reflection of the radar 
pulse from the raindrops in the clouds (or in rain 
storms). The amount of reflection increases very 
rapidly with frequency. Cloud echoes are qpite 
exceptbnal below about 1,000 me. In microwave 
radar they first appeared as a nuisanea, but more 
recently they have been put to practical use. In 
tropical dimates they are very helpful for amrtal 
navigation. 
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Cloud echoes may be distinguished from other 
echoes by their fussy and diffuse appearance. Not 
all clouds show up on a scope with equal strength. 
The strength of the echo seems to depend primarily 
on the sise of the water drops within the cloud or 
rain storm. Ordinary clouds such as form an even 
overcast (stratus clouds) are not usually visible on 
the scopes; the droplets that compose these clouds 
are so small that they reflect very little energy. 
Violent showers give intense echoes on the scopes. 
Storm echoes can be seen much farther than normal 
land targets, even under standard conditions, because 
of their great spread in the vertical direction. 

In discussing cloud reflections it must be clearly 
understood that there is no physical relation between 
cloud echoes and refraction; the mechanics of duct 
formation is not related to clouds, and with respect 
to the bending of radio waves a cloud is merely 
another airborne target. 

SUMMARY OF BASIC FACTS 
CONCERNING PROPAGATION AT 
RADAR FREQUENCIES 

1. Standard propagation results in a slight down- 
ward bending of the rays throughout the atmosphere, 
leading to an increase of the horizon distance com- 
pared" to the geometrical value. It is taken into 
account operationally by using coverage diagrams 
with a % earth’s radius; on a diagram modifled in 
this way the cays appear as straight lines. 

2. Guided propagation occurs almost exclusively 
in the lowest 2,000 ft above the ground and usually 
is confined to the lowest few hundred feet (except 
in warm climates). 

3. Effects of nonstandard propagation are negli- 
gible when the angle of elevation of the target is over 


133 

1 degree. Failure of detection at such angles must be 
attributed to other causes. 

4. Of the meteorological conditions conducive to 
guided propagation or trapping, the most outstand- 
ing are: 

a. Over sea: flow of warm, dry air over colder 
water producing temperature inversions and 
evaporation into the lowest layers. 

b. Over land: nocturnal cooling of the ground 
with clear skies and calm air or light winds 
(if moisture distribution is favorable). 

c. Over both sea and land : low-level subsidence. 

5. Conditions in a barometric high, including calm 
and clear skies and especially low-level subsidence, 
favor trapping especially during the night (but do 
not necessarily produce it). Conditions in a baro- 
metric low, including strong winds, intense turbu- 
ence in the lowest layers, and overcast skies are 
conducive to standard propagation. 

6. When the transmitter is within the duct, radar 
range is increased for surface targets (ships) and air- 
craft flying in the duct. At the same time there is an 
increase in fixed echo strength and consequently in 
ground clutter on the scopes. This may be accom- 
panied by a change in the range of detection for 
craft flying above the duct. 

7. When the transmitter is outside the duct, the 
range may be either increased or decreased from its 
standard value. 

8. Superreiraction resulting in guided propagation 
or trapping is produced: 

a. By a pronounced decrease of moisture with 
height (moisture lapse), or 

b. By a pronounced increase in temperature 
with height (temperature inversion), and 

c. Particularly, by a combination of both of 
the above conditions. 



PART III 

CONFERENCE REPORTS ON NONSTANDARD PROPAGATION 


Chapter 13 

TROPOSPHERIC PROPAGATION AND RADIO METEOROLOGY^ 


FUNDAMENTALS OF PROPAGATION 

Significance of Propagation Problems 

T he central problem of short and microwave 
propagation (at frequencies greater than 40 to 
60 me) is the determination of accurate coverage 
patterns for a given transmitter. These patterns are 
usually calculated from electromagnetic theory and 
then may be checked by experiment. For communi- 
cation work the check is simple, namely, the estab- 
lishment of satisfactory communication. In the case 
of radar it is necessary to calibrate by time-consum- 
ing airplane flights. 

Experience has shown that actual coverage is not 
constant in time but suffers large variations which 
are caused by the changeable refraction of the at- 
mosphere. The variations in weather conditions that 
influence the refraction often are irregular and very 
rapid, and it is technically impossible to test all these 
conditions. Coverage diagrams, therefore, must be 
based on the physical principles of wave propaga- 
tion, assuming that the characteristics of the atmos- 
phere remain constant for reasonable periods. These 
principles are outlined here. 

At the present stage of technical development it is 
not always permissible to ascribe an observed varia- 
tion in coverage to changing atmospheric conditions. 
Variations in transmitter output or receiver sensi- 
tivity are always likely to be present to a degree 
sufficient to influence results considerably. In prac- 
tice it is often extremely difficult to tell these causes 
apart. In fact, investigations carried out with opera- 
tional radar* equipment make it probable that an in- 
crease in surface coverage due to favorable conditions 
of refraction frequently passes unnoticed because of 
poor set performance. The coverage appears normal, 
while the set in reality is operating considerably be- 
low peak efficiency. 

A knowledge and understanding of the effects of 
weather upon propagation therefore will also be of 
help in choking set performance in the absence of 
suitable electrical equipment for measuring output 
and sensitivity. In dealing with coverage nroblems 

•By Columbia Untversify Wave Propagation Croup. 


this double aspect of propagation phenomena should 
always be keot in mind. By a suitable analysis of the 
various factors determining coverage, and by an in- 
telligent understanding of their interplay, the re- 
sponsible officer may achieve a better control of the 
operational performance of his equipment. 

In tactical operations and in planning, a knowl- 
edge of the nonvariable factors affecting propaga- 
tion^ such as dielectric constant and conductivity of 
the ground or sea, contours of the terrain, vegetation, 
etc., is equally important. Many problems concern- 
ing these factors cannot be considered in this manual 

Factors Influencing Propagation 

This volume is confined to the propagation of 
waves within the troposphere and hence is not con- 
cerned with ionospheric propagation, which is re- 
sponsible for the long distance transmission of short 
waves (high frequency band). The higher the fre- 
quency above 30 me, the less frequently radio waves 
are returned to the earth by the ionosphere. Conse- 
quently very short radio waves are 6onfined to the 
troposphere, and the treatment given here does not 
need to be supplemented by a study of the ionos- 
phere. Propagation in the lower atmosphere is called 
“tropospheric propagation” (see Figure 1). 



FiamuB 1. Tropospheric versus ionospheric propagation. 

The main factors influencing the shape of a cover- 
age diagram under these circumstances are: (I) re- 
flection by the ground, (2) diffraction by the ground 
contour, (3) refraetbn by the atmosphere, and (4) 
guided propagation by auperrefraction ha the lower 
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atmosphere. The present chapter deals mainly with 
refraction phenomena, but reflection and diffraction 
will be briefly considered. 

Refraction is influenced by the physical state of the 
atmosphere, in which the distributions of the temper- 
ature, pressure, and humidity are the most important 
elements. With refraction, rays are bent, and the 
electromagnetic energy flows along the curved ray 
paths. A situation frequently realized in practice is 
that in which the curvature of the rays is independent 
of height above ground. This is known as standard 
rejraciion. The term standard propagation is used to 
designate propagation under conditions ndiere the 
refraction is of the standard type. 

During the war years the increased number of ob- 
servations, which resulted from the world-wide use of 
radar, showed that, under certain weather conditions, 
radio field strengths may depart markedly from the 
values • expected with standard refraction. These 
deviations are now known to be attributable to a 
stratification of the atmosphere which is predomi- 
nantly horizontal and is produced by vertical yaria- 
tions in water-vapor content and temperature. Since 
these quantities control the index of refraction, and 
therefore the curvature of the rays, it follows that 
this curvature varies with the elevation above ground. 

Any stratification of the atmosphere tends to pro- 
duce a distribution of the radiated energy different 
from that which occurs in the standard atmosphere. 
Of particular importance is a type of stratification 
which results in a duct being formed in the atmos- 
phere. In this event, a portion of the wave energy 
may be- guided horizontally along the duct and may 
be effectively “trapped'^ within the ductus upper and 
lower boundaries. This is known as ‘‘guided” propa- 
gation. The mdiation energy may then travel to dis- 
tances far beyond the geometrical horizon, producing 
unusually long ranges for short wave receivers or 
radar targets. The phenomenon which tends to con- 
strain the wave energy to follow the duct is called 
“superrefraction.” When this occurs, the rays in pass- 
ing through the inversion layer in the upper part of 
the duct are bent downward with a curvature which 
exceeds that of the curvature of the earth. The 
regions covered by the inversion layer and the duct 
are illustrated in Figures 15, 20, 22, and 23. The dis- 
tribution of moisture and temperature in the atmos- 
phere, responsible for the formation of ducts, is dis- 
cussed on page 152. 

As the stratification of the lower atmosphere that 
produces superrefraction is part of the weather, the 
prevailing meteorological conditions become of im- 
portance for problems of propagation and coverage. 
Meteorology as related to wave propagation is 
treated in the discussion on pages 152 *134- 

Reflection from the Ground* 

Acoverage diagram is a ourve, or a set of curves, of 
constant Add strength in a vertical or horiscintal 


plane. The horizontal coverage diagram is deter- 
mined chiefly by the antenna pattern itself. In the 
vertical plane, however, the diagram depends pri- 
marily upon the interference between the radiation 
coming directly from the transmitter and that which 
is reflected from the ground or sea surface. This effect 
produces the lobe structure of the vertical coverage 
diagram. At the lobe maxima the two rays reinforce 
each other, while they cancel each other out, more or 
less, at the lobe minima. 

The propagation problem in its full generality 
leads to mathematical formulas of forbidding com- 
plexity. In order to understand the processes at work 
it is necessary to proceed in steps and gradually add 
refinements to the basic features of the problem. 

Consider first the field radiated from an antenna 
which is remote from the earth. This free space field 
decreases in strength in inverse proportion to the dis- 
tance, Ri, from the transmitter and varies with the 
angular position in accordance with the shape of the 
radiation pattern of the transmitting antenna. Let 
this free apace field strength at any point at distance 
Ri be designated by Eq. 



Figure 2. Interference of direct and reflected rays. 


If, instead, the transmitter is placed near the 
ground, as at T in Figure 2, the field at any point in 
space is produced partly by the direct wave (giving 
the free space field Eo) and partly by the wave which 
is reflected from the ground. The resultant field is 
given by the vector sum of the two component fields. 

The magnitude of the field strength of the reflected 
beam depends upon: 

1. The antenna radiation pattern, which gives the 
relative strength of the radiation field for different 
directions. 

2. The attenuation, proportional to 1//2*, resulting 
from the length of path of the reflected wave. 

3. The attenuation due to increased divergence of 
nearly parallel rays reflected from the curved earth. 
This is taken into account by the use of a divergence 
factor, D, which depends on range and heights of 
transmitter and receiver. 

4. The magnitude, p, that the coefficient of reflee- 
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tion ot the ground would have if the ground were 
plane. The reflection surface for a spherical surface, 
Ft is then equal to pZ>. 

5. Irregularities of the earth’s surface which affect 
the reflection coefficient. 

If Eq is the magnitude of the direct wave and F 
is the magnitude of the reflection coefficient, then 
the field strength of the reflected ray is FE^. 

The phase difference between the direct and re- 
flected fields is given by an angle 5 which is the 
sum of : 

1. The phase difference, resulting from the 
difference in path length, R 2 —R 1 ; 

2. The phase difference, 0, suffered by the reflected 
wave upon reflection from the ground. 

The amplitude of the resultant field for a non- 
directive antenna is then given by GEo^ where 

G = \/l + (1) 

is the earth gain factor which is illustrated in Figure 2 



Figure 3. Phase addition of direct and reflected rays 

A curve drawn to represent the contour of constant 
field strength E^GEq as a function of the range Ri 
and the angle of elevation P gives the vertical cov- 
erage diagram for that particular field strength. Cal- 
culation of these diagrams usually requires a con- 
siderable amount of detailed and laborious work. 

Consider the simple case of the vertical coverage 
diagram of a horizontal dipole antenna located above 
a plane earth in a homogeneous atmosi^ere. If the 
plane of Figure 2 is perpendicular to the dipole axis, 
the radiatiijn pattern of the antenna is a circle of unit 
radius. The ratio, Fa, of the magnitude of the re- 
flected wave to that of the incident wave is given by 
the magnitude, p, of the reflection coefficient. For 
propagation to distances tlmt are great compared 
with the antenna elevation, the path lengths JSa and 
Ri are not greatly different, and the attenuation due 
to path length is approximately the same for both 
direct and reflected waves. For this set of conditions 
the resultant field is E^GEoy and equation (1) 
reduce 9 to 

G * Vl + P* + 2p cos 6 * (2) 

In this form G is the plane earth gidn factor and a 
plot of the curves f^^GFo^constaAt as a function of 
range and angle of elevation gives the coverage dia- 


gram. It depends only upon the magnitude of the re- 
flection coefficient, the phase changes related to re- 
flection and to the difference in path length i2i. 

Since radar requires i.»o-way transmission the re- 
ceived field strength is proportional to G^/Rh. Other 
modifying factors must, however, be introduced if the 
antenna and the target have directional radiative 
properties 

Both the magnitude of the reflection coefficient 
+F and the phase angle ^ by which the reflected 
wave lags behind the incident wave are functions of 
the frequency, the polarization of the radiation, the 
angle of grazing with the surface, the conductivity, 
dielectric constant, and roughness of the ground or 
sea surface. Figure 4 illustrates the variation of 
F( = p) and <f> for reflect^m from a smooth plane sea 
surface for frequencies of 100 to 3,000 me, for both 
types of iK>larization, at different grazing angles. It 
may be noted that for horizontal polarization p is 
approximately unity and ^ nearly 180®, irrespective 
of the frequency and the magnitude of the grazing 
angle. This is the simplest situation to be encountered 
and most nearly approxuhates the idealized case of 
a perfect reflector with horizontal polarization. For 
this case p is exactly unity, and ^ is exactly 180®. 

For vertical polarization over the sea or either type 
of polarization over ground, both p and ^ depart 
widely from unity and 180®, respecti\ely. Variations 
iif these quantities greatly complicate the calculation 
of coverage diagrams. 

The reflection coefficient of microwaves is usuall}^ 
found to be small over land. This is essentially due to 
irregularities of the land surface. When these irregu- 
larities are sufficiently small, reflection from land is 
found to be considerable. 

Since the receiver, or target, is usually located at a 
distance from the transmitter which is large in com- 
parison to the height above the ground, the direct 
and reflected rays are very nearly parallel, making an 
angle with the horizontal (Figure 2). The reflected 
ray may be supposed to issue from an image trans- 
mitter T't which is as far below the ground as the 
true transmitter is above it. The path difference'^ be- 
tween the direct and reflected rays is equal to the 
distance T'A, By the figure this is equal to 2hi sin fi, 
where hi is transmitter height. For small values of 0 
this is practically equal to 2hiP if is measured in 
radians. The corresponding phase shift due to path 
difference is equal to 

4- i- 2Au8 Y . 

At the point of reflection the phase of a ray changes 
discontinuoudy by the amount which is the phase 
angle of the reflection coefficient. For horisontal 
polarisation, to a g a in take the simplest case, the 
phase shift ^ at reflection is practically 18(f, or 
w radians. (For vertical polarization, see Figure 4, ^ 
is more complicated.) Adding the phase change 4^, 
corresponding to dffierenoe in path length, gives the 
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complete phase change B in the form 
2ir 

^ (for horizontal polarization). (3) 

Maximum values of the earth ii;ain factor G occur 
when 5 is an integral multiple of 2 t, minimum values, 
for odd integral values of ir. The corresponding 
values of the angle of elevation p are given by 

a JL ** 1| 3, 6, • • • (maxima) 

^ ^ \m « 0, 2, 4, • * ’ (minima) 

(for horizontal polarization.) 

If the reflection coefficient F of the surface is 
assumed to be unity (see Figure 4) the [dane earth 
gain factor 0, from equation (2), reduces to 

(7-2coB(|j, 


which fluctuates between the limits of 2 and zero. 

The coverage diagram drawn for propagation over 
a perfectly conducting plane on horizontal polarizar 
tion is illustrated in Figure 5. As an example, consider 



/»200 me, X«1.5 m, Xi«30.6 m. The values of fi 
for the first three lobe maxima are 0.68^, 1.37^, and 
2.05^ and the maximum ranges are twice the free 
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spaoe values. The angles at which the minima occur 
lie half way between. The scale of vertical distances 
is greatly exaggerated compare4 with the horisontal 
scale. Coverage diagrams for the same frequency and 
transmitter height, but taking account of the earth’s 
curvature, are shown in Figure 24. 

Coverage diagrams for more complicated situa- 
tions must take into account, in addition to the 
factors alreadv mentioned, the curvature of the 
eartn, the refraction of the atmosphere, and diffrac 
tion into the region below the line of sight. 



When the ground is sloping, the above construction 
may be modified as indicated in Figure 6. For any 
specified lobe, determine approximately the part of 
the ground where reflection takes place. Draw a 
tangent to the ground in this region and determine 
the perpendicular projection of the antenna site oi 
this plaiie (^'equivident ground”). Use the equivalent 
height thus determined in equation (3), and let the 
angle 0 refer to the plane of the equivalent ground. 
This procedure is also required when the transmitter 
and receiver or target are of comparable height so 
that the reflection point is not near the transmitter. 

When the transmitter is set up near a coast, the 
lobe pattern over the ocean will undergo periodic 
variations caused by the tide^. Since, in equation (3), 
0 is multiplied by Ai, it follows that the lobes will 1^ 
low at high tide and high at low tide. This phenom- 
enon may become very important for heightfinding 
sets. 

A more complicated case occurs if ground reflec- 
tion is not complete. Then p is less than| unity, and 0 
differs from %S(f. In this event»the lobes have max- 



ima which are less than twice the free space field and 
minima which never reach sero. The angular posi- 
tions of the lobes are changed somewhat, but the 
most fioticeable change is found on the lower side of 
the first lobe. It is likely ^to lie at a lower elevation 
and reaches the ground at some distance from the 


transmitter (comoare Figures 5 and 7). 

Refraction— Snell^s Law 

The bending of rays in the atmosphere depends 
upon the refractive index n which is a function of the 
temperature, pressure, and moisture content of the 
air. The manner in which these ouantities control the 
index of refraction is explained on pages 142-143 .To a 
first approximation, assuming horizontal stratifica- 
tion of the atmosphere, the index may be considered 
to be a function only of height above the ground. The 
corresponding case, familiar in optics, is that of two 
media, such as water and air, with different refrac- 
tive indices ni and m (Figure 8A). If ai and oa are the 
angles between the rays and the plane of the bound- 
ary, Snell’s law of n^fraction states that 

Til cos CKI n m cos a% . 

In the atmosphere the refractive index changes 
continuously with height. The simplest case, often 



Figure 8. A. Refraction at a sharp boundary. B. Re- 
fraction through a layer with vanable n. 


encountered in practice, is that of a refractive index 
which decreases linearly with height. This is known 
as standard refractions Snell’s law applies here also, 
since the atmosphere may be divided up into an in- 
finity of parallel boundaries, the change of refractive 
index from one boundary to the next being infinites- 
imally small. Instead of a sudden change of direction 
there is then a gradual change or bending of the rays 
(Figure 8B). Snell’s law may then be stated gen- 
erally as 

n cos a«no cos ao » 

where now n and a are continuous functions of height 
and the zero subscript on the right-hand side refers to 
any fixed reference level. The curvature of the re- 
fracted rays is downwards or upwards according to 
whether the refractive index decreases or increases 
with height. 

Refraetimi over a Curved Earlli 

In reality the surfaces of constant refractive 
are not planes but are oonbentrio spheres about the 
earth’s center. In this 0R8e Snell’s law assumes a 
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slightly different form. Instead of using angles re- 
ferred to the plane surfaces it is now necessary to 
refer the angles to horizontal planes tangent to 
spheres about the center of the earth (see Figure 9). 
The new form, as given on page 16 5, is 

nr cos a«ano cos ao i (4) 

where r and a are values of the radius vector from the 
center of the earth to a point in the atmosphere and 



FiauRE 9. Refraction through a curved layer. 


to the earth’s surface, respectively, a now stands for 
the angle formed by the ray with a plane normal to 
the radius vector, ao and no are the values of a and n 
at the ground surface. 

If A is the height above the ground surface, so that 
r.= /i + a, the above equation may also be written 
in the form 

^ (l a) ~ tio cos ao . (5) 

h/a is a very small quantity, and n differs from unity 
by only a few parts in 10,000. Under these conditions 
n(l + h/a) may be replaced by n + h/a with neg- 
ligible error. The quantity n -f- h/a is called the 
modified refractive index, or the modified index for 
short Equation (5) then assumes the form 

(n + cos a = no cos ao . (6) 

As a result of general agreement it is customary to 
use, instead of n + h/a, the symbol M defined as 
follows: 

M = ^ - 1 j 10* . (7) 

At the surface of the ground M reduces to 

j|fQ«(no-l) 10«. (8) 

Hence M is the excess of the modified refractive in- 
dex above unity, measured in units of one millionth. 
This unit is oaUed an Af unit [MU]. Values of M for 
the atmosphere lie in the range of 200 to 500. Cus- 
tomarily M is referred to simply as the modified 
index of refraction. 

Using the numerical value for the radius of the 
earth, 6.37 X 10* m (21 X lO* ft), the rate of increase 
of Af with heii^it, owing to the h/a, is (1/a) 10*, 
which is equal to 0.167 MU per meter (0.048 MU per 
foot). As the result of a large number of experiments, , 
carried out chiefiy in the northern temperate lati- 


tudes, the rate of decrease with height of the re- 
fractive index has been found, on the average, to be 


= -0.039 MU per meter . (9) 


This is the rate of decrease assumed for the standard 
atmosphere. 

It will be noticed that the average rate of decrease 
of n with height is one quarter of the rate of increase 
of the term h/a which results from the curvature of 
the earth. The fact that these quantities are of com- 
parable magnitude is of great importance, as will be 
seen later. 

Consequently the vertical gradient of Af for the 
standard atmosphere is 




which has the value 0.118 MU per meter (0.036 MU 
per ft). The value of M at any height, relative to the 
surface value Mo, for the standard atmosphere, is 
equal to 

M—Mo—O.llS h; Ammeters, 

Af — Afo=0.036 h; h in feet. (11) 


Equivalent Earth Radius- 
Flat Earth Diagram 

An important conclusion may be drawn from 
equation (11). As will be shown on pages 14)6-147, 
dn/dh is the negative of the curvature of a ray in the 
atmosphere, and 1/a is the curvature of the earth. 
The algebraic sum of these two quantities (their 
numerical difference) is the curvature of the ray 
relative to that of the earth. The net result is this: if 
the earth is replaced by an equivalent earth with an 
enlarged radius equal to 4a/3 the rays may be drawn 
as straight lines. To state the result in another way: 
using the equivalent earth with radius equal to 4a/3 
corresponds to replacing the actual atmosphere, in 
which the index n decreases with height, by a homo- 
geneous atmosphere with an equivalent index n' 
which is independent of height (see Figures 10, 11, 13, 
14, and 15). This transformation of coordinates great- 
ly facilitates the calculation and interpretation of cov- 
erage diagrams for the standard atmosphere. 

More generally, if the rate of change of n with 
height differs from the value— (1/4) (1/a) 10* MU 
per meter given above, which may be true in certain 
parts of the world, the equivalent earth radius de- 
parts from the value 4a/3. In general the equivalent 
earth radius is designated by Aa. For a steeper drop 
of refractive index with height, k increases and be- 
comes infinite when the curvature of the ray is just 
equal to the curvature of the earth. 
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In the general case, when k is not equal to 
equation (11) must be modified to the form: 

m-m.-Aio-, 

=s 0.157 ^ ; h in meters , 

= 0.048 j ; ft in feet , (12) 

to account for a linear moisture gradieht correspond- 
ing to a different value of k. 

Since the change of the earth’s radius takes care of 
the variation of refractive index and substitutes a 
homogeneous atmosphere for the actual atmosphere, 
it follows that in a diagram in which the earth is 
given a radius ka, the radiation propagates along 


cause of the curvature of the rays. In Figure 11 the 
rays have been straightened out, but a line that was 
straight in Figure 10 appears curved in Figure 11. 

The value of X for ^ is a good average for the at- 
mosphere in the middle latitudes. For particular 



Figure 11. Rays in a homogeneous atmosphere. Equiv- 
alent radius ka. 



Figure 10. Ray curvature over earth of radius a in an 
actual atmosphere. 


straight lines. The difference is illustrated in Figures 
10 and 1 1 . In Figure 10, which shows the true geo- 
metrical conditions, the radio horizon appears ex- 
tended as compared to the geometrical horizon, be- 


atmosphcric conditions the value of k may be con- 
siderably different. The moisture content of the at- 
mosphere is small at the low temperatures of the 
arctic regions and increases considerably with the 
higher temperatures of the tropics. However, the 
value of k depends more particularly on the manner 
in which the moisture content varies with height 
above the surface of the earth, and to a lesser extent 
on the distribution of temperature with height. 
Figure 12 has therefore been constructed to show the 
dependence, of k on the gradient of relative humidity, 
measured in per cent per 100 m, for a series of surface 
temperatures varying between To«~30C and 
To = +40 C. It ;^s been found convenient to plot 
^/k rather than k itself. The lines drawn correspond 
to the assumption of saturation humidity at the 



Figure 12. Graph: l/k vermis HH gradient and temperature for 100 per cent EH at ground. 
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ground; if the humidity at the ground is less than 
100 per cent the correction read from the auxiliary 
table is added to the value of 1/A obtained from the 
graph. The standard temperature gradient of —0.65 
C per 100 m is assumed for all the curves. 

The curves of Figure 12 indicate that as the tem- 
perature increases, smaller and smaller values of rela- 
tive humidity gradients are required to produce 
changes in k of considerable magnitude. This should 
be of greater importance in the tropics where the 
moisture content is relatively high. 

Changing k from its standard value of. % has an 
important Influence on the strength of the field at any 
point in space. Though it is not easy to state the re- 
sult in general terms for any position, it is possible to 
evaluate the change in field strength near the surface 
(below 60 m altitude for 600 me and somewhat higher 
for lower frequencies) and well within the diffraction 
region, for moderate changes in k. Here the decibel 
attenuation below* that for the free space field is de- 
creased approximately in the ratio k\. If, for in- 
stance, k changes from % to 8, the original decibel 
attenuation is to be divided by 3.3. To state the mat- 
ter another way, the range at which a given field 
strength is found ‘will be increased approximately in 
the ratio AJ. This has an important bearing on the 
problem of propagation for communication purposes 
in this region. 

It has been shown above that a linear variation of 
refractive index can be converted into a change of 
earth's curvature. The reverse process is equally 
feasible: to eliminate the earth's curvature by using 
a modified refractive index curve. This is a general 
procedure which involves no assumption about the 
variation of refractive index with height. From the 
equations in this section, it is seen that the effects 
of the earth's curvature are equivalent to those of a 
refractive index increasing linearly with height at the 
rate of 1/a. Hence one effectively flattens the earth, 
thus eliminating the curvature effect, by adding to 
the refractive index the term h/a. In other words, 
the angles between a ray and the horizontal over a 
curved earth are the same as the angles between a 
ray and the horizontal over a flat earth when the re- 
fractive index n has been replaced by n H- h/a. In 
practice, the quantity M defined by equation (7) is 
used. If M increases steadily with height, which is the 
case for the standard atmosphere, the rays appear 
curved upwards on a flat earth diagram, which is 
illustrated in Figure 13. 

Summarizing, it is seen that three types of graphi- 



Flocraa 13. Rayi in a plane earth diagram. 



RADIUS a 



EQUIVALENT EARTH 
RADIUS ka 



FLAT EARTH 

k«oc> 

FiaiTKB 14. Shape of lobe« as affected by method of 

representation. 

cal representations of a coverage diagram may be 
used. (These are illustrated in Figure 14 for the 
lowest lobe.) 

1. The true geometrical representation. With 
standard refractive conditions the lobes appear bent 
downwards. Ilefractive index n decreases with height. 

2. The equivalent earth radius representation. 
Earth's radius changed to ka (normally A=X)« For 
standard refractive conditions the lobes appear 
straight. Equivalent refractive index n' is inde- 
pendent of height since the equivalent atmosphere is 
homogeneous. 

3. The flat earth representation. The earth's sur- 
face and other surfaces of constant height have been 
flattened out. For standard refractive conditions 
the lobes appear bent upwards. Excess modified 
index M increases with height. 

The quantities n, n', and M for these three cases 
are illustrated in the left-hand series of diagrams 
in Figure 15. 

The Horizon — Diffraction 

From simple geometrical considerations it can be 
shown that two points at elevations hi and As are 
within sight of each other when their distance is less 
than the horizon distance dji (Figure 16) given by 

d% «* \/2kahi -f ^/2kah % , (13) 
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Figure 15 Types of index curves. 


where a, and h are all expressed in the same units. 
For the particular value of k^%f 

= VT^ + Vmt', (14) 

where d* is measured in kilometers and h is in meters; 
and 

dh * + v^2/i2 , (15) 

where is given in statute miles and h in feet. 


The field strength at different elevations ht (Figure 
16) for a given range varies in the manner illustrated 
in Figure 17. The field is given in decibels/ relative to 
the intensity at 1 m Trom the transmitter, for a range 
of 50 miles over sea water for frequencies of 100, 200, 
500, and 3,000 me. The horizon elevation for this 
point is 888 ftr Above point P in Figure 16, is the 
interference region where, with increasing height, the 
field strength first increases rapidly and then oscil- 
lates between maxima and minima determined by 
the lobe patterns of the coverage diagrams. 

Below point F, the field strength declines rapidly 
with decreasing height to a minimum at ground 
level; the rate of decrease is larger for the higher fre- 
quencies. Neither the direct nor the reflected rays 
can penetrate into this region, which therefore, re- 
ceives radiation entirely by diffraction of the energy 
around the earth^s curvature. 

"Radar targets are rarely visible when they are in 
the diffraction region. This is certainly true for air- 
plane targets. Very large targets, such as warships or 
islands, are occasionally visible in this region; but 
more often the detection of targets is caused by 
superrefraction. For communication work, on the 
other hand, the diffraction region is of importance, 
especially at the longer wavelengihs. 


ATMOSPHERIC STRATIFICATION 
AND REFRACTION 



INTERPERENCE 

i.oippractIon 
REGION 


Figure 16. Horixon distance. 



db relative to field at 1 m from transmitter. Horixontal 
polarisation. Transmitter height 80 f0et. 


Origin of Refractive Index Variations 

The variation with height of the index of refraction 
n controls the curvature of rays in the atmosphere. 
The value of n exceeds unity by only a few hundred 
parts in a million and may be computed from the 
following formula; 


(n - 1) 10* 


79p 

T 


lie 3.8 X We 

rp I ^,2 


(16) 


in which n « index of refraction at height h above 
ground; 

p ^ barometric pressure of the atmosphere 
in millibars at height h. (1 mm Hg 
pressure » 1.334 mb); 

e ^ partial pressure of the water vapor in 
millibars (order of 1 per cent of p); 

T — absolute temperature (®C -f 273) at 
heights. 

In equation (16) the term lU/T is very email m 
comparison with the other terms and may, without 
serious error, be neglected. This simplification has 
been used in obtaining the values in tthe last two 
columns of Table 1 and in designing the nomogiam, 
Figure 19. 

W orkers in the field may prefer to use mixing ratio 
(practically equal to spe^e humidity) in place of 
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Tabus 1. Standard atmosphere with 60 per cent relative humidity. 



NACA standard atmosphere 


Moist standard atmosphere 



Dry air 

Dry air 

e(mh) 

Moist 


Altitude, 

Temp, 

pressure. 

index. 

for 

air index, 

M m 

meters 

C 

mb 

(n - 1)10* 

60% RH 

(n - 1)10* 

(n + h/a - 1)10* 

0 

15.0 

1013 

278 

10.2 

325 

325 

150 

14.0 

995 

274 

9.6 

318 

342 

300 

13.0 

977 

270 

9.0 

312 

359 

560 

11.7 

955 

265 

8.3 

304 

382 

1000 

8.5 

894 

251 

6.7 

283 

440 

1500 

5.2 

845 

240 

5.3 

266 

501 


the water vapor pressure. The relation is given by 

e s* 0.00161 ps or s = , (17) 

where a is in grams of water per kilogram of air. 

The variation of n with temperature and relative 
humidity for an air pressure of 1,000 mb is illustrated 
in Figure 18. It is seen that the refractive index de- 
pends on humidity more critically than on tempera 
ture. The dependence on humidity is greater at the 
higher iemperatures where a given relative humidity 
represents a larger amount of water vapoY. 

In practice it is customary to use the modified 
refractive index given by 

4- 0.157/1 (h in meters) 



FxomiB 18. Relation of n to temperature and relative 
humidity. 


In order to compute M directly irom temperature^ 
relative humidity, ^d height data, the nomogram 
(Figure 19) has b^n constructed. Detailed instruc- 
^ne for its use are given. 

The Nathmal Advisory Committee on Aeronautics 
[NACA] standard atmoq;^re commonly used in 


aeronautics assumes a sea level pressure of 1,013 mb 
( =» 760 mm Hg) and a sea level temperature of 15 C 
decreasing at a rate of 6.5 C per kilometer in the 
lower atmosphere. The NACA standard atmosphere 
is not concerned with the moisture content. In the 
actual atmosphere the moisture may vary between 
extremely wide limits, but as a typical value a rela- 
tive humidity of 60 per cent may be assumed as the 
standard condition. This corresponds to a water 
vapor pressure of approximately 10 mb at sea level 
and a rate of decrease of water vapor pressure in the 
lower levels of about 1 mb per 1,000 ft. At higher 
levels the rate of decrease of the water vapor pres- 
sure is less rapid. These conditions are represented in 
Table 1 for the atmosphere up to 1,500 m. 

Both the dry and the moist standard atmosphere 
exhibit a very nearly linear increase of M with 
height. According to equation (12), 

Af — ilfo “ * 10* = f ^ meters . 

By using this formula in conjunction with Table 1 it 
is easily shown that k ^ % ior the dry standard 
atmosphere, and k % for the standard atmos- 
phere with a 60 per cent relative humidity. This 
value of k is the one commonly adopted in coverage 
diagrams corrected for standard refraction. 

Because of the great variability of the moisture 
content of the atmosphere with season, geographical 
location, etc., a moist standard atmosphere has a 
limited physical significance. The standard should 
rather be defined in terms of a fixed linear slope of 
the refractive index, and for this purpose the value 
k has been chosen. 


The Measurement of Refractive Index 

The lower atmosphere frequently is stratified by 
nonstandard distributions of temperature and hu- 
midity which vary rapidly and irregularly as func- 
tions of the height. The refractive index is then no 
longer linear but has a more complicated dependence 
on height, determined from equation (16). The strati- 
fication which is of particular importance in tropo- 
spheric propagation is found in the lower part of the 
atmosphere, that is, below about 4,000 to 5,000 ft 
and frequently in the lowest few hundred feet above 
ground. 

Since the variation in the atmospheric pressure 





HUMIOtTY 



Figure 19. Temperature-relative humidity nomojp’am for computing M. 




TROPOSPHERIC PROPAGATION AND RADIO METEOROLOGY 145 


gradient is small, interest is mainly centered in the 
dependence of the modified refractive index M on the 
temperature and humidity distributions. Methods, 
useful in the field, have been developed for obtaining 
rapid determinations of temperature and humidity in 
the lowest levels of the atmosphere. The ordinaiy 
radiosonde (radiometeorograph) is not well adapted 
for this purpose since it is usually designed to give 
data at levels about 100 m apart, which often is not 
close enough to reveal the significant details of the 
M curve. Consequently it has proved to be necessary 
to develop new instruments for this purpose. 

Several types of instruments have been designed 
which can be placed on towers, or carried by slow- 
flying airplanes or dirigibles or carried aloft by captive 
balloons or kites with wires connecting the tempera- 
ture and humidity elements to measuring or record- 
ing equipment located on ground or aboard ship. 

Some such measurements have been made with 
instruments using electrical methods in which dry 
and wet electrical resistance elements are connected 
into a circuit to give .‘‘dry bulb*’ and “wet bulb” 
temperatures. Another electrical method uses the 
same “dry” temperature elemeat but, in place of 
the wet bulb, obtains a relative humidity measure- 
ment by using an electrolytic humidity element of 
the type employed in the U. S. Weather Bureau 
radiosonde. Hair hygrometers, are definitely not 
suitable for this type of work on account of their 
lag in adjusting themselves to changes in relative 
humidity (of the order of 3 to 5 min for appreciable 
changes in humidity). 

Measurements made from airplanes have the 
advantage that it is possible to survey a compara- 
tively large area within a short time. This can be of 
great importance along coasts where conditions in 
the lowest levels of the atmosphere sometimes change 
rather rapidly with increasing distance from the 
shore. In the absence of suitable special equipment 
an ordinary psychrometer held out of the window of 
a plane will give quite satisfactory results in slow- 
flying planes, providing care is taken to keep the 
wet bulb sufficiently moist. When measurements are 
made from an airplane the height above the. ground 
is determined for each measurement by met is of 
the plane’s altimeter. Unless carefully done this 
introduces the possibility of considerable error. 

In another method captive balloons, kites, ordi- 
nary radiosonde balloons, and, occasionally, barrage 
balloons have been used to carry the measuring 
elements aloft. Ordinaiy captive balloons will work 
in wind, speeds up to about 8 miles per houl:; in 
highei: winds kites or, occasionally, barrage balloons 
are used. Kites can be flown from boats even at low 
wind speeds or in calm weather. With this type of 
equipment the electrical measuring elements aloft 
are connected to an indicating or recording instru- 
ment at the ground or aboard ship by means of fine 
insulated wires wound around the balloon cable . 


Types of Modified Index Curves 

A large number of meteorological soundings of 
the lower atmosphere have been carried out by 
several laboratories and Service units. From these 
measurements the modified index curves have been 
calculated as a function of height, and it has been 
shown that practicalljr all these curves fall into one 
of the six types illustrated in Figure 20. 

8TAN0MI0 transitional SUSSTANOARO 
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Figure 20. Types of M curves. 

For the standard atmosphere the M curve increases 
with height as shown in curve I. For nonstandard 
atmospheres, the M curves will take one or another 
of the forms, illustrated in curves la, Ib, II, Ilia, 
and Illb. Of particular interest are those curves in 
which M decreases with height for a range of alti- 
tudes. (This decrease is the result of a sufficiently 
sharp decrease in n with height as illustrated in 
Figure 16.) In this event an inversion layer is formed 
in the atmosphere. 

Throughout the range of altitudes of decreasing 
M the curvature of the rays exceeds the curvature 
of the earth. Nearly horizontal rays which either 
originate in, or penetrate into, this layer are trapped, 
and, if the layer extends far eno,ugh, energy may be 
carried to distances far beyond the geometrical 
horizon. However, the region in which the^waves or 
rays are trapped may have a thickness or depth 
exceeding that of the inversion layer. This region is 
known as a duct. Its precise definition may be taken 
from Figure 20. It is the strip between an upper 
minimum of the M curve and either the ground or 
the point where the vertical projection from the 
upper minimum intersects the M curve. There are 
two main types of ducts, the ground-based duct, 
illustrated by curves II and Illb, and the elevated 
duct, illustrated by curve Ilia. 

The height in the atmosphere at which the varia- 
tions in refractive index occur may vary from a few 
feet to several hundred or even a few thousand 
feet. Iliese variations are likely to be found at fairly 
low elevations in cold climates and at the higher 
elevations in warm climates. The meteorological con- 
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ditions which yield these various M curves are 
described on pages 152-164 

The opposite effect occurs when the M curve takes 
the substandard form (curve Ib in Figure 20). Here 
the lower portion of the M curve has a slope which 
is less than standard. In this event the rays in the 
lower atmosphere are bent downward to a lesser 
degree than in the standard atmosphere or may 
even be bent upward. Depending to some extent 
upon the elevation of the transmitter, the field 
strength in the substandard region may be reduced 
considerably below normal, even to the point of 
producing a radar and communication ^^blackout.’’ 
If the M curve is steeper than average in the lowest 
layers, the transitional case arises (curve la). Here 
a slight change in the temperature and moisture 
distribution might lead to a curve of type 11 and 
a duct. 

Rays in a Stratified Atmosphere 

Nonstandard vertical variations of refractive index 
occur frequently in the lower atmosphere. In addi- 
tion there may be gradual variations in the horizontal 
direction. So far, the theory of propagation has not 
reached a stage where such horizontal variations can 
be taken into account. Unless otherwise stated it is 
always assumed that the stratification extends hori 
zontally as far as the coverage of the traqsmittei 
and that the variation in the M curve is entirely 
vertical. Weather conditions often are sufficiently 
homogeneous horizontally to warrant this assump- 
tion, but there are exceptions, mainly near coasts 
(see pages 152-164) 

Only those rays are affected by the vertical varia- 
tions of refractive index in the lower atmosphere 
which leave the transmitter at a very small angle. 
Both theoretically and practically it has been found 
that the effects of nonstandard refraction are negli- 
gible for rays that leave the transmitter at an angle 
with the horizontal of more than about 1.5^. Rays 
that leave at an angle with the horizontal of less 
than 1.5^, and especially those emerging at angles 
with the horizontal of 0.5^ or less, are strongly 


affected by nonstandard refraction. This part of the 
transmitter radiation is of paramount importance in 
early warning radar and in communications. For 
such applications of radar as gun-laying or search- 
%ht control the effects of nonstandard propagation 
are usually negligible because the rays which reach 
the target have emerged from the transmitter at a 
fairly large angle with the horizontal. 

The progress of a ray through the stratified atmos- 
phere is described by Snells law, discussed previously 
(p .138) When the angle a between the ray and the 
horizontal is small 

cos a = 1 — , 

provided a is expressed in radians. 

Introducing this into SnelFs law for a curved 
earth, equation (6), noting that n + h/a « 1 + M* 
10“ • and neglecting second order quantities, it is 
seen that 

i (a* - ao*) = (il/ - Mo)10“» . (18) 

Since a is the angle which the ray makes with the 
horizontal it is equal to dhjdXf the slope of the ray. 
Solving equation (18) for a, 

a = + 2(M - Mo)10-* . (19) 

These relations apply to any two levels provided a 
and ao are the angles at the levels to which M and 
Mo refer. 

Equation (19; provides a technique for tracing the 
paths of rays emitted by a transmitter at various 
angles with the horizontal, and it indicates how their 
passage through the atmosphere is controlled by the 
variations of the modified index. Although this ray 
tracing method is only an approximation of the true 
solution of the wave equation, it can be used, subject 
to certain limitations, for computing quantitatively 
the strength of the field. The approximation breaks 
down when neighboring rays cross each other and 
form caustics. 

The method may* be illustrated by the case of 
standard refraction with k ^ As shown in Figure 
21, draw the M curve with a slope ka « 4a/3. Let 
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the subscript 1 stand for the transmitter level (of 
height hi). Pass a vertical line through the corre- 
sponding point Ml of the M curve. Lay off the 
distance di^/2 to the left of Mi for a particular ray, 
1, which emerges from the transmitter at angl^ ai 
with the^ horizontal. In order to make a and M 
comparable numerically, the factor should be 
eliminated from equation (18) above. For this pur- 
pose d* should be measured in the same unit as M, 
that is, in 10^* radian. The distance between M and 
1 at any height,A then is equal to (M — Mi) + ai V2, 
and by equation (19) the square root of twice this 
quantity is equal to the slope of the ray at height h. 
Hence, ray 1 starting downward from the transmitter 
is bent more and more toward the horizontal as h 
decreases. At point P this ray becomes horizontal 
and from there on increases in slope with increasing 
height. 

Ray 1' starting upward from the transmitter at the 
same angle ai continues to curve upward more and 
more rapidly as the height increases. Ray 2 is the 
horizon ray which represents the limit to which rays 
can be directed by refraction. Beyond this lies the 
diffraction region where ray tracing cannot be used. 
To study the field in the diffraction region the original 
wave equation must be used Ray 3 is reflected from 
the ground and in crossing some of the other rays 
produces the phenomenon of interference. In connec- 
tion with Figure 21 it must be emphasized that the 
height scale is tremendously exaggerated and that 
all the rays shown come from a small group which 
are propagated in a nearly horizontal direction. 

Sometimes it is convenient to express the path of 
the ray in terms of ray curvature. The true curvature 
of a ray as it appears on an undistorted (curved 
earth) 'diagram is different from the curvature exhi- 
bited by a ray on a plane earth diagram. The true 
curvature of a ray is given by 1/p, where p is the 
radius of curvature, and it can be shown that, for 
nearly horizontal rays, this is related to the gradient 
of n by 


1 

p 


dn 
dh * 


( 20 ) 


However, the relative curvature of the earth with 
respect to that of a ray is (1/a) — (1/p). Now let 
us 6^ j this equal to the curvature 1/A:a of an equiv- 
alent earth. Then 


1 _ 1 ^ JL 
a p ka* 


( 21 ) 


and, introducing equation (20), 


k 



1 


1 + a 


dn 

dh 


(22) 


This amounts to a definition of k which is more 
general than the one introduced before on page 140 
but reduces to the latter when the index curve varies 
linearly with height. 


For a plane-earth diagram, M is used in place of n. 
Since 


3/ * 4- ^ — 1^10® , 


dM 

dh 


Substituting the last equation into equation (22) 
gives 


a dM 


(23) 


and shows that A;, in its most general form, is propor- 
tional to the slope of the M curve. Reference to 
Figure 20 shows that k assumes negative values for 
a range of altitudes whenever a duct is formed in 
the atmosphere. 

These relations may also be expressed in terms of 
m, where 


m = ^ (24) 

a 

is the ratio of the radius of curvature of a ray to 
the radius of the earth. From equation ^(22) it follows 
that 




(25) 


Both k and m vary with height except m the special 
circumstance that the M curve is linear. Table 2 
gives a number of corresponding values of k and m 
and indicates their significance. 


Table 2. Relation of k and m 


k 

1 5 « 

6 4 


ce 

-2 ~1 

m 

» 6 5 

4 2 

1 

2 1 

3 2 


US. Brit 

Moist 

Ziero 




stand- 

rela- 

Duct 


Standard 

ard 

tive 

curva- 

ture 

formation 


The Duct — Superrefraction 

When the M curve has a negative slope, k is 
negative; the curvature of the rays is concave down- 
ward on a plane earth diagram, and the true curva- 
ture of the rays is greater than the curvature of the 
earth. Hence rays which enter the duct under suffi- 
ciently small angles are bent until they become 
horizontal and then are turned downwards. This 
particular form of refraction is called superrefrac- 
tion. Such rays will be trapped in the duct, oscillating 
either between the ground and an upper level, or 
between two levels in the atmosphere. These condi- 
tions are illustrated by Figure 22 for the case of a 
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ground-abased duct and by Figure 23 for an elevated 
duct. 

The detailed construction of a ray diagram in the 
case of an elevated duct is shown in Figure 23. It 
is assumed, for illustration, that the transmitter is 
placed at the point which produces the maximum 
amount of trapping, and this point turns out to be 
located at the maximum of the bend in the M curve. 
The vertical line for Mi corresponding to hi is drawn 
as shown, and again the line 1 is drawn to the left 
of Ml at the distance aiV2, to represent ray 1 which 
departs from the transmitter at angle ai measured 
from the horizontal. As the ray proceeds outward 
and downward it is bent less and less, corresponding 
to the decreasing distance between the ilf and 1 
lines. Finally it reverses and rises to the height 
indicated. Ray 1 must therefore oscillate between 
the heights determined by the crossing of the M and 
1 lines. Ray 1' starting upward at the same angle cti 
oscillates between the same height limits as ray 1. 

Rays 2 and 2* emerging at angle are the limiting 
rajrs which are trapped in the duct between the 
heights h^ and Beyond the horizon ray 3 and 


below the duct lies the diffraction region for this 
case. Ray 4 emerging at an angle greater than ap is 
not trapped but alter reflection passes entirely 
through the duct. 

Ground-based ducts are likely to be found along 
coasts where warm, dry air from over land flows out 
over a colder sea. This situation, for instance, prevails 
in the summer months along the northeastern coast 
of the United States. Elevated ducts occur frequently 
along the southern California coast. 

An illustrative series of theoretical coverage 
diagrams as obtained by the ray tracing method 
described are collected in reference 448. A few of 
these diagrams are reproduced in Figure 24, for a 
frequency of 200 me and a transmitter elevation of 
hi = 100 ft, corresponding to an Ai/X ratio of approxi- 
mately 20. The height scale is exaggerated in the 
ratio 40/1. Transmission over sea water is assumed. 
The coverage range is adjusted to ''define the 
probable low-level zone of detection of a medium 
bomber with fair aspect by an SC-1 or SC-2 radar 
at 100-ft elevation. For SK radars and higher alti- 
tude installations, rhe diagrams are conservative. 




TROPOSPHERIC PROPAGATION AND RADIO METEOROLOGY 


m 


For SC and SA radars or for lower altitude installar 
tions, they are optimistic/’ 

Figure 24A shows the lobe structure for the 
standard atmosphere in which M increases 36 MU 
per 1,000 ft. It also shows the value of Af — Afioo; 
that is, the M curve is drawn so as to pass through 
sero at the transmitter elevation of 100 ft. On 
diagrams B through £ the lower portion of the 
standard lower lobe is indicated by a dash-dot line. 
The blind zones are cross-hatched, and their boun- 
daries represent the calculated limits of detection. 
An interesting feature of these diagrams is the 
appearance, in some cases, of blind zones of consider- 
able range and altitude along the surface. These 
cause ^^skip ranges” for ground targets that are 
significant in operational problem Ray diagrams 
were used in calculating the field strengths in 
Figure 24. 

The relative heights of the transmitter and the 
duct have an important bearing on the mechanism 
of transmission. The difbt may develop entirely 
below the transmitter site or entirely above, or the 
duct may include the transmitter. With these alter- 
natives a variety of propagation conditions is 
possible. 

One of the important concepts of radiation theory 
is contained in the principle of reciprocity. This 
principle states that when a transmitter is at a point 
in space A, and the receiver at a point B, the 
received intensity is the same when they are inter- 
changed, the transmitter being at B and the receiver 
at A. (It is assumed in making this statement that 
the transmitter and receiver may be regarded as 
point sources.) Similarly, for radar the signal inten- 
sity remains unaltered if the positions of radar and 
target are interchanged. It is known that there are 
serious limitations to the reciprocity principle where 
ionospheric reflections are involved, but for shorter 
waves and tro'pospheric propagation the principle 
may be applied without restriction. By means of 
the reciprocity principle any coverage diagram may 
be used to obtain the field strength when the heights 
of the target and the radar are interchanged. 

From a study of such evidence on coverage 
diagrams as is available, it appears that (a) the 
effects of superrefraction are most marked when the 
transmitter lies in the duct; (b) they exist to a lesser 
degree if the transmitter lies below the duct: in 
particular no excessively long ranges for targets are 
then found above the duct — sometimes the ranges 
are extended slightly, other times slightly decreased; 
(c) for a transmitter above the duct no excessive 
changes in field strength occur below the duct— this 
can be deduced from (b) by using the reciprocity 
principle; (d) there is no appreciable superrefraction 
when the transmitter lies appreciably above the duct. 

For some time after the diimveiy of superrefraction 
it was thought that the concentration of radiative 
energy in the duet might result in a decrease oi the 
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amount of radiation above the duct and hence in a 
reduction of coverage there. The cases illustrated in 
Figure 24, at least, are not in accord with this 
presumption. In spite of the great increase in ranges 
in the duct the amount of energy trapped is small 
compared to the total energy of the radiation field. 

Wave Picture of Guided Propagation 

It must be realized that while ray treatments give 
accurate results under certain conditions, there are 
features of the propagation problem which can be 
satisfactorily discussed only on the basis of the 
electromagnetic wave equations. As an aid to Under- 
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standing the wave treatment the close analogy 
between the functioning of a duct and a hollow metal 
waveguide (or dielectric wire) may be us^. In both 
oases the ^eld which is being propagated may be 
represented as the sum of an infinite number of 
terms (modes). Each waveguide mode is propagated 
with a separate phase velocity and an exponential 
attenuation factor and has a field distribution over 
the wavefront that is independent of distance in the 
direction of propagation. 

In a metallic waveguide a finite number of modes 
are propagated with very small attenuation, while 
the remaining modes, infinite in number, have 
attenuations so high that they are, practically speak- 
ing, not propagated at all. The same division of 
modes into those that are freely propagated and 
those that are highly attenuated is found for duct 
propagation. In the duct, however, the difference 
between the two types of modes is less pronounced 
than in a hollow metal tube. 

As the frequency is decreased, the number of 
transmission modes decreases both for the hollow 
metal tube and the duct until the cutoff frequency 
is reached, below which neither serves as a wave- 
guide. For simple surface trapping (discussed on page 
145) . the following formula gives the approximate 
maximum value of the wavelength for which guided 
propagation inside the duct can still take place: 

= 2.5d VaM • 10“« . 

Here d is the height of the top of the duct above the 
ground in the same units as \aux 9 AM is the 
decrease in M inside the duct. This relationship is 
represented in Figure 25 where*, it should be noted, 



Fiqurs 25. Maximum waveleiigth trapped in simple 
surface trappi^* width d in feet. Ail/ is total 
decrease of M in duct. 

the duct width is given in feet and the wavelength 
in centimeters. When the wavelength exceeds the 
critical value obtained from this graph, guided 


propagation is no longer to be expected. M curves 
of different shapes will require slightly different 
numerical factors in the formula. 

The main difference between the modes is found 
in the vertical distribution of field strength. The first 
three modes for a simple ground-based duct are 
illustrated in Figure 26. The lowest mode has 
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FiotmE 26 . Vertical distribution of field strength for 
first three modes in a duct. 


approximately H of a cycle of an approximate sine 
wave, followed by an exponential decrease. Higher 
modes have multiples of half cycles added to the 
sinusoidal part. 

How these modes must be combined to give the 
total field strength and its vertical distribution is a 
question which depends on the height of transmitter, 
the distance out to the point wheie the total field 
strength is to be obtained, the rate of attenuation' of 
each mode as a function of the distance, and its 
phase velocity. Since the attenuation and the, phase 
velocity are different for the various modes, the 
vertical distribution of the total field changes with 
the distance from the transmitter, and the number 
of jmodes composing the total field decreases with 
increasing distance. 


Reflection from an Elevated Layer 

This phenomenon has been studied extensively at 
San Diego. The meteorological situation there is 
rather unique in that the warm and extremely dry 
upper air overlies a cooler and very moist lower 
stratum. The transition between the two layers is 
very sharp. This gives rise to an elevated duct of 
the type exhibited by the M curves of Figures 24D 
and 24E. Often the reversal of the M curve takes 
place over an even narrower interval of height than 
shown in these graphs. In such cases there is a 
reflection analogous to the reflection of waves at a 
true discontinuity between two media^and which 
cannot be accounted for •by the bending of rays. 

At an interface between two media of different 
refractive indices there is partial reflection of radia^ 
tion for any angle of incidence,^ but when the 
phenomencm (partial reflection 9m partial trans- 
rnksion) takes place in a layer cff finite thickness, 
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the reReoted radiation ia appreciable only at angles 
near grazing (less than launder the conditions found 
at San Diego). Furthermore, other things being 
equal, the reflection coefl^cicnt increases with increas- 
ing wavelength. This feature distinguishes the reflec- 
tion by a layer from the duct effects produced by 
this layer, as the latter generally tend to become less 
pronounced for longer waves. The reflection gives 
rise to an additional field strength near the ground, 
often well beyond the optical horizon. 

Transmission experiments carried out at San Diego 
at frequencies between 60 and 500 me gave results 
that are explained satisfactorily on the basis *of 
reflections of the type just described but not on the 
duct theory. Thus most of the ducts caused by 
reversals of the M curve of the type shown in Figure 
24D will be beyond cutoff for a frequency of 60 me, 
as indicated on page 160- No guided propagation 
should therefore he expected, whereas the observed 
field at the receiver, located well beyond the optical 
horizon, was consistently very high. 

At a frequency of 600 me the reflection is found 
to be highly critical with respect to the angle of 
incidence at the reflecting layer. When meteorological 
conditions are such that the layer is high (3,000 to 
4,000 ft), and therefore the angle of incidence large, 
the intensity of the reflected radiation is found to 
be very low; when the layer forms at a low level 
(a few hundred feet only) the reflected radiation 
becomes very strong. This behavior agrees with the 
predictions of electromagnetic theory. 

So far, the experiment at San Diego is the only 
instance where a clear-cut case of reflection by an 
elevatedjayer has been found, although indications 
of similar effects have been observed elsewhere. 
Whether or not this phenomenon will occur at other 
places in or near the subtropical belt is not conclu- 
sively known since our knowledge of meteorological 
conditions in these climates is far from complete. 
If it does occur, it will obviously be of great opera- 
tional significance. 

Operational Applications 

Radar 

Ground radars have experienced most of the effects 
of propagation in nonstandard atmospheres so far 
observed operationally. Phenomenal ranges on ship 
and low-flying airplane targets have been observed, 
especially in the Mediterranean area, the Arabia- 
India area, in Australia, and the Southwest Pacific 
theaters. In the United States and Europe ground- 
based ducts over land have occasionally produced 
fixed echo clutter seriously interfering with the 
plotting of aircraft targets over land. This ground 
clutter interference is especially troublesome with 
microwave early warning sets plotting targets over 
land. On ground radars with high pulse repetition 
rates, echoes from lar||e distances frequently return 


on the second or later traces. Such echoes interfere 
with first sweep echoes and sometimes are misinter- 
preted as having ranges appropriate to the first 
sweep, with serious tactical consequences. 

One of the most serious operational cdnsequenc^s 
of superrefraction is a secondary effect, that of 
misleading operators as to the overall performance 
of the equipment. Long-range echoes caused by 
superrefraction have frequently been assumed to 
indicate good condition of the equipment, when 
precisely the opposite is actually the case. The 
phenomenon of superrefraction does not, however, 
in the same degree invalidate the measurement of 
signal-to-noise ratio of nearby echoes, as a criterion 
of relative overall set performance. Field strengths 
from nearby objects well within the optical horizon 
are far less subject to propagation variations. Echo 
strengths (signal-to-noise ratio) from nearby objects 
are still considered a good relative index of overall 
performance, provided that easily recognized .echoes 
can be measured which are not sensitive to very 
small changes in the radar frequency. There are 
other sources of echo fluctuations such as the motion 
of objects (trees, towers) caused by the wind (import- 
ant at wind speeds above 16 miles per hour). Great 
care is needed in the choice of fixed echo ^^standards^^ 
so that they are kept free of the effects enumerated. 
Sometimes artificial echoing objects arc constructed 
of flat mesh screens perpendicular to the beam in 
order to secure suitable echoes which are not 
frequency sensitive. The extreme variability of long- 
range fixed echoes emphasizes the operational need 
for reliable test equipment for making quantitative 
tests on the components as well as on the overall 
performance of the equipment aspects of radars, as 
distinct from propagation effects. 

In addition to the direct electrical checks on set 
performance there are a number of ways of making 
sure indirectly whether any failures of detection by 
radar may be due to a deformation of the coverage 
pattern by superrefraction. In the first place, super- 
refraction rarely affects detection at angles of eleva- 
tion above about 1.5®. Any irregularity at higher 
angles must be attributed to other causes. Even 
between 0.5® and 1 .6® failures of detection are excep- 
tional and occur only where there are very strong 
ducts. A clue to the probability of occurrence of such 
conditions can be ascertained from a study of the 
primary meteorological effects which cause them; 
and even with only a moderate amount of meteoro- 
logical information it is usually possible to make an 
estimate of this probability. Such superrefractive 
conditions almost invariably show up in intensified 
and extended ground echoes (ground clutter on the 
scopes) and, in case of an overwater path, in extended 
ranges of ship detection. A record of meteorological 
data will be very helpful in deciding, after the fact, 
whether any specific failure of aircraft detection 
might have been ascribed to weather. Even if this 
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is probable, there are, of course, a number of other 
operational causes that might be responsible rather 
than the weather. 

Experience gained in England indicates that the 
technique of forecasting whether or not superrefrac- 
tion occurs is, on the whole, fairly successful, but 
there are still many occasions when the predictions 
are not fulfilled. It has been intimated that in 
England this was due, at least partly, to variations 
in the sensitivity of the 10-cm set used; when the 
set is not at peak efficiency, maximum ranges of 
surface targets appear shortened, and the coverage 
in the duct may be reduced to a value corresponding 
to standard conditions. 

A major problem in any early Warning radar 
system is that of heightfinding by means of maximum 
ranges. On this it is difficult to make general state- 
ments. The method of heightfinding usually employed 
in long-range radar work consists in using the boun- 
dary of the lowest lobe as a height indicator, assum- 
ing that when the target is first sighted it has just 
entered the lowest lobe. When superrefraction is 
present, the height estimated in this way can be 
seriously in error. It may be too high if the enemy 
is flying in the duct, so that he is discovered earlier 
than he would be normally; or it may be too low if 
the enemy is flying in the region above the duct and 
so he is discovered later than he would be under 
standard atmospheric conditions. Here, again, it 
should be possible to find out whether repeated 
errors in height determination are the result of 
superrefraction or whether they are due to faulty 
calibration or to other features not related to the 
weather. Other methods of heightfinding, such as 
are used in fighter control and control of antiaircraft 
fire, are usually carried out at angles of elevation too 
large to be affected by nonstandard types of atmos- 
phere, 

VHF Communications and Navigational Aids 

The extension of the maximum range of very high 
frequency [VHF] navigational aids has already been 
mentioned as an important consequence of super- 
refraction. Similar extensions of communication 
ranges of VHF radio sets also occur. Because VHF 
air-to-ground communications are relied upon only 
for comparatively short-range communications, this 
extension of the normal range by atmospheric 
conditions is important primarily from a security 
standpoint. It must always be borne in mind that 
transmissions on VHF may frequently be propagated 
hundreds of miles beyond the normal limiting range 
,and are subject to enemy interception. Superrefrac- 
tion has also been observed to cause very objection- 
able mutual interference between two control towers 
attempting to use a common VHF channel, although 
the distance between the airports was great enough 
to prevent serious mutual interference under normal 


conditions. Point-to-point VHF radio links are also 
affected by refraction, over longer paths than optical. 

Radio Countermeabxtreb 

The laws of radio propagation enter into the 
problem of jamming the enemy communication and. 
radar equipment. Since it is rarely possible to locate 
the jamming transmitter coincident with the enemy 
transmitter whose signals it is desired to mask, the 
efficiency of propagation of the signals from the 
enemy transmitter relative to those of the friendly 
transmitter enters into the problem. This has been 
worked out in detail for the standard atmosphere. 
When conditions are not standard, however, the 
effectiveness of the en^'iiiy transmitter, as determined 
for 8t«»ndard conditions, no longer applies. A case of 
special interest occurs when an airborne jamming 
transmitter is used as a countermeasure against an 
enemy radio communication link operating between 
two points on the ground. If the meteorological 
situation is such as to be favorable to formation of 
a ground-based duct the enemy signals may be 
propagated with small attenuation, whereas the 
signals from the jamming transmitter may be unaf- 
fected or even weaker than would normally be 
expected. 

Plans for the employment of grour d-based jammers 
against enemy radio and radar systems should take 
into consideration the ability of atmospheric refrac- 
tion to increase, or occasionally to decrease, the 
signal propagated to the enemy ^s installation for 
jamming purposes. However, there has been only 
limited use of ground-based jamming so far. Unin- 
tentional mutual jamming has occurred between the 
spaced radar sets of a coastal system on the same 
frequency, where nonstandard propagation condi- 
tions caused strong signals to be propagated between 
normally noninterfering radars. 

RADIO METEOROLOGY 

Temperature and Moisture Gradients 

This section is devoted to a survey of the meteoro- 
logical conditions which produce the various types 
of propagation described in the preceding sections. 
This brief outline is not intended to replace the 
assistance of a professional meteorologist in analyzing 
short and microwave propagation problems; but by 
familiarizing radar or communications personnel with 
the fundamental physical processes of low-level 
weather it may open the way toward a more fruitful 
consultation with the meteorologist. 

Duct formation is the most important phenomenon 
for which a detailed knowledge of the physical state 
of the lower atmosphere is required. Whenever a 
duct is formed, M decreases with height within a 
certdn height interval. Since, according to text on 
pages 189- 143 , Jlf • (n ~ 1) • 10« -|- 0.187fc,th6 
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existence of a duct presupposes that the refractive 
index n decreases with height over at least a limited 
range of altitudes at a rate more rapid than 0.157 
MU per meter. Such a decrease can be produced by 
two different meteorological conditions. 

1. A rapid increase of temperature with height. 
This temperature inversion must be very pronounced 
in order, by itself, to produce a duct. In practice, a 
temperature inversion contributes to duct formation 
when accompanied by a sufficiently strong moisture 
lapse. 

2. A rapid decrease of humidity with height desig- 
nated as a “steep moisture lapse.” 

When ducts are produced by only one of these 
causes, they may be designated as “dry ducts” and 


“wet ducts,” respectively. In the general case a 
temperature inversion and a nfuisture lapse cooperate 
in producing a duct, but one of the two factors will 
be preponderant, thus facilitating the analysis of the 
meteorological problem. 

Whether or not a duct occurs under given meteoro- 
logical conditions and what the rate of change of M 
is inside the duct may be determined by means of 
the diagram, Figure 27. (This discussion is presented 
for the purpose of illustrating the importance of 
temperature and moisture gradients. The technique 
more readily usable in practice is to compute the 
values of M at various altitudes directly from tem- 
perature and relative humidity data with the aid of 
Figure 19.) The abscissa in Figure 27 is the rate of 
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decrease of humidity with height {—de/ih)^ where e 
is the water vapor pressure in millibars, (e can be 
found from meteorological tables when relative 
humidity and temperature are known.) The ordinate 
is the rate of increase of temperature with height 
(dT/dh). The slanting lines represent various values of 
temperature and rtdative humidity at some particular 
height h. The lines passing through the same point 
at the upper right of tlie diagram correspond to the 
same mean temperature; lines of different slopes 
represent different mean relative humidities. 

In order to determine the rate of change of M at 
a given level, find the point in the diagram corre- 
sponding to the actual rates of change of moisture 
and temperature. Also pick out the straight line 
representing the actual mean values of temperature 
and humidity in the layer considered. If the point 
is at the lower right relative to this straight line, M 
decreases with height in the layer chosen; that is, a 
duct exists. If the point is at the upper left of the 
straight line, M increases with height and there is 
no duct. 

The rate of change of Af, (dM/dh)^ may be 
obtained from the diagram by measuring the hori- 
zontal distance from the point to the line and 
multiplying by the function of the temperature f(T) 
given in the table on Figure 27. The result is the 
value of dMIdhj the rate of change of Af, in Af units 
per 100 m. This quantity is negative when the point 
is to the right of the line and positive when the point 
is to the left of the line. 

It is seen at once from the diagram that for small 
values of the moisture lapse an extremely steep 
temperature gradient is required in order to produce 
a duct (lower left part of the diagram). In cold air 
such as is found in the arctic the total moisture is 
small, and hence the moisture gradient will in general 
be quite small. Ducts will then only occur when a 
very strong temperature inversion exists. 

Strong temperature inversions occur only under 
special meteorological conditions which will be 
discussed below. Ordinarily the temperature of the 
air decreases with height; and this will put our 
representative point into the upper part of Figure 
27. A duct can then exist only when the moisture 
lapse is large enough, so that the representative 
point falls to the right of the appropriate slanting 
line. Such conditions are common in the lower 
atmosphere. This leads to a wet duct, which is 
determined almost completely by the moisture lapse. 

Physical Causes 
of Stratification-— Turbulence 

There are three basic meteorological factors which 
tend to modify the temperature and moisture distri- 
butions in the lowest layers of the atmosphere. These 
are: (1) advection, (2) nocturnal cooling (over land), 
and (3) subsidence. 


Advection is a meteorological term used to desig- 
nate the horizontal displacement of air having 
particular properties. Advection is of great interest 
in propagation problems particularly because it leads 
to an exchange of heat and moisture between the air 
and the underlying ground or sea surface and thiis 
affects the physical structure of the lowest layers. 

Nocturnal cooling over land is caused by a loss of 
heat from the ground by infrared (heat) radiation. 
The cooling of the ground is communicated to the 
lower layers of air and leads to the establishment of 
a low-level temjxjrature inversion. 

Subsidence means a slow vertical sinking of air 
over a very large area. It is most likely to be found 
in regions where baremetric Highs arc located. 
Subsidence tends to produce a temperature inversion 
and also produces very dry air which, spreading out 
over a humid surface, creates a situation which is 
favorable for the formation of a duct. 

The processes (1) and (2) change the physical 
characteristics of the air through transfer of heal 
or moisture between the air and the underlying 
surface of the ground or sea. The oi)erating factoi 
in this exchange is turbulence. The main features 
of turbulence in the lower atmosphere are outlined 
briefly below. 

Convection occurs spontaneously whenever the 
decrease of temperature with height exceeds a value 
of about 1 C per 100 m. This convective condition 
is usually produced as a result of the heating of the 
ground by the sun^s rays. Even with a cloudy sky 
the diffuse daylight often is strong enough to produce 
moderate convection. On a hot summer day convec- 
tion over land extends to great heights. Convection 
mixes the air thoroughly and thus causes a uniform 
distribution of moisture and a uniform decrease of 
temperature with height of about 1 C per 100 m. 
Hence even moderate convection tends to produce a 
smooth Af curve which varies linearly with height. 
Standard conditions ;iiay therefore be assumed to 
prevail on clear summer days (and not infrequently 
on clear days in the cooler seasons) from the hours 
of late morning until late afternoon, during which 
time convection is most active. 

Frictional turbulence occurs frequently in the lower 
atmosphere even in the absence of convective condi- 
tions. It is caused by the wind and requires the 
presence of at least light winds, but with moderate 
or strong winds the effect is more pronounced. In 
conditions of calm or with a gentle breeze, frictional 
turbulence is confined to the lowest strata. Moderate 
or strong winds develop a layer of intense turbu- 
lence, caused by friction of the air at the irregularities 
of the ground. This layer is usually quite well defined 
in height and extends to an average elevation of 
about 1,000 m over land. Over a relatively smooth 
sea where friction is small the height of layer is 
much reduced. In this frictional layer the air becomes 
thoroughly mixed; the vertical temperature gradient 
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caused by convection is about — 1 C per 100 m, and 
the moisture lapse is steady and rather small. 
Standard refraction will therefore prevail when winds 
are moderate to strong over land, and over the ocean 
also when the winds are sufficiently strong. 

Temperature inversions occur when the temperature 
of the surface (sea or land) is appreciably lower than 
the temperature of the air. The transition from the 
ground temperature to the free air temperature takes 
the form shown in Figure 28. The heat and moisture 



Figure 28. Air temperature versus height for an 
inversion. 


transfer caused by turbulence in a temperature inver- 
sion is less simple than that in a frictional layer. 
The turbulent processes active in inversion regions 
are highly complex and are not yet very well 
explored. It is known, however, that the intensity of 
the vertical transfer of heat and moisture is greatly 
reduced as compared to the rate of transfer with 
frictional turbulence. The reduction is the more 
pronounced, the steeper the vertical increase of tem- 
perature; in a steep inversion the rate of transfer 
may be many times less than in a frictional layer. 
This tends to produce a vertical stabilization of the 
air layers in the inversion region. As soon, therefore, 
as a temperature inversion has begun to form, the 
rapid mixing in the lowest layers, usually effected 
by frictional turbulence, stops and is replaced by a 
much more gradual diffusion. 

Assume now, for instance, that the rate of diffusion 
has become so alow that the transfer of moisture over 
a height of a few hundred feet takes many hours or, 
perhaps, a day or two. When the air in the inversion 
is dry to begin with and flows over ground capable 
of evaporation (the sea or moist land) there vi^l be 
established, in such an air mass, a steep moisture 
lfH>8e, since the water vapor that has been taken up 
by the air near the ground will only gradually diffuse 
into the dry air aloft. Conditions are then favorable 
for the formation of an evaporation duct, in addition 


to whatever tendency toward duct formation may 
be caused by the temperature inversion itself. 

Advective Ducts— Coastal Conditions 

Advective formation of ducts may occur both over 
land and over sea, but this process is most important 
over the ocean near coasts. The most common illus- 
tration is that of air above a warm land surface 
flowing out over a cooler sea. Over the land the air 
will usually have acquired a convective or nearly 
convective temperature gradient of — 1 C per 100 m. 
When this air flows out over the cool water surface, 
a temperature inversion is rapidly formed which 
grows in height as the process of turbulent transfer 
progresses. The temperature inversion does not, in 
itself, give rise to a pronounced duct because the 
effect of a temperature gradient upon the M curve 
is relatively small; but when the air is dry, evapora- 
tion from the sea surface takes place simultaneously 
with the heat transfer, and a moisture lapse rate is 
established in the lowest layers. The combination of 
temperature inversion and moisture lapse rate is 
most favorable for the formation of a duct off shore. 

The gradual formation of this type of duct is 
illustrated in Figure 29. This shows M curves, corres- 
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Figure 29. Development of duct off coast. Initial state 
corresponds to air at coast line. hr, H hr, etc., refer 
to time air has been over water. Initial conditions for 
this set of curves: unmodified air To ■■ 32 C, c ** 12.3 
mb; water Tw « 22 C, fw « 26.5 mb saturation. 

ponding to the simple surface type of trapping (see 
Figure 20, curve II) for a series of time intervals 
(and distances) as the air moves out over the water. 
The top of the duct is given by the elevation of the 
minimum value of the M curve. It will be noticed 
that the duct acquires a maximum depth some time 
after the air has touched the cold water surface; 
thereafter the depth decreases. The cause of this 
behavior is found in the progressive decrease in 
moisture and temperature differences which is the 
final result of the diffusion process. Thus the final 
stage of this transformation is an air mass whose 
temperature and moisture distributions are in equi- 
librium with the underlying water surface and no 
longer show a rapid variation with height. 

Duct formation in such a ease depends on two 
quantities: (1) the excess of the unmodified air 
temperature above that of the water and (2) the 
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humidity deficit, that is, the difference of the satura- 
tion vapor pressure corresponding to the water tem- 
perature minus the actual water vapor pressure in 
the unmodified air. If these quantities are large, 
especially the humidity deficit, a duct will develop. 
A great variety of local conditions may, however, 
be encountered in problems of this type, and empiri- 
cal rules developed for one locality may not at all 
apply to others. 

Advective processes may also occur over land, but 
the conditions required for duct formation are likely 
to be found much less frequently. Evaporation over 
land need by no means be small unless the land 
surface is very arid (desert) ; in fact, evaporation over 
a moist soil or a ground covered with vegetation may 
be comparable to, or even larger than, evaporation 
from a sea surface. A duct may therefore be formed 
when dry, warm air flows over a colder ground surface 
capable of evaporation. The temperature excess and 
humidity deficit may again be defined as above. 

Land and 8^ breezes often produce ducts near 
coastal regions. These winds are of thermal origin 
and are produced by temperature differences between 
land and sea. The mechanism is illustrated in Figure 
30. During the day, when the land gets warmer than 
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Figure 30. Land and sea breezes. 

the sea, the air rises over the land and descends over 
the sea and causes an air circulation in which the 
wind blows from sea to land (sea breeze) in the lowest 
levels. Vice versa, if during the night the land becomes 
colder than the sea, a circulation in the opposite 
direction arises. This is the land breeze. As a rule, 
this type of phenomenon is extremely shallow, and 
the winds do not extend above a few hundred feet 
at the most. Often there is a reverse wind in the 
layer above the land or sea breeze layer. A sea breeze 
may modify the advective conditions described above 
in various ways, and extremely strong ducts have 
been observed repeatedly under sea breeze condi- 
tions. The land and sea breezes are of a strictly local 
nature and in some cases will extend only a few 
kilometers to both sides of the shore. Nevertheless 
this region may be an Important part of the trajec- 
tory of radiation. These breezes develop only under 
fairly calm conditions; under conditions of moder- 
ately strong wind, the sea and land breeze will be 
perceptible only as a slight modification of the 
existing wind. Because of their limited extent, fore- 
casting of these breezes requires a study of the local 
wind and temperature conations. 

Advective ducts caused in the manner described 
here are often quite limited horizontally. This is 
especially true if a sea breeze is involved. The 


assumption made throughout this report, namely 
that the stratification of the air is of infinite extent 
horizontally, will no longer be valid, and superrefrac- 
tion may be restricted to a stretch along the coast. 

Ducts over the Open Ocean 

A type of duct that is somewhat similar to the 
advective duct described above is found over the 
open ocean where the air has had an extensive over- 
water trajectory. It has been studied in experiments 
carried out at the island of Antigua in the West 
Indies. The subsequent description refers to this 
particular location, but on the basis of experience 
gained operationally and in other experiments it may 
be presumed that similar conditions prevail in 
numerous other regions of the world, particularly in 
the trade wind regions. 

At Antigua, in winter and early spring when these 
tests were made, the wind is usually from the north- 
east since the island is situated at the southeastern 
fringe of the so-called Bennuda High, a large semi- 
permanent circulation system over the North 
Atlantic, extending from about 10® to 30® North 
latitude. The air at Antigua has thus had an ocean 
trajectory of thousands of miles. The relative hum- 
idity is of the order of 60 to 80 pei cent, indicating 
that in spite of the long passage over the sea no 
diffusion equilibrium has been established between 
the sea surface and the moisture in the lower atmos- 
phere. On the other hand, there is little difference 
between the air and sea temperature, the latter 
being rather constant at 25 C and the former varying 
between 23 and 26 C. The air is, therefore, nearly 
in convective thermal equilibrium with the sea sur- 
face, and no appreciably *^dry” duct can develop. 
The duct is caused by the moisture variation in the 
lowest layers. 

A typical M curve is shown in Figure 31. It may 
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be seen that at as small a height as 0.5 m above the 
sea M has a value much lower than at the surface 
itself. As the surface value of ilf is obtained by the 
assumption that the air in immediate contact Vith 
the water is saturated with moisture, this indicates 
that 0.5 m above the water the moisture content of 
the air is still appreciably below saturation. The 
moisture in the lowest levels is subject to consider- 
able variations caused partly by turbulence, partly 
by the waviness of the sea surface. M curves, such 
as Figure 31, are obtained by averaging over several 
measurements. 

These ducts are much lower than the advective 
ducts discussed in the previous section; their height 
is about 12 to 15 m (around 40 ft). The effective 
decrease of M in the duct (apart from the sharp 
decrease in the lowest half meter) is of the order 
of 4 to 8 MU. 

The latter figure depends somewhat on the wind 
speed. There is a maximum decrease of 8 MU at a 
wind speed of about 8 m per sec (13 miles per hour) 
and lower values for both lower and higher wind 
speed. The duct height in turn shows a very slight 
dependence on wind speed, increasing somewhat with 
increasing speed. 

These ducts are so low that they are not very 
effective for trapping of waves even as short as S 
band, presiunably on account of strong leakage (see 
pages 149-150), and signal strength is not increased 
when an S-band transmitter or receiver is placed 
inside the duct. For K band, on the other hand, the 
trapping effect is marked; on raising the transmitter 
or receiver from the ground a maximum of signal 
strength is observed at about 9 m, but from there on 
the signal begins to decrease up to about 20 m (overall 
decrease 5 db) ; at greater heights the signal gradually 
rises again. 

These ducts appear to be a permanent feature at 
Antigua, at least during the season these observa- 
tions were carried on. This is probably true also for 
many locations in the trade wind belt. The daily 
variation of weather phenomena and of duct charac- 
teristics at such purely maritime locations seems to 
be insignificant. 

Nocturnal Cooling — Daily Variations 

A daily variation of surface temperature occurs 
only over land. During the day the heating is caused 
by the sun’s rays, and the cooling of the ground 
surface during the night is produced by radiation 
from the ground. The diurnal temperature variation 
of the sea is extremely small. However, shallow 
bodies of water sometimes have an appreciable 
diurnal variation. 

The radiation which causes nocturnal cooling of 
the ground is temperature or heat radiation which is 
composed of waves in the infrared portion of the 
spectrum. It is the same kind of radiation that is 
given off by a hot stove or electric heater, but since 


the temperature of the earth is less than that of a 
stove the earth emits comparatively less heat radia- 
tion. Nevertheless, radiation is a very powerful agent 
in cooling the ground. From about sunrise until the 
late afternoon, the surface of the earth gains more 
heat from the sun and atmosphere than it loses by 
radiation to space; in the late afternoon and during 
the night, the surface loses more heat than it gains. 
The amount of best radiated is very nearly inde- 
pendent of the physical constitution of the ground 
but is dependent upon its temperature and increases 
very rapidly with a rise in ground temperature. 

The atmosphere has a “blanketing” effect upon 
the infrared radiation emitted by the ground. The 
atmosphere itself absorbs and emits infrared radia- 
tion, and the cooling of the ground may be greatly 
reduced by the action of the atmosphere. The 
blanketing effect is least with a clear sky and dry, 
cool air; it is somewhat stronger when, with a clear 
sky, the atmosphere is ^ery warm and humid, as in 
the tropics. A cloud will produce a distinct blanket- 
ing effect, and with a complete overcast of low cloud 
the blanketing is so pronounced that the nocturnal 
cooling of the ground is reduced to only a small 
fraction of its value with clear skies. 

The loss of heat from the ground is distributed by 
turbulence over the lowest layers of the atmosphere, 
thus giving rise to a temperature inversion. Inver- 
sions of this type are strongest in temperate and 
cold climates with a clear sky and cold, dry air 
overhead; they are less pronounced in the tropics 
with humid air and a clear sky and are practically 
absent with an overcast sky. A meteorologist, after 
some experience, can estimate the magnitude of an 
inversion to be expected with given local weather 
conditions. 

Temperature inversions, by themselves, can at 
best produce only weak ducts, but strong ducts may 
result when the inversion is accompanied by a suffi- 
cient moisture lapse. This requires that the air be 
dry enough to allow evaporation into it from the 
ground. In warmer climates where the transition 
between night and day is rapid, evaporation may 
set in in the early hours of the morning before the 
nocturnal inversion has been completely destroyed 
by the action of the sun. A strong duct will then be 
formed for a short period. This condition seems to 
be frequent during certain seasons in Florida. 

It is obvious that the shape of the Af curve, when 
it deviates from the normal, may undergo rapid 
variations with the period of a day. One example 
has just been quoted; another is illustrated by the 
advective ducts over the North Sea produced by the 
mechanism described on pages 155-156. These ducts 
usually form in the hours before midnight and last 
until the early hours of the morning. 

Fog 

Contrary to what might perhaps be expected, the 
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formation of fog results, in general, in a decrease of 
refractive index. When fog forms, e.g., by nocturnal 
cooling of the ground, the total amount of water in 
the air remains substantially unchanged, but part 
of the water changes from the gaseous to the liquid 
state. The contribution of a given quantity of water 
to the refractive index is found to be far less when 
the water is contained in liquid drops than when it 
exists in the form of vapor. The formation of fog, 
therefore, results in a reduction of the amount of 
water vapor contributing to the value of M. If there 
is a temperature inversion in the fog layer, the 
saturation vapor pressure increases with height, and 
a substandard M curve frequently results (see Figure 
20, curve Ib). This occurs with radiative fog (caused 
by nocturnal cooling of the ground) and also with 
advective fog (caused by the advection of warmer 
air over a cooler surface). Advective fog is very 
common in the Aleutian Islands and off Newfound- 
land. 

If fog causes a substandard M curve, it is to be 
inferred that the rays will be bent upward, instead 
of downward as with superrefraction, and lead to a 
weakening of the field in the lowest layers, even to 
the point of producing a complete fade-out of radio 
reception. Appreciable reduction of radar ranges and 
interruption of microwave transmission have 
frequently been observed in such cases. 

Fog, however, does not always produce a sub- 
standard M curve, though this is the most common 
case. In certain other less freqxient types of fog, the 
temperature (and thereby the vapor pressure) may 
be constant or increase with height through the fog 
layer. In this event near-standard propagation will 
prevail, or a duct may develop when the temperature 
inversion is strong enough. An example is steam fog, 
formed when cold air passes over a warm sea (see 
also pages 160-364). 

Subsidence— Dynamic Effects 

The temperature inversions discussed so far owe 
their existence to the modification of air by contact 
with the ground, but subsidence inversions are 
produced by a mechanism of an entirely different 
nature. By subsidence is meant the sinking of air, 
that is, a vertical displacement, which must of course 
be accompanied by a lateral spreading (divergence) 
in the loiver part of the subsiding column of air; 
otherwise there would be an accumulation of air in 
the lower levels. The thermod 3 mamic analysis of this 
complex process shows that if the effect of subsidence 
is strong enough a temperature inversion will be 
created. Since this process does not require the 
presence of a ground surface, it may occur, and in 
fact often docs occur, aloft in the atmosphere. The 
effects of subsidence frequently are the most pro- 
nounced at an elevation of the order of a kilometer 
or more. 


As a general rule, subsidence occurs in regions of 
high barometric pressure. In fact, subsidence always 
does occur in such regions, but it may not always be 
intense enough to give rise to a strong temperature 
inversion. The flow of air in a barometric High is 
shown in Figure 32 as it appears on a weather map 



Figure 32. Characteristics of subsidence. 


in horizontal projection, and also in a vertical cross 
section. 

With subsidence, the air as a nle is very dry, and 
there is nothing in the process which can change the 
moisture content or produce moisture gradients. If, 
however, the dry air finds itself over a surface capable 
of evaporation, such as the sea surface, a steep 
moisture gradient may be established and a duct 
will be created. It is thus seen that subsidence in 
itself does not produce a duct, except in extreme 
cases, but it can act as an auxiliary factor and greatly 
enhance the formation of a duct whenever other 
conditions are favorable. Thus, forecasts of super- 
refraction based on a purely advective mechanism, 
or purely on radiative cooling or evaporation, may 
have to be modified in .the presence of subsidence; 
an otherwise very weak duct may be converted into 
a strong duct by the effect of subsidence upon the 
lower strata. 

Strong subsidence effects are of frequent occur- 
rence on the southern California coast where they 
may continue with little change for days at a time. 
At times the duct is elevated, giving an elevated 
S-shaped M curve like Ilia in Figure 20. Again the 
duct may extend practically from the ground up 
with M curves similar to curves II or Illb in Figure 
20. The elevation of the top of the duct may vary 
from 300 to 5,000 ft, and the thickness may lie 
between a few feet and 1,000 ft. Coverage diagrams 
and the corresponding M curves for several typical 
situations are illustrated in Figure 24. 

For a number of reasons the meteorologioal condi- 
tions in a barometric High are favorable for the 
formation of duqts. Among the favorable factors 
are: subsidence, creating very dry air into which 
evaporation from the surface can take place; again 
subsidence, creating temperature inversions; ealm 
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conditions preventing mixing of the lowest layers by 
frictional turbulence and maintaining the thermal 
stratification caused by radiative cooling or local 
breezes; clear skies producing nocturnal cooling 
over land. 

The conditions in a barometric Low, on the other 
hand, generally favor standard propagation. A lifting 
of the air, the opposite of subsidence, usually occurs 
in such regions and is accompanied by strong winds. 
The combined effect is to destroy any local thermal 
stratification and to create a deep layer of frictional 
turbulence. The air is therefore well mixed, and 
nonstandard vertical temperature and moisture 
gradients are wiped out in the early stages of their 
creation. Moreover, the sky is usually overcast in a 
low-pressure area and nocturnal cooling, therefore, 
is negligible. 

To summarize, high-pressure regions, clear skies, 
and calm air are conducive to duct formation, while 
low-pressure areas, cloudy skies, and winds favor 
standard refraction. 

Fronts in the atmosphere are possible sources of 
refractive effects. A front is a surface of discontinuity 
which separates two air masses of different temperar 
tures. The surface slants at an angle of to 2** with 
the horizontal, with the colder air forming a wedge 
under the warmer air. Fronts are a common occur- 
rence in the atmosphere, and it might be thought 
that they should have a considerable influence on 
wave propagation. This is, however, not borne out 
by English radar experience, which shows very little 
superrefraction connected with fronts. The explana- 
tion is probably that fronts are invariably accom- 
panied by low-pressure areas, and turbulence along 
a front is usually so strong that the transition from 
the cold air to the overlying warpi air takes place 
continuously over a vertical distance of about a 
kilometer. Propagation conditions might, however, 
be somewhat different with ‘fronts in sub-tropical 
climates, although our knowledge is still inadequate 
on this point. In one-way transmission frontal effects 
have been studied to a limited extent ( pages 160- 
164). 

Seasonal and Global Aspects 
of Superrefraction 

Although the general picture is still incomplete, 
enough is now known a^ut the geographical and 
seasonal aspects of superrefraction to warrant a 
general summary. 

Atlantic Coast of the United States 

Along the northern part of this coast superrefrao- 
tion is common in summer, while in the Florida 
region the seasonal trend is the reverse, with a 
maximum in the winter season. 


Western Europe 

On the eastern side of the Atlantic, around the 
British Isles* and in the North Sea, there is a pro- 
nounced maximum in the summer months. Conditions 
in the Irish Sea, the Channel, and East Anglia have 
been studied by observing the appearance or non- 
appearance of fixed echoes (see Figure 33). Additional 



Figure 33. Diurnal frequency of long-range fixed echoes 
at North Foreland, Kent. Wavelength 10 cm. 


data based on one-way communication confirmed the 
radar investigations. 

Mediterranean Region 

The campaign in this region provided good oppor- 
tunities for the study of local propagation conditions. 
The seasonal variation is very marked, with super- 
refraction more or less the rule in summer, while 
conditions are approximately standard in the winter. 
An illuminating example is provided by observations 
from Malta, where the island of Pantelleria was 
visible 90 per cent of the time during the summer 
months, although it lies beyond the normal radio 
range. 

Superrefraction in the central Mediterranean area 
is caused by flow of warm, dry air from the south 
(sirocco) which moves across the ocean and thus 
provides an excellent opportunity for the formation 
of ducts. In the winter time, however, the climate in 
the central Mediterranean is more or less a reflection 
of Atlantic conditions and hence is not favorable for 
duct formation. 

The Arabian Sea 

Observations covering a considerable period are 
available from stations in India, the inlet to the 
Persian Gulf, and the Gulf of Aden. The dominating 
meteorological factor in this region is the southwest 
monsoon that blows from early June to mid-September 
and covers the whole Arabian Sea with moist equa- 
torial air up to considerable heights. Where this 
meteorological situation is fully developed, no occur- 
rence of superrefraction is to be expected. In accord- 
ance with this expectation the stations along the 
west side of the Deccan all report normal conditions 
during the wet season (middle of June to middle of 
September). During the dry season, on the other 
hand, conditions are very different. Superrefraction 
then is the rule rather than the exception, and on 
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some occasions very long ranges, up to 1,500 miles 
(Oman, Somaliland), have been observed on 200-mc 
radar on fixed echoes. 

When the southwest monsoon sets in early in 
June, superrefraction disappears on the Indian side 
of the Arabian Sea. However, . along the western 
coasts conditions favoring superrefraction may still 
linger. This has been reported from the Gulf of Aden 
and the Strait of Hormuz, both of which lie on the 
outskirts of the main region dominated by the 
monsoon. The Strait of Hormuz is particularly inter- 
esting as the monsoon there has to contest against 
the shamal from the north. The Strait itself falls at 
the boundary between the two wind systems, forming 
a front, with the dry and warm shamal on top, and 
the colder, humid monsoon underneath. As a conse- 
quence, conditions are favorable for the formation of 
an extensive radio duct, which is of great importance 
for radar operation in the Strait. 


small fraction of a second frequently are encountered 
in radar observations, especially with centimeter 
waves. These fluctuations arise as a consequence of 
the internal motions of the target and are especially 
noticeable for aircraft. Similar effects have been 
observed with reflection of microwaves from wooded 
hills, the fluctuations in signal probably being caused 
by foliage moving in the wind. 

Effect of Waves on the Sea 

A similar phenomenon is observed when the trans- 
mitter and receiver are so situated that reflection 
from a water surface contributes to the received 
signal strength. Owing to irregularities of the water 
Surface and their rapid change with time, variations 
in signal strength will appear. The fluctuations 
arising in this way have a time scale of the order of 
a second, in the case of a lightly ruffled sea (see 
Figure 34). Evidently rays reflected from different 


The Bay of Bengal 

Such reports as are available from this region 
indicate that the seasonal trend is the same as in 
the Arabian Sea, with normal conditions occurring 
during the season of the* southwest monsoon, while 
superrefraction is found during the dry season. It 
appears, however, that superrefraction is much less 
pronounced than on the northwest side of the 
peninsula. 

The Pacific Ocean 

This region appears to be the one where, up to 
the present, least precise knowledge is available. 
There seems, however, to be definite evidence for the 
frequent occurrence of superrefraction at some loca- 
tions; e.g., Guadalcanal, the east coast of Australia, 
around New Guinea, and on Saipan. Along the 
Pacific coast of the United States observations indi- 
cate frequent occurrence of superrefraction, but no 
statement as to its seasonal trend seems to be 
available. The same holds good for the region near 
Australia. 

In the tropics there is found a very strong and 
persistent seasonal temperature inversion, the so- 
called trade wind inversion. It has no doubt a very 
profoimd influence on the operation of radar and 
short-wave communication equipment in the Pacific 
theater. 

Fluctuations in Signal Strength 
with Time 

A number of different causes tend to produce 
variations of signal strength with time. These are 
discussed briefly in the following paragraphs. 



Figure 34. Variation in signal strength with time in 
radiation reflected from the sea (direct radiation cut off). 
X -» 9 cm. 


parts of the water surface interfere, and with the 
changing form of the surface the interference pattern 
at the place of the receiver changes accordingly. The 
time scale of these changes must be connected with 
the speed, wavelength, and amplitude of the waves, 
but the exact relation is not known thus far. 


Tidal Effects 

The rise and fall of the tide produces a gradual 
variation in signal strength by changing the inter- 
ference between the direct and the reflected rays. 
The path difference between these rays is 2h\hi/R, 
where Ai, hi are the heights of the transmitter and 
receiver relative to the instantaneous water level and 
R is the range. The corresponding difference in phase 
between the two rays is equal to 


2h\hi 2ir 


(26) 


measured in radians. The variation in the signal 
strength depends upon the variation in It is small 
when the change in ^ is small and increases to a 
maximum for a change in 0 of ir radians. It follows 
from equation (26) that the tidal effect increases 
with the variation in the water level of the tide and 
with the heights hi and At and decreases with the 
range and the wavelength. 


Taeget Modulation 

Very rapid fluctuations having periods of only a 


Scintillations 

The really conspicuous fluctuations in propa^tion 




TROPOSPHERIC PROPAGATION AND RADIO METEOROLOGY 


161 


conditions) however) are due to changing meteoro- 
logical conditions. A characteristic type is an irregular 
fluctuation in signal strength on a time scale of the 
order of a minute and with an amplitude rarely 
of moderate periods (of the order of 15 min). A 
detailed theory of this type of fluctuation in signal 
strength is not available. When the duct is fully 
developed) there is a large-scale deviation from 
standard conditions with regard to mean field 
strength. If, in particular) both transmitter and 
receiver are situated inside the duct, there is a great 
increase in received field strength. Suppose, however, 
that for some reason the duct does not function 
according to the simple theory. The field strength at 
the receiver may then drop to the value correspond- 
ing to standard conditions. The observed fades 
exhibit just this characteristic in that they consist 
in sharp drops of signal strength down from a mean 
upper level. The conditions are illustrated in Figure 
35) which shows three records obtained for a 22-mile 
path over sea. Figure 35A shows the normal record 
on a calm day when the only disturbances are due 
to scintillations. The record shown in Figure 35B, 
on the other hand, was obtained for a condition of 
simple surface trapping, with transmitter and receiver 
inside the duct. Figure 35A shows that the signal 
strength is considerably above the 95-db average . 

Duct-type fades have been observed over land as 
well as ove’* sea and appear to form a characteristic 
feature from which the presence of superrefraction 
may be inferred. 
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Duct Fades 

A duct is normally accompanied by fades in the 
signal strength of large amplitude (up to 30 db) and 
exceeding 2 db. It varies in intensity according to 
the state of turbulence in the air along the pro{>aga- 
tion path. In perfectly calm air the fluctuation is 
practically nonexistent but becomes quite noticeable 
in turbulent air. This sort of fading is analogous to 
the scintillation of the fixed stars or the unsteadiness 
of the telescopic picture of distant objects occurring 
especially on warm summer days. The physical 
explanation for the scintillations is found in the 
fact that the turbulent motion of the air produces 
irregular variations in refractive index. The conse- 
quent irregular bending of rays passing through such 
a medium produces a patchy distribution of intensity 
over the wave front. In the case of stellar scintilla- 
tions the main change in refractive index is caused 
by fluctuations in air density, and the significant 
level of turbulence is at an elevation of several 
thousand feet. For radio waves fluctuations of water 
vapor density are the chief cause of the scintillations, 
and the active region is consequently close to the 
ground. For typical radio scintillations see Figure 
35A. 

Blackout 

Figure 35C shows a fade in which the signal level 
is far below average and which for this reason is 
called ^^blackout.'^ This type is liable to occur when 
warm, moist air is cooled from below (see the sub- 
standard M curve Ib in Figure 20) and is often 
correlated with fog. The main irregularities in signal 
strength are again on a time scale of the order of 
hour; the amplitude of variation is smaller than in 
the preceding case and rarely exceeds 10 db. 


Fronts and Thunderstorms 

On several occasions marked variations in signal 
strength have been observed when fronts pass 
between the transmitter and receiver. The passage 
of the front itself is marked by very rapid and deep 
fluctuations, followed by less violent changes on a 
longer time scale (see Figure 36). It appears that 
similar effects are likely to occur during thunder- 
storms. 



Figcrb 36. Effect of a front on signal strength (Hasle- 
mere-Wembley Link, England). 
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Fog 

Some peculiar effects were observed by transmission 
through fog over an experimental overland radio link 
in England. The effect of a shallow layer of radiation 
fog in the early autumn (September-October) was 
to produce a nearly complete fade-out of signal 
strength which lasted for hours and rose to normal 
as the fog cleared. The explanation of this effect is 
probably the same as in the case of the ‘^blackout” 
type fades discussed above, indicating that radiation 
fog produces a substandard M curve. Later in the 
autumn (November-December) or winter (January) 
it was found that the effect of fog was quite different. 
In this season the signal strength was increased and 
deep fades appeared which are reminiscent of the 
duct-type fades described earlier. 

Fading on Different Wavelengths 

Several experiments have been performed in which 
transmitters working on different wavelengths oper- 
ate simultaneously over the same path and the 
received field intensities are recorded on tha same 
chart. Figure 37 shows one such record for the 42.5- 
mile (optical) path from the Empire State Building, 
New York City, to Hauppauge, Ijong Island, for 
May 14 and 15, 1943, at frequencies of 474 me and 
2,800 me. It will be noticed that on May 14 up to 
about 5:45 p.m. the two records show a close 
agreement. At 6:00 p.m. violent fading sets in on 
both frequencies, but with great' diversity in detail. 
Not infrequently the signal on one frequency increases 
while on the other frequency it decreases. About 1 :00 


a.m. on May 16 the disturbance dies down, and the 
initial harmony in the two records is restored. 

Experiments over the longer (nonoptical) path 
from the Empire State Building, New York City, to 
Riverhead, Long Island (range 70.1 miles), showed 
ipuch greater diversity in the fading patterns for the 
different frequencies. On the other hand, observa- 
tions over the British radio link from Guernsey to 
Chaldon on 60 me and 37,5 me (range 85 miles) 
showed that if there were marked variations on one 
frequency similar results were likely to be found on 
the other frequency. 

Reliability of Circuits 

The reader must warned that the amount of 
the fading in the signal strength is not a measure of 
the performance of radar and communication circuits. 
These will operate successfully so long as the periods 
of low signal are relatively short. Neither the scin- 
tillations of Figure 35A nor the larger dips of Figure 
35B would seriously affect operation, but a prolonged 
signal such as in Figure 35C would certainly interfere 
seriously with communication and radar performance. 

Some quantitative data are available from the 
transmission path referred to in the previous para- 
graph. On the optical path, New York to Hauppauge, 
the range of signal fluctuations increased rapidly with 
increasing frequency. On 45 me the ‘‘undisturbed*^ 
level (the observational equivalent of standard) was 
21 db below free space with an amplitude of fluctua- 
tions that very rarely exceeded ±4 db. On the 474- 
mc circuit the undisturbed level was 3.5 db Vjelow 



Fiouaa 37. Simultaneoua variations of ahmal strength with frequency. (Empire State Bldg, to Hauppauge, L. L, N. Y.) 
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free space while the fluctuations varied between 10.5 
db above to more than 30 db below free space. The 
level was 5 db or more below the undisturbed value 
during 0.01 per cent of the time in January and 
during 0.4 per cent of the time in July. On the 1J,800- 
mc circuit the undisturbed level was — 2 db below 
free space; the maximum was 12 db above and the 
minimum more than 25 db below free space. During 
0.15 per cent of the time the signal was 5 db or more 
below the undisturbed level in January; the corre- 
sponding figure for July was 3.6 per cent. The conclu- 
sion may be drawn from this and similar experiments 
that over optical paths transmission becomes gradu- 


ally less reliable as the frequency is raised. 

Over the nonoptical path, New York to Riverhead, 
the margin of fluctuations was much larger. On the 
45-mc circuit the undisturbed value was 35 db below 
free space, the maximum 18 db below, and the 
minimum more than 50 db below free space. During 
1.6 per cent of the time the signal was 5 db or more 
below the undisturbed level. On the 474-mc circuit 
the undisturbed signal was 30 to 35 db below free 
space, the maximum 10 db above, and the minimum 
44 db l)elow free apace. During 0.47 per cent of the 
time the signal was 5 db or more below the undis- 
turbed value. At 2,800 me the undisturbed signal 



Fiouan 88. Reliability of circuit. Average of July 1943 and January 1944. (Empire State Building to Hauppauge and 
Riverhead, L. I., N. Y.) 
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was 50 to 60 db below free space near the limit of 
sensitivity; the observed maximum was 13 db above 
free space, and the minimum could not be observed. 
In this case the effects of superrefraction were quite 
pronounced. In January the signal was less than 40 
db below free space during 6.5 per cent of the time; 
the corresponding figure for July is as high as 33 
per cent. 

The reliability of these transmission circuits is 
shown in Figure 38. Here, both for the optical and 
nonoptical paths, the percentage of time during 
which the signal strength was below specified values 
is plotted for the various frequencies used. The 
specified values of signal strength, for each frequency 
and path, are measured relative to the corresponding 
undisturbed value. The results, which give avemges 
of the performance during July 1943 and January 
1944, indicate that the reliability increases appreci- 
ably with decreasing frequency. 

It must be said that the New York area where 
these experiments were made is not particularly 
affected by blackout situations, and the results are 
probably not typical for locations where blackouts 
are a frequent occurrence. The general nature of 
these data is confirmed by results of extensive v 
experiments in England and in Massachusetts Bay. 

Scattering and Absorption 
by Water Drops 

As microwave sets have come into general use in 
recent years the ‘‘rain echoes^' frequently seen on 
the scope have attracted attention. The possibility 
of using microwave radar as an aid to meteorological 
forecasting and for aerial navigation was early recog- 
nized and is now being put to operational use. 

At first sight, ground clutter resulting from trap 
ping of radiation in a ground-based duct and rain 
reflections look somewhat alike on the scope of a 
radar set. At closer inspection differences appear; 
the cloud pictures are usually more fuzzy and less 
sharply defined than the echoes received from ground 
targets. An experienced operator usually has little 
difficulty in distinguishing rain echoes from echoes 
of targets or objects at the ground, but occasional 
mistakes have been reported, especially from the 
tropics. 

Rain echoes are a result of the scattering of micro- 
waves by the raindrops. Electromagnetic theory 
shows that the amount of scattering increases very 
rapidly as the wavelength is decreased. It also 
increases rapidly with increasing drop diameter. On 
account of this sharp variation the scattering effects 
become appreciable only when the wavelength is 
below a certain maximum value and when the drops 
exceed a certain critical size. Rain echoes are rarely 
observed at longer waves than S band, but they are 
conunon at S band and become very important at 
the shorter microwaves. 


For a time it was thought that clouds could 
produce microwave echoes, but more thorough inves- 
tigations have now established the fact that the 
droplets in clouds are too small to produce appreci- 
able scattering. Only drops that are large enough to 
constitute genuine rain are seen by a radar, and, 
especially at S band, light rains will often escape 
detection. The term “storm echo,” invented at a 
time when the origin of these echoes was not yet 
clearly understood, should be avoided, and the terms 
“rain echo” or “precipitation echo” should be used 
instead. A rain seen by the radar is not necessarily 
recorded by an observer at the ground, as the rain 
may be confined to the free atmosphere and never 
reach the earth. This occurs either when the rain 
falls in an ascending stratum of air where the air 
rises more rapidly than the drops fall or when the 
raindrops evaporate again before reaching the 
ground. Both cases occur quite commonly in the 
atmosphere, especially under convective conditions 
such as are indicated by cumulus clouds and thunder- 
storms. Snow may also be seen on microwave scopes 
provided the snowfall is sufficiently heavy. 

While clouds themselves do not produce microwave 
echoes, they may contain falling rain of one of the 
forms just indicated. Visual appea^'ances are deceiv- 
ing, and an imposing looking cumulus cloud might be 
entirely invisible on the scope, whereas a cloud that 
is inconspicuous to the eye but contains falling 
raindrops might give a pronounced echo. 

The question of “shadow” cast by a storm echo 
is of some operational interest. A shadow is formed 
when the absorption that accompanies scattering by 
the raindrops becomes so strong that the remaining 
radiation no longer suffices to produce visible echoes 
from targets behind the rain area. This effect is 
pronounced on X band, and even more on K band, 
and is often quite conspicuous with airborne equip- 
ment where it may happen that a rain storm blanks 
out a sector of the sweep. On S band the absorption 
is usually much weaker and targets can often be seen 
behind a rain echo. 

The usefulness o( rain echoes for aerial navigation, 
particularly in the tropics, is now so generally known 
that the subject need not be discussed further. 

SNELL’S LAW 

The ordinary law of refraction known as Snell's 
law may be expressed as 

no sin 0o » ni sin fii , 

where po and §i are the angles which the ray makes 
with the perpendicular to the boundary. Here it is 
more convenient to take the angle a between the 
ray and the boundary surface. Snell's lew then reads 

no cos ao » ni cos cn . 

,The refraction at a sharp boundary is shown in 
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FiQURfi 39. Application of Sneirs law of refraction. 
Figure 39A. If there are several boundaries it is 
readily seen that^ Snell’s law generalizes (Figure 
39B) to 

Tio cos o£o ~ COS oci “ Wj cos a 2 “ * * * > 
and for a continuously variable layer it becomes 

w cos a = Wo cos Qfo t 


where n and a are continuous variables which are 
functions of the height and the index 0 designates an 
arbitrary reference level. 

Snell’s law for a curved earth may be derived from 
Figure 39C. For successive boundaries it is found: 

no sin /So = sin /S'o , 
ni sin /8i » ni sin , etc. 

Multiply the first equation by ro, the second by n, 
etc. Then 

noTo sin /So = niro sin /S'o , 
wifi sin Pi = nari sin /S'l, etc. 

But from the triangle OAB 

sin /S'o sin /Si 

* ) etc. f 

ri ro ' 

so that: 

nofo sin /So = niVi sin /Si = n 2 r 2 sin /32 — * * • 

Again introducing the angle a with the horizontal 
and making the transition to a continuously variable 
refractive index gives 

nr cos a = Woro cos ao , 

which is the generalization of Snell’s law for a curved 
earth, ro may be chosen as any convenient height, 
say a for the surface of the earth or a -f Ai for the 
height of the transmitter, and no is the corresponding 
value of n. 



Chapter 14 


THEORETICAL TREATMENT OF NONSTANDARD 
PROPAGATION IN THE DIFFRACTION ZONE^ 


T he assumptions and restrictions underlying this 
presentation are: 

1. We concern ourselves with problems of the 
diffraction region only: the field is calculated at 
considerable distance from the transmitter and not 
too great height above the ground. 

2. The plane-earth model is used, in which the 
effect of curvature is simulated by using the modified 
index M instead of the index of refraction n. 

3. The earth^s surface is assumed smooth, and M 
depends on height only (horizontal stratification). 

4. Simplified boundary conditions at the earth's 
surface are used, appropriate to the treatment of the 
diffraction zone at microwave frequencies. This 
results in a formula which refers only to a discrete 
spectrum of modes and makes the calculations 
independent of polarization. 

6. The directional pattern of the transmitter need 
not be considered, since only the intensity at the 
azimuth in question and within 1 degree of the hori- 
zontal plane is of importance. The problem solved 
is that of a vertical dipole, electric or magnetic. 

6. The field is described in terms of a single 
quantity the Hertzian vector being (0,0,4'). Then, 
at a point in the diffraction region, 

actual field strength — \ ^ • Eo j (1) 

with d — horizontal distance from source, 

I 

Eo = free space field at distance d. 

An expression for 4^ can then be found in the form 

♦(d.*) = 6*“' - yj'^ 2 U„{z) , (2) 

wheib hi transmitter height; 

z » height at which 4^ is calculated; 

ft i. 1 2ir 

0 ) — 2ir/, fc « Y • 

7m and Um are characteristic values and functions 
of the boundary value problem 

^ + Ikm^iz) + Y*] tr - 0 , (3) 

, ( wave moving upward, z — ♦ 00 , (4) 

wnere ^ ^ 

The modified index of refraction M is supposed to 
be defined without the factor 10* usually included 
The functions U must be normalized in a suitable 

•By W. H. Furry, Radiation Laboratory, MIT. 


way. If we had not agreed to use simplified boundary 
conditions, the last equation (5) would be more 
complicated and would depend on the type of polari- 
zation. Also an integral would appear in addition 
to the discrete sum in the expression for 4^. The 
actual value for 4^, for the diffraction zone and 
microwave frequencies, would not be affected sig- 
nificantly. 

The quantities are complex: 

7m = + i&m • (6) 

am and /S* are positive real quantities. It is convenient 
to think of the terms of the series as arranged in 
order of increasing a: 

ai < a 2 < as < a4 • ' ‘ . 

These quantities determine the horizontal atteniuUions 
of the various modes. For large d only one or at most 
a few terms of the series are required to give the 
value of 4^. The quantities pm are all very nearly 
equal to k. The slight differences between the 
determine the phase relations and hence the inter- 
ferences between the various modes. 

It is convenient to classify the modes into two 
types: (1) **Gamow" modes which are strongly 
trapped, so that a is very small; (2) “Eckersley" 
modes which are incompletely trapped or untrapped. 
The names “Garaow" and ‘‘Eckersley" refer to the 
men who devised the approximate phase integral 
methods which apply in the two sorts of cases. For 
practical purposes, when working within the diffrac- 
tion region, we need consider only the Gamow modes, 
or at most the Gamow modes and the first Eckersley 
mode. 

In order to be able to use the formula to calculate 
4^ for a given index curve Af(z), we must obtain the 
following information about the modes which are 
to be used: 

1. The characteristic values. 

2. “Raw" or unnormalized characteristic func- 
tions, wnicb satisfy the differential equation and the 
boundary conditions but still require multiplication 
by suitable normalization factors. 

3. The normalization factors. 

There are three methods of attack on the problem : 

1. Numerical integration of the differential equa- 
tion, accomplished in practice by the use of a 
differential analyser. 

2. Phase integral methods. 

3. Use of known functions and tables, for suitably 
chosen M curves. 
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The method of numerical integration is being used 
intensively in England by Booker, Hartree, and 
others. It encounters considerable difficulties in con- 
nection with the fitting of the boundary condition 
at z -4 00 and also in the determination of normali- 
zation factors. These difficulties have been overcome 
by special and fairly elaborate procedures. In this 
country the feeling has been that we should direct 
our efforts toward the use of the other methods. 

If either method (2) or method (3) is to be readily 
applied to a variety of cases without a prohibitive 
amount of labor, the M curves must have a suitable 
form. The form indicated turn.s out to be the same 
in both cases. It consists of portions, each of which 
is a straight line. If enough such portions arc used, 
any actual M curve can be accurately represented, 
but it is impractical to use more than a very few. 
Present efforts are directed toward dealing with 
cases where there are just two straight-line portions 
and there is no prospect of aoinK bevond the cases 
with three (Figure 1). 



Fiqurk. 1. Schematic straight-line M curves. 


At first sight these curves look overly artificial, 
but there are considerations which indicate that 
they are really an altogether reasonable choice. First, 
some actually occurring curves have very much thi^ 
sort of appearance. Second, the sharp breaks in the 
curves have no really strong effect on the results. 
Third, practical considerations severely limit the 
number of parameters which can be used in sj)ecify- 
ing the curve, so that a meticulous reproduction of 
every actual curve is out of the question. Fourth, 
the assumption of horizontal stratification is usually 
not well enough justified to make highly precise 
results reallv significant. 


The phase integral methods were pushed first, 
because the calculations are quite easy and do not 
require special tables of functions. Unfortunately 
the gaps between the regions of validity of the 
different phase integral approximations turn out to 
be extremely wide and to cover just the more inter- 
esting ranges of slope and duct height. This makes 
it necessary to resort to the exact solutions to deter- 
mine characteristic values and normalization factors. 
The phase integral methods provide limiting cases 
which can help in guiding the exact computations. 
Also the phase integral formulas are usually quite 
adequate for the computation of the *^raw'^ charac- 
teristic functions, once the characteristic values are 
known. 

In order to make the exact calculation, we need 
tables for complex arguments of the solutions of the 
equation 


These solutions can be expressed in terms of the 
Airy integrals, but for greater convenience the solu- 
tions have been standardized in the form 

Ayu) = //T(i') 0=1,2). 

The tabulation of these functions for | z 1 < 6 , on 
a square mesh 0.1 unit on a side is being done on the 
automatic sequence-controlled calculating machine 
at Harvard University. Work was begun in the latter 
part of August 1944, under authorization from the 
Bureau of Ships. Photostats of about one-fourth of 
the tables were obtained by November 1944. 

The present objective is to produce charts from 
which ai and ft and the normalization factor for the 
first mode can be obtained for any M curve made up 
of two straight portions, the upper one being of 
standard slope. After this, similar charts for the 
second mode, and perhaps the third and fourth, will 
be undertaken. When this has been done, the 
approximate determination of field strengths and 
coverage will be possible by a definite routine 
procedure. 



Chapter 15 

CHARACTERISTIC VALUES FOR THE FIRST MODE 
FOR THE BILINEAR M CURVE ‘ 


T he model of an M curve composed of straight- 
line segments suggested itself to workers at the 
Radiation Laboratory early in 1944 as one in which 
phase integral calculations could be carried out very 
rapidly. At about the same time Lt. Comdr. Menzel 
suggested the use of this model together with tables 
of Hankel functions to obtain exact solutions. In the 
fall of 1944 it became evident that phase integral 
methods were not of much use with this model. 
Tables of the required Hankel functions, essentially 
standard height-gain functions, for complex argu- 
ment were prepared at the Harvard Computation 
Laboratory, and considerable effort was directed to 
the obtoining of exact solutions. 

The units, notation, and model are given by the 
following formulas and illustrated in Figure 1. 



with H (feet) = 7.24 [X(cm)]< , 

with L(thousand yds) = 6.69 [X(cm)]* , 

The natural units of height and distance represent 
two different compromises between wavelength X 
and earth radius a, so that X -J- ^ 4- L -s- a form, 
very roughly, a geometric progression. It is seen that 
for microwaves, heights and distances occurring in 
practice are fairly small numbers of natural units. 

The M curves are plotted in terms of the height z 
in natural units and of a quantity Y which is simply 
M multiplied by a suitable wavelength dependent 
factor. The standard part of the curve then has 
slope unity. In the bilinear model the anomaly 
consists of a segment with slope s* times standard, 
or, in these diagrams, simoly slope «•. For negative s 

•By W. H. Furry, Radiation Laboratory, MIT, 


there is a duct; s positive but less than 1 gives transi- 
tional cases; and s greater than 1 gives substandard 
cases. 

The essential quantity ^ used in calculating the 
field is given by: 


^ rf/X-iir/4 ^ 


2Vi 

L 


X-i X 


The power density is equal to the free space power 
density multiplied by V*. The characteristic values 
are complex: D ^ B + iA, For the standard case: 
Di = —1.17 -f 2.02f. (For X = 10 cm this corre- 
sponds to an attenuation of 1.22 db per thousand 
yards.) consists of three factors: one, that for a 
plane wave, which can ordinarily be omitted; the 
second, a constant factor which depends on wave- 
length through L, the natural unit of distance [this 
factor can be replaced by just 2\/r if x*(= <P/L^) 
instead of d® is written in the first line] ; and finally 
the critical factor written in terms of natural units 
only and involving characteristic values and charac- 
teristic functions. The imaginary parts of the charac- 
teristic values are the coefficients of horizontal 
attenuation, and the characteristic functions are the 
height-gain functions. 

It is seen that for a typical microwave frequency 
the horizontal attenuation of the first standard mode 
(g SB 0) is rather sizable. The plot of the height-gain 
curve shows that if both transmitter and receiver 
are at about 200 ft there is a gain of 50 to 60 db. 



Figure 2, First standard and first trapped mode. 


In discussing the behavior of U in relation to the 
y curve, it is best to plot 17 or | | rather than 

decibels. It is also helpful to draw a vertical line at 
the abscissa — R, and this is then usually used as 
the axis in plotting or | t7 |. The diagram for a 
trapped mode shows that | U | shows exponential 
decay in the '‘barrier'^ region where the Y curve lies 
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Figure 3. Attenuation constant versus anomaly height for bilinear M curve, first mode. 


to the left of the line at —B. Belo\i the barrier U 
shows oscillatory behavior, but with no nodes for 
the first mode; above the barrier f/ is a spiral, which 
shows only as a slow increase in the plot of | U \. 

This same difference in the liehavior of U for Y > 


or < — B is a useful thing to remember in more 
general cases. Sometimes it is not quite so clear-cut 
as in this case of trapping. If A is not small, the 
situation cannot be so completely defined in terms 
of B alone. It is certain, however, that | U 1 will 
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Fioubc 4. Charaotoristic values for the first mode. 
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show essentially exponential behavior in any region 
where the ^'height of the barrier/' i.e., the amount 
by which the Y curve lies to the left of the line at 
— B, is greater than A, 

This sort of general physical consideration about 
the V curve leads, on being put in more precise 
mathematical form, to the phase integral methods. 
Unfortunately, no phase integral method can claim 
validity for this model except in cases of trapping. 
In general, the Eckersley phase integral method for 
untrapped modes requires that the Y curve be an 
analytic function, and the bilinear curve obviously 
is not. Most of the values presented are, accordingly, 
the results of exact calculation. 

Figure 3 shows that for negative s the attenuation 
falls rather suddenly to very small values at a certain 
value of g and then quickly approaches zero. This 
indicates the occurrence of trapping. On the other 
hand, for positive s, the attenuation constant 
approaches a finite asymptotic value. It is interesting 
to note that this is always definitely less than the 
value standard, which corresponds to a single 
straight line of slope b^x standard slope. 

It is also useful to know the real part B of the 
characteristic value. Figure 4 showS the complex D 
plane. For ^ — 0 the F curve is just standard, and 
as g increases the value of Z) for each value of s 
traces out a curve; for small values of g all these 
curves practically coincide. For negative « the real 
part decreases steadily as soon as the imaginary 
part becomes very small. For positive «, op the other 
hand, the real part as well as the imaginary approaches 
a finite limiting value, so that each curve has an 
end point. 

Some of the consequences of this behavior of the 
real part can be seen by studying Figure 5. The first 
row of diagrams shows the situation for fixed nega- 
tive s and increasing value of g. The first diagram 
shows the standard curve. The next shows a curve 
with a small superstandard section, but — B still lies 
in nearly the same location relative to the dotted 
line which marks where the origin lay for the stand 
ard curve; thus B has increased. The first figure o 
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Fioura 5. Curves for negative and positive «. 


the second line shows how the same thing happens 
for a small substandard section. Thus for small g 
the first order effect is just to add the amount g to 
jD, for all values of «. 

In the third diagram of the first row we have a 
case in which the superstandard has a pronounced 
effect, but trapping has not yet set in. In such inter- 
mediate cases B may become positive, but the 
diagram shows a case in which it happens to be 
zero. In the fourth diagram trapping is definitely 
established; B has become negative, and the line 
— B has taken on a definite position relative to F(0) 
(dotted line). This same relation is maintained for 
larger values of g, as in the last diagram of the top 
row. In the last diagram the ''barrier" has become 
much more formidable. This means that the value 
of U just above tlie barrier is extremely small, and 
thus the attenuation is very small because of the 
small leakage. 

In the second row, as has been remarked, the first 
diagram shows a small substandard section which 
has only a small perturbing effect; — B lies essentially 
at the standard distance from the intercept of the 
extrapolated standard curve. The second shows an 
intermediate case. In the third diagram the limiting 
value of D has been reached, and the line at — B 
has taken its final position relative to the joint of 
the F curve. In the last, larger, diagram g has 
become much larger, but — B has still the same 
position relative to the joint. 

The difference between the last two diagrams is 
essentially the increase in the strength of the surface 
harrier. The structure of the height-gain curves near 
and above the joint is practically the same in the 
two cases. The very thick barrier in the last case 
causes the intensity near the earth's surface to be 
extremely small. This particular kind of height-gain 
effect can be more suggestively referred to as depth 
loss. The amount of this depth loss is very large: 
the first 200 ft of the substandard layer produces a 
loss in the product U (zi) U (z%) of at least 200 db (at 
10 cm), which is about four times the gain for a 
similar height in the standard case. Moreover, this 
loss proceeds at a rapidly accelerating rate, whereas 
standard height gain goes at a decreasing rate. The 
same situation of depth loss in thick nonstandard 
layers occurs in transitional cases, with s positive 
but less than unity. 

In general the results for the first mode for positive 
s c^ be summarized as follows: 

In nonstandard layers of fairly small thickness, 
less than 100 ft for 10-cm waves, the propagation is 
not markedly different from standard for the sub- 
standard case and can have attenuation strikingly 
less than standard for suitable thickness of a transi- 
tional layer. 

For thick layers there is a strong depth-loss effect 
in the first mode in both sorts ot cases, and the first 
mode cannot be expected to be the dominant term 
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in ^ exce()t at great distances. Some other mode, 
which does not suffef from the depth4oss effect, 
although it may have greater attenuation, will be 
the important mode at smaller distances. 

The conclusions for positive s cannot be expected 
to apply unless the lower part of the M curve is 
really sensibly straight over a considerable part of 
its length. For negative s (trapping) this requirement 
is not so important. 

It was mentioned that other models had been 
employed by various investigators in calculating 
field strength in the presence of a duct. The British 
used an index distribution given essentially by F = 
{z — where m lies between zero and unity. 

When m = K the problem could be treated by a 
phase integral method, which Booker had done. The 
differential analyzers at Manchester and Cambridge 
had been used to obtain the clmractcristic values for 
other values of m. The linear variation of index had 
been studied by Hartree and Pearcey. In this case 
of linear exponential variation F = z + where 
A and B are adjustable parameters. This model offers 
the advantage that the index is an analytic function 
of z and also that the modification term approaches 
zero with increasing height. 

An alternative method (Langer^s) for joining the 
two parts of an otherwise bilinear M profile was 
brought up. This method gives a solution in terms 
of Bessel functions and solves the difficulty perfectly 
for joining two straight lines. 

It was inquired whether, in case of positive h it 
had been ascertained that for large g there were no 
roots of the secular equation corresponding to a 
linear M curve having the slope of the lower segment. 
There was the possibility that the root found might 
be one of a possible pair and that there might be 
another solution of the wave equation for positive « 
which had not yet l>een discovered. 

The author replied that the roots varied continu- 
ously as g varied and that the investigation had 
dealt with the root obtained when starting with the 
first standard value for flf *= 0. What happened with 
increasing g when the ^art was made from some 
other standard value of ^ = 0 was not known defi- 
nitely, but the effects were believed to be peculiar. 
It is expected that there may be some values lying 
fairly near the s squared value for the imaginary 
part. They are not considered to lie close to the s 
squared value for the real part, as they would for 
the simple assumption previously mentioned — that 
when the joint is very high the upper segment can 
be fbrgotten and the curve can be assumed to be a 
single line all the way. This is believed incorrect, 
because when the result is derived by taking only 
the first terms in the asymptotic expansions, com- 
puting a small correction from the next terms in the 
assnnptotic expansions produces terms which are 
infinite compared to the first terms. This means that 
the value 8 squared times Z) is an impossible one. 


It may well be that there are results with $ squared 
times A plus some different value of B rather than 
simply 5 squared times JB, but these have not been 
investigated. This does not occur for the first mode, 
which is all that this report covers, but it may 
happen that some other mode goes over to that 
value. Any mode which does so would probably not 
suffer from depth-loss effect and would be the 
important mode close in when there was a thick 
layer with positive slope. 

The need was pointed out for stressing the differ- 
ence l)etween “completely trapped” modes and 
“leaky” modes. With completely trapped modes the 
field decreases exponentially with height, and the 
power carried by each mode is finite, but with leaky 
modes the field increases exponentially with height, 
and the power carried by each mode is infinite. This 
means that completely trapped modes may exist 
separately, but leaky modes may not. The expan- 
sions of fields in terms of leaky modes are thus 
essentially mathematical and from physical considera- 
tions it is no longer possible to anticipate that these 
expansions would be convergent; the question of 
convergence has to be settled formally. The reac- 
tions of trapped and leaky modes to small perturba- 
tions are quite different. The former are relatively 
insensitive and the latter are very sensitive. In 
considering the field at a certain distance from the 
transmitter, it must be ascertained whether the 
relevant modes are affected by changes in the 
dielectric constant at heights large compared with 
this distance; if this is the case particular care must 
be taken in proving the sum to be still the same, 
since even a perfectly reflecting layer at such great 
heights can have little effect on the field in the 
region of interest. 

It was noted that these remarks pertained to a 
phenomenon which had greatly puzzled the investi- 
gators for several months. The trouble occasioned 
by the concept that infinite energy is carried by a 
mode does exist. This means that the formula in 
terms of modes is valid only if all those modes are 
summed that make any appreciable contribution. It 
becomes extremely difficult to carry out the summa- 
tion when there are numerous modes, as they begin 
to cancel each other more and more with progress 
into that region. This occurs in leaving the diffraction 
region to which this work is meant to apply and in 
approaching the optical region. The question of what 
a small departure from the shape of the curve at 
great heights does is something which was very 
troublesome during studies made of the first mode 
There is no doubt that a small departure from a 
smooth shape of the M cuiVe has an enormous 
effect on the results if it occurs at a great height. If 
the departure is located high enough it need not 
amount to more than a millionth of an M unit to 
spoil the calculation completely. That is because it 
is a reflecting layer similar to the Heaviside layer. 
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and if placed high enough it not only can reflect to 
enormous distances but also becomes extremely 
effective. It was decided not to give this effect too 
much concern as all these calculations are made on 
the basis of horizontal stratification. Doubtless all 
sorts of small departures from a smooth curve occur 
at various rather large heights, but they do not occur 


perfectly stratified over areas of hundreds of square 
miles, and only such perfectly stratified departures 
could cause embarrassing results. Accordingly it was 
decided that such fluctuations as occur probably 
cause fading or fluctuation but do not cause the 
particularly troublesome effect mentioned, because 
they are local and not stratified over large areas. 



Chapter 16 

INCIPIENT LEAKAGE IN A SURFACE DUCT 


CALCULATIONS FOR THE FIRST 
MODE OF THE BILINEAR MODEL 

A RECENT INTERCHANGE of idoas OH problems of 
mutual interest with members of the wave 
propagation group of the Radiation Laboratory 
prompted the author to investigate the variation of 
the attenuation constant (or space decrement) a(h) 
of the first mode with the duct height h and negative 
index gradient a of a surface duct (see Figure 1). 



Figure 1. Variation of the attenuation constant with 
duct height. 

The attenuation constant is defined as the constant 
a which occurs in the factor as: {l/y/Ti) , 
giving the variation of the amplitude with range d. 

The results are shown in Figure 1. In this figure 
the attenuation constant ci{h) is expressed in terms 
of the attenuation constant for zero duct height 
a(0). In Figure 1 the curve for 5 < 1 was computed 
from a formula developed by Freehafer and Furry 
of the Radiation Laboratory: 



where 6 * h{k% 


Here h ^ duct height; 

a = —dM/dz inside the duct; 
b = dMfdz above the duct; 
k = 27r/X. 

It was felt that this equation could be used up to 
5 equal to about 1.3 but not beyond this value. 

The curves on the right for 5 > 2, for which a 
condition of nearly complete trapping is approached, 
were obtained as follows. The secular equation for 
the proper value of A(a ^ /^A), is 

(p) ^ ^ ^ 

W\\p) //f(,s)// Jl>(9) + //Jf(«)//‘}>(9) 

where 

“ la ^ “ ia * “ '>'5> ■>' “ f 

is transformed by the substitution 

q = X, p (arl -j- |8 = 


into 

with 


f(p) ^ Fix) =0, 


imp) 


Fix) = 


n’fip) 

i.j), 

V(yx) V(x) -f V(yx) U(^ 
c‘"» V(yx) (7(1) - U{yx) F(x) 


(5) 


( 6 ) 


V{x) = 7,(i) + , 

V(x) = 7,(x) + e'"«7-,(x) . (7) 


Assume now that 

p = po + A , (8) 

where po is a constant, which is to be chosen in such 
a manner that A is small in comparison to po in the 
region under consideration. Expanding equation (5) 
in a power series in A, one obtains as a first approxi- 
mation for A: 


A, 


Fix,) - /(Po) 

/(P«) 


and for a second approximation 


A, 



Ai/(p,7 
2 /(Po) 


+ 


Fix,) 

dp 
/(P.) . 


(9) 


( 10 ) 
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These expressions can be computed with the aid of 
the WPA Tables (unpublished) for the I functions 
with real argument. The curves in Figure 1 were 
computed down to values of 6 such that A 2 did not 
deviate appreciably from Ai. 

Cmclimon. From the computed attenuation for a 
surface duct it appears that, for the first mode, 
when 6(= hk^b^) is less than 1, trapping is less than 
2 per cent and that when 6 * 3 to 5 (depending on 
the negative gradient a*), trapping is 98 per cent 
complete. There is therefore a ratner narrow range 
ot values of the parameter 6 (1 to 4) within which a 
rapid transition takes place from a condition of 
negligible trapping to a condition of nearly complete 
trapping. This result may have a l>earing on the 
observed fading which is associated with ducts. 


CALCULATIONS FOR THE SECOND 
AND HIGHER MODES 
OF THE BILINEAR MODEL 

Comnutationsof characteristic values and height - 
gam functions for the second and higher modes of 
a bilinear model M curve was carried on by the 
Analysis Section of Columbia University Wave Prop- 



agation Group. The first mode of the bilinear model 
was treated at the Radiation Laboratory MIT .The 
computations were carried out with the aid of 
tables of h functions prepared by the Harvard 
Computation I-A-boratory , under the direction of 
Furry. The work discussed here is mainly on 
surface ducts in which the slope of the low seg- 
ment of the M curve is negative. Cases with pos- 
itive slopes of the low segment of the M curve 
have been tried but were found to involve func- 
tions which are be.yond the range of existing tables. 

Some results on the characteristic values are shown 
in Figures 2 and 3 (for a definition of natural units 
see preceding articles). In Figure 2 the slope of the 
lower segment of the M curve is the negative of the 
standard slope, whih. in Figure 3 the ratio of the 
slope of the lowei segment to the standard slope is 
— x/s. The curves Ax and Bx for the first mode were 
computed at the Radiation Laboratory. An imagi- 
nary" part Axf which is proportional to the horizontal 
attenuation (decrement), starts at » 0 with a 
value appropriate for a standard atmosphere and 
decreases continuously as duct height g increases. 
Beyond gr = 3 the first mode is completely trapped. 
The curve A 2 for the second mode decreases initially 
too but Deyond p = 2 is seen to level off to a constant 
limiting value. The real part of the characteristic 
value B 2 also approaches a constant limiting value 
for g greater than 3. These curves were obtained by 
solving the secular equation for D and also deter- 
mining the slope dD/dg at each point. The charac- 
teristic values curves can also be computed by 
starting first with Gamow's values appropriate for 
large g and continuing backwards toward smaller 
values of g^ being careful to determine the slope of 
the curves at each point. It is seen from Figures 2 



Fiouas 2. Characteristic values of T>m for a bilinear 
model. 9 —1. Dm -« i Am* ratio of slope 

of lower segment to standmd slope s*. g ■> height of 
joint in natural units. 


Fxqurx 3. Characteristic values Dm for a bilinear M 
curve, s — V?. g * height of joint in natural units* 
s* ratio of slope of lower segment of M curve to the 
standard slope. Dm ”* Bm -h i Am. 
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and 3 that, in contrast to the first mode, these 
branches of the curves for the second and third 
inodes do not join on smoothly to the other branches 
which start with standard values- at ^ » 0 and 
approach limiting values for large g 

This duplicity of the solutions, which was doubted 
at first, was substantiated in two ways. The values 
of its and Ba at g =* 3 and g 5 in Figure 1 were 
computed at both branches with increasing accuracy 
(up to and it was found that the matching of 
the solutions at the duct height and the degree of 
vanishing of the height-gain function of the ground 
improved correspondingly in both branches. This 
proves that both solutions satisfy the boundary 
conditions. As a second step in testing the reality of 
the limiting points, an asymptotic expression was 
derived for the limiting values, and the values com- 
puted therefrom were found to be in fair agreement 
with the. exact values, as is shown in Table 1. 

The physical nature of the duplicity of solutions 
seems to be as follows. The solutions approaching a 
limiting characteristic value for large duct height g 
correspond to the case where the ground sinks to 
great depths; the other solution corresponds, of 
course, to the limiting case when the height of joint 
rises to infinity. 

The relative importance of the two types of solu- 
tion will depend on the ranges and heights considered. 
At sufficiently great ranges the solutions with the 
smaller value of will predominate, but the greater 



Ftamtx 4. Height-gain functions of the second mode 
for a bilinear M curve. 



Figure 5. Height-gain functions of the second mode for 
a bilinear M curve. 


the height considered the farther must one recede 
from the source l>eforc the initial advantage of the 
limiting solution due to a greater height gain is 
overcome by the stronger horizontal attenuation. 
The greater height gain of the limiting solutions at 
high elevations is illustrated in Figures 4 and 5. In 
these figures, the height-gain functions for the limit- 
ing solutions are drawn in solid lines, those for the 
Gamow solutions in dashed lines; and the unit of 
height is the duct height. It should also be pointed 
out that the normalization condition applied was 

j Ul(z)dz = g , (13) 

SO that, if a comparison of height-gain functions of 
solutions of the same class for different values of g 
is desired, the plotted values should be divided 
by -y/g. 

Table 1 . Comparison of exact limiting values of D with 

values obtained from the asymptotic formula.* 


s Second mode Third mode 


-1 

-0.60 + 2.80i 

-1.06 + 3.60i 

Asymptotic 

-v/2 

-0.69 + 2.83t 


Exact 

-0.78 + 2.74* 

-1.22 4- 3.40t 

Asymptotic 

-0.70 + 2.70t 

-1.42 + 4.08t 

Exact 

-2 

-1.00 + 2.60t 

-1.36 4- 3.48i 

Asymptotic 


-0.80 -h 2.44t 


Exact 

•exp 


*»^/8Dl-0. 





Chapter 17 

THE SOLUTION OF THE PROPAGATION EQUATION 
IN TERMS OF HANKEL FUNCTIONS* 


T he calculation of the field strength in the atmos- 
phere depends upon finding a solution of a wave 
equation incorporating the propagation properties of 
the atmosphere and satisfying the boundary condi- 
tions at the surface of the earth and for large heights. 
This chapter shows how the wave equation, for cer- 
tain specified conditions, may be solved in terms of 
Hankel functions. 

Let z = height of receiver above earth *s surface, 
ht * height of transmitter, 
d « great circle distance between source and 
receiver, 

X = wavelength, k = 2t/X, 

/ = frequency, co = 2ir/, 

M * modified index of refraction, 
a = radius of the earth 

Under the simplifying assumptions of horizontal 
stratification, slight variation of refractive index in 
a wavelength, smooth earth’s surface, the plane earth 
representation, and the use of the simplified l)oun- 
dary condition = 0 for z = 0, which eliminates 
the polarization of the source, the field of. a (dipole) 
source is described by a scalar wave equation: 

-I- jlf * Sk « 0 , (1) 

plus appropriate boundary conditions. Separation of 
equation (1) in cylindrical coordinates leads to the 
formal expansion for the field of a dipole source: 

^ "" cos an) C/«(z)C/,»(X,) , (2) 

»<■ » 

where Re (cos a^) > 0 

Here the characteristic values sin^an and the 
(normalized) characteristic functions Un{z) satisfy 
the equation 

^ [sin* a + Jf «] i; - 0 , (3) 

plus the boundary and normalization conditions: 

U(0) « 0 (3a) 

ewtUiz) represents an outgoing wave for large 

positive z . (3b) 


lim f UHz = 1 . (3c) 

' ojo 

Usually sin^a is small, kd is large, and one has 

\h< 9 ^kd COB a,) \ 


\( ^ ) 

1 

oot an) 

|\irfed cos a„/ 




2 

1 

~ (t/2) gin’ an) 

dkw cos an 




The exponential decay factor of the horizontal waves 
thus has the form exp^ [ ( —kd/2) Im (sin* an)] , 
and the sin*an values evidently lie in the upper half 
of the complex plane. 

The problem is then to find the characteristic 
values and characteristic functions of the system (3) 
for a given dependence of modified index of refraction 
upon height. For a ground-based duct of height h 
with an M curve made up of two line segments, the 
upper having standard slope, equation (3) becomes 

^ + fcMA + v{z)\ U ^0, (3') 

where y(z) = 2ai(z — X) , 0 < z < X , 
y{z) = 202(2 — h) f z>h f 
A = sin* a -j- 202X , 


1 



The linear change of variable 

X\ = (I"!)* (A + 2a, (« - h)] 
inside the duct, and 

Xi = 0 [A -f 202(2 — X)] 
above the duct reduces equation (3') to 




whose general solution is 


(3") 


U = 


Aihi{X}) -f Bih%{x\) 

^12X1(0:2) + B^h^ix^ . 


The functions are expressible in terms of Hankel 
functions of order 


Ay(*) = (I) ** (I a:,) a = 1 , 2 ) . ( 5 ) 

r ondition (3b) is satisfied by setting = 0. ili and 
B\ are determined by the requirement of continuity 
of U and dV/dz at z « A. 




U. W. F. EbwMn, USNK, Office of the CliM of 
Oparetloga. 
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The characteristic values A then appear as the roots 
of the equation 

c;( 0 ) - Atk: (A - 2 a, A)] 

+ B:h, [(^y (A - 2 a, A)] = 0 . ( 7 ) 


The constant factor ft app)earing throughout is 
determined by the normalization condition (3c), 
which takes a peculiarly simple form in this* case, 
since (3'0 implies the identity 




A 

dx 




( 8 ) 


Owing to the present lack of adequate tables of 
the or hj functions for complex arguments and 
the complicated nature of equation (7), one is forced 
to employ asymptotic expansions to determine the 
A’s so far as possible. Due care must be exercised in 
dealing with the branches of the multiple-valued 
approximations appearing, as well as with the 
so-called “Stokes phenomenon.” Thus in deciding 
between the two rival asymptotic approximations 




H? (F) S (J,)' 

//'I’ (W^) S ^^y , 


(9) 


both formally valid in the common domain 0 
arg W < V, one employs the first when arg W < 
ir/2, and the second when arg W > w/2. The ambi- 
guity on a “Stokes line” (arg W - ir/2) apparently 
must be resolved by taking the mean of the two 
expressions when their difference is important, as it 
is when strongly trapped modes exist (ai < 0). 

The nature of the results is shown in the important 
case of complete inversion (ai < 0). For simplicity 


Then 

I 


II 


\ a,/ a 


(p 

(|< arg p<ir 


+ ‘'>l] 



III 1 + = 0 . 

(arg p S ir) 

(n a positive integer) 

The corresponding regions of validity are indicated 
in Figure 1, which also shows the dependence of one 
characteristic value on o for a particular ratio oi/ai. 
If one numbers the characteristic values pn ii^ order 
of increasing imaginary part, those for which n is 
greater than some integer are defined by equation 
I. There is an infinite number of these “Eckersley*’ 



Fioukfi 1. Diagram showing the locus of p in the com- 
plex plane of tr varies. 

or leaky" modes. Equation II joins on smoothly to 

I and defines a finite number of “transitional” or 
“semileaky” modes. 

Equation III defines the strongly trapped or 
Gamow modes for which 0 < /^(p) « — Re(p) < 
1. In this case the characteristic values lie almost 
upon a Stokes line (arg p « t - 5). The approxi- 
mations valid above the line yield II; the ones valid 
below yield 

IV 1 t ie-*""’ + »‘ = 0 , or 

(p+l)* = (n-K);<l {« = 0,1,2- • ■)■ 

(T 

Thus m tne Gamow case IV makes l^{p) * 0 while 

II yields almost the same real part, but a very small 
positive imaginary part for p. The mean approxima- 
tions effectively yield III whose roots are essentially 
the mean of the roots of II and IV. This averaging 
process checks closely with an exact calculation based 
on the funpublished) WPA tables of Bessel functions 
of order for real and pure imaginary arguments. 
It is to be noted also that IV determines the number 
of strongly trapped modes as the largest integer n 
such that (n — H) t/o < 1. 

The characteristic value problem may be regarded 
as essentially solved in the cases of leaky modes (I) 
and strongly trapped modes (III). In doubt still is 
the question of the transition between III and II; 
this uncertainty plus the fact that actual determina- 
tion of the roots of II is much more complicated 
than in the other cases, and that in case II the 
arguments of certain of the Hankel functions lie so 
close to the origin as to make doubtful the validity 
of the asymptotic procedure — all these considera- 
tions indicate that resolution of the transitional mode 
question awaits appearance of adequate tables of 
the Hankel functions for complex areuments. 



Cbaptei* 18 

ATTENUATION DIAGRAMS FOR SURFACE DUCTS* 

T he horizontal attenuation (decibels per unit 
distance) of a signal under assumed propagation 
conditions not only is of intrinsic interest but is one 
of the simplest quantities to verify experimentally. 

In terms of the wave equation formulation this 
attenuation is proportional to the imaginary part of 
the characteristic value associated with the mode 
dominant in the region of space in question. No one 
mode may necessarily be dominant, and in certain 
regions a weakly attenuated mode may be outweighed 
by a mode more strongly attenuated but with a 

•By Lt. William F. Eberlein, USNR, Office of the Chief 
of Naval Operatione. 



Fioubb 2. Horisontal attenuation of first mode and trapping index, 10,000 mo, standard attenuation ( 0 AT defioit): 
1.83 db per 1,000 yd. 


stronger initial excitation. Well inside the shadow 
zone, however, the ‘*first^^ or least attenuated mode 



Figure 1. Af-curve model. 
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FiauKS 3. Horicontal attenuation of first mode and trapping index, 3,000 me, standard attenuation (0 M deficit): 
1.23 db per 1,000 yd. 


is frequently dominant. The results presented apply 
primarily to this situation 

The type of M curve considered is the bilinear 
model in which the M curve consists of two straight- 
line segments, the upper being assumed to possess 
standard slope. This model M curve is completely 
characterized by two parameters: duct thickness and 
M deficit. Figures 2, 3 and 4 refer to three 
frequencies (200, 3,000, and 10,000 me) and super- 
standard conditions corresponding to ranges of 1 to 
100 M units in M deficit and 10 to 1,000 ft in duct 
thickness. 

The solid curves are contours of constant decibel 
attenuation (of the first mode) per thousand yards. 
One enters the diagram with given values of duct 
thickness and M deficit and interpolates between these 
contours to obtain the corresponding attenuation. 

The dashed curves are contours of constant **trap- 
ptng indox’’ (number of classically trapped modes). 


In terms of the standard notation their equation is 



Their significance lies in that they furnish an indica- 
tion of the number of modes other than the first that 
must be taken into account. If, for example, the 
bilinear M curve in question corresponds to a point 
midway between the w = 1 and w « 2 contours, 
the first mode is strongly trapped and the second 
mode attenuation is reduced considerably below 
standard. Which mode is dominant then depends 
critically upon the heights of transmitter and 
receiver, and the simple first mode picture becomes 
incomplete except at great distances and small 
heights. 

If one attempts to apply these results to simple 
surface ducts differing from the idealized bilinear 
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model one should tirst approximate the actual M 
curve by a bilinear curve and then enter the diagram 
with the values of M deficit* and duct thickness 
corresponding to the idealized curve. How to make the 
best bilinear approximation to a given M curve is 


an important but still open question. 

Except for the 0.01- and 0.001-db contours, which 
were computed by an asymptotic method, the attenu- 
ation contours were cross-faired from preliminary 
Radiation Laboratory calculations. 



Fiqurk 4. Horisontal attenuation of first mode and trapping index, 200 me, standard attenuation (0 M deficit) : 0.408 db 
per 1,000 yd. 




Chapter 19 


APPROXIMATE ANALYSIS OF GUIDED PROPAGATION 
IN A NONHOMOGENEOUS ATMOSPHERE* 


T he military importance of guided or 
“anomalous’’ propagation in a stratified atmos- 
phere is now well known. Unfortunately, or perhaps 
fortunately, the problem cannot be treated with the 
aid of known and tabulated functions except in some 
special cases because the exact field distribution with 
height is a function of a function, namely a function 
of the distribution of the modified index of refraction. 
For each distribution of this index with height we 
should have a curve for the field distribution. These 
curves will look similar in a general way and yet 
they will differ in detail; but in this particular 
problem we are not much concerned with details. 
Even if we had exact solutions we should still want 
some generalized way of expressing pertinent infor- 
mation. 

An approximate analysis of field distribution in 
terms of master curves, depending on one, or at 
most, two parameters, will be discussed. For example, 
if we have atmospheric conditions favoring former 
tion of a guiding layer immediately above the ground 
or sea level, then we can try to represent the field 
distribution with height with the aid of the master 
curve shown in Figure 1. This curve depends on only 
one parameter, H, so chosen that in the layer between 
(H) and , the field intensity does not deviate by 
more than 6 db from the maximum. 



h/M 

Ffouiix 1. Master curve for field distribution with 
height inside a duct. 

This particular curve is chosen for the first trans- 
mission mode, and it has been suggested by the exact 
analysis of guided waves in a homogeneous layer. 
In this case of sharp discontinuity in the index of 
refraction the field distribution curves are sinusoidal 
in the layer and exponential outside. The position 
of the maximum of the sinusoidal portion of the 
curve and the relative rate of decay of the exponen- 
tial part depend on the ratio of the wavelength to 

*By A. Sohelkunoff, Bell T^ephone Laboratories. 


the thickness of the layer and on the amount of 
discontinuity in the index of refraction. In Figure 2, 
curve 1 is identical with the curve in Figure 1 ; curve 
2 shows what happens if the wavelength is doubled; 



h/H 


Figure 2. Master curves for wavelength X (1), 2X (2), 
and ^ X (3). 

and curve 3 corresponds to the case in which the 
wavelength is halved. If the wavelength is (3 t\/ 2)/4^ 
3.3 times as large as the wavelength corresponding 
to curve 1 or larger, no guided waves are possible 
with the field intensity vanishing at the ground or 
sea level. 

The situation is different if the index of refraction 
is aUowed to vary continuously and to diminish 
indefinitely. Suppose, for instance, that the lapse 
rate of the index of refraction is constant. We don’t 
expect any critical wavelength in this case; as the 
wavelength increases we expect the field to spread 
out more and more. In fact, we expect the shape of 
the field distribution curve to remain the same, 
namely to be determined by that solution of 

^ = [^* - «V« WJ E (1) 

which vanishes at.^ » 0. In this equation 
E » the electric intensity; 
h » the height; 

c » the modified dielectric constant; 

(I) ■= the radian frequency; 
d <» the phase constant in the direction 
parallel to the stratification. 

We can try to approximate this solution by a curve 
of the type shown in Figure 1 in which case the 
problem is to select a proper value for H, The ques- 
tion may be raised regarding our preference for this 
particular curve rather than for curve 2 or 3 in 
Figure 2. We shall return to this point later; for the 
present we shall merely point out that curve 1 
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occupies a position among other curves of 

this type. 

There are two methods for selecting H. In one 
method H is defined as that value of h for which the 
coefiicient jj* ~ wVe(^) in equation (1) vanishes. 
This value of h separates the region in which the 
solution of equation (1) is ^^more*’ or less sinusoi* 
dal’’ from the region in which the solution is ^^more 
or less exponential.” This definition leads to one 
equation connecting H and 0. Next, the stratified 
region 0 < k < H is replaced by a homogeneous 
region in which the dielectric constant is equal 
to the average value of €{h) in the interval (0,A). 
If we impose the requirement that curve 1 repre- 
sents the exact field distribution under the new 
conditions, we obtain the second equation for H and 
p. Eliminating js and expressing the result in sym- 
bols approved by the wave propagation committee, 
we have 

ujm) dh-H^ MiH) - X‘ . (2) 

If the lapse rate* of M is constant, this equation gives 

( 3 ) 

If M{h) is proportional to A*, then 

H = 18X» • (4) 

If the lapse rate of M is constant, the exact solution 
may be expressed in terms of Bessel functions. 
Figure 3 shows the exact and approximate solutions. 

’The second method is based on the fact that the 
solutions of equation (1) minimize and reduce to 
zero the following function: 

/ - f E*dh (o) f 
Jq Jo 


In deriving this equation we should remember that 



Fiqukb 3. (1) Exact solution ncmmaUzod to have nun- 
imum value of unity. (2) Approximation. 


we are concerned with solutions which vanish at 
A » 0 and A » oo. Hence, if we wish to approximate 
this solution by a function of one parameter we 
eliminate H from the following two equations 

= ( 6 ) 

If, for instance, we wish to approximate the field 
distribution by the master curve in Figure 1, we solve 

where 

'“--/"“’re" 

-55.5jf 

By this variational method the numerical coefficient 
in equation (3) is found to be C4 rather than 65. 

The great advantage of the variational method 
lies in the fact that, if we wish, we can increase the 
number of parameters in the approximating func- 
tion. For example, we can assume 

E{h) = sin , 0 s: fc S' 

= sin $ exp ^ ,h>H, (9) 

without specifying that ^ ^ = 3ir/4 as we did 

in obtaining the curve in Figure 1. We should then 
calculate H, $, and ^ from 

However, aside from the labor of solving these 
equations and having to deal with more complicated 
results, we shall lose the advantage inherent in a 
description of the field in terms of only one easily 
understood parameter. The most we could hope for 
from an analysis of these equations is a somewhat 
better choice of the master curve for the type of 
atmospheric conditions which are the most likely 
to occur. 

The obvious general conclusion from equations 
(7) and (8) is this: if M(h) is multiplied by a con- 
stant factor, the effect on AT is the same as that 
obtained if we divide X by the square root of this 
factor. If Af is proportional to A**, then H is propor- 
tional to Since the gain of the guid^ wave 

over a free space wave is proportional to Xp/H*, 
where p is the distance from the transmitter, the 
gain is independent of the wavelength when M(h) 
is proportional to A*. For a uniform lapse rate th» 
gain varies inversely as one-tUrd power of the 
wavelength. 




Chapter 20 

SOME THEORETICAL RESULTS ON NONSTANDARD PROPAGATION 


PROPAGATION IN THE OCEANIC 
SURFACE DUCT 

T hk analysis section of Columbia University 
Wave Propai'ation Group undertook a theoretical 
study of propaj^ation in case of surface ducts, which 
have recently been reported to be of common oc- 
currence in oceanic areas. The M curve chosen was 

M{h) •« 346.4 -f 0.036/1 -f 43e“«** (1) 


where the height h is expressed in feet. This curve 
has an Af deficit of 43 units and a duct height of 48 
ft and is considered to be representative of condi- 
tions prevailing around Saipan when the wind is of 
the order of 10 to 20 mph. 

The analysis was based on the phase integral 
method. The standard W.K.B. (Wentzel-Kramers- 
Brillouin) version of the asymptotic solutions of the 
wave equation*®^ had to be extended in two ways. 
One was in the adoption of Langcr’s form of the 
asymptotic solutions, which enables one to bridge 
the “gaps" around the turning points. The other, 
and more important, development was in the exten- 
sion of Langer’s method to handle a case with two 
turning points. This was accomplished by joining 
the solutions from each turning point at the duct 
height. The resulting solution agrees with Gamow^s 
for completely trappcnl modes but deviates from it 
when leakage Iwjgins. For leaky modes the standard 
Langt'r solution is adequate. 

(’overage diagrams were computed for the S and 
X bands and for transmitter heights of 16 and 46 ft. 
In caK(^ of the S band, it was found that the first 
mode was nearly trappcid, while the second mode 
was considerably leaky with a decrement of about 
3 d!) ix!r nautical mile. The two modes were com- 
l)ined, and covemgc diagrams were computed over 
ranges and heights such that the second mode 
contribut(xl no more than 25 per cent to the total 
field. 

In the case of the X band, it was found that the 
first two modes were completely trapped, the third 
mode nearly trapped, while the fourth mode was 
leaky with a decrement of over 3 db per nautical 
mile. In computing the co<verage. diagrams for the X 
band, the four modes were combined over such 
ranges and heights that the fourth mode did not 
contribute more than 25 per cent to the total field. 


CHARACTERISTrC VALUES FOR A 

CONTINUOUSLY VARYING MODIFIED 
INDEX 

In the theoretical treatment of nonstandard proji- 
agation by the method of normal modes, . one is 
confronted with the task of solving the differential 
equation for the height-gain function U{h) given by 
equation (2), which, it will be noted, is identical with 
equation (8) in Chapter 21. 

Ojh) + ly(h) + A J lUh) = 0 , 

2ir (2) 

Aj - Y , . yW = 2 X 10“W(/i) , 

by asymptotic methods, the characteristic value 

Am is determined, to a first approximation, by the 

condition that 

kj^Vy(h) - y(hi) dh = ^ ir , (3) 

A» = -?y(A.) . (4) 

In order to solve equation (3) one has to find a 
value hu which is generally complex, such that when 
y(Ai) is substituted in the radicand and the integral 

Vvih) y(Ai) dh * F{hx) (6) 


evaluated, the result should 1)C purely real, and equal 
to Vm/k. In case of a surface duct, F(Ai) is real and is 
a continuously increasing function of its argument 
for real values of hi ranging from zero up to the 
duct height h^. In order for F(h^ to increase beyond 
the value and still to remain real it is found 
that hi must be complex; i.c., the path in the complex 
Ai-planc along which F{h\) is real consists of the 
portion of real axis 0 ^hi ^h^ followed by a curve 
in the fourth quadrant. 

In case of substandard refraction, F{hi) is real 
only for complex values of /ii, and the method of 
solving equation (3) to be explained presently is 
particularly helpful in this case. 

Let 

y(h) « y(0) + hih + •+•••* + * • • > 




1 V -26, 

6 .’ 6 ,* ’ 


h 


(-66,6, + 126.«) 


^y C. L. PekeHa, Columliia Univeraity Wave Propagation t (1205i5|5i — 246i*64 1206s*) 

Group, AiuUyirie Section. " " 
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m 


and 


then 




w 


A- + v(0) , 


(6) 


-y(Ai) = -1/(0) + (A.) fi* 


It must be emphasized that the value obtained 
from equation (7) should be verified by carrying 

/oVyW + A*,dA. 


out the integration of F(hi) 

While doing so, one may as well compute 


df 

dhi 


}i y ihx) 


r 


dh 


Vyih) - y(hi) 


( 10 ) 


(w + -.n 

hi - -hw + H > (8) 

where 



liquations (7) and (8) are of the nature of asymp- 
totic formulas; they should 1x5 terminated when the 
individual terms begin to increase, and the error in 
A*, or hi is then of the order of magnitude of the 
last tenn retained. 

The following examples in Table 1 illustrate the 
degree of accuracy obtainable from equation (7). 

As a further check, we treated the case a = 4-20, 
X « 0.()35(), for which Pearcey and Whitehead'** 
give a value Ai = —10.21 -f 107 X 10~'*i. Equa- 
tion (7) yields Ai = —10.22, while the imaginary 
pai*t obtainable from Gamow’s formula is 1.24 X 

10“»t. 


and then obtain a cornet ion to hi by Newton^s 
method. 

The method of solving equation (3) explained 
above has Ix'en found especially useful in the treat- 
ment of substandard reflection, and to a lesser extent 
in the treatment of the trapped modes in case of a 
surface duct. In the latter case one can, of course, 
solve for A,,, directly by computing F{hi) by numerical 
integration. The method is not applicable for the 
leaky modes in ease of a surface duct. 

So far the discussion has centered on the solution 
of equation (3), which in itself is only an approximate 
asymptotic formula valid for large values of k. Let 
the value of Am which satisfies equation (3) be 
denoted by Amf*>; then an improved value for A* 
can be obtained from 


Am = Am^®> 




where 




dh • dy . 

— - , !/ — IT- , etc 

Vy(h) + A„<‘> 


( 12 ) 


and the derivatives of y are to be evaluated at A =» hi. 


r*' . 


Table 1. 

ApproxiinAte tlctoniiiiiAtioii of Ai from equation (7) iiiui the venfic'afion that 

+ Ai dh 

- 2.383.* 

a 

X 

Ai fnnn ecpmtioii (7) 

/#! from f 

?/(Ai) * - Ai 

hi 

,\/jyW + AirfA 

Vl 

--20 

0.6350 

12.300 + ».775t 

0.3*.H)7 - 0.»6I8i 

2.370 + 00041 

2.388 

-10 

0.6356 

4.878 + 0.302t 

0.4745 - l.l!)82t 

2.307 + 0.0101 

2.388 

-6 

0.0350 

1.4SM) + 4.257t 

0.66l»l - 1 46()2» 

2.303 + O.OOOi 

2.383 

-2 

0.0350 

-0.246 + 2.5X)2» 

-0.764 - I 787. 

2.303 - OOOSt 

2.888 


y{h) - A + 



Chapter 21 

PERTURBATION THEORY FOR AN EXPONENTIAL M CURVE 
IN NONSTANDARD PROPAGATION* 


ABSTKACT 

I N THIS chapter a pertwrbation method is developed 
for treating nonstandard pn)pagation in the ease 
when the deviation of the M curve from the standard 
(m the M anomaly) can Iks represented by a term 
where z denotes height in natural units. The 
method is also applicable to other forms of the M 
anomaly which can be derived from an exponential 
term by differentiation with respect to X; in fact, in 
its region of convergence, it is formally applicable 
to the most general type of M curve, including 
elevated ducts. The region of practical convergence 
of the method ranges from standard down to cases 
where the decrement is a small fraction of the 
standard value. 

The procedure followed is to express the height- 
gain function f7*(z) of the k-th mode in the non- 
standard case as a linear combination of the height- 
gain functions of all the modes in the standard 
case. 


Ihiz) 


5 




( 1 ) 


The execution of this plan hinges on the possibility 
of evaluating the quantities 

- jf UAz) M) e-^(iz . (2) 

It is shown that Ani(X) satisfies the diifetentiai 
equation 

1 


rfX 2X 


+ /5,«(X) • 


[ - ^ ^ + ».») + J + 4^. - ».")•] . 


(3) 


whose solution is 


a /w 1 5 + 0 + 

^..(X)-^C» . U 4V » 






(4) 


Hen* denotes the chametoristio value of the 
N»-th mode in the standard cose. For largo X the 

•By C. L. PekoriH, Columbia University Wove IVopngntion 
Group. 


following asymptotic formula holds 
2 

l^x* + 2X (/)„» + }).") -2 + 1 (DJ - />,*)•] 


8 [ax* + 2X (DJ + D,o) - 1 (/>«» - «.«)*] 


[ 


X> + 2X(Z)„* + /V)-2+^(/;, 




.(5) 


Having determined the /3«»,(X) from equation (4), 
or by a numerical solution of equation (3), the 
characteristic values Z>* and the coefficients A tm are 
to be solved from the infinite system of equations 


^ - /V) -f (X) J = 0 , 

n « 1,2,3 • • • (6)'» 

For this purpose a simple iterative procedure has 
been developed, which has been found to be rapidly 
convergent. The are normalized by the condition 


1 (7)- 

One can also expand as a power series in a 
D, » Di + al)l -f a^Dl + • • • , 

« - is.t ; />»<« = e"'> 2 

An alternative expression for is given in equa- 
tion (65). 

lNTROI)UCTIO^ 

In the theoretical treatment of nonstandard 
propagation by the metluMi of normal modes, one is 
confronted with the task of solving the equation 

^ + **['/(*) + (8) 

subject to the condition that Um(0) « 0 and tiuit 

- 1, n m m 

Zmm - 0, n ± w. 

•I'he integml diverges wlicn taken along the 

real axis; it converges, however, and to the same limit, when 
the |Mi(h IS a radial line In the fourth qiuulrant of the z plane. 
In the iHKitiol, wlienevcr an integral is divergent it will be 
understcKMl that the luith is suinddy naxlified. 


IBS 
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at A , Urn should represent an upgoing wave 
only. Here h denotes height in feet. 

yih) - N\h) - 1 » 2 X 10-* M(A) , fc = y , (9) 

and Am is the characteristic value which is generally 
complex. It is convenient to introduce natural units 
of height 

K dN^ 

^ = 2.36 X 10-® cm“-» , 

= A.. (J)‘ , (10) 

whereby equation (8) is transformed into 

^ + [* + S(Z) + Dm] ?/«(*) = 0 . (11) 


equation 



(17) 

/o 

(18) 

The solutions of equations (17) and (18) are; 

Dm'>(*) = Cm«» (tt) , tt = 1 (S + Dm«)‘ 

,(19) 


(20) 

1 

Dm" = T„e‘""» . Tm = (^)‘ , 

(21) 

where 


A (»m) + J-i (Wm) = 0 . 

(22) 


The term/(z) in equation (11) represents the refrac- 
tion anomaly and is equal to zero for a standard 
atmosphere. In the first instance we shall be treating 
the case where 

/(z) = ae-"* , (12)^* 

and we shall later generalize the treatment to deal 
with any curve represented as a series of Laguerre 
functions. If the original M curve is represented by 
the expression 

M{h) « 6/i + ac-^ , h = 0.036 ft-' , (13) 

then a and X are obtained as follows: 

a = 2 X 10-* o , X = cff . (14) 

It is to be noted that in contrast to the constants a 
and c in equation (13), which are independent of 
frequency, the constants a and X in equation (12) 
are frequency dependent. For a given observed M 
curve the constants a and X will therefore differ with 
the frequency band used, as will also the neight 
represented by one unit of z. 


FORMAL SOLUTION OF THE PROBLEM 
BY THE PERTURBATION METHOD 


For small z the power series development of 
is useful: 

{/»“(*) = (23) 


~ “ k{k - 1) 


(24; 


(25) 


while for large t one may use asymptotic expansion 
of equation (19) 


bi 385 
72u 10,368u* 

If now the expansion (16) be substituted into 
equation (15), we obtain, on making use of equation 
(17), the condition 



In order to solve the equation 

-t- [^* + ae-^ + D»] D.(s) - 0 , (16) 

we seek a solution in the form 

, ( 16 ) 

where VmK^) are the height-gain functions of the 
m-th mode in the standard case, which satisfy the 

*No oonfuBion should arise from the use of X in equation 
(12) and the standard usage of X to denote wavetagth. 


^ [(D, - Dm") + ae -^] !/«»(*) - 0 . (27) 

On multiplying this equation by [/„®(z), where n is 
any integer, and integrating from 0 to go we get a 
system of equations for the determination of Dm and 
the 

^ A^ [(D» - Dm") 6„ + «)J,«(X)] - 0 , 

n « 1,2,3 • • • (28) 

- 1 Vn*(») ^d». ( 28 ) 
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The characteristic values D* are then obtained as 
the roots of the infinite determinant. 

Dk — Z)i® -h otfiii i oi/Si2 , afiit I * * 

0021 , Djt — Ds® + 0022 , 0028 , ’ * 


0081 , 0082 , Dit — Da® + 0088 , 


0 . 


(30) 


Having determined D,. from equation (30), the 
Aim are obtained by solving the system of linear 
equations (28). 

EVALUATION OF 0nmW 
AS AN INDEFINITE INTEGRAL 


/■ 


Fdz a= (F -I- \F) I + \^J Fdz 


i 


X* I e-^ Fdz. 


(39) 


(40) 


r* r* ? 

I ^(*) J / F(*) 

+ ^ / e“^ F(s) dz s= 6“^ F(2) . 

r* /•* 

e-^ Fit) dx-^ - e-^ Fit) dt . (4n 

We now substitute equation (37) in the integrand 
of equation (29) and obtain 


The primary task in the perturbation method is 
the evaluation of the exchange integrals 0nm(><) 
defined in equation (29). We shall accomplish this 
by proving that j8»m(X), as a function of X, satisfies 
a differential equation of the first order for which 
an explicit solution can be given. For this purpose 
we shall study the function 

t{z)m C/n®(«) C/m®(2) , (31) 

Un.\z) + + UJ(z) = 0 , (32) 

Un^(z) + [z + D„®] Un^(z) - 0 . (33) 

By multiplying equation (32) by Un\z)^ equation 
(33) by UinKz) and subtracting, we obtain 

^ iVJ l/«» - UJ {/,») = - iDJ - D.») £/,» , 

(34) 

UJ t7.» - VJ 

= - (Z)„« - D.») UJix) Un^iz) dx . (35) 
Now it can be verified by direct substitution that 
F + 2F iDn + D^ + 2t) + 2F 

. (D.» - D.o) ( W t/.« - UJ UnO) 

- - iDJ - D,»)* Fix) dx . (36)* 

From equation (36) it follows that 

F-^[( 2 . + D.- + D.-)F + if] 



We may also note that 

F(0) - 2t;«''(0) U.\0) - -2 , (38) 

*rhii is the first oooesion in the author’s experience where 
use is made of the fact that the product of two functions, 
eaeh of which Is a solution of a distinct second order ordinary 
linear differential equation, satiiifies a fourth order linear 
dffbiential equatioit^ 


0nm (X) « F{z) dz ^ e^^dz X 

+ )((D-“-2).“)*^ F(x)d*| 

- ^ iDJ - Dn<‘)>j^ e-^ Fit) dt 

+ [(2* + D,o + DJ) F + I I 

+ X^ e-^ ^i2t + i),» + D^o) F + I fJ d* 

= 1+^ e-’^ Fit) 

|^2Xx + + D.») + 1 X' + ^ (DJ - 2),«)*Jde 

= 1 _ 

UA 

+ [X(Z)«* + Z).*) + I' + ^ (Z)«* - />,")*] 

(42) 

It follows that the exchange integral Aim(X) satisfies 
the first order differential equation 


d0nn (X) 1 


dX 


2X 


+ 0nm (X) 


[-^+|(Z>-.‘+Z).'') + D,.),] (43) 

The solution of equation (43) is 

/»..(X) - . 

^vx 




e -|«>£+«S>-g+5«>S-^S>* . (44) 

0 V® 
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PROPERTIES OF /JnmW 

For amall X the solution of the differential equation 
(48) can be started with a power series in X. 


1. n± m 




I lit (45) 


Co 1 * ) Cl ' 


(r„ - T,)‘ ’ 


IOC, - 2 (r, + T.) 


(r« - r.)* 

^ 14C, - 2C, (t. + r.) 

(r. - r,)‘ ’ 

^ (4n + 2) C.-, - 2 (r„ 4- r.) C,-. - C ,-4 


(t» - T,)’ 


2. n ■= TO 


d™ - 1 + R, X + X* + • • • 


from equation (44) by partial integration 

2 

l^x* + 2X (DS + 02) + J (Ri - 02)‘] 

4 fsx* + 2X (OS + 02) - ® (OS - 02)‘] 

+ -± A (50) 

fx* + 2 X (OS + 02) + J (OS - 02)* J 

In doing so one needs to prove that 

f - 1 (”S -I- p2> - t! + A (pS - ”2)* 

TO '!'.« = 0 (51) 

We shall state here without proof that 

Jo y/x 

- ^ (I) *. (B.*) *. (B.V , '52) 


»--n+i55°-“"- 

®--(dn)[“°-’ *- + !*-■] <“> 

For intermediate values of X one may either use 
the integral in equation (44) or integrate numerically 
the differential equation (43). The latter procedure 
was advocated by Hartree. 

For large values of X an asymptotic expansion can 
be obtained directly from equation (43) by writing 
it in the form 


where hi and h are Furry^s functions of the first and 
second kind defined as 

hi (X) = -v/F //,»> (I x') (53) 

A,(x) = (I) a/F//|(*>(|x»). (54) 

Since by definition of D,«®, ^(2>wi®) = 0, it follows 
that « 0. The proof of equation (51) forn =t m 
is left as an exercise to the interested reader. 


finm (X) * 

_ 2 + 4X 

aX 

^ 

X* + 2X (DS + R2) - 2 + J (DS - Dir 

2 

X* + 2X (RS + D2) - 2 + J (DS - D2)* 

8 [sx* + 2 X (DS + f>2) - ^ (Z>S - R2)*] 

“T — ' ■ , 

[x* + 2X (DS + R2) - 2 + i (DS - i)2)*]’. 

(49) 

An alternative ai^mptotic expansion can be derived 


ITERATION METHOD OF SOLVING 
FOR THE CHARACTERISTIC VALUES D» 
AND THE COEFFICIENTS 

In solving equations (28) and (30), which are of 
infinite order, one proceeds by first assuming that 
Atm ** 0 for m > p, where p is a convenient integer, 
and then evaluating D* and Atmt m « 1, 2 • • p 
Next, one assumes that * 0 for m > p + 1, 

resolves for and the and the accuracy of the 
results is judged by the agreement between the 
values in successive approximatioxis. The direct solu* 
tion of equations (30) and (28) is, however, a labo- 
rious process which rapidly increases in complexity 
as p exceeds about 4. The following iterative pro- 
cedure has been found effective and of the same 
intrinsic simplioity for any value of p. 

To begin with, the p equations in equation (28), 
being homogeneous, do not determine the absolute 
values of all the but merely the ratios of (p - 1} 
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of them to a p-th one. The absolute values are then 
determined from the normalisation condition 


into the series 

Dt « + a + a* -h • * • . (63) 


* 

(7) 

Let therefore 

c«, - 4^ , C„ « 1 , (55) 

A** 

and the p equations in equation (24) are just suffi- 
cient to determine the (p — 1 ) constants and 
Dit. We divide the equations in (28) by pick 

the A^-th equation (n = k) to solve for /)*, while the 
other equations are used to solve for the C^m, as is 
illustrated in the scheme below for the particular 
case of k * 1 . 


— a= ^ fill — Cis/9is — Ciiflu *- • • * , (56) 

a a 


*= — /3ij — Ci8 /3 i 8 — Ci4 A 4 — • * • , (57) 

= — fti — Cl* As — Cm /384 — • • * , (58) 

ss — — Cif /3u Cis A 4 • (59) 

As a first approximation one puts 


Cx* 


Ci$ 


a 


- — - On , 

(60) 

dl* 



, (61) 


, etc. , (62) 




where the value of Di/a obtained from equation (60) 
is used in equations (61) and (62). Next, one substi- 
tutes these values of the C’s in the right-hand sides 
of equations (56) to (59) and resolves for Di/a and 
the C's. This procedure has been found to be rapidly 
convergent and is, furthermore, self-correcting in 
ease of arithmetical errors. 


It is known from standard perturbation theory that 


m ± k , (64) 

It is possible also to derive an alternative expression 
forDi*>: 

/).<» (X) = 5 X !)»<*> (X)» + • 


[(1 + ^) Z).‘*> (X + X) + Z).<» (X) D.O) (x) Jvi dx 


- X Z)*<» (X)‘ + 

(X) + (2 + ^) (X + x)]v^ dx . (65) 


Since the former expression is simpler for compu- 
tational purposes, we shall not give here the deriva- 
tion of equation (65). 


APPLICABILITY OF PERTURBATION 

METHOD TO A MORE GENERAL CLASS 
OF M ANOMALIES 

It is possible to apply the results obtained for the 
case when the M anomaly is of the form/(«) « aer^ 
to more general types of M anomalies. To begin with, 
if 

f(z) = + ye-^ , ( 66 ) 

then we merely write in equation (28) in place of 
afinmWf [ctPnmW “f TAm(M)]. Once the are 

computed as functions of X, there is no additional 
labor required to deal with an /(s) which consists of 
a sum of any number of exponential terms. If instead 
of /(*) « ae~^ we had/(*) « oaer^, then the corre- 
sponding P'nmW would be 

fi'nm (X) VAz) ze^dz^- ^^.(67) 

If Ami(X) is known, d 0 M,(X)/dX can be computed 
directly from equation (43). When equation (43) is 
integrated numerically, the derivative dfinmW/dk is 
computed at each point in any case. Evidently, for 
f{z) « oa^e^^, where k is a positive integer. 


EXPANSION OF D» INTO A 
POWER SERIES IN « 


l^nm (X) 



Un^(z) UAz) z^e-^dz 


/ (X) 

dX* 


Whan a is aniaQ, it is convenient to expand D* 


( 68 ) 
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By successive differentiation of equation (43) » it 
is possible to express any high order derivative of 
/3U(X) in terms of Am(X). From a purely formal point 
of view we can say therefore that by our method we 
can treat any M anomaly by expanding it into a 
series of Laguerre functions, since these functions 
involve only terms of the form z^er^. It may be 
pointed out that a single term vanishes both 
at the ground and at great height and reaches a 
maximum at s » k/\. Such a single term is therefore 
suitable to represent an elevated duct. 


COMPUTATIONAL PROGRAM 
FOR THE EXPONENTIAL MODEL 


provide approximate values for the D*, provided 
care is taken at each stage to estimate the order of 
magnitude of the error involved. It is planned to 
map out by a combination of these methods the 
real and imaginary parts of in the operationally 
relevant region of the a, X plane. 

Symbols for Use in 
Theory of Nonstandard Plropagation 

q as standard slope of N* curve =» 2.38 • . 

p as slope of lower section of N* curve in bilinear 
model . 


The Analysis. Section of the Columbia University 
Wave Propagation Group has undertaken the com- 
putation of A,«(X) for X « 0(0.1)4.0 and n, m « 
1, 2, 3, 4, 5. With these functions tabulated, it is 
planned to compute the characteristic values for 
such values of a and X that the difference between the 
values of obtained from the fourth order deter- 
minant and from the fifth order determinant will be 
only about 0.01. The program also calls for the 
computation of the height-gain functions from equa- 
tion (2), since the coefficients Ann will be obtained 
simultaneously with the when the iteration pro- 
cedure is used. This will be possible only in a limited 
region of low altitudes, since at great heights the 
Un^(z) increase rapidly in magnitude as m is 
increased. However, near the ground the Un^(z) are 
all of the same order of magnitude (» is) and 

( 6 «) 

If this derivative of (7jt(s) at the ground can be 
obtained with sufficient accuracy, then one may use 
it to integrate numerically the original equation (11). 
It is well known that, for a given order of the deter- 
minant used, the characteristic values are 
obtained with higher accuracy than the height-gain 
functions. 

It may be added here that /3u(X) computed from 
equation (44) agrees up to X » 5.0 with the values 
given by Pearcey and Tomlin.'®* 

The perturbation method will of course become 
inefficient when trapping conditions are approached. 
For such values of a and X, asymptotic methods may 


j, « - 1 « 2M • 10“* . 

z (k^q)^ h = h/H height in natural units 

{k » 2t/X) . 

H « (k®g)“*« 7.24 Xon* (feet) natural unit of height. 

a; = 1/2 (A:^*)* d » d/L distance in natural units . 

L « 2 {kq^)'~^ * 6.69 Xom* (thousands of yards) »* 
natural unit of distance . 

As — anomaly height (height of joint in bilinear 
model) . 

g ~ ha/H anomaly height in natural units . 

Am = characteristic value (for y * 0 at A « A«) . 

Dm - (k/q)^ Am - Bm + iAm characteristic value in 
natural units 


X = s""* D (abbreviation for use in computing) 

- w/4 2ir* 


^ c 


plane wave 


depends 
on X 


m 

*-» ^ «--*** + •*»* • Urn (*l) Vm 


(*t) 


natural units only 


I. 


U^dz 


1 . 


R » slant range . 
d » horizontal range . 



Chapter 22 

FIRST ORDER ESTIMATION OF RADAR RANGES 
OVER THE OPEN OCEAN* 


T he most stbikinq nonstandard propagation 
conditions are for the most part associated with 
meteorological conditions which can exist only over 
those portions of the sea which are contiguous to 
extensive land masses. At large distances from the 
coasts, however, low ducts exist which, though they 
never produce strongly locked modes at the usual 
radar frequencies, nevertheless modify radar ranges. 
The problem of the low duct has the great advantage 
that conditions are sufficiently near standard that 
numerical solutions can be found in convenient form 
by an extension of the perturbation methods of wave 
mechanics. , 

At appreciable distances from land the temperature 
of the air is essentially that of the sea, and the air 
is in neutral equilibrium. Montgomery has pointed 
out that under these conditions there is much 
evidence to support a logarithmic distribution of 
specific humidity. 

The logarithmic distribution of water vapor leads 
to an Jl/ curve given by 



where d is the duct thickness, z is the height coordi- 
nate, and a is the radius of the earth. If we plot the 
function in the brackets, we obtain the dashed 
curve of Figure 1. 

This type of M distribution is inconvenient because 
(a) the logarithmic term which represents the modi- 
fication does not approach zero as the height increases 
as a modification term should; and (b) ln(z/d) 
becomes infinite when z » 0. Accordingly it is pro- 
posed to replace the function in the brackets by the 
first two terms of its series expansion about the 
minimum. This amounts to substituting for the 
logarithmic curve a parabolic curve which has the 
same minimum point and the same radius of curvature 
at the minimum point as the original distribution. 
At twice the duct height the parabola has a standard 
slope, and it is continued from that point upward as 
a straight line of this slope (AB in Figure 1). 

The modification term is now represented entirely 
by the departure of the parabola from the line 
AB, Le., 

ss|. 

"By J. E. Freehafer, Radiation Laboratory, MIT. 


When the duct is low, the modes leak and are not 
far different from the standard ones. Thus it seems 



Figure 1. Schematic M curve for ground-based duct. 

reasonable to employ the well-known methods of 
perturbation theory for calculating the characteristic 
values and functions of the parabolic atmosphere in 
terms of departures from standard. 

If we brush aside mathematical questions of a 
delicate nature, it is possible to obtain an approxi- 
mation for the characteristic values which leads to 
the following expression for the fractional change in 
the attenuation constant (i.e., the real part of y^) 

Re (7 J - Re ( 7 „) 

Re (7m) 

~ f (r ~ a) Im (r -f e„)] df 

^ « il-L 

B [h 2 ' (ej]* Im (e«) *316 

Here, Re and Im designate the real and imaginary 
parts, and 



L is an abbreviation for (aXVfi***)^ and is equal to 
33 ft for X « 10 cm, 

Jm is the characteristic value for the standard case, 
7m is the characteristic value for the parabolic case, 

hit) is 

is the Hankel function of second kind, order 
Hf of the argument (I**)! 

Sm’s are roots of ht{f) » 0. 

The expression above has been evaluated for the 
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first mode by summing the series for Ai and perform- 
ing the integration numerically. This curve is remark- 
able for the considerable interval in which the 
ordinate is practically sero. The attenuation constant 
differs by less than 1 per cent from the standard for 
ducts below 6 » 1.2. Beyond this value the effect of 
the duct increases rapidly, and when j « 1.7 the 
attenuation constant is 10 per cent different from 
standard, and at 5 « 2 it is 20 per cent different. 

It seems that at least for radar purposes the 
condition 5 < 1 is a reasonable and convenient 
condition for defining a negligible duct. This is 
equivalent to saying that L/2 is the thickness below 
which a duct may for practical purposes be disre- 
garded. For instance, at X » 10 cm, L « 33 ft, and 
hence we conclude that the effect of ducts less than 
16 ft in thickness on 10-cm radars may be neglected. 
On the other hand, if the wavelength is 3 m, L » 300 
ft, and ducts below 150 ft in thickness are negligible. 

If in the interest of simplicity we neglect the effect 
of small variations in the characteristic values on 
the characteristic functions, ‘the fractional change in 
attenuation constant is also equal to the fractional 
change in the range against surface targets. It follows 
that the estimation of range can be reduced to a 
measurement of sea temperature and specific hu- 
midity at masthead level; for the duct thickness d 
under conditions of neutral equilibrium is given by 



q, is the saturation specific humidity at sea tempera- 
ture and the specific humidity at masthead. V is 
a parameter for which a representative value is 
0.08, and (dq/dz)o is the gradient of specific humidity 
required to give zero ilf gradient under conditions 
of constant potential temperature. It is taken as 
H g per kg. 

Thus it turns out that 

S - 0.32 

where u in grains per kg per 100 ft . 


If L is given the appropriate value for X » 10 cm 
S^gs - qa(g per kg) . 

For illustrative purposes, scales of (q, — qa)/L and 
q, ~ for X « 10 cm have been added in Figure 2. 



PiGVRC 2. Fractional drop in attenuation constant of 
the first mode versus duct thickness. Bottom scale for 
n g and A g/L corresponds to \ « 10 cm. 


It is emphasized that the calculations are rough 
and are presented only in the belief that some sort 
of simple guiding principle may be more useful than 
a highly accurate and cumbersome formula. The 
results given are accurate out to variations in range 
of I per cent, and the determination of threshold 
thickness is completely reliable. Extension beyond 
i » 1.2 is a definite extrapolation. The trend indi- 
cating that the increase in range goes up at least as 
fast as the sixth power of the duct thickness for 
d > 1 is, we believe, real. 



Chapter 23 

CONVERGENCE EFFECTS IN REFLECTIONS FROM 
TROPOSPHERIC LAYERS* 


A n elevated duct may be treated as a concave 
spherical mirror whose radius of curvature is 
a, the effective earth radius. This includes any layer 
that can act as a reflector to radiation incident at a 
sufficiently small angle. The problem is here con- 
sidered as one of geometrical optics only. Ray tracing 
methods are used, and the phases are assumed to 
add randomly. This assumption may introduce an 
error as large as 3 db in the result but is necessary 
to simplify the solution of the problem. If the reflec- 
tion* coefficient is other than unity, it must be 
multiplied into the general relation which will be 
given for C^KLM the net convergence factor. 


CONVERGENCE FACTOR 


A bundle of rays leaving a transmitter below the 
reflecting layer is converged on reflection from a 
concave surface. The convergence factor K is the 
ratio of the power density at the receiving antenna 
after convergence to the power density at the 
receiver that would be expected after reflection from 
a plane surface (essentially free space condition). 
Referring to Figure 1, the convergence factor can 
be expressed as 


or 


K as y) 

x6$i yd 9% ^ 
\ 



2xy 

aR sin 4>/ 


( 1 ) 

( 2 ) 


where x « distance from transmitter to point of 
reflection, 

y distance from receiver to point of reflec- 
tion, 

R ^ X + y ^ total range, 
a « effective earth’s radius (usually 4,590 
nautical miles), 

angle of incidence of radiation at reflec- 
tion, 

other angles as shown on Figure 1. 


Equation (2) can be deduced from equation (1) 
by remembering that 


and 


I « adot 


xh9i 
sin^ ’ 


hBi — 502 s® 2da 


2x6 $1 
a sin ^ * 


(3) 


The form shown in equation (2) is the more useful 
and is similar to the divergence factor for reflection 
at a convex surface that has been in use for some 
time. Equation (2) shows that K can grow quite 
large and even become infinite for certain conditions. 
Curve 1, Figure 2, shows a plot of the absolute value 



k IN FEET— ► 


Figure 2. Value of K for height of layer (6 in ft) versus 
range (nautical miles). 


of liC as a function of h, the height of the layer abdve 
the antennas, for a total range of 80 nautical miles. 
This plot also assumes x » y » 40 miles, which is 
a necessary condition for a smooth reflector. In this 
case, K becomes infinite for a layer 1,100 ft above 
the antennas. Curve 2, Figure 2, shows a plot of 
the layer height b necessary to give infinite conver- 
gence as a function of the range (plotted on right- 
hand scale). 


ROUGHNESS EFFECT 


I 



The most apparent difficulty with the picture 
presented so far is that the layers actually are not 
perfectly smooth. In order- to take that fact into 
consideration, it was assumed that the layer was 
composed of a large niunber of plates set at various 
small angles about the horisontal according to a 
Gaussian distribution. As in other parts of this 

Enalgii W. W. Carter, USNR Radio Division, Consult- 
ant Group. 
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m 

pit>blem, variations are considered only in the plane 
of transmission, since the effect of sideways deviation 
would cancel out. This reduces the problem to one 
of two dimensionB only. Each plate is further assumed 
to retain its original curvature. 

A beam falling on a patch of these plates would 
be reflected in such a way as to spread the energy 
at the receiver in a vertical pattern similar to the 
Gaussian distribution of the plates. It is only neces- 
sary to integrate this curve over the width of tb 
antenna to find the fraction, L, of the total energy 
that will be useful. L will be a function of the 
probable value of the deviation of the plates, the 
range, and the antenna width. 

With the rough layer assumption, there will be 
some plates correctly oriented at each part of the 
layer to reflect energy into the receiver. Therefore, 
a third factor, Af, must be included that is the ratio 
of v/jU, where 7 is the total angle subtended by the 
layer that can reflect rays to the receiver. 7 would 
be limited by the optical hori^ns. is the angle 
subtended by the receiving antenna when reflection 
is from a plane surface; i.e., essentially, free space 
conditions. 

The net convergence factor C must be the product 
of these three quantities 1C, L, Af . In this case. K 
must be the mean value of K averaged for various 
points of reflection. In order to integrate the expres- 
sion for the mean value of iC, it is necessary to substi- 
tute for sin ^ in equation (2). 

•“♦-(l + 5 + 5 + to)’ ® 


which gives 



8 (xyy 

R* (2ab + xy) 


( 6 ) 


This expression is easily integrated if the product 
xy is used for the variable and xiyi « XiiR — »i). 

Example, The preceding developments have been 
applied to the one-way link of the U. 8. Navy Radio 
and Sound Laboratory at San Diego, which has been 
extensively studied. High subsidence layers are 
common for this region. The probable value of the 
deviation of a reflecting plate from horizontal was 
taken as 0.1^ as an engineering approximation. In 
this case, C equals 43, assuming a reflection coeffici- 
ent of 1. If the reflection coefficient is not unity, its 
value as a function of angle of incidence must be 
multiplied into the equation. 

Since K, L, and M can each vary through con- 
siderable limits, C can vary through a very wide 
range of values. 


CONCLUSIONS 

The statistical treatment of the roughness is not 
always applicable, since a finite number of plates 
would actually be engaged in reflecting energy. 
Hence, the received signal would vary almost ran- 
domly with time as the orientation of the plates 
changed slightly. This could produce marked fading 
and peaks of large amplitude. Primarily, however, it 
would explain signals of the magnitude of free space 
signals or higher. 
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Chapter 1 

METEOROLOGY— THEORY" 


MODIFICATION OF WARM AIR BY 
A COLD WATER SURFACE** 

T wo OF THE COMMONEST TYPES of M CUrveS whicll 

produce nonstandard propagation are the S-shaped 
curve and the simple trapping curve where M decreases 
from the surface to 200 ft, say. The S-shaped curve 
occurs in regions of subsidence, for example, in the 
extensive subtropical anticyclones. The forecasting 
of this phenomenon will not be presented in this dis- 
cussion which is confined to the simple trapping case. 

During 1943 the question arose regarding the 
feasibility of forecasting the change in the temperature 
and vapor pressure distribution as warm air flows over 
a cold water surface. Through practice, considerable 
success had already been obtained in forecasting the 
M curve a few miles offshore in Boston Harbor. How- 
ever, it was suggested that a general method be de- 
vised whereby the M curve could be predicted for 
greater distances from the shoreline and for different 
regions of the world. In order to solve this forecast 
problem the Boston Harbor soundings were investi- 
gated in the light of turbulence theory. 

Two factors had to be kept in mind, namely : 

1. The Boston Harbor soundings of temperature 
and vapor pressure were scant. A more serious diffi- 
culty was the total absence of data at distances in 
excess of 15 miles from the land. 

2. Since forecasting techniques were the primary 
aim it was necessary to And a solution which was 
suitable for field use. 

Diffusion Equation 

The differential equation for turbulent mass ex- 
change may be written 



If K, the codficient of eddy diffusion, is assumed con- 


*Bae also Barts n.and III cl Chapter 17, Voluine 1, Com- 
mittee on Pnamgatioii. 

J. M« Austin, Meteorology Oepartnuint, MIT. 


stant, then 

where E = error function, that is, 

T' = temperature at a level z over the ocean, 
T = initial temperature at z over tlie land, 
To = initial air temperature over land at s = 0, 
= water temperature, 
i = time. 

Values of K were then computed from the observa- 
tional data by evaluating the ratio (r'--T)/(ro— T*,) 
for different evaluations and different times. These 
values were averaged for each level and the results 
shown in Table 1 were obtained. After plotting K 


TablbI. Values of a. 


Eleva- 
tion 
in ft 

20 

50 

100 

200 

300 

K 

o 

b 

X 

9 

o 

X 

9 

0.18 XKX 

0.38 XlCH 

*i4 

X 

b 


against elevation, the approximate linear variation 
of K was extrapolated to give values of K for eleva- 
tions up to 700 ft. This level of 700 ft lies well within 
the limit of 250 m which was indicated by Mildner^ 
to be the level where K reaches its maximum. 

These values of K were then used to construct Table 
2, which gives (jT— • 2’)/(To— T,o) for all levels in 
terms of the time that the air has been over the water. 
The same values of K were obtained from the analysis 
of vapor pressure changes ; hence the same table can 
be used to evaluate the ratio (s'— c)/(6o*“^w)‘ From 
this table it is a simple matter to reconstruct the U 
curve at any distance over the ocean, provided the 
initial state of the air is known. An example of the 
changes in the M curve are given in Figure 1. 

DmeusBion of IVooedure 

Summarizing the favorable aspects of this study, 
it can be stated that: 

1. The values of K were almost identical for vapor 


197 





RADIO WAVE PROPAGATION EXPERIMENTS 


pressure and temperature changes. This suggests that 
the data were reliable. 

2. The values of K agreed with those of Giblett* 
for wind variations from the surface to 150 ft. 

3. This extrapolation method, that is, the error 
function extrapolation, gives reasonable values after 
a long period of time. A check was made by compar 
ing Taylor^s data off Newfoundland with computed 
values. This check was quite good. 

4. The procedure is simple, and consequently the 
weather officer could readily calculate the M curve. 

However, the entire method may be criticized be- 
cause: 

1. In the integration of the diffusion equation K is 
assumed constant while in the application of the in- 


T»«32 0 E«-l2.SMILUMfl 



Fiours 1. Chunges in M ourves resulting from modifiesr 
tion of wm'm, dry air over cool, moist suHace. Zero time 
corresponds to the coast line; ^ hr, 14 hr, etc., refer 
to the time the air has been over water, 
tegrated formula K was found to vary with elevation. 
The values of K which were used in the final analysis 
are therefore ‘^effective values.” 

2. K has been considered to be independent of the 
degree of roughness (probably a justifiable assumption 
over the ocean), the degree of stability, and the wind 
velocity. These factors were neglected solely because 
the scant data did not allow a complete analysis of 
the variation of K, 

These ^'effective values” should give some indication 
of the true variation of K. They suggest that K varies 


linearly with elevation except for a quite rapid increase 
in about the first 30 ft. Consequently it seems reason** 
able to assume that 



Ji K = pz q then, from the statement that 
K (Bu/Sz) = constant (eddy stress does not vary with 
height), the velocity variation with elevation is given 

*>y 

M = a log (s + 6) + C. 

The question now arises : In the laminar layer, is the 
wind variation with height represented by a logarith- 
mic law? 

Previous Tnvestigations 

For many years reisearch workers have studied the 
wind variation near the ground. A few of the conclu- 
sions will now be presented. 

1. In 1932, Sutton* assumed a certain form of the 
coefficient of correlation between the velocities of the 
air particles considered at time i and at an interval 
of time later. This assumption implied that there 
was a power law for the variation of wind with height. 

u / z\^ n 

— « I — I m a 

ui Vi/ 2 — n 

2. In 1933, Cardington and Giblett* analyzed an 
extensive series of observations at 4 ft and 143 ft. Of 
course with only two points the observations could be 
made to fit either a power law or a logarithmic law. 
If a power law held, then m is a function of the degree 
of stability and wind velocity. If a logarithmic law 
held, then TT is a function of these same quantities. 

3. In 1934, Best* analyzed data which was meas- 
ured at seven elevations between 2 cm and 5 m. He 
concluded that the velocity variation was best repre- 
sented by a logarithmic function of the form 

w--log (z — (7) 
where (7 is a constant. 

Furthermore he found that the power law could be 


Tabls 2. Values of (T - SO/CTo - T«) or (s' - e)/(eo - «»); initially To > Tio, «o < 


ElevBtion 
in ft 


M 

H 

1 


Time in hours 

2 8 

4 

6 

10 

15 

20 

0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

1.0 

20 

0.28 

0.40 

0.49 

0.55 

0.68 

0.6^ 

0.73 

0.77 

0.81 

0.85 

0.88 

0.89 

50 

0.17 

0.34 

0.43 

0.50 

0.58 

0.63 

0.69 

0.78 

0.78 

0.83 

0.86 

0.88 

100 

0.09 

0.28 

0.88 

0.40 

0.49 

0.55 

0.63 

0.67 

0.78 

0.79 

0.83 

0.85 

160 

0.04 

0.15 

0.24 

0.31 

0.41 

0.48 

0.56 

0.61 

0.67 

0.74 

0.80 

0.82 

200 

0.02 

0.10 

0.19 

0.25 

0.85 

0.42 

0.51 

0.57 

0.64 

0.71 

0.77 

0.80 

250 

0.01 

0.08 

0.15 

0.22 

0.31 

0.88 

0:47 

0.54 

0.62 

0.69 

0.75 

0.78 

800 

0.01 

0.07 

0.14 

0.20 

0.29 

0.36^ 

0.45 

0.52 

0.60 

0.68 

0.74 

0.77 

850 

0.01 

0.05 

0.11 

0.17 

0.26 

0.88 

0.43 

0.49 

0.68 

0.67 

0.73 

0.76 

400 

0.00 

0.04 

0.09 

0.14 

0.23 

0.30 

0.40 

0.46 

0.55 

0.65 

0.70 

0.74 

450 

0.00 

0.03 

0.07 

0.12 

0.20 

0.27 

0.87 

0.43 

0.53 

0.63 

0.68 

0.72 

500 

0.00 

0.03 

0.05 

0.10 

0.17 

0.24 

0.34 

0.40 

0.51 

0.61 

0.67 

0.71 

560 

0.00 

0.02 

0.04 

0.08 

0.15 

0.22 

0.82 

0.88 

0.40 

aso 

0.65 

0.70 

600 

0.00 

0.01 

0.08 

0.07 

0.18 

0.20 

0.29 

0.85 

0.46 

0.57 

0.64 

0.69 

650 

0.00 

0.01 

0.02 

ao6 

ail 

0.18 

0.27 

0.38 

0.44 

0.55 

0.62 

0.67 

700 

OXX) 

0.00 

0.01 

0415 

0.10 

0.16 

0.26 

0.81 

0.42 

0A8 

0.61 

0.66 
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applied only to shallow layers and even then m varies 
quite considerably with height, wind velocity, and 
vertical temperature gradient. 

4. In 1936, Sutton,” who in 1932 suggested the 
power law variation, definitely favored the logarithmic 
variation. Furthermore he showed how one could 
handle the problem of varying stability. Sutton, an- 
alyzed different sets of data, ranging to 30 ni in 
elevation, to support the logarithmic variation. 

6. In 1936, Sverdimp® criticized Sutton’s logarith- 
mic law and favored a power law in regions of stability. 
As evidence he introtiuced Rossby and Montgomery’s^ 
analysis as well as his own data. 

6. In 1937, Sutton* quite satisfactorily met Sver- 
drup’s criticism and pointed out that all experimental 
evidence suggested the logarithmic variation rather 
than the power law variation. 

This represents only a cross section of opinion and 
perhaps may be summarized as follows: 

1. In an indifferent or unstable atmosphere the 
logarithmic law is generally accepted. 

2. In a stable atmosphere there is more support 
for the logarithmic law than for the power law. 

One writer summarized the situation very aptly 
when he said that all modern mathematical studies 
on atmospheric turbulence are inexact and depend 
on certain wide assumptions. 

Conclusion 

The question now arises, should one assume a 
power law variation, or is the true wind variation 
better represented by a logarithmic law? Certainly 
the experimental evidence tends to favor a logarithmic 
variation. The advantages and disadvantages of either 
assumption may be summarized briefly as follows: 

1. Power law variation. 

a. rn varies with stability, wind velocity, rough 
ness, and elevation. 

b. The mathematical analysis is too complicated 
for practical use. 

2. Logarithmic law variation. 

a. Agrees reasonably well with experimental 
data. 

b. Agrees with von Karman’s logarithmic law. 
von Karmfm has shown that this law covers 
an exceedingly wide range of turbulence. 

c. Kf like m, varies with stability, wind velocity, 
roughness, and elevation. 

d. If the logarithmic law holds, K is then a 
linear function of height. With this relatively 
simple expression for K it should be much 
easier to handle the diffusion equation than 
in the case of a power law variation. 

e. Provided the integration of the diflPusion equa- 
tion is not too complicated, one should be able 
to reconstruct the temperature and vapor 
pressure curves. Consequently the exact shape 
of the If curve can be calculated. 


In conclusion it should be borne in mind that 
theoretical discussion is futile. At best we can only 
make certain assumptions and derive a result. If this 
result agrees with observational data then the original 
assumptions are justified. Furthermore, practical con- 
siderations demand that the final solution be simple 
enough for application in the field. 

It seems certain that over a wide range of elevation, 
say 300 ft, the true wind variation cannot be uniquely 
defined by one specific logarithmic law or one specific 
power law. The most desirable procedure may then 
be an analysis of observations in as simple a manner 
as possible but yet flexible enough to take care of the 
most important changes. Consequently it is suggested 
that experimental data be analyzed on the assumption 
that K varies linearly with elevation, i.e,. 


d/ dT\ 

— lx — ) or u — lx — )* 
dz\ dz/ dx dz\ dz/ 


dt dz V‘ dz/ dx 

where X = pz -f- ano x is the distance measured 
horizontally. If accuracy is not sefiously affected it 
is further suggested that approximations be intro- 
duced in order to facilitate the application of the 
results for field use. 


DIFFICULTIES OF LOW-LEVEL 
DIFFUSION PROBLEMS® 

The effect of a temperature inversion is largely a 
secondary one in that by reducing the coefficient of 
diffusion it favors the formation of large humidity 
gradients. The coefficient ol diffusion K is calculated 
from the wind profile which is assumed to satisfy a 
power law of tlie form TJ = Az^. 

The difficulty arises because m is fixed once and 
for all before we solve the equation and thus the 
theory cannot take account of changes in the tempera- 
ture gradients of a diurnal character in so far as they, 
affect the humidity distribution. At the same time we 
believe that X is very sensitive to the temperature 
gradient. 

Further, values of m have been used which have no 
meteorological support. The value m = 0.6, for ex- 
ample, implies a wind structure which is absurd if 
extended up to 100 m and it certainly is invalid near 
the ground. Chemical warfare technique measures m 
directly by measuring R, the ratio of the wind at 2 m 
to the wind at 1 m. Even in the very extreme condi- 
tions which prevail over land no value of R exceeding 
1.36 is observed. This makes m = 0.33. Over the sea, 
even in a low layer, it is very unlikely that a value of 
m differing significantly from 34 would be found. 

The difficulty is that power laws apply only for very 
limited ranges of height and can be extended only by 
using a different power. Their only merit is that they 
enable the equation of diffusion to be solved; the 


«By Lt. Comdr. F. L. Westwater, Naval Meteoroiogiea] 
Senriee, Royal Navy. 
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power law is not a law of nature. A complete solution 
of the problem would involve a tlieory giving K as 
a function of temperature gradient. A start has been 
made on this for the case of still air which is agitated 
by thermal turbulence originating from heating on 
its lowest level. The value of K so calculated is small 
compared with that for a light wind. It seems likely 
that the effect of an inversion on K will also be small. 

To sum up, radar personnel should be warned that 
the diffusion theory is at present in a highly unsatis- 
factory state ; any conclusions drawn from it should be 
treated with the greatest reserve, and some calcula- 
tions already published are based on assumptions 
which have no meteorological foundations. 

PRELIMINARY RESULTS OF METEOR- 
OLOGIGAL MEASUREMENTS IN 
MASSACHUSETTS BAY- 

The modification produced in land air when it 
passes out over water is known to be particularly effec- 
tive in producing nonstandard microwave propaga- 
tion. The preliminary results of this study are covered 
in the present report ; they are necessarily incomplete 
and tentative. 

Modification of Air Flowing 
over Water 

To begin with, some basic considerations will be 
piesented. Figure 2 shows an airplane sounding in air 
which is warm and dry relative to the underlying 
water. Bcfoie leaving land the air was vertically 
homogeneous ; that is, potential temperature and 
specific humidity were constant. This may be seen 
by comparing the observed temperature and vapor 
pressure with the broken stiaight lines drawn for 
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ltOl4lfiftrif» fflOllltIfM O 10 to so 40 80 


TtneiRATufie vftfoii messMie m-Mo 

INfWIflfO 

Fiourb 2. Typical airplane founding, giving temper- 
ature and water vapor variation with height. 

homogeneous air. The straight line of modified index 
of refraction M is constructed for homogeneous air; 
it is close to standard. The air is being modified by 
loss of heat to the water and by evaporation. 

At the common boundary the temperatures of air 
and water are identical. The vapor pressure also is 
given by the water temperature; over sea water the 

^ R. B. Mdntgomery, Radiatum Labomtoiy, MIT. 


vapor pressure is 98 per cent of the saturation value 
corresponding to the water temperature. It follows 
that the modified index at the surface is determined 
by the water temperature alone. 

Figure 2 illustrates in a striking manner the simi- 
larity in shape of the three curves. The ratio of the 
change from unmodified value at any height to the 
change at the surface is the same for all three quan- 
tities. 

Modification of air over water is due largely to 
turbulent mixing, which transports heat and water 
vapor in exactly the same manner (the eddy dif- 
fusivity is identical for both). Next to the water 
boundary there is always a laminar layer, through 
which heat is transported to the turbulent layer by 
true conduction while the water vapor is transported 
by true diffusion ; the coefficients for these two related 
processes happen to be nearly the same, so heat and 
water vanor are transported vertically to nearly the 
same relanve degree. T'he temj>eratnrc distribution is 
modified by radiation also, but for an initial period 
of a few hours this is unimportaul compared with the 
processes just mentioned. 

When initially homogeneous air flows over water of 
constant temperature, a necessary recult is therefore 
that the curves of temperature and water vapor pres- 
sure are similar. Furthermore the M curve is similar 
also, because within the range of any sounding the 
modified index is approximately a linear function of 
temperature, vapor pressure, and height. 

The extent of similarity revealed in Figure 2 is 
unusual. Often the three curves have very different 
8ha})e8. In the latter case the deviation from simi- 
larity can be ascribed (1) to lack of homogeneity in 
the unmodified air, (2) to varying water temperature 
along the air's trajectory, or (3) to radiation during 
prolonged over- water modification. 

The M Deficit 

The distaiK'es on the base line from tlie straight 
broken line to the arrow are the temperature excess 
and humidity deficit respectively. There is obviously 
a corresponding quantity pertaining to index of re- 
fraction. The M deficit may be defined as the value 
of the modified index at the water surface less the 
representative surface value in the unmodified air. 

Temperature excess, humidity deficit, and M deficit 
are related, so any two fully determine the difference 
between unmodified air and air at the water surface. 
The two of most direct significance are M deficit and 
temperature excess. Forecasting is simplified by their 
use: Temperature excess is necessary in drawing the 
temperature curve; similarity and M deficit then give 
the M curve directly. Another advantage in using 
M deficit is that whetlier it is positive, sero, or nega^ 
tive determines at once whether the modified air is 
probably characterised by an AT inversi<m (layer 
where modified index of refraction decreases upward) 
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by standard, or by substandard M curves, respectively. 
For instance, the positive M deficit in Figure 2 is a 
condition necessary for the M inversion to occur. 

Specifically, if homogeneous air blows over a water 
surface of constant temperature and if the M deficit 
is positive, there is always an M inversion at the 
water surface. Whether or not this extends sufficiently 
high to be of importance in the refraction of radio 
waves depends in part on the magnitude of the M 
deficit and on the temperature excess. 

If homogeneous air blows over a water surface of 
constant temperature and if the M deficit is zero, the 
M curve necessarily remains practically standard. 

In the case of a negative M deficit a substandard 
M curve is developed. It should be noted that in this 
case (as well as in the previous one) the air is losing 
water vapor by condensation on the water surface. 
This is simply the reverse of the process with dry air. 

Neutral Equilibrium 

For simplicity the analysis which follows is limited 
to caaes of positive M deficit. There is then a surface 
M inversion, the height of which is a convenient 
quantity to study as a dependent variable. The inde- 
pendent ones are M deficit and temperature excess 
and, as will be seen, two others. 

The first and least complicated case is the one of 
neutral equilibrium, which corresponds to a tempera- 
ture excess close to zero, say within 1 C of zero. Since 
there is no appreciable temperature gradient, the M 
curve depends only on the moisture distribution. 
Furthermore this case practically requires a vapor- 
pressure lapse at the surface, because in the lower 
part of a homogeneous layer the vapor cannot be 
saturated (see Figure 3). Hence there is always an 
M inversion at the surface. Neutral equilibrium is 
prevalent far from shore. 



Fiotnoe 8. Probable ooune of modification of warm air 
over water under ideal conditions. A, initial stage. 
D, final stage. 


With neutral equilibrium frictional turbulence is 
unhindered. Mixing extends to a height roughly pro- 
portional to the wind speed; a wind of 20 mph at 
100 ft gives mixing up to about 2,000 ft. 

The intensii^ of mixing increases upward rapidly 


from the surface, so large vertical gradients are con- 
fined to the region of relatively little mixing close to 
tlie surface. The M inversion probably never extends 
above 100 ft. 

It has been well established that under neutral 
equilibrium the eddy dilfusivity is directly propor- 
tional to height within the so-called turbulent bound- 
ary layer, which forms the lower tenth of the entire 
frictional layer mentioned above. In this case wind 
speed, temperature, and vapor pressure are linear 
functions of the logarithm of elevation. 

While tlie details are not presented here, it is easily 
shown that these logarithmic distributions demand 
that the height of the top of the ilf inversion be 

d - |o 

u 

where a is the radius of the earth. Ail/ is the M deficit, 
and r is a meteorological parameter depending on 
wind speed alone in tlie case of complete neutral 
equilibrium. Thus the height of the M inversion is 
directly proportional to the M deficit with neutral 
equilibrium. 

Published data indicate that the effect of wind 
speed is not great and give an average value of P = 
0.08. This yields rf/AM = 2 ft. Data obtained during 
the summers (1944) project agree with this result. 

Unstable Equilibrium 

The second case is the one of unstable equilibrium 
or negative temperature excess. This is similar to 
neutral equilibrium in that the M deficit is always 
positive and there is always a surfaw* M inversion. 

Instability adds convective mixing to the frictional 
mixing that woidd otherwise be present. This con- 
vective mixing is especially effective in the central 
region of the unstable layer and hence confines the 
large vertical gradients within a still thinner surface 
layer. 

The logarithmic distributions are characteristic of 
neutral equilibrium only. Consequently, in the un- 
stable cases the height of the ilf inversion is not simply 
proportional to M deficit but depends on M deficit in 
a more complicated manner. In spite of this the pro- 
portionality will be assumed as a useful approxima- 
tion in studying the unstable and stable cases also. 

The ratio of height of M inversion to M deficit is 
definitely less for unstable than for neutral equili- 
brium. Tentatively it may be said to range between 
0.2 ft and 2 ft. 

Stable Equilibrium 

The last case is the one of stable equilibrium. Sta- 
bility reduces the mixing with high levels, thus per- 
mitting a deeper surface layer of strong gradients to 
form (as shown in Figure 2). Thus the ratio of height 
of M inversion to M deficit may be expected to be 
always greater in stable equilibrium than in neutral 
equilibrium. 




RADIO WAVE PROPAGATION EXPERIMENTS 


HA 

Stability reduces the mixing to such an extent that 
the air is progressively modified during a long over- 
water trajectory. It is therefore necessary to introduce 
a fourth independent variable, length of over-water 
trajectory, to supplement M deficit, temperature ex- 
cess, and wind speed. 

Under ideal conditions there is reason to believe 
that the modification would pursue the course sketched 
in Figure 3. The final state would be an essentially 
homogeneous layer capped by a temperature inversion 
at the level already mentioned for the top of the fric- 
tioually produced turbulence in neutral equilibrium. 
The temperature of the layer would follow an adia- 
batic lapse rate from the water surface to the top. 
The water vapor would be saturated at the top of the 
layer, specific humidity being nearly constant through- 
out tlie layer except for a strong lapse at the surface. 
Intermediate stages in the formation of this final state 
are indicated qualitatively in Figure 3. 

It should be noted that the later stages have a 
transitional or S-shaped M curve and that qualitative 
theoretical considerations do not reveal which. The 
initial stage is, however, characterized by simple sur- 
face trapping, and it is this stage only for which data 
are presented below. 

The soundings have been studied to determine em- 
pirically how the ratio of height of M inversion to M 
deficit depends on temperature excess, wind speed, 
and length of trajectory. To eliminate complex M 
curves the analysis has been limited to cases con- 
forming closely to the following ideal conditions. 

1. Initially homogeneous air. 

2. Constant surface-water temperature along the 
air trajectory. 

3. Constant wind (wind not changing with time 
following a parcel). 

The ratio of height of M inversion to M deficit is 
found to increase with length of over-water trajec- 
tory quite markedly in the first 10 miles. From 10 
miles to 30 miles there is not much further increase. 
Beyond 30 miles the preliminary analysis reveals no 
general information. 

Figure 4 gives some tentative results based on 
various* sources of information. This includes the cases 
of neutral and unstable equilibrium in addition to 
stable equilibrium. Within the stated range of over- 
water trajectory this diagram gives the height of the 
M inversion as a function of temperature excess, wind 
spcetl, and M deficit. A complete analysis of the ob- 
servations will yield similar diagrams both more ac- 
curate and more detailed. These should prove of 
definite use in forecasting M curves. 

In conclusion, it should be made clear that the work 
summarized in this report is a group undertaking. 
A large number of persons, some of them members 
of Iladiation Laboratory Group 42 and other mem- 
bers of the U. 8. Army Air Forces, took part in the 



Figure 4. Ratio of height of M inversion to M deficit. 
For iKMjitive temperature excess the over-water trajec- 
tory is 10 to 30 miles. 


dcvclopiuciit aiKi construction of the instruments and 
in the observing. 

METEOROLOGY OF THE SAN DIEGO 
TRANSMISSION EXPERIMENTS* 

During the summer of 1944 a rather intensive ex- 
perimental propagation program was carried on in 
San Diego area. The main purpose was to determine 
the distribution of radiated radio energy in the lower 
troposphere under the wide range cf weather condi- 
tions prevailing during this season. A temperature 
inversion was present from around the first of June 
through October; the base of the inversion varying 
from the surface, on a few occasions, up to an alti- 
tude of some 4,000 ft. This inversion is characterized 
by dry superior air subsiding over moist maritime 
polar air. 

Methods of Observation 

The field strength data were taken in two ways. A 
fixed one-way link l>etween San Pedro and San Diego 
gave continuous records on frequencies of 52, 100, 
and 547 megacycles, and vertical airplane sections 
taken at several different distances west of San Diego 
gave almost instantaneous records of the energy dis- 
tribution for the same range of frequencies. 

The meteorological data were obtained by the use 
of an airplane and wired sonde; the technique of the 
latter was described in detail in a previous report.® 
The captive balloon or wired sonde is a modified ver- 
sion of the Washington State College equipment.*® 
Daily soundings were taken at the Scripps Pier at 
La Jolla, 11 miles north of the laboratory. Two 1-week 
periods of continuous shipboard soundings were made 
from a YP ship operating in tlie middle of the San 
Pedro to San Diego link. 

The principal use of the airplane has been in tak- 
ing vertical field strength sections seaward from the 


•ByLt. A. P. Stokes, U.8. Navy Radio and SouiidladMiatoiy 
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laboratory. During these flights meteorological sound- 
ings were made as frequently as possible. The labora- 
tory was fortunate in obtaining from the Washington 
State College group one of their original sonde units 
and has adapted this equipment for use in the air- 
plane soundings. The temperature and humidity ele- 
ments were mounted in an unobstructed aluminum 
housing approximately lYz ft above the nose of the 
PBY-5A airplane* 

Since the airplane served the dual purpose of ob- 
taining both mctcorologienl and field strength meas- 
uj’cnients, all tile data were obtained on a fixed course. 


Field strength sections were made in rapid descents 
and the meteorological data were obtained in ascents. 
Navigational difficulties prohibited spiraling for tlie 
meteorological data and therefore these soundings 
covered considerable horizontal distance. Due con- 
sideration of this. was made in plotting the cross 
sections. 

The San Diego High Inversion 

In the summer season San Diego lies within the 
belt of the subtropical anticyclones, and, with the 
absence of surface frontal activity, a stagnant circula- 
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tiou cxiBtfi. Because of the persistence of high-level 
aiiticycloiiic circulation aloft» pronounced subHidencc 
is maintained throughout this season ; 1944, in par- 
ticular, was characterized by ^epy low humidity above 
the 2-km level. By subsidence aloft a thermal inver- 
sion exists over a large maritime area and tlius forms 
the boundary between the lower maritime polar and 
the continental tropical or superior air aloft. Varia- 
tion in height and magnitude of the inversion is the 
governing factor in daily weather phenomena. There 
exists a close correlation between the height of tlie 
base of the inversion, the pressure at 10,000 ft, and 
the lapse rate of temperature between the 6,000- and 
30,000-ft levels. It is found that with the intensifica- 
tion of the pressure field aloft, the lapse rate of tem- 
perature approaches the dry adiabatic condition and 
thus, under these conditions, indicates increased sub- 
sidence. Consequently tiic depth of this marine struc- 
ture is diminished by the lowering of the base of the 
inversion. 

Figure 5 shows the typical structure of a moderately 
high inversion. Usually the lapse rate of temperature 
below the base approaches, and in some cases exceeds, 
the dry adiabatic condition. This vertical mixing in- 
sures a homogeneous air mass characterized by the 
constant vapor pressure in the marine stratum. 

Figure 6 shows the typical elevated S type M curve 
for this condition. 

The discontinuity surface between the two distinct 
air masses exists over a large area. Soundings have 
been confined within a 130-mile radius of the labora- 
tory, but observations on an FC radar indicate trap- 
ping conditions existing between San Diego and Guad- 
alupe Island 225 miles to the southwest. 



FiomuD 6. M curve oorresiMMidiiig to the invenkm shown 
in Figure 5. 


Shape of the Inversion Surface 

Emphasis must be placed on the fact that, the dis- 
continuity surface is not horizontal over the area but 
is at any time a warped surface. Figure 7 shows a 
series of M curves taken by airplane to the seaward 
of the laboratory. Both the height of the inversion 
and gradients in the transitional layer vary greatly 
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Figure 7. M curves at different distances and times. 


with distance. Hepeated soundings indicate that the 
apparent Bloi>e is not due to large scale lowering dur- 
ing the time interval between observations. The cluster 
of M values along the mean lapse rate of M in the 
upper and lower strata indicates the homogeneity of 
the two air masses along the vector. The possibility 
of the coexistence of elevated and surface gradients 
has been considered. No significant surface discon- 
tinuities have been detected. 

lliere is a general tendency for the base of the in* 
version along the shore to have a maximum height at 
0800 and a minimum at 1600. Through the exchange 
of meteorological data between the University of Cali- 
fornia at Los Angeles and the laboratory this fact is 
now fairly well established. 

Figure 8 is a plot of refractive index from a series 
of plane soundings. The diagonal lines show the 
height and distance from the base at which measure- 
ments were made. Each line is marked with the time 
of beginning and ending the flight. The numbers at 
the ends of the curves are the refractive index (n — 1) 
multiplied by 10*. The indices are independent of fre- 
quency for this range. Again it is noted that conditions 
vary along the vector. 

Figure 9 is a plot of refractive index taken by air- 
plane along the San Diego-San Pedro path, jndieat- 
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NAUTICAL MILES 


FiauRE 8. laoplethfr— refractive index [ (n—l) 10«]. 


ing the magnitude and height of the strong gradients 
along the path* The time interval of each sounding is 
shown on the appropriate Section. 

Again it must be emphasized that the discontinuity 
takes the shape of a warped surface^ that the gradi- 
ents vary from point to point, and that the ma.ximum 
air density change occuis in the region of maximum 
refractive index gradient. Interface waves in the 
density discontinuity are possibly superimposed on 


the already nonuniform structure. These small iiitcr- 
fiiee waves are evident by the undulations on the top 
surface of the stratus cloud deck. The top surface of 
tlip cloud deck, which is often present, marks the air 
mass boundary and is thus a good indicator of the 
base of the inversion. 

It is therefore evident that meteorological observa- 
> tions required for a thorough study of propagation 
conditions must be as extensive as possible. 
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TABLES FOR COMPUTING THE 
MODIFIED INDEX OF REFRACTION, 


Introduction 


The index of refraction of the atmosphere, modi- 
fied for use on a plane-earth diagram, is a quantity of 
great importance in the study of radio wave propaga- 
tion. It is defined by 


M 


[(„-,) + 5 ] 10 ., 


(I) 


where n = ordinary index ’ot refraction, 

h = height above sea level (not gromid level), 
a = radius of the earth. 

The equation for n is obtained from Debye’s theory 
of the dielectric constant of gases. In terms of atmos- 
pheric quantities, equation (1) assumes the form 


Av De , Be , 

jT + ri + C/i, (2) 

where p = barometric pressure (in millibars) 

(1 mm Hg = 1.333 mb), 
e = water vapor pressure (mb) 

(e is of order of of p), 
r= temperature in degrees Kelvin, 

A = 79, R = 3.8 X 10*, C = 0,1570, D = 11, 
where h, the height above sea level, is measured in 
meters. 

The constants A, B, and D have been selected to get 


*By E. R. Wioher, Columbia Univenity Wove Pn)paKatio& 

Group. 


the best agreement with experimentally determined 
values of n. The constant C is 10** times the reciprocal 
of the earth’s radius in meters. A more detailed ex- 
planation of this formula is given under "Constants 
of the Index of Refraction Formula^found on p.219. 

The formula (2) may be used to calculate M when 
p, T, and e are known functions of height. Nomo- 
grams have beem prepared to facilitate such calcula- 
tions. In this paper tables arc presented which permit 
these calculations to be carried out quickly and accur- 
ately. is a number of the order of 300 to 500. 
Physically, the important quantity is the slope of M, 
i.e., dM/dh, This often calls for calculating M at fairly 
close height intervals, 15 m or even less. The values of 
M at such heights may differ by only two or three M 
units. Hence, to obtain even two significant figures 
for this quantity, the 3f’s must be computed to four 
significant figures, that is, to tenths of an ilf unit. 
It is with a view to this situation that tables were 
computed. 

These tables fall into two groups, depending upon 
how the moisture in the atmosphere is evaluated. In 
the first group (Tables 3 to 7) the moisture is given 
in terms of relative humidity or vapor pressure ; in the 
second (Tables 8 to 11) the mixing ratio is used. 


Use of Tables 


The following examples explain the mechanics of 
using these tables. The first two examides use the first 
group of tables ; Tables 3 to 7 inclusive. The quantities 
H and Q which appear in these examples are auxiliary 
functions which are fully explained in the appendix. 
Examples III and IV use Tables 8 to Ih 
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Example I 


Rdative humidity and temperature given. 
* 1,000 (po is preiBure at aea level). 


h* meters 
above 
sea level 

ec 

RH% 

IT 

amf 

iij 



20 

13 

60 

276.6 

OJO 

275.6 41.4 

3.1 

320.1 

70 

13 

50 

274.0 

0.0 

274.0 34.5 

11.0 

319.5 

120 

15 

35 

270.5 

0.0 

270.5 27.1 

18.8 

816.4 

460 

12 

30 

262.6 

0.0 

262.6 19.5 

70.7 

352.8 

1,000 

0 

20 

248.2 

0.2 

248.4 10.9 157.0 

416.3 

5,000 

—20 

20 

159.0 

7.0 

166.0 1.2 785.0 

952.2 


*ColuiniMi for A ^oaotort), uul RH% give the experiinenUlly de- 
termined data. (Tbe height! ere meeeured from lee level.) 

^Column for iif is reed from TeUe 8. 

ii obtained by multiplying veluee of 0 i^ven In Table 4 by 
Atm Ip where a ii the air temperature at ground level. Interpolation 
is unneoesiary in this table. This oorreotion may be omitted eaoept where 
high aoeuraoy ii desired. 

is the sum of H and OAt. (If ps H 1,000 this oolumn should be 
multiplied by Po/1.000 to obtain the true ifg. This, however, is neeessary 
only if Po differs appreciably from 1,000 mb. since only the difference of 
refractive index from Its value at the ground is of importanoe and this 
difference is not sensitive to moderate changes of Pq.) 

is obtained from Table A. 

is obtained from Table 7 or by multiplying the odumn for A by 

0.1670. 

**Jf is the sum of ifg, ifw and Jf«. 

^t should be noted that Po refers to the barometric pressure at sea 
level, not ground level. The difference in these quantities may be appre- 


Table 9, which gives pressure as a function of 
height and temperature, provides a simple method of 
calculating the sea level pressure from a measurement 
of the ground level pressure. For example, suppose 
the elevation of the ground above sea level is 100 m, 
the temperature is 15 C, and pressure at the ground 
is 993.0 mb. Table 9 shows for this height and tem- 
perature, p/po ~ 0.9882. In this case, p = 998 0, and 
hence 

p 993.0 
” 0.9882 “ 0.9882 " 

Example II 

Vapor pressure and temperature ^ven. 
p« 1,000 mb at sea level. 


Ammeters 

above 

sea level < e iT Mj f MJ Mj* AT 

10 15.0 10.0 274.0 0.0 274.0 4.643 45.4 1.6 321.0 

40 15.2 0.8 273.0 0.0 273.0 4.537 44.5 6.3 323.8 

75 15.5 0.6 271.5 0.0 271.5 4.527 43.5 11.8 326.8 

150 16.0 0.2 268.6 0.0 268.6 4.511 41.5 23.6 833.7 

300 15.0 0.0 264.7 0.0 264.7 4.543 40.0 47.1 352.7 

1,000 10.0 7.0 247.4 0.8 247.4 4.706 32.0 157.0 437.8 


^Coltima for JSr Ii rtsd horn Tiblt 8. 

is obtalaod by multiplyiag valuss of O givon in Tnblo 4 by 
At m ^ ^ t, whtM a toBpsmturs at ground iovsl. Intcrpolntion is 
unnscsMiury in thUs. 

^ ii thi sum of If and [If Si ^ 1»000 this oolumn should bo 
muhiplisd by to obtain tho truo Ha This oomotloa may usually 

bs omlUid fsss Mots f. Sxainpls I).] 

is obtsinsd by taldai ths pr^ust of /, givon In Tabis 6» by «. 
A slids fdis glTss snffIdMitly sloss rssuhs hors. 

is obtsinsd from TsUs 7 or by moltlplyiai ths sdumn for A by 

0.1670. 

**ir Ii ths sum of Idi. JfW. Md Ha. 


Example III 

Mixing ratio w and temperature given. 
Ps « 1,000 mb at sea levd. 


A* meters 
above s^ 

level t w r p/p,' (pfp,)!* U,' M' 


20 

15 9 

339.0 

0.9976 

338.2 

3.1 

341.3 

40 

16 8 

330.6 

0.9953 

329.0 

6.3 

335.8 

100 

17 7 

322.2 

0.9882 

318.4 

15.7 

334.1 

150 

17 7 

322.2 

0.9824 

316.5 

23.6 

340.1 

300 

14 6 

319.0 

0.9650 

307.8 

47.1 

354.9 

500 

11 4 

307.9 

0.0420 

290.0 

78.6 

368.5 

* Columns for A, t, and w are the assumed data, w b expressed in grame 
f water vapor per kg dry air. 


Is mad directly from Table a 

’p is read from Table 0. In ibis table I meant average temperature 
between ground and height A. 

(IfPo iM 1,000 tUereeultehould be multiplied by P0/1,OOO. Thieetep may 
uaually be omitted.) 

* (p/Po)^ is the product of the two previoue columns. 

*1#. may be obtained from Tabla 7 Or by multiplioationof A by C«b 0.1670. 
^ if ie tbe turn of (p/po)F and 

Example IV 


Mixing ratio and temperature given. Simplified method 
satisfactory for A ^ 500 m.** 


Ammeters 
above 
sea level 

t 

w 

r 

t** 

hivf 

100 (»-i)io^Af; 

AT 

20 

15 

9 

339.0 

0.9 

0.0 

338.1 

3.1 

341.2 

40 

16 

8 

330.6 

1.7 

0.1 

329.0 

6.3 

335.3 

100 

17 

7 

322.2 

4.0 

0.2 

3ia4 

15.7 

334.1 

150 

17 

7 

822.2 

6.0 

0.3 

316.5 

23.6 

840.1 

800 

14 

6 

319.0 

11.8 

0.6 

307.8 

47.1 

354.9 

500 

11 

4 

307.9 

18.7 

1.0 

290.2 

78.5 

368.7 


*Ckdumna for A, f, and w are the aseumed data. Theee data are tbe fame 
aa in Example 111. 

^F Is read from Table 8, ae before. 

’u is read from Table 10. 

* du ie read from Table 11. Au ie then to be multiplied by A/IOD to glvs 
tbe oolumn hAu/lOO. I ie tbe average eentigrade temperature from 
ground to A. 

*The oolumn (n— 1)10* ie given by — v hAu/lOO. If tbe average 
temperature t k negaUve, tbie column ie F — « ~ (Adw/KX)). 

^ Mpk obtained, ae before, from Table 7. Jf ie the earn of (n— 1)10* 
and ir«. 

** This method is not aoourate above 600 m. It* will be noted, by eom* 
paring ths issults here with thooe of Example III, that there are ocwsslanal 
diffittnesB of 0.1 Jf unite. This b due to rounding off and b not signiffoant. 


Phicedure Used in Setting up Tables 

Tables 3 to 7 — Belatiye Humidity and 
Tsmpebatube Given 

Equation 2 may be written 


where 


with 


M - Af, + Af- + 

(3) 


(4) 

M, - Je, 

(6) 

M, - Ch, 

(6) 

. B D 

(7) 

ft f’ 


Tables have been prepared which give the quantities 
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RADIO WAVE PROPAGATION EXPERIMENTS 


M 4 (diy term), (wet term), and Mp (curvature 
term) geparately. 

Dry Term, Since equation (4) contains the pressure 
p, which is not usually measured as a function of 
height, it is necessary to eliminate direct considera- 
tion of p. For this purpose a simplihcation of the 
elaborate formula used in the Smithsonian tables for 


calculating height as a function of pressure is sufifi- 
cient. This simplification neglects very small pressure 
effects caused by humidity variations and the change 
of the acceleration of gravity with height. This prob- 
lem is discussed more fully in the section on pressure 
versus height, below. The pressure may then be written 

P -i (S) 


Tabub 3A. H for t from -30 G (-22 F) to -20 C (-4 F); h to 2»000 m (6,562 ft). 


Po « 1,000 mb at sea level 


\c-^ 
*(m)\ -30 

-29 

-28 

-27 

-26 

-25 

-24 

-23 

-22 

-21 

-20 

/Mft) 


325.1 

323.8 

322.4 

321.1 

319.8 

318.5 

317.3 

316.0 

314.7 

313.5 

312.3 

0.0 

^ 10 

324.6 

323.3 

322.0 

320.7 

319.4 

318.1 

316.9 

315.6 

314.3 

313.1 

311.9 

32.8 

20 

324.2 

322.9 

321.5 

320.3 

319.0 

317.7 

316.5 

315.2 

313.9 

312.7 

311.5 

65.6 

30 

323.7 

322.4 

321.1 

319.8 

318.5 

317.2 

316.0 

314.7 

313.5 

312.2 

311.0 

98.4 

40 

323.3 

322.0 

320.6 

319.4 

318.1 

316.8 

315.6 

314.3 

313.1 

311.8 

310.6 

131.2 

50 

322.8 

321.5 

320.2 

319.0 

317.7 

316.4 

315.2 

313.9 

312.7 

311.4 

310.2 

164.0 

75 

321.7 

320.4 

319.1 

317.9 

316.6 

315.3 

314.1 

312.9 

311.6 

310.4 

309.2 

248.1 

100 

320.6 

319.3 

318.0 

316.8 

315.5 

314.2 

313.0 

311.8 

310.5 

309.3 

308.1 

328.1 

150 

318.3 

317.0 

315.8 

314.5 

313.3 

312.0 

310.8 

309.6 

308.4 

307.2 

306.0 

492.1 

200 

316.1 

314.9 

313.6 

312.4 

311.1 

309.9 

308.7 

307.5 

306.3 

305.1 

303.9 

656.2 

250 

313.9 

312.7 

311.5 

310.2 

309.0 

307.8 

306.6 

305.4 

304.3 

3as.i 

301.9 

820.2 

300 

311.7 

310.5 

309.3 

308.0 

306.8 

305.6 

304.5 

303.3 

302.2 

301.0 

299.9 

984.3 

350 

309.5 

308.3 

307.1 

305.9 

304.7 

303.5 

302.4 

301.2 

300.1 

298.9 

297.8 

1,148.0 

400 

307.3 

306.1 

305.0 

303.8 

302.7 

301.5 

300.4 

299.2 

298.1 

296.9 

295.8 

1,312.0 

450 

305.2 

304.0 

302.9 

301.7 

300.6 

299.4 

298.3 

297.2 

296.0 

204.9 

293.8 

1,476.0 

500 

303.0 

301.9 

300.7 

299.6 

298.4 

297.3 

296.2 

295.1 

294.1 

293.0 

291.9 

1,640.0 

600 

298.8 

297.7 

296.6 

295.5 

294.4 

293.3 

292.2 

291.2 

290.1 

289.1 

288.0 

1,969.0 

700 

294.6 

293.5 

292.5 

291.4 

290.4 

289.3 

288.3 

287.2 

286.2 

285.1 

284.1 

2,297.0 

800 

290.5 

289.5 

288.4 

287.4 

286.3 

285.3 

284.3 

283.3 

282.3 

281.3 

280.3 

2,625.0 

900 

286.5 

285.5 

284.5 

283.4 

282.4 

281.4 

280.4 

279.4 

278.5 

277.5 

276.5 

2,953.0 

1,000 

282.5 

281.5 

280.5 

279.5 

278.5 

277.5 

276.6 

275.6 

274.7 

273.7 

272.8 

3,281.0 

1,500 

263.3 

262.5 

261.6 

260.8 

259.9 

259.1 

258.3 

257.5 

256.6 

255.8 

255.0 

4,921.0 

2,000 

245.4 

244.7 

244.0 

243.2 

242.5 

241.8 

241.1 

240.4 

239.7 

239.0 

238.3 

6,562.0 


-22.0 

-20.2 

-18.4 

-16.6 

-14.8 

-13.0 

-11.2 

-9.40 

-7.60 

-5.80 

-4.00 

\ h (ft) 


«f\ 


Tabli 3B, H for / from -20 C (-4 F) to -10 C (+14 F); h to 2,000 m (6,562 ft). 
Pi <- 1,000 mb at sea level 


\<C- 


A(m)\ 

-20 

-19 

-18 

-17 

-16 

-15 

-14 

-13 

-12 

-11 

-10 


i ® 

812.3 

311.0 

309.8 

308.6 

307.4 

306.2 

305.0 

303.8 

302.7 

301.5 

300.4 

0.0 

^ 10 

311.9 

310.6 

309.4 

308.2 

307.0 

305.8 

304.6 

303.4 

302.3 

301.1 

300.0 

32.8 

20 

311.5 

310.2 

309.0 

307.8 

306.6 

305.4 

304.2 

303.0 

301.9 

300.7 

299.6 

65.6 

30 

311.0 

309.8 

308.6 

307.4 

306.2 

305.0 

303.8 

302.7 

301.5 

300.4 

299.2 

98.4 

40 

310.6 

309.4 

308.2 

307.0 

305.8 

304.6 

303.4 

302.3 

301.1 

300.0 

298.8 

131.2 

50 

310.2 

309.0 

307.8 

306.6 

305.4 

304.2 

303.0 

301.9 

300.7 

299.6 

298.4 

164.0 

75 

309.2 

308.0 

306.8 

305.6 

304.4 

303.2 

302.1 

300.9 

299.8 

298.6 

295.5 

248.1 

100 

306.1 

306.9 

305.7 

304.6 

303.4 

302.2 

301.1 

299.9 

298.8 

297.6 

296.5 

328.1 

150 

306.0 

304.8 

303.6 

302.5 

301.3 

300.1 

299.0 

297.9 

296.8 

295.7 

294.6 

492.1 

200 

303.9 

302.8 

301.6 

300.5 

299.3 

298.2 

297.1 

296.0 

294.9 

293.8 

292.7 

656.2 

250 

301.9 

300.8 

299.6 

298.5 

297.3 

296.2 

295.1 

294.0 

293.0 

291.9 

290.8 

820.2 

300 

299.9 

298.8 

297.7 

296.5 

295.4 

294.3 

293.2 

292.1 

291.1 

290.0 

288.9 

984.3 

350 

297.8 

296.7 

295.6 

294.5 

293.4 

292.3 

291.2 

290.2 

289.1 

288.1 

287.0 

1,148.0 

400 

295.8 

294.7 

293.6 

292.6 

291.5 

290.4 

289.4 

288.3 

287.3 

286.2 

285.2 

1,312.0 

450 

293.8 

292.7 

291.7 

200.6 

289.6 

288.5 

287.5 

286.4 

285.4 

284.3 

283.3 

1,476.0 

500 

291.9 

290.8 

289.8 

288.7 

287.7 

286.6 

285.6 

284.6 

283.5 

282.5 

281.5 

1,640.0 

600 

288.0 

287.0 

285.9 

284.9 

283.8 

282.8 

281.8 

280.8 

279.9 

278.9 

277.9 

1,969.0 

700 

284.1 

283.1 

282.1 

281.1 

280.1 

279.1 

278.1 

277.2 

276.2 

275.3 

274.3 

2,287.0 

800 

280.3 

279.3 

278.3 

277.4 

276.4 

275.4 

274.5 

273.5 

272.6 

271.6 

270.7 

2,625.0 

900 

276.5 

275.5 

274.6 

273.7 

272.7 

271.8 

270.9 

270.0 

269.0 

268.1 

267.2 

2,963.0 

1,000 

272.8 

271.9 

271.0 

270.0 

269.1 

268.2 

267.3 

266.4 

265.6 

264.7 

263.8 

3,281.0 

1,500 

255.0 

254.2 

253.4 

252.6 

251.8 

251.0 

250.2 

249.5 

248.7 

248.0 

247.2 

4,921.0 

2,000 

238.3 

237.6 

237.0 

236.3 

235.7 

235.0 

234.3 

233.7 

233.0 

232.4 

231.7 

6,562.0 


-4.00 

-2.20 

-0.40 

+1.40 

+3.20 

+5.00 

+6.80 

•f&flO 

+10.4 

+12.2 

+ 14.00 

V w 


1P\ 
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where 

Po == barometric preesure at sea level, 
c — natural logarithmic baae, 
a « 0.084168, 
and 

r=lf;nk)dh. ( 9 ) 

T is thus the average temperatnre from h s= 0 to the 


height A. Strietlj, T ^onld be calculated from equa- 
tion (9). However, it turns out that p is rather inseu* 
sitive to 7, and that, except perhaps where high accu- 
racy is desired, it is sufficient to replace equation (9) 
with 

— AT 

T^T ( 10 ) 

where AT = ^ aiid To is the temperature at the 

surface. 


Tabus 3C. Hitai from -10 C (+14 F) to 0 C (:;2 F); A to 2,000 m (6,562 ft). 
Po -> 1.000 mb at sea level 


\/C— ♦ 

*(m) \ 10 

-9 

-8 

-7 

-6 

-5 

-4 

-3 

-2 

-1 

=b0. 

/A(ft) 


300.4 

299.2 

298.1 

297.0 

295.9 

294.8 

293.7 

292.6 

291.5 

290.4 

289.4 

0.0 

^ 10 

300.0 

298.8 

297.7 

296.6 

295.5 

294.4 

293.3 

292.2 

291.1 

290.1 

289.0 

32.8 

20 

299.6 

298.4 

297.3 

296.2 

295.1 

294.0 

292.9 

291.9 

290.8 

289.7 

288.7 

65.6 

30 

299.2 

298.1 

297.0 

295.9 

294.8 

293.7 

292.6 

291.5 

290.4 

289.4 

288.3 

98.4 

40 

298.8 

297.7 

296.6 

205.5 

294.4 

293.3 

292.2 

291.2 

290.1 

289.0 

288.0 

131.2 

50 

298.4 

297.3 

206.2 

295.1 

294.0 

292.9 

291.8 

290.8 

289.7 

288.7 

287.6 

164.0 

75 

295.5 

296.3 

295.2 

294.1 

293.0 

291.9 

290.8 

289.8 

288.7 

287.7 

286.6 

248.1 

100 

296.5 

295.4 

294.3 

293.3 

292.2 

291.1 

290.0 

289.0 

287.9 

286.9 

285.8 

328.1 

150 

294.6 

293.5 

292.4 

291.4 

290.3 

289.2 

288.2 

287.1 

286.1 

285.0 

284.0 

492.1 

200 

292.7 

291.6 

200.5 

289.5 

288.4 

287.3 

286.3 

285.3 

284.2 

283.2 

282.2 

656.2 

250 

290.8 

280.7 

288.7 

287.6 

286.6 

285.5 

284.5 

283.5 

282.6 

281.5 

280.5 

820.2 

300 

288.9 

287.0 

286.8 

285.8 

284.7 

288.7 

282.7 

281.7 

280.7 

279.7 

278.7 

984.3 

350 

287.0 

286.0 

285.0 

283.9 

282.9 

281.9 

280.9 

279.9 

279.0 

278.0 

277.0 

1,148.0 

400 

285.2 

284.2 

283.2 

282.1 

281.1 

280.1 

279.1 

278.2 

277.2 

276.3 

275.3 

1,312.0 

450 

283.3 

282.3 

281.3 

280.3 

279.3 

278.3 

277.3 

276.4 

275.4 

274.5 

273.5 

1,476.0 

500 

281.5 

280.5 

270.5 

278il 

277.6 

276.6 

275.6 

274.7 

273.7 

272.8 

271.8 

1,640.0 

600 

277.9 

276.0 

276.0 

275.0 

274.1 

273.1 

272.2 

271.3 

270.3 

269.4 

268.5 

1,969.0 

700 

274.3 

273.4 

272.4 

271.5 

270.5 

269.6 

m7 

267.8 

266.9 

266.0 

265.1 

2,297.0 

800 

270.7 

289.8 

268.9 

268.0 

267.1 

266.2 

265.3 

264.4 

263.6 

262.7 

261.8 

2,625.0 

900 

1 267.2 

266.3 

265.4 

264.6 

263.7 

262.8 

262.0 

261.1 

260.3 

259.4 

258.6 

2,953.0 

1,000 

263.8 

262.9 

262.1 

261.2 

260.4 

259.5 

258.7 

257.8 

257.0 

256.1 

255.3 

3.281.0 

1,500 

247.2 

246.5 

245.7 

245.0 

244.2 

243.5 

242.8 

242.1 

241.3 

240.6 

239.9 



231.7 

231.0 

230.4 

229.7 

229.1 

228.4 

227.8 

227.2 

226.5 

225.9 

225.3 



14.0 

15.8 

17.6 

19.4 

21.2 

23.0 

24.8 

26.6 

28.4 

30.2 

32.0 

f F\ 


Tabus 3D. H for ( from 0,C (32 F) to 10 O (50 F); h to 2,000 m (6,562 ft). 
p 9 - 1.000 mo at sea level 


\<0 — ► 
*(m)\ ±0 

1 

2 

3 

4 

5 

6 

7 

8 

9 

10 

/Mft) 

i ® 

289.4 

288.3 

287.3 

286.2 

285.2 

284.2 

283.2 

282.1 

281.1 

280.1 

279.2 

0.0 

^ 10 

289.0 

288.0 

286.9 

285.9 

284.8 

283.8 

282.8 

281.8 

280.8 

279.8 

278.9 

32.8 

30 

288.7 

287.6 

286.6 

285.5 

284.5 

283.5 

282.5 

281.4 

980.5 

279.5 

278.6 

65.6 

30 

288.3 

287.3 

286.2 

285.2 

284.1 

283.1 

282.1 

281.1 

280.1 

279.1 

278.2 

98.4 

40 

288.0 

286.9 

285.9 

284.8 

283.8 

282.8 

281.8 

280.7 

279.8 

278.8 

277.8 

131.2 

50 

287.6 

286.6 

285.5 

284.5 

283.4 

282.4 

281.4 

280.4 

279.5 

278.5 

277.5 

164.0 

75 

286.6 

285.7 

284.7 

288.6 

282.6 

281.6 

280.6 

279.6 

278.7 

277.7 

276.7 

248.1 

100 

285.8 

284.8 

283.8 

282.7 

281.7 

280.7 

279.7 

2717 

277.8 

276.8 

275.8 

328.1 

150 

284.0 

283.0 

282.0 

281.0 

280.0 

279.0 

278.0 

277.1 

276.1 

275.2 

274.2 

492.1 

200 

282.2 

281.2 

280.2 

279.8 

278.3 

277.3 

276.3 

275.4 

2714 

273.5 

272.5 

656.2 

250 

280.5 

279.5 

278.5 

277.6 

276.6 

275.6 

274.7 

273.7 

272.8 

271.8 

270.9 

820.2 

300 

278.7 

277.7 

276.8 

275.8 

mo 

273.9 

273.0 

272.0 

271.1 

270.1 

269.2 

9813 

350 

277.0 

276.0 

275.1 

2711 

273.2 

272.2 

271.3 

270.4 

269.4 

268.5 

267.6 

1,148.0 

400 

275.8 

274.3 

273.4 

272.4 

271.5 

270.5 

269.6 

268.7 

267.8 

266.9 

266.0 

1,812.0 

460 

273.5 

272.6 

271.7 

270.7 

269.8 

268.9 

268.0 

267.1 

266.2 

265.3 

264.4 

1,476.0 

500 

271.8 

270.9 

270.0 

269.0 

268.1 

267.2 

266.3 

265.4 

264.6 

263.7 

262.8 


600 

268.5 

267.6 

266.7 

265.8 

264.9 

2610 

263.1 

262.2 

261.4 

260.5 

259.6 

1,969.0 

700 

265.1 

264.2 

268.4 

262.5 

261.7 

260.8 

259.9 

259.1 

258.2 

257.4 

256.5 

2,297.0 

800 

261.8 

260.9 

260.1 

259.2 

258.4 

257.5 

256.7 

255.9 

2510 

2512 

258.4 

2,625.0 

900 

258.6 

257.8 

256.9 

256.1 

255.2 

254.4 

258.6 

252.8 

252.0 

251.2 

250.4 

2,958.0 

1,000 

265JI 

254.5 

258.7 

252.9 

252.1 

251.8 

250.5 

249.7 

mjo 

248.2 

247.4 

3,281.0 

1,500 

289.9 

289,2 

238.5 

287.7 

287.0 

286^ 

285.6 

2819 

2818 

283.6 

282.9 

1921.0 

2,000 

225.3 

224.7 

2211 

228.5 

222.9 

222.8 

221.7 

221.1 

220.5 

219.9 

219.8 

6,562.0 


BIT" 

83.8 

85.6 

87.4 

8B.2 

4ii 

43.8 

44.6 

48.4 

48.3 

M.0 

V A (ft) 
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By substituting from equations (8) and (10), equa- 
tion (4) assumes the form 




For all practical cases, 


and hence, 

Apo +(MT/»r^ 

- € 

Even at heights as great as 10^ m it can be seen that 
the second of these exponentials can be replaced by the 


Tabi^i 3E. N for t from 10 C (50 F) to 20 C (68 F); h to 2,000 m (6,562 ft). 
pQ » 1,000 mb at sea level 


c — ^ 

10 

11 

12 

13 

14 

15 

16 

17 

18 

19 

20 

279.2 

27&2 

277.2 

276.2 

275.3 

274.3 

273.4 

372.4 

271.5 

270.5 

269.6 

278.9 

277.9 

276,9 

275.9 

274.9 

274.0 

273.1 

272.1 

271” 

270.2 

269.3 

278.5 

277.5 

276.6 

275.6 

274.6 

273.7 

272.8 

271.8 

270 9 

269.9 

269.0 

278.2 

277.2 

276.2 

275.2 

274.3 

278.3 

272.4 

271.5 

270.5 

269.6 

268.7 

277.8 

276.8 

275.9 

274.9 

274.0 

273.0 

272.1 

271.2 

270.2 

269.3 

288.4 

277.5 

276.5 

275.6 

274.6 

273.7 

272.7 

271.8 

270.9 

200.9 

269.0 

268.1 

276.7 

275.7 

274.8 

273.8 

272.8 

271.9 

271.0 

270.1 

269.1 

268.2 

267.3 

275.8 

274.9 

273.9 

273.0 

272.0 

271.1 

270.2 

269.3 

268.3 

267.4 

266.5 

274.2 

273.3 

272.3 

271.4 

270.4 

269.5 

268.6 

267.7 

266.8 

265.9 

265.0 

272.5 

271.6 

270.7 

269.7 

268.8 

267.9 

267.0 

266.1 

265.2 

264.3 

263.4 

270.9 

270.0 

269.1 

268.1 

267.2 

266.3 

265.4 

264.5 

263.7 

262.8 

261.9 

269.2 

268.3 

267.4 

266.5 

265.6 

264.7 

263.8 

262.9 

262.1 

261.2 

260.3 

267.6 

266.7 

265.8 

264.9 

264.0 

263.1 

262.2 

261.4 

260.5 

259.7 

258.8 

266.0 

265.1 

264.2 

263.4 

262.5 

261.6 

260.7 

259.9 

259.0 

258.2 

257.3 

264.4 

263.5 

262.6 

261.8 

260.9 

260.0 

259.2 

258.3 

257.5 

256.6 

255.8 

262.8 

261.9 

261.1 

260.2 

259.4 

258.5 

257.7 

256.9 

256.0 

255.2 

254.4 

259.6 

258.8 

258.0 

257.1 

256.3 

255.5 

254.7 

253.9 

253.0 

2o2Ji 

251.4 

256.5 

255.7 

254.9 

254.0 

253.2 

252.4 

251.6 

250.8 

250.1 

249.3 

248.5 

253.4 

252.6 

251.8 

251.1 

250.3 

249.5 

248.7 

247.9 

247.2 

246.4 

245.6 

250.4 

249.6 

248.8 

248.1 

247.3 

246.5 

245.8 

245.0 

244.3 

243.5 

242.8 

247.4 

246.6 

245.9 

245.1 

244.4 

243.6 

242.9 

242.1 

241.4 

240.6 

239.9 

232.9 

232.2 

231.6 

230.9 

230.8 

229.6 

228.9 

228.3 

227.6 

227.0 

226.3 

219.8 

218.7 

218.1 

217.6 

217.0 

216.4 

215.8 

215.2 

214.7 

214.1 

213.5 


Tablb 3F. H for t from 20 C (68 F) to 30 0 (86 F); 5 to 2,000 m (6,562 ft). 
p» « 1,000 mb at sea level 


VC 

»(m)\ 



20 

21 

22 

23 

24 

25 

26 

27 

28 

29 

30 

269.6 

268.7 

267.8 

266.9 

266.0 

265.1 

264.2 

263.3 

262.5 

261.6 

260.7 

269.3 

268.4 

267.5 

266.6 

265.7 

264.8 

263.9 

263.0 

262.2 

261.3 

260.4 

269.0 

268.1 

267.2 

266.3 

265.4 

264.5 

263.6 

262.7 

261.9 

261.0 

260.1 

268.7 

267.8 

266.9 

266.0 

265.1 

264.2 

263.3 

262.5 

261.6 

260.8 

259.9 

268.4 

267.5 

266.6 

265.7 

264.8 

263.9 

263.0 

262.2 

261.3 

260.5 

259.6 

268.1 

267.2 

266.3 

265.4 

264.5 

263.6 

262.7 

261.9 

261.0 

260.2 

259.3 

267.3 

266.4 

265.5 

264.7 

263.8 

262.9 

262.0 

261.2 

260.3 

259.5 

258.6 

266.5 

265.6 

264.7 

263.9 

263.0 

262.1 

261.2 

260.4 

259.5 

258.7 

257.8 

265.0 

264.1 

263.2 

262.4 

261.5 

260.6 

259.7 

258.9 

258.0 

257.2 

256.3 

263.4 

262.5 

261.7 

260.8 

260.0 

259.1 

258.3 

257.4 

256.6 

255.7 

254.9 

261.9 

261.0 

260.2 

269.3 

258.5 

257.6 

256.8 

256.0 

255.1 

254.3 

253.5 

260.3 

259.5 

258.6 

257.8 

256.9 

256.1 

255.3 

254.5 

253.6 

252.8 

252.0 

258.8 

258.0 

257.2 

256.3 

255.5 

254.7 

253.9 

253.1 

252.2 

251.4 

250.6 

257.3 

256.5 

255.7 

254.8 

254.0 

253.2 

252.4 

251.6 

250.8 

250.0 

249.2 

255.8 

255.0 

254.2 

253.4 

252.6 

251.8 

251.0 

250.2 

249.4 

248.6 

247.8 

254.4 

253.6 

252.8 

251.9 

251.1 

250.3 

249.5 

248.7 

248.0 

247.2 

246.4 

251.4 

250.6 

249.8 

249.1 

248.3 

247.5 

246.7 

246.0 

245.2 

244.5 

248.7 

248.5 

247.7 

247.0 

246.2 

245.5 

244.7 

243.9 

243.2 

242.4 

241.7 

240.9 

245.6 

244.9 

244.1 

243.4 

242.6 

241.9 

241.2 

240.5 

239.7 

239.0 

288.3 

242.8 

242.1 

241.3 

240.6 

239.8 

239.1 

288.4 

287.7 

237.0 

286.3 

235.6 

239.9 

239.2 

238.5 

237.8 

237.1 

236.4 

235.7 

235.0 

234.3 

283.6 

282.9 

226.3 

225.7 

225.1 

224.4 

223.8 

223.2 

222.6 

222.0 

221.4 

220.8 

220.8 

213.5 

213.0 

212.4 

211.9 

211.3 

210A 

210.3 

209.7 

209.2 

208.6 

208.1 
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first two terms of its expansion. Therefore 

4P0 AT. 


or 

Mi - mTJk) + Q{T,h) ^T, 

, (11) 

where 



and 

Ann 

G{T,h)~^alu 

(12) 


Table 3 gives the quantity H{T,h) as a function of 


h and t, where 

is the standard centigrade temperature. In this table, 
it is assumed that po = 1,000 mb. 

Table 4 gives G{T,h), The term OA/ in equation 
(11) is very small at altitudes loss than 500 m and 
for this range of altitudes may be safely neglected. 

Since it is assumed in these tables that p© ~ 1,000, 
the value of read from the tables should be multi- 
plied by po/1,000, where po Is the actual air pressure 
at sea level. This step may, however, be eliminated in 
most cases, pai'ticulaiiy as the physically important 


Table 3G. H for / from 30 C (88 P) to 40 C (104 F); h to 2,000 m (8,562 ft), 
po * 1,000 mb at sea level 


\<C-^ 

*(m)\ 30 

31 

32 

33 

34 

35 

36 

37 

38 

39 

40 

/^(ft) 

i 0 

260.7 

259.9 

259.0 

258.2 

257.5 

256.5 

255.7 

254.8 

254.0 

263.2 

252.4 

0.0 

lO 

260.4 

259.6 

258.7 

257.9 

257.2 

256.2 

255.4 

254.5 

253.7 

252.9 

252.1 

32.8 

20 

260.1 

259.3 

258.4 

257.6 

256.9 

255.9 

255.1 

254.3 

253.4 

252.6 

251.8 

65.6 

30 

259.9 

259.1 

258.2 

257.4 

256.5 

255.7 

254.9 

254.0 

253.2 

252.4 

251.6 

98.4 

40 

259.6 

258.8 

257.9 

257.1 

256.2 

255.4 

254.6 

253.8 

252.9 

252.1 

251.3 

131.2 

50 

259.3 

268.5 

257.6 

256.8 

255.9 

255.1 

254.3 

253.5 

252.6 

251.8 

251.0 

164.0 

75 

258.6 

257.7 

256.9 

256.0 

254.2 

254.4 

253.6 

252.8 

251.9 

251.1 

250.3 

248.1 

100 

257.8 

287.0 

256.2 

255.3 

254.5 

253.7 

252.9 

252.1 

251.3 

250.5 

249.7 

328.1 

150 

256.3 

255.5 

254.7 

253.9 

253.1 

252.3 

251.5 

250.7 

249.9 

249.1 

248.3 

492.1 

200 

254.9 

254.1 

253.3 

252.5 

251.7 

250.9 

250.1 

249.3 

248.5 

247.7 

246.9 

666.2 

250 

253.5 

262.7 

251.9 

251.1 

250.3 

249.5 

248.7 

247.9 

247.2 

246.4 

245.6 

820.2 

300 

252.0 

261.2 

250.4 

249.7 

248.9 

248.1 

247.3 

246.6 

245.8 

245.1 

244.3 

984.3 

350 

250.6 

249.8 

249.0 

248.3 

247.5 

246.7 

245.9 

245.2 

244.4 

243.7 

242.9 

1,148.0 

400 

249.2 

248.4 

247.7 

246.9 

246.2 

245.4 

244.6 

243.9 

243.1 

242.4 

241.6 

1,312.0 

450 

247.8 

247.0 

246.3 

245.5 

244.8 

244.0 

243.3 

242.5 

241.8 

241.0 

240.3 

1,476.0 

500 

246.4 

245.6 

244.9 

244.1 

243.4 

242.6 

241.9 

241.2 

240.4 

239.7 

239.0 

1,640.0 

600 

243.7 

242.9 

242.2 

241.4 

240.7 

239.9 

239.2 

238.5 

237.8 

237.1 

236.4 

1,969.0 

700 

240.9 

240.2 

239.5 

238.7 

238.0 

237.3 

236.6 

235.9 

235.2 

234.5 

233.8 

2,297.0 

800 

238.3 

237.6 

236.9 

236.1 

235.4 

234.7 

234.0 

233.3 

232.7 

^32.0 

231.3 

2,625.0 

900 

235.6 

234.9 

234.2 

233.5 

232.8 

232.1 

231.4 

230.8 

230.1 

229.5 

228.8 

2,963r0 

1,000 

232.9 

232.2 

231.6 

230.9 

230.3 

229.6 

228.9 

228.3 

227.6 

227.0 

226.3 

3,281.0 

1,500 

220.2 

219.6 

219.0 

218.4 

217.8 

217.2 

216.6 

216.0 

215.5 

214.9 

214.3 

4,921.0 

2,000 

208.1 

207.6 

207.1 

206.5 

206.0 

205.5 

205.0 

204.5 

203.9 

203.4 

202.9 

6,562.0 


86.0 

87.9 

89.6 

91.4 

93.2 

95.0 

96.8 

98.6 

100.4 

102.2 

104.0 

tl 

\A (ft) 


Tablb 4. 

(7 for & from 60 m (104 ft) to 2,000 m (6,562 ft) and < from -30 C (-22 F) to 40 C (104 F). 


VC 

h(m)\ 

« V 

-30 - 

-25 - 

20 -15 

-10 

-6 ±0 

+5 

+10 

+16 +20 

+26 

+80 +36 

+40 

/ 

/A (ft) 

•1 


i 50 
100 
150 
200 
250 
300 
350 
400 
450 
500 
800 
700 
800 
900 
1 ^ 
1.500 
2,000 


0.005 

0.004 

0.004 

0.004 

0.004 

0.003 

0.003 

0.003 

0.003 

0.003 

0.003 

0.003 

0.002 

0.002 

0.002 

0.009 

0.009 

0.008 

0.008 

0.007 

0.007 

0.007 

0.006 

0.006 

0.006 

0.005 

0.005 

0.005 

0.005 

0.004 

0.014 

0.013 

0.012 

0.012 

0.011 

0.010 

0.010 

0.009 

0.009 

0.008 

0.008 

0.008 

0.007 

0.007 

0.006 

0.018 

aoi7 

0.016 

0.016 

0.014 

0.014 

0.013 

0.012 

0.012 

0.011 

0.010 

0.010 

0.009 

0.009 

0.009 

0.023 

0.021 

0.020 

0.019 

0.018 

0.017 

0^016 

0.015 

0.014 

0.014 

0.013 

0.012 

0.012 

0.011 

0.011 

0.027 

0.025 

0.024 

0.023 

0.021 

0.020 

0.019 

aoi8 

0.017 

0.016 

0.016 

0.016 

0.014 

0.013 

0.013 

0.081 

0.030 

0.028 

0.026 

0.026 

0.023 

0.022 

0.021 

0.020 

0.019 

0.018 

0.017 

0.016 

0.016 

0.016 

0.036 

0.033 

0.082 

0.030 

0.028 

0.027 

0.026 

0.024 

0.023 

0.022 

0.020 

0.019 

0.019 

0.018 

0.017 

0.040 

p.037 

0.036 

0.033 

0.031 

0.030 

0.028 

0.027 

0.026 

0.024 

0.023 

0.022 

0.021 

0.020 

0.019 

0.044 

0.041 

0.039 

0.037 

0.036 

0.033 

0.081 

0.030 

0.028 

0.027 

0.026 

0.024 

0.023 

0.022 

0.021 

0.062 

0.049 

0.046 

0.044 

0.041 

0.039 

0.037 

0.036 

0.033 

0.032 

0.030 

0.029 

0.027 

0.026 

0.026 

0.060 

0.056 

0.063 

0.060 

0.047 

0.046 

0.043 

0.040 

0.038 

0.036 

0.036 

0.083 

0.031 

0.030 

0.029 

0.067 

0.063 

0.060 

0.067 

0.053 

0.061 

0.048 

0.046 

0.043 

0.041 

0.039 

0.037 

0.035 

0.034 

0.032 

0.076 

0.070 

0.066 

0.063 

0.069 

0.066 

0.053 

0.061 

0.048 

0.046 

0.043 

0.041 

0.039 

0.038 

0.036 

0.082 

0.077 

0.073 

0.069 

0.065 

0.062 

0.069 

0.066 

0.063 

0.050 

0.048 

0.045 

0.043 

0.041 

0.039 

0.114 

0.108 

0.102 

0.097 

a092 

0.087 

0.082 

0.078 

0.07B 

0.071 

0.068 

0.064 

0.061 

0.069 

0.066 

0.142 

0.134 

0.127 

0.121 

0.114 

0.109 

0.103 

0.096 

0.094 

0.089 

0.086 

0.081 

0.077 

0.074 

0.071 

-33.0 -ISA 

--4.0 

+6.0 

14.0 

23.0 

32.0 

41.0 

MiO 

69.0 

68.0 

77.0 

86.0 

96.0 104.0 


184.0 

328.1 

402.1 

656.2 

820.2 
084.3 

i,i4ao 

1.312.0 

1.476.0 

1.640.0 

1.060.0 

2.207.0 

2.625.0 

2.053.0 

3.281.0 

4.021.0 

6.562.0 

\fF 

\ 
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RADIO WAVE PROPAGATION EXPERIMENTS 


Tmub 5. Urn (or I (lom -30 C (-22 F ) to 40 C (104 F ). 



10 

20 

30 

40 

Relative humidity 
50 60 

70 

80 

90 

100 

IF 

-30 

0.2 

0.5 

0.7 

1.0 

1.2 

1.5 

1.7 

2.0 

2.2 

2.453 

-22.0 

-20 

0.3 

0.5 

0.8 

1.1 

1.4 

1.6 

1.9 

2.2 

2.2 

2.700 

-20.2 

-28 

0.3 

0.6 

0.9 

1.2 

1.5 

1.8 

2.1 

2.4 

2.7 

2.967 

-18.4 

-27 

0.3 

0.7 

1.0 

1.3 

1.6 

2.0 

2.3 

2.6 

2.9 

3.261 

-16.6 

-26 

0.4 

0.7 

1.1 

1.4 

1.8 

2.1 

2.5 

2.9 

3.2 

3.580 

-14.8 

-25 

0.4 

0.8 

1.2 

1.6 

2.0 

2.4 

2.7 

3.1 

3.5 

3.925 

-13.0 

-24 

0.4 

0.9 

1.3 

1.7 

2.2 

2.6 

3.0 

3.4 

3.9 

4.301 

-11.2 

-23 

0.5 

0.9 

1.4 

1.9 

2.4 

2.8 

3.3 

3.8 

4.2 

4.708 

- 9.4 

-22 

0.5 

1.0 

1.5 

2.1 

2.6 

3.1 

3.6 

4.1 

4.6 

5.155 

- 7.6 

-21 

0.6 

1.1 

1.7 

2.3 

2.8 

3.4 

3.9 

4.5 

5.1 

5.637 

- 5.8 

-20 

0.6 

1.2 

1.8 

2.5 

3.1 

3.7 

4.3 

4.9 

5.5 

6.130 

- 4.0 

-19 

0.7 

1.3 

2.0 

2.7 

3.4 

4.0 

4.7 

5.4 

6.1 

6.724 

- 2.2 

-18 

0.7 

1.5 

2.2 

2.9 

3,7 

4.4 

5.1 

5.8 

6.6 

7.300 

- .4 

-17 

0.8 

1.6 

2.4 

3.2 

4.0 

4.8 

5.6 

6.4 

7.2 

7.999 

+ 1.4 

-16 

0.9 

1.7 

2.6 

3.5 

4.3 

5.2 

6.1 

6.9 

7.8 

8.678 

-f 3.2 

-15 

0.0 

1.9 

2.8 

3.8 

4.7 

5.7 

6.6 

7.6 

8.5 

9.461 

•f 5.0 

-14 

1.0 

2.1 

3.1 

4.1 

5.1 

6.2 

7.2 

S .2 

9.3 

10.287 

+ 6.8 

-13 

1.1 

2.2 

3.3 

4.5 

5.6 

6.7 

7.8 

8.9 

10.0 

11.157 

+ 8.6 

-12 

1.2 

2.4 

3.6 

4.8 

6.1 

7.3 

8.5 

9.7 

10.9 

12.124 

+10.4 

-11 

1.3 

2.6 

4.0 

5.3 

6.6 

7.9 

9.2 

10.5 

11.0 

13.185 

+ 12.2 

-10 

1.4 

2.9 

4.3 

5.7 

7.1 

8.6 

10.0 

11.4 

12.9 

14.284 

+14.0 

- 9 

1.5 

3.1 

4.6 

6.2 

7.7 

9.3 

10.8 

12.4 

13.9 

15.472 

+15.8 

- 8 

1.7 

3.4 

5.0 

6.7 

8.4 

10.1 

11.7 

13.4 

15.1 

16.754 

+ 17.6 

- 7 

1.8 

3.6 

5.4 

7.2 

9.1 

10.9 

12.7 

14.5 

16.3 

18.117 

+19.4 

- 6 

2.0 

3.9 

5.9 

7.8 

9.8 

11.7 

13.7 

15.7 

17.6 

19.568 

+21.2 

- 5 

2.1 

4.2 

6.3 

8.5 

10.6 

12.7 

14.8 

16.9 

19.0 

21.156 

+23.0 

- 4 

I 2.3 

4.6 

6.9 

9.1 

11.4 

13.7 

16.0 

18.3 

20.6 

22.871 

+24.8 

- 3 

2.5 

4.9 

7.4 

9.9 

12.3 

14.8 

17.3 

19.7 

22.2 

24.670 

+26.6 

- 2 

i 2.7 

5.3 

8.0 

10.6 

13.3 

16.0 

18.6 

21.3 

23.9 

26.589 

+28.4 

- 1 

1 2.9 

5.7 

8.6 

11.5 

14.3 

17.2 

20.1 

22.9 

25.8 

28.685 

+30.2 

± 0 

3.1 

6.2 

0.3 

12.4 

15.5 

18.5 

21.6 

24.7 

27.8 

30.911 

+32.0 

1 

1 3.3 

6.6 

9.0 

13.2 

16.5 

10.8 

23.0 

26.3 

29.6 

32.919 

+33.8 

2 

3.5 

7,0 

10.5 

14.1 

17.6 

21.1 

24.6 

28.1 

31.6 

35.139 

+35.6 

3 

3.8 

7.5 

11.3 

15.0 

las 

22.5 

26.3 

30.0 

33.8 

37.509 

+37.4 

4 

4.0 

8.0 

12.0 

16.0 

20.0 

24.0 

28.0 

32.0 

35.9 

39.939 

+39.2 

5 

4.3 

8.5 

12.8 

17.0 

21.3 

25.5 

29.8 

34.0 

38.3 

42.533 

+4 h 0 

6 

4.5 

9.1 

13.6 

18.1 

22.6 

27.2 

31.7 

36.2 

40.8 

45.280 

+42.8 

7 

4.8 

9.6 

14.5 

10.3 

24.1 

28.9 

33.7 

38.5 

43.3 

48.175 

+44.6 

8 

5.1 

10.2 

15.4 

20.5 

25.6 

30.7 

35.9 

41.0 

46.1 

51.215 

+46.4 

9 

5.4 

10.0 

16.3 

21.8 

27.2 

32.6 

38.1 

43.5 

49.0 

54.394 

+4a2 

10 

5.8 

11.6 

17.3 

23.1 

28.9 

34.7 

40.5 

46.2 

52.0 

57.793 

+60.0 

11 

6.1 

12.3 

1&4 

24.5 

30.6 

36.8 

42.0 

49.0 

55.1 

61.270 

+61.8 

12 

6.5 

13.0 

19.5 

26.0 

32.5 

39.1 

45.6 

52.1 

58.6 

65.094 

+53.6 

13 

6.9 

13.8 

20.7 

27.6 

34.5 

41.4 

48.3 

55.2 

62.1 

69.010 

+55.4 

14 

7.3 

14.6 

22.0 

29.3 

36.6 

43,9 

51.2 

58.5 

65.9 

73.169 

+57.2 

15 

7.8 

15.5 

23.3 

31.0 

38.8 

46.5 

54.3 

62.0 

69.8 

77.505 

+59.0 

16 

8.2 

16.4 

24.6 

32.8 

41.0 

49.2 

57.4 

65.6 

73.9 

82.060 

+60.8 

17 

8.7 

17.4 

26.0 

34.7 

43.4 

52.1 

60.8 

60.5 

78.1 

86.813 

+62.6 

18 

0.2 

18.4 

27.6 

36.7 

45.0 

55.1 

64.3 

73.5 

82.7 

91.866 

+64.4 

19 

9.7 

19.4 

29.1 

38.9 

48.6 

58.3 

68.0 

77.7 

87.4 

97.127 

+66.2 

20 

10.3 

20.5 

30.8 

41.1 

51.4 

61.6 

71.9 

82.2 

92.4 

102.71 

+68.0 

21 

10.8 

21.7 

32.5 

43.4 

54.2 

65.1 

75.9 

86.8 

97.6 

108.46 

+69.8 

22 

11.5 

22.9 

34.4 

45.8 

57.3 

68.7 

80.2 

91.6 

103.1 

114.56 

+71.6 

23 

12.1 

24.2 

36.3 

48.3 

60.4 

72.5 

84.6 

96.7 

108.8 

120.87 

+73.4 

24 

12.8 

25.5 

38.3 

51.0 

63.8 

76.5 

89.3 

102.0 

114.8 

127.53 

+75.2 

25 

13.4 

26.9 

40.3 

53.8 

67.2 

80.7 

94.1 

107.6 

121.0 

134.44 

1 +77.0 

26 

14.2 

28.3 

42.5 

56.7 

70,9 

85.0 

99.2 

113.4 

127.6 

141.74 

' +78.8 

27 

14.9 

29.9 

44.8 

50.8 

74.7 

89.6 

104.6 

119.5 

134.5 

149.39 

+80.6 

28 

15.7 

31.5 

47.2 

62.9 

78.7 

94.4 

110.1 

125.9 

141.6 

157.34 

+82.4 

29 

16.6 

33.1 

49.7 

66.2 

82.8 

99.4 

115.9 

132.5 

140.1 

165.62 

+84.2 

30 

17.4 

34.9 

52.3 

69.7 

87.1 

104.6 

122.0 

139.4 

156.8 

174.27 

+86.0 

31 

18.3 

36.7 

55.0 

73.3 

91.7 

110.0 

128.3 

146.7 

165.0 

183.32 

+87.8 

32 

19.3 

38.5 

57.8 

77.1 

96.4 

115.6 

134.9 

154.2 

173.5 

192.74 

+89.6 

33 

2 C .3 

40.5 

60.8 

81.0 

101.3 

131.5 

141.8 

162.0 

182.3 

202.56 

+91.4 

34 

i 21.3 

42.6 

63.9 

85.1 

106.4 

127.7 

149.0 

170.3 

191.6 

212.86 

+93.2 

35 

22.4 

44.7 

67.1 

89.4 

111.8 

134.1 

156.5 

178.8 

201.2 

223.50 

+96 J 

36 

23.5 

46.0 

7a4 

93.9 

117.3 

140.8 

164.2 

187.7 

211.2 

234.63 

+96.8 

37 

24.6 

49.2 

73.9 

98.5 

123.1 

147.7 

172.3 

197.0 

221.6 

246.20 

+98.6 

38 

25.8 

51.6 

77.5 

103.3 

129.1 

154.9 

180.8 

206.6 

232.4 

258.23 

4100.4 

39 

27.1 

54.2 

81.2 

108.3 

135.4 

163.5 

189.6 

216.6 

243.7 

270 JO 

+108 J 

40 

28.4 

56.8 

85.2 

113.6 

142.0 

170.4 

198.8 

227.2 

255.5 

283.94 

+104.0 
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quantity is not M but dilfeiences in If at various 
heights. 

Wei Term. Since 

e= (RH)e' 
where RH = relative humidity, 

s' = saturation vapor pressure, 
and since e' is a function of temperature only, it is 
possible to prepare a table giving as a function of 
RH and i. This is Table 5. 

A table for defined by equation (7), is also in- 
cluded, so that if e is known, ilf^ can be obtained by 
simply taking the product fe as indicated by equation 
(5) . Table 6 gives the v^ilues of /. 

Table 6. / for t from -30 C (-22 F) to 40 C (104 F). 


tc f 

t F 

<C 

/ 

IF 

IC / 

IF 

-30 6.390 

-22.0 

- 6 

5.289 

+21.2 

+18 4.449 

+64.4 

-29 6.338 

-20.2 

- 5 

5.250 

+23.0 

+ 19 4.419 

+66.2 

-28 6.286 

-18.4 

- 4 

5.210 

+24.8 

+20 4.389 

+68.0 

-27 6.233 

-16.6 

- 3 

5.172 

+26.6 

+21 4.359 

+69.8 

-26 6.183 

-14.8 

- 2 

5.133 

+28.4 

+22 4.330 

+71.6 

-25 6.134 

-13.0 

- 1 

5.095 

+30.2 

+23 4.300 

+73.4 

-24 6.084 

-11.2 

+: 0 

5.059 

+32.0 

+24 4.271 

+75.2 

-23 6.036 

- 9.4 

+ 1 

5.021 

+33.8 

+25 4.241 

+77.0 

-22 5.988 

- 7.6 

+ 2 

4.984 

+35.6 

+26 4.213 

+78.8 

-21 5 940 

- 5.8 

+ 3 

4.948 

+37.4 

+27 4.186 

+80.6 

-20 5.894 

- 4.0 

+ 4 

4.913 

+39.2 

+28 4.158 

+82.4 

-19 5.847 

- 2.2 

+ 5 

4.878 

+41.0 

+29 4.130 

+84.2 

-18 5.801 

- .4 

+ 6 

4.843 

+42.8 

+30 4.102 

+86.0 

-17 5.755 

■f 1.4 

+ 7 

4.808 

+44.6 

+31 4.0/6 

+87.8 

-16 5.710 

+ 3.2 

+ 8 

4.773 

+46.4 

+32 4.049 

+89.6 

-15 5.666 

+ 5.0 

+ 9 

4.738 

+48.2 

+33 4.022 

+91.4 

-14 5.622 

+ 6,8 

+ 10 

4.706 

+50.0 

+34 3.997 

+93.2 

-13 5.579 

+ 8.6 

+ 11 

4.666 

+51.8 

+35 3.970 

+95.0 

- 12 5.537 

•flO.4 

+12 

4.640 

+53.6 

+36 3.944 

+96.8 

-11 5.494 

+ 12.2 

+13 

4.607 

+55.4 

+37 3.918 

+98.6 

-10 5.452 

+ 14.0 

+14 

4.576 

+57.2 

+38 3.893 +100.4 

- 9 5.410 

+ 15.8 

+15 

4.543 

+59.0 

+39 3.868 +102.2 

- 8 5.370 

+ 17.6 

+16 

4.511 

+60.8 

+40 3.844 +104.0 

- 7 5.329 

+ 19.4 

+17 

4.480 

+62.6 




Error. The discussion of this first group of tables 
is concluded with some observations on their order 
of accuracy. Theoretically any errors which arise are 
due to the expansions used in calculating M^. At a 
height as great as 10,000 m, Af might be, say, 70^. 
This would give G£kT = 13.3 for f = 0. If the next 
term had been included the correction would have been 
only a fraction of this amount. Since at these heights 
Jlf'-'1,800, we are safe in saying that the relative error 
is less than 0.5 per cent, probably much less than this 
amount. At altitudes of 1,000 m or less the approxima- 
tion introduces errors too small to be reflected in the 
fourth significant figure. 

Aside from this theoretical error, there are errors 
in the table due to rounding oft in the numerical work. 
An effort was made to keep this error less than 0.1 
ilf units. 

Curvature Term. Table 7 gives the values of the 
linear term h/a X W, which must be added to obtain 
the index of refraction modified for use on a ^^plane 
earth^’ diagram. 


Table 7. M « for h from 10 m (32.8 ft) to 2,000 m (6,562 ft). 


him) M, 

*(ft) 

5(m) 


ft(ft) 

him) 


hih) 

10 

1.6 

32.8 

280 

44.0 

918.6 1 

625 

98.1 

2,051.0 

20 

3.1 

65.6 


45.5 

951.4 

650 

102.1 

2,133.0 

30 

4.7 

98.4 

300 

47.1 

984.3 

675 

106.0 

2,215.0 

40 

6.3 

131.2 

310 

48.7 

1,017.0 ! 

700 

109.9 

2,207.0 

50 

7.9 

164.0 

320 

50.2 

i,oeo.o 

725 

113.8 

21379.0 

60 

9.4 

196.9 

330 

51.8 

1,083.0 1 

750 

117.8 

2,461.0 

70 

11.0 

229.7 

340 

53.4 

1,115.0 

775 

121.7 

2,543.0 

80 

12.6 

262.5 

350 

55.0 

1,148.0 ! 

800 

125.6 

.2,625.0 

90 

14.1 

295.3 

360 

56.5 

1,181.0 

825 

129.5 

2,707.0 

100 

15.7 

328.1 

370 

58.1 

1,214.0 

850 

133.5 

2,789.0 

no 

17.3 

360.9 : 

380 

59.7 

1,247.0 

875 

137.4 

2,871.0 

120 

18.8 

393.7 

390 

61.2 

1,280.0 

900 

141.3 

2,953.0 

130 

20.4 

426.5 

400 

62.8 

1,312.0 

925 

145.2 

3,035.0 

140 

22.0 

459.3 

410 

64.4 

1,345.0 

950 

149.2 

3,117.0 

150 

23.6 

492.1 

420 

65.9 

1,378.0 

975 

153.1 

3,199.0 

160 

25.1 

524.9 

430 

67.5 

1,411.0 

1,000 

157.0 

3,280.0 

170 

26.7 

557.7 

440 

69.1 

1,444.0 

1,100 

172.7 

3,609.0 

180 

28.3 

590.6 

450 

70.7 

1,476.0 

1,200 

188.4 

3,937.0 

190 

29.8 

623.4 

460 

72.2 

1,509.0 

1,300 

204.1 

4,265.0 

200 

31.4 

656.2 

470 

73.8 

1,542.0 

1,400 

219.8 

4,593.0 

210 

33.0 

689.0 

480 

75.4 

1,575.0 

1,500 

235.5 

4,921.0 

220 

34.5 

721.8 

490 

76.9 

1,608.0 

1,600 

251.2 

5,249.0 

230 

36.1 

754.6 

500 

78.5 

1,640.0 

1,700 

266.9 

5,577.0 

240 

37.7 

787.4 

525 

82.4 

1,722.0 

1,800 

282.6 

5,906.0 

250 

39.3 

820.2 

550 

86.4 

1,804.0 

1 1,900 

298.3 

6,234.0 

260 

40.8 

853.0 

575 

90.3 

1,886.0 

2,000 

314.0 

6,562.0 

270 

42.4 

885.8 

600 

94.2 

1,969.0 





Tables 8 to 11 — Mixing Ratio and 
Temperatuhb Given 

In terms of atmospheric pressure and water vapor 
pressure, the mixing ratio w is given by 

„ = ( 18 ) 

p — s 

Since w involves the pressure p, the scheme used in 
the first group of tables must be modified. Using 
equation (13), equation (2) assumes the form 


where 


M (r w) + ch, 

Po 


F {T, w) 


w 


A 

^T'^w + m 


\Ti t) 


(14) 


(16) 


Table 8 gives F for the range of usable values of 
temperature and mixing ratio. Since F is sensitive 
to variations in both T and w, the tabulation is made 
for all integral values of both T and w to avoid labori- 
ous interpolation. 

Following the procedure used in the discussion of 
dry term on page 208 ,the pressure p is calculated 
from equation (8). These results are given in Table 
0. Jn view of the insensitivity of p to T, the average 
temperature, it is unnecessary to tabulate p for all 
values of T; it is sufficient to tabulate p at 5-degree 
intervals of T. 

The term Ch has been calculated in connection with 
the first group of tables and is given in Table 7. 

Tables 10 and 11 fob Use at Low Altitudes 

An objectionable feature of the method given in 
^the preceding section is that it involves taking the 
product, pF, which makes an application of the tables 
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tather slow. The following method circumvents this 
difficulty for heights Jess than 500 m. From equations 
(1), (8), and (15) 

(n- 1)10*- (16) 


For altihuleg of lesa tiion 600 m it is safe to sup* 
pose that , , . 

T 273 V 273/ 

where t is the average centigrade temperature, and 


Tabub 8A . Fit, w) for t from -30 C (-22 F ) to 40 C (104 F ): w from 0 to 12 . 



298.1 

306.7 

316.3 











297.0 

305.5 

314.0 

322.6 










295.9 

304.4 

312.8 

321.2 










294.8 

303.2 

311.6 

319.9 










293.7 

302.0 

310.4 

318.7 










292.6 

300.9 

309.1 

317.4 










291.6 

299.7 

307.9 

316.1 

3212 









290/4 

298.6 

306.7 

3118 

322.9 









289.4 

297.6 

305.6 

313.6 

321.7 









288.3 

296.4 

304.4 

312.4 

320.4 

328.3 








287.3 

296.3 

303.3 

311.2 

319.1 

327.0 








286.2 

2911 

302.0 

309.9 

317.8 

326.6 








286.2 

293.1 

300.9 

308.8 

316.6 

3214 

332.0 







284.2 

292.0 

299.8 

307.6 

316.4 

323.1 

330.7 







283.2 

291.0 

298.7 

306.4 

3111 

321.7 

329.4 







282.1 

289.8 

297.6 

306.2 

312.8 

320.3 

327.9 

335.5 






281.1 

288.8 

296.4 

304.0 

311.6 

319.1 

326.6 

334.1 






280.1 

287.7 

296.3 

302.8 

310.3 

317.8 

326.3 

332.8 

340.2 





279.2 

286.8 

294.3 

301.8 

309.2 

316.7 

324.1 

331.6 

338.8 





278.2 

286.7 

293.2 

300.6 

307.9 

316.3 

322.7 

330.1 

337.3 

344.6 




277,2 

284.7 

292.1 

299.4 

306.8 

3111 

821.5 

328.8 

336.0 

343.3 

350.5 



276.2 

283.6 

291.0 

298.2 

305.6 

312.9 

320.2 

327.4 

334.0 

341.8 

349.0 



276.3 

282.7 

290.0 

297.2 

304.6 

311.7 

319.0 

326.2 

333.3 

340.6 

347.6 

354.7 


274.3 

281.6 

288.9 

296.0 

302.3 

310.6 

317.7 

324.9 

331.9 

339.0 

346.1 

353.1 

360.2 

273.4 

280.7 

287.9 

295.0 

302.2 

309.3 

316.4 

323.6 

330.6 

337.6 

344.7 

361.7 

358.6 

272.4 

279.6 

286.8 

293.8 

301.0 

308.1 

315.1 

322.2 

329.2 

336.1 

343.2 

350.2 

367.0 

271.6 

278.7 

286.7 

292.8 

299.9 

307.0 

313.9 

320.9 

327.9 

334.8 

341.8 

348.7 

366.6 

270.6 

277.6 

284.6 

291.7 

298.7 

306.6 

312.6 

319.6 

326.6 

333.4 

340.3 

347.1 

354.0 

269.6 

276.7 

283.6 

290.6 

297.6 

304.6 

311.6 

318.4 

326.2 

332.1 

839.0 

346.7 

362.6 

268.7 

276.7 

282.6 

289.6 

296.6 

303.4 

310.3 

317.2 

323.9 

330.8 

337.6 

344.3 

361.1 

267.8 

274.8 

281.6 

288.6 

296.6 

302.2 

309.1 

315.9 

322.7 

329.5 

336.2 

342.0 

349.7 

266.9 

273.8 

280.6 

287.6 

294.4 

301.1 

d(yr.9 

3117 

321.4 

328.2 

334.8 

341.6 

348.1 

266.0 

272.9 

279.6 

286.6 

293.3 

300.0 

306.8 

313.4 

320.2 

326.9 

333.6 

340.1 

346.7 

266.1 

271.9 

278.6 

285.4 

292.2 

298.9 

306.6 

312.2 

318.9 

326.4 

332.1 

338.7 

346.2 

264.2 

271.0 

277.7 

284.4 

291.0 

297.7 

304.4 

311.0 

317.6 

824.2 

830.8 

837.3 

843.8 

263.3 

270.0 

276.7 

283.4 

290.0 

296.6 

303.3 

309.8 

316.4 

322.9 

829.6 

836.9 

342.4 

262.6 

269.2 

276.8 

282.4 

289.0 

296.6 

302.2 

308.7 

315.3 

3217 

328.2 

334.6 

341.1 

261.6 

268.3 

2718 

281.4 

287.9 

294.6 

300.9 

307.6 

3110 

320.4 

326.9 

333.3 

8 § 9.7 

260.7 

267.3 

273.8 

280.4 

286.8 

293.4 

299.8 

306.3 

312.7 

819.1 

325.6 

381.9 

838.2 

269.9 

266.6 

272.9 

279.6 

285.9 

292.4 

298.7 

306.2 

311.6 

318.0 

3213 

88016 

336.9 

269.0 

266.6 

271.9 

278.4 

284.8 

291.3 

297.6 

3010 

diaa 

816.7 

323.0 

329.3 

886.6 

268.2 

2617 

271.1 

277.6 

283.8 

260.3 

296.6 

302.9 

309.2 

816.6 

821.7 

328.0 

8312 

267.3 

263.8 

270.1 

276.6 

282.8 

289.2 

296.4 

301.7 

308.0 

314.2 

320.4 

826.7 

332.8 

266JS 

262.9 

269.2 

276.6 

281.8 

288.1 

294.4 

300.7 

306.8 

313.0 

31941 

326.3 

331*6 

256.7 

262.1 

268.8 

274.6 

280.9 

287.2 

293.3 

299.6 

306.7 

811.8 

818.0 

8211 

830*3 

2618 

261.1 

267.8 

273.6 

279.8 

286.0 

292.2 

298.8 

8016 

310.6 

816.7 

322J 

8288 

254.0 

260.8 

266.6 

272.6 

278.8 

286.0 

291.1 

297.2 

303.4 

809.4 

3164 ^ 

321.5 

327.6 

268.2 

269.4 

266.6 

271.7 

277.9 

2810 

290.1 

296.2 

302.3 

30841 

8118 

za&z 

39M 

262.4 

268.6 

2617 

270.8 

276.9 

283.0 

289.1 

296.1 

301.2 

307.1 

818.1 

819.1 

826.1 


W y 

12 X' 


^ 22.0 

- 20.2 

- 18.4 

- 16.6 

- 14.8 

- 13.0 

- 11.2 

- 9.4 

- 7.6 

- 6.8 

- 4.0 

- 2.2 
- 0.4 
-f 1.4 
+ 3.2 
+ 6.0 
4 - 6.8 
4 " 8.6 
+ 10.4 
+ 12.2 
+ 14.0 
+ 15.8 
+ 17.6 
+ 19.4 
+ 21.2 
+ 23.0 
+ 24.8 
+ 26.6 
+ 28.4 
+ 30.2 
+ 32.0 
+ 33.8 
+ 36.6 
+ 37.4 
+ 39.2 
+ 41.0 
+ 42.8 
+ 44.6 
+ 46.4 
+ 48.2 
+ 50.0 
+ 51.8 
+ 53.6 
+ 65.4 
+ 67.2 
+ 59.0 
+ 60.8 
+ 62.6 
+ 64.4 
+66.2 
468.0 
469.8 
+ 71.6 
+ 73.4 
+ 76.2 
+ 77.0 
+ 78.8 
+ 80.6 
+ 82.4 
+ 84.2 
+ 86.0 
+ 87.8 
+ 89.6 
+ 91.4 
+ 93.2 
+ 96.0 
+ 96.8 
+ 98.6 

+ 100.4 

+1012 

+ 104s0 
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that 



^ ^ ^ oai/Ctri)* ^ -oa/sra 


Hence 

-L ^ , -^A/f7a 

^ (273)* 

(17) 


(n - 1)10* - ^ ^ . 

(18) 

where 



u- F(l- 

(19) 


and 


Au 


aFt 

(my 


( 20 ) 


Equation (19) is evaluated in Table 10. 

Equation (20) is a small correction which must be 
taken into account when i, the average temperature, 
differs appreciably from zero. Since this term con- 
tributes only 1 per cent to the refractive index in the 
extreme case of A = 600 m,7 = 40, it is sufficient to 


Table 8B. f*(/, w) for t from 15 C (59 Fj to 40 C (104 F); to from 12 to 24. 


w w / 


ec\ 

12 

13 

14 

15 

16 

17 

18 

19 

20 

21 

22 

23 

24 

/ F 

15 

360.2 













59.0 

16 

358.6 













60.8 

17 

357.0 

364.0 












62.6 

18 

355.6 

362.5 

369.2 











64.4 

19 

354.0 

360.9 

367.6 











66.2 

20 

352.6 

359.3 

366.1 

372.8 










68.0 

21 

351.1 

357.8 

364.5 

371.1 

377.9 









69.8 

22 

349.7 

356.3 

363.0 

369.6 

376.2 

382.8 








71.6 

23 

348.1 

354.8 

361.6 

368.0 

374.6 

381.1 

387.7 







73.4 

24 

346.7 

353.3 

359.8 

366.4 

372.9 

379.5 

385.9 

8294 






75.2 

25 

345.2 

351.8 

358.3 

364.8 

371.3 

377.7 

384.2 

390.6 

397.0 

403.4 




77.0 

26 

343.8 

350.3 

356.8 

363.2 

369.7 

376.1 

382.5 

388.9 

295.3 

401.6 

407.9 



78.8 

27 

342.4 

348.8 

355.3 

361.7 

368.1 

374.5 

380.9 

387.2 

393.5 

399.8 

406.0 

412.3 

418.ff 

80.6 

28 

341.1 

347.5 

353.9 

360.2 

366.7 

372.9 

379.2 

385.6 

391.8 

398.1 

404.3 

410.5 

416.7 

82.4 

29 

339.7 

346.0 

352.3 

358.7 

365.0 

371.3 

377.6 

383.9 

390.0 

396.2 

402.5 

408.6 

414.7 

84.2 

30 

338.2 

344.6 

350.8 

357.2 

363.4 

369.6 

375.9 

382.1 

388.3 

394.5 

400.6 

406.8 

412.8 

86.0 

31 

336.9 

343.2 

349.5 

355.8 

362.0 

368.1 

374.4 

380.5 

386.7 

392.8 

398.9 

405.0 

411.1 

87.8 

32 

335.5 

341.8 

348.0 

354.1 

360.4 

366.5 

372.7 

378.8 

384.9 

391.1 

397.1 

403.1 

409.2 

89.6 

33 

334.2 

340.4 

346.6 

352.7 

359.0 

365.0 

371.1 

377.3 

383.3 

389.3 

395.4 

401.4 

407.3 

91.4 

34 

332.8 

339.0 

345.2 

351.3 

357.4 

363.5 

369.5 

375.6 

381.6 

387.6 

393.7 

399.6 

405.5 

93.2 

35 

331.6 

337.6 

343.8 

349.8 

355.9 

362.0 

368.0 

374.0 

380.0 

386.0 

391.9 

397.9 

403.8 

95.0 

36 

330.3 

336.3 

342.4 

348.5 

354.4 

360.4 

366.5 

372.4 

378.3 

384.3 

390.2 

396.1 

402.0 

96.8 

37 

328.8 

334.9 

340.9 

346.9 

352.9 

358.8 

364.8 

370.8 

376.6 

382.5 

388.5 

394.3 

400.1 

98.6 

38 

327.6 

333.6 

339.6 

345.5 

351.5 

357.4 

363.3 

369.3 

375.1 

380.9 

386.8 

392.6 

398.4 

100.4 

39 

326.3 

332.3 

338.2 

344.1 

350.1 

355.9 

361.8 

367.9 

873.5 

379.3 

385.1 

390.9 

396.7 

102.2 

K) 

325.1 

330.9 

336.9 

342.8 

348.6 

354.5 

360.3 

366.5 

371.9 

377.8 

383.5 

389.2 

394.9 

104.0 


Table 8C. F(f, w) for I from 27 C (80.6 F) to 40 C (104 F); w from 24 to 36. 


tc\ 

24 

25 

26 

27 

28 

29 

30 

31 

32 

33 

34 

35 

36 

/ (F 

27 

418.5 













80.6 

28 

416.7 

422.9 












82.4 

29 

414.7 

421.0 

427.1 











84.2 

30 

412.8 

418.9 

425.2 

431.1 

437.1 









86.0 

31 

411.1 

417.1 

423.2 

429.2 

435.2 

441.2 

447.2 







87.8 

82 

409.2 

415.2 

421.2 

427.2 

433.2 

439.2 

445.0 

451.0 

456.8 

462.6 




89.6 

33 

407.3 

413.4 

419.3 

425.3 

431.1 

437.2 

443.0 

448.8 

454.6 

460.5 

466.4 

472.1 


91.4 

34 

405.5 

411.5 

417.4 

423.3 

429.2 

435.1 

440.9 

446.7 

452.5 

458.4 

464.1 

469.9 

475.6 

93.2 

35 

403.8 

409.6 

415.6 

421.4 

427.2 

433.1 

439.9 

444.7 

450.4 

456.2 

461.9 

467.7 

473.4 

95.0 

36 

402.0 

407.9 

413.7 

419.5 

425.4 

431.1 

436.9 

442.6 

448.3 

454.1 

459.8 

465.5 

471.1 

96.8 

37 

400.1 

405.9 

411.8 

417.6 

423.3 

429.0 

434.8 

440.5 

446.2 

451.9 

457.5 

463.1 

468.9 

98.6 

38 

398.4 

404.1 

410.0 

415.7 

421.4 

427.1 

432.9 

438.5 

444.2 

449.8 

455.4 

461.0 

466.7 

100.4 

39 

396.7 

402.4 

408.1 

413.9 

419.6 

425.3* 

430.9 

436.5 

442.1 

447.8 

453.4 

458.9 

464.5 

102.2 

40 

394.9 

400.7 

406.4 

412.1 

417.7 

423.4 

429.0 

434.6 

440.2 

445.7 

451.3 

456.8 

462.4 

104.0 


Table 8D. Fit. w) for t from 34 C (03.2 F) to 40 C (104 F); w from 36 to 45. 
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replace the exponential by its value at the middle of pressure may be written 
the height range. This approximation does not lead 

to an error of more than 0.1 M units at these low -2 as — ^ (211 

altitudes. ^ 

pREssuKE VERSUS HEIGHT where g = acceleration of gravity, 

The differential equation connecting height with R = gas constant for air. 



Tabub 9. p/po for A from 50 m (164 ft) to 2,000 m (6,562 ft) and i* from -30 C ( -22 F) to 40 C (104 F). 

\ fC / 

A (m)\ -30 - 25 - 20 -15 -10 - 5 ±0 +5 -)-10 4-15 +20 +25 4-30 +35 H-40 / h (ft) 

50 0.9930 0.9931 0.9933 0.9934 0.9935 0.9936 0.9938 0.9939 0.9940 0.9941 0.9942 0.9943 0.9944 0.9945 0.9946 164.0 

100 0.9860 0.9863 0.9866 0.9869 0.9871 0.9874 0.9876 0.9878 0.9880 0.9882 0.9884 0.9886 0.9888 0.9890 0.9892 328.1 

150 0.9791 0.9795 0.9799 0.9802 0.9807 0.9810 0.9814 0.9817 0.9821 0.9823 0.9827 0.9829 0.9832 0.9835 0.9837 492.1 

0.9723 0.9727 0.9734 0,9738 0.9744 0.9748 0.9753 0.9757 0.9761 0.9766 0.9770 0.9774 0.9777 0.9780 0.9784 
0.9655 0.9662 0.9668 0.9674 0.9681 0.9686 0.9692 0.9698 0.9703 0.9707 0.9713 0.9717 0.9722 0.9727 0.9730 
0.9587 0.9595 0.9603 0.9610 0.9618 0.9625 0.9632 0.9637 0.9644 0.9650 0.9656 0.9662 0.9667 0.9672 0.9678 
0.9519 0.9529 0.9538 0.9547 0.9556 0.9564 0.9572 0.9579 0.9586 0.9593 0.9600 0.%07 0.9613 0.9619 0.9625 
0.9453 0.9464 0.9474 0.9484 0.9494 0.9503 0.9512 0.9519 0.9529 0.9637 0.954^ 0.0651 a9559 0.9666 0.9672 
0.9387 0.9399 0.9410 0.9421 0.9432 0.9442 0.9452 0.9462 0.9471 0.9480 0.9489 0.9497 (K9505 0.9513 0.9520 
0.9321 0.9334 0.9347 0.9359 0.9371 0.9383 0.9394 0.9404 0.9414 0.9424 0.9434 0.9443 0.9452 0.9460 0.9469 
0.9191 0.9206 0.9222 0.9236 0.9250 0.9263 0.9277 0.9289 0.930i 0.9313 0.9324 0.9335 0.9346 0.9355 0.9366 
0.9063 0.9081 0.9098 0.91 15 0.9131 0.9146 0.9161 0.9176 0.9190 0.9203 0.9216 0.9229 0.9241 0.9253 0.9264 
0.8936 0.8957 0.8976 0.8995 0.9013 0.9030 0.9047 0.0063 0.9079 0.9095 0.9109 0.9124 0.9138 0.9151 0.9164 
0.8812 0.8834 0.8856 Q.8876 0.8897 0.8916 0.8935 0.8953 0.8971 0.8987 0.9004 0.9019 0.9035 0.9050 0.9064 

1 .000 0.8688 0.8712 0.8737 0.8760 0.8782 0.8803 0.8824 0.8843 0.8863 0.8881 0.8899 0.8917 0.8934 0.8950 0.8966 3,281.0 

1,500 0.8099 0.8133 0.8166 0.8198 0.8230 0.8260 0.8289 0.8317 0.8344 0.8370 0.8395 0.8420 0.8444 0.8467 0.8490 4,921.0 

2.000 0.7549 0.7592 0.7633 0.7674 0.7712 0.7749 0.7786 0.7821 0.7855 0.7888 0.7920 0.7951 0.7981 0.801 1 0.8039 6,662.0 

-22.0 -13.0 -4.0 +5.0 +14.0 +23.0 +32.0 +41.0 +50.0 +59.0 +68.0 +77.0 +86.0 +95.0 +104.0 V 

*1 ■■ tempfrmture averaged fjom the ground to the height h. f F \ 



Table lOA. u for A from 10 m (32.8 ft) to 150 m (492.1 ft); F from 250 to 370. Values to be subtracted from F to 
obtain Fp * (n - 1) 10«. 
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Since g is not strictly constant (it varies slightly with 
height and locality) and since R, to a slight extent, is 
dependent on the percentage of water vapor in the 
air and, finally, since T may be an arbitrary function 
of height, this differential equation cannot be inte- 
grated exactly. However, a careful consideration of the 
order of magnitude of changes in the pressure brought 
about by the slight changes of g and R leads to the 


conclusion that such variations may be neglected, 
particularly as these changes have practically no effect 
on the slopes of M curves. Picking the best overall 
values of g gnd = 9.80665 and R = 287.05 in 
the units used in this report) gives a = g/R = 
0.034163 as the value to be used in equation (8). 

The variation of temperature with height cannot, 
however, be neglected in the integration of equation 


Taulb IOC. u for h from 150 iii (402.1 ft) to 500 tn (1,040 ft); F from 250 to 340. Values to bo subtraotcd from F to 
obtain Fp • (n — 1) 10*. 


h (m)\ 

250 

260 

270 

280 

290 

300 

310 

320 

330 

340 

/ h (ft) 

150 

4.7 

4.8 

5.0 

5.2 

5.4 

5.6 

5.8 

6.0 

6.1 

6.3 

492.1 

175 

5.4 

5.6 

5.9 

6.1 

6.3 

6.5 

6.7 

6.9 

7.2 

7.4 

574.1 

200 

6.2 

6.4 

6.7 

6.9 

7.2 

7.4 

7.7 

7.9 

8.2 

8.4 

656.2 

225 

7.0 

7.2 

7.5 

7.8 

8.1 

8.3 

8.6 

8.9 

9.2 

9.5 

738.2 

250 

7.7 

8.0 

8.3 

8.6 

8.9 

9.2 

9.5 

9.9 

10.2 

10.5 

820.2 

275 

8.5 

8.8 

9.1 

9.5 

9.8 

lOtl 

10.5 

10.8 

11.1 

11.5 

902.2 

300 

9.2 

9.6 

9.9 

10.3 

10.7 

11.0 

11.4 

11.8 

12.1 

12.5 

984.3 

325 

10.0 

10.3 

10.7 

11.1 

11.5 

11.9 

12.3 

12.7 

13.1 

13.5 

1,066.0 

350 

10.7 

11.1 

11.6 

12.0 

12.4 

12.8 

13.3 

13.7 

14.1 

14.6 

1,148.0 

375 

11.5 

11.9 

12.4 

12.8 

13.3 

13.7 

14.2 

14.7 

15.1 

15.6 

1,230.0 

400 

12.2 

12.6 

13.2 

13.7 

14.2 

14.6 

15.1 

15.6 

16.1 

16.6 

1,312.0 

425 

13.0 

13.5 

14.0 

14.5 

15.0 

15.5 

16.1 

16.6 

17.1 

17.6 

1,394.0 

450 

13.7 

14.2 

14.8 

15.3 

15.9 

16.4 

17.0 

17.5 

18.1 

18.6 

1,476.0 

475 

14.4 

15.0 

15.6 

16.2 

16.7 

17.3 

17.9 

18.5 

19.0 

19.6 

1,558.0 

500 

15.2 

15.8 

16.4 

17.0 

17.6 

18.2 

18.8 

19.4 

20.0 

20.6 

1,640.0 


Table lOD. u for h from 150 m (492.1 ft) to 500 m (1,040 ft); F from 340 to 420. Values to be subtracted from F to 
obtain Fp - (n - 1) 10*. 


\ F 
k(m)\ 

340 

350 

360 

370 

380 

390 

400 

410 

420 

Xh (ft) 

150 

6.3 

6.5 

6.7 

6.9 

7.1 

7.3 

7.4 

7.6 

7.8 

492.1 

175 

7.4 

7.6 

7.8 

8.0 

8.2 

8.5 

8.7 

8.9 

9.1 

574.1 

200 

8.4 

8.6 

8.9 

9.1 

9.4 

9.6 

9.9 

10.1 

10.4 

656.2 

225 

9.5 

9.7 

10.0 

10.3 

l(f6 

10.8 

11.1 

11.4 

11.7 

738.2 

250 

10.5 

10.8 

11.1 

11.4 

11.7 

a2.o 

12.3 

12.6 

12.9 

820.2 

275 

11.5 

11.8 

12.2 

12.5 

12.8 

13.2 

13.5 

13.9 

14.2 

902.2 

300 

12.5 

12.9 

13.2 

13.6 

14.0 

14.4 

14.7 

15.1 

15.5 

984.3 

325 

13.5 

ip 

14.3 

14.7 

15.1 

15.5 

15.9 

16.3 

16.7 

1,066.0 

350 

14.6 

15.0 

15.4 

15.8 

16.3 

16.7 

17.1 

17.5 

18.0 

1,148.0 

375 

15.6 

16.0 

16.5 

16.9 

17.4 

17.9 

18.3 

18.8 

• 19.2 

1,230.0 

400 

16.6 

17.1 

17.6 

18.1 

18.5 

19.0 

19.5 

20.0 

20.5 

1,312.0 

425 

17.6 

18.1 

18.6 

19.2 

19.7 

20.2 

20.7 

21.2 

21.8 

1,394.0 

450 

18.6 

19.2 

19.7 

20.3 

20.8 

21.4 

21.9 

22.5 

23.0 

1,476.0 

475 

19.6 

20.2 

20.8 

21.3 

21.9 

22.5 

23.1 

23.7 

24.2 

1,558.0 

500 

20.6 

21.2 

21.8 

22.4 

23.0 

23.6 

24.2 

24.8 

25.5 

1,640.0 


Table 10£. u for h from 150 m (492.1 ft) to 500 m (1,640 ft); F from 420 to 500. Values to be subtracted from F to 
obtain Fp •> (n - 1) 1(F. 


fc(m)\ 

420 

430 

440 

450 

460 

470 

480 

490 

500 

/ A (ft) 

150 

7.8 

8.0 

8.2 

8.4^ 

8.6 

8.7 

8.9 

9.1 

9.3 

492.1 

175 

9.1 

9.3 

9.5 

9.8 

10.0 

10.2 

10.4 

10.6 

10.9 

574.1 

200 

10.4 

10.6 

10.9 

11.1 

11.4 

11.6 

11.9 

12.1 

12.4 

656.2 

225 

11.7 

12.0 

12.2 

12.5 

12.8 

13.1 

13.3 

13.6 

13.9 

738.2 

250 

12.9 

13.2 

13.6 

13.0 

14.2 

14.5 

14.8 

15.1 

15.4 

820.2 

275 

14.2 

14.5 

14.9 

15.2 

15.5 

15.9 

16.2 

16.6 

16.9 

902.2 

aoo 

15.5 

15.8 

16.2 

16.6 

16.9 

17.3 

17.7 

18.0 

18.4 

984.3 

325 

16.7 

17.1 

17.5 

17.9 

18.3 

18.7 

19.1 

19.5 

19.9 

1,066.0 

850 

18.0 

18.4 

18.8 

19.3 

19.7 

20.1 

20.5 

21.0 

21.4 

1,148.0 

875 

10.2 

19.7 

20.2 

20.6 

21.1 

21.5 

22.0 

22.4 

22.9 

1,230.0 

400 

20.5 

21.0 

21.5 

22.0 

22.4 

22.9 

23.4 

23.9 

24.4 

1,312.0 

425 

21.8 

22.3 

22.8 

23.3 

23.8 

24.8 

24.9 

25.4 

25.9 

1,394.0 

450 

23.0 

23.6 

24.1 

24.7 

25.2 

25.8 

26.3 

26.9 

27.4 

1,476.0 

475 

24.2 

24.8 

25.4 

26.0 

26.5 

27.1 

27.7 

28.3 

28.9 

1,558.0 

500 

25.5 

26.1 

26.7 

27.8 

27.9* 

28.5 

29.1 

29.7 

30.3 

1,640.0 
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(21). The integrated form of equation (21) ia equa- 
tion (8), where the approximation 


Jo T " 7 


( 22 ) 


has been made. T is the average temperature defined 
by equation (9) or, more roughly, by equation (10). 

An estimate of the order of accuracy of this approxi- 
mation may be obtained from an examination of the 
case in which T varies linearly with A. Let the refer- 
ence level temperature be T© at A = 0 and the tem- 
perature at the height A^ be 


Then 


Ai 2Ai 
r “ To + r, 

and, for this linear case 


( 23 ) 


/ *! dh hi 


log 


Ti 

% 


_ 2ft. [ Ti-Tt i/ r.-r. y 

Ti-TolTi+Tt3\Ti+To) 


•J 


\ 1 
i \ 

Table 11 A. an for i * 9^ 0. Values to be multiplied by A x 10“* and 



250 

260 270 280 

290 

300 

310 320 

330 

340 350 360 

370 

±10 

0.1 

0.1 0.1 0.1 

0.1 

0.1 

0.1 0.1 

0.1 

0.2 0.2 0.2 

0.2 

±20 

0.2 

0.2 0.2 0.3 

0.3 

0.3 

0 3 0.3 

0.3 

0.3 Or.3 0.3 

0.3 

±dO 

0.3 

0.4 0.4 0.4 

0.4 

0.4 

0.4 0.4 

0.4 

0.5 0.5 0.5 

0.5 

±40 

0.5 

0.5 0.5 0.5 

0.5 

0.5 

0.6 0.6 

0.6 

0.6 0.6 0.7 

0.7 

*?' tomperaiure in degreei oentigrade avaraged from the ground to the height h 
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Table IIB. Au for (* 9^ 0. Values to be multiplied by A x 10”* and i 

added to ( ^ 

'iiibiractpH from) }?“> 0) 


370 

380 390 400 410 

420 

4.30 

440 450 

460 

470 480 490 

500 

±10 

0.2 

0.2 0.2 0.2 0.2 

0.2 

0.2 

0.2 0.2 

0.2 

0 2 0.2 0.2 

0.2 

±20 

0.3 

0.3 0.4 0.4 0.4 

0.4 

0.4 

0.4 0.4 

0.4 

0.4 0.4 0.4 

0.5 

±dO 

0.5 

0.5 0.5 0.5 0.6 

0.6 

0.6 

0.6 0.6 

0.6 

0.6 0.7 0.7 

07 

±40 

0.7 

0.7 0.7 0.7 0.7 

0.8 

0.8 

0.8 0.8 

0.8 

0.0 0.9 0.9 

0.9 

•f ■■ 

temperature in degreee oentigrade averaged from the ground to the height h 
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1 \ 250 

260 270 

280 

290 

300 

310 

320 330 

340 

±10 

0.1 

0.1 0.1 

0.1 

0.1 

0.1 

0.1 

0.1 0.1 

0.1 

db20 

0.2 

0.2 0.2 

0.2 

0.3 

0.3 

0.3 

0.3 0.3 

0.3 

dE:80 

0.3 

0.3 0.4 

0.4 

0.4 

0.4 

0.4 

0.4 0.4 

0.5 

db40 

0.4 

0.5 0.5 

0.5 

0.5 

0.5 

0.5 

0.6 0.6 

0.6 

H "■ temperature in degreee oentigrade averaged from the ground to the hf'i'^ht h 
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340 350 360 


370 

380 

390 

400 410 

420 

d:10 


0.1 0.2 0.2 


0.2 

0.2 

0.2 

0.2 0.2 

0.2 

dr20 


0.3 0.3 0.3 


0.3 

0.3 

0.3 

0.4 0.4 

0.4 

:k30 


0.5 0.5 0.5 


0.5 

0.5 

0.5 

0.5 0.5 

0.6 

d;40 


0.6 0.6 0.6 


0.7 

0.7 

0.7 

0.7 0.7 

0.7 

temperature ia degreee oentigrade averaged from the ground to the height h. 
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420 430 440 


450 

460 

470 

480 4«0 

500 

±10 


0.2 0.2 0.2 


0.2 

0.2 

0.2 

0.2 0.2 

0.2 



0.4 0.4 0.4 


0.4 

0.4 

0.4 

0.4 0.4 

0*4 



0.6 0.6 0.6 


0.6 

0.6 

0.6 

0.6 0.7 

0.7 



0.7 0.8 0.8 


0.8 

0.8 

0.8 

0.8 0.9 

0.9 


temporatura tn dogm ewtlgiftda avoiafid Iroin tho ipwd to tko Mfhl k. 
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by a well-known eicpaneion for the natural logarithm. 
The first term in the series (24) gives exactly equation 
(23). Hence, the approximation (22) amounts to 
dropping the higher-order terms in equation (24). 
The ratio of the second term to the first is only 
Vs [(^1 — ro)/(ri+ ^o)]* OT about two parts in 
10,000 for the :^st 2,000 m of the standard atmos- 
phere. This comes out to give an error of about 0.006 
mb in the pressure at this height. This is certainly 
negligible. 

For a nonlinear atmosphere the question of the 
error in equation (22) is chiefiy a question of the 
accuracy in determining T, since any such atmosphere 
can be broken up into a number of layers in each of 
which T is linear in h. 


Constants of the Index of Refbagtion 
Fobkula 

The formula for the ordinary index of refraction, 
n, which has been used in calculating these tables, is 

where il « 79, D « 11, R » 3.8 X 10?. (26) 

The formula given in reference 11, in the units 
adopted here, is the same as (25) but with 

A - 78.7, D - 11.2, B - 3.77 X 10‘. (27) 

The formula used by Bell Telephone Laboratories 
(Monograph B-870, 1936) is also (25) but with 

A - 79:1, D - 10.9, B - 3.81 X 10». (28) 

The third significant figure in all these constant; 
is questionable. Moreover, the absolute value of n 
(or M) is not important but only the slopes of M 
curves. For this purpose it is suf^ient if the right 
form of equation and approximately correct values of 
the constants are chosen. Hence, in these tables, equa- 
tions (25) and (26) were adopted 


DIURNAL VARIATION OF THE 
GRADIENT OF MODIFIED M INDEX* 


The vertical gradient of modified refractive index 
depends on the vapor pressure and temperature 
gradients according to the formula^ 


dz 


79 /4800-0.14r\ (fe 79 

T\ T Jdz r** 

/9600c , 1 i 79 dp\ 


BMyamA Waxier, Ostap Bvias Signsl Labotmtoiy. 

^ftrtnbola have same maaniag as in ptaoeding aeotioa, 
exacpt that k is lefdiaed fay s. 


Coefficients of vapor pressure and temperature gradi- 
ents are about 4.5 and 1.5 respectively. The third term 
gives a positive increase of 4 M units per 100 ft lu 
this paper”'** the diurnal variation of the vertical M 
gradient will be inferred from the diurnal variation 
of temperature and humidity gradients. 

Temperature Lapse Rates over Land 

On clear nights with light winds temperature in- 
versions form in the lower atmosphere. The follow- 
ing characteristics of these inversions are to be noted. 

1. The inversion begins as a shallow layer near the 
ground before sunset, rises sharply after sunset and 
then more gradually to a maximum height at about 
sunrise. 

2. The temperature difference between two fixed 
levels in the first 100 ft of the ground is maximum 
shortly before sunset and oscillates about a slightly 
lower value the remainder of the night. (See Figure 
10 .) 

Observations at Leafield, England, and Potsdam, 
Germany, corroborate this. This phenomenon is prob- 
ably due to the more favorable humidity gradient in 
the early evening and to the heat of condensation re- 
leased by dew formation in the later night hours. 

Superadiabatic lapse rates characterise the lower 
atmosphere during clear days. The lapse rates in- 
crease sharply from sunrise to 3 or 4 hours after, 
gradually reach a maximum at about noon, and de- 
crease sharply after the time of the maximum tem- 
perature. 

Temperature Lapae Rates over the Sea 

The air over the sea has a greater diurnal range 
than the sea itself. Over the Sunda Sea this range 
has been observed to increase from 0.5 C at the sur- 
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Figubb 10. Mean temperature variation on clear June 
days at Leafield, England. 


face to 1.5 C at 500 m. The night lapse rates over the 
ocean are therefore more unstable than the day lapse 
rates. Observations of the Meteor expedition in equa- 
torial regions revealed a mean inversion of 0.2 C in 
the first 9 m during the early afternoon, whereas in 
the early morning a mean lapse of 0.6 C was observed. 

Vertical Vapor Pressure Gradients 

At locations where a continuous supply of moisture 




220 RADIO WAVE PRWAGAHON EXPERIMENTS 


on the ground is available, vapor pressure gradients 
follow evaporation processes and ate maximum at the 
time of the maximum temperature at about sunrise. 
This diurnal course characterizes conditions over the 
sea, cloudy days over the land, and winter or rainy 
seasons over the continent. 

On clear days over the continent the vertical vapor 
pressure gradient is minimum at about sunrise, 
reaches a maximum in midmorning, and lowers to a 
secondary minimum at the time of the maximum tem- 
perature (in desert regions this is the principal maxi- 
mum shortly after sunset). Evaporation and mixing 
with drier air aloft govern this course. At night the 
soil absorbs moisture from the air causing a decrease 
in vapor pressure gradient. 

The Seasonal and diurnal variation of vapor pres- 
sure gradient is illustrated in Figure 11. Maximum 
vapor pressure gradients are noted during April, the 
hottest time of year, and minimum in January. The 
oceanic type is represented by the curve for July in 
the rainy season. 

Vertical 'M Gradient 

Over the sea both temperature and humidity gradi- 
ents aid in causing a maximum of trapping during the 
day and a minimum during the night. The effect, 
however, is probably small. 

Over the continent, a minimum of trapping will 
exist in midafternoon. Thereafter both temperature 
and humidity factors will cause a rise in the vertical 
M gradient to a maximum shortly after sunset. From 
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Fiourb U. Hourly vapor prsMure dhfenmee, 6 to 46 ft 
at Caleutta. 


that time to sunrise a decrease in the M gradient will 
occur. However, the height of the inversion continues 
to .grow until sunrise, tending to cause an increase in 
the height of the duct. Whether a maximum or mini- 
mum of trapping will occur at sunrise will depend 
on whether the increase in the height of the inversion 
balances the decrease in vertical humidity gradient. 
It is probable that the humidity factor is the more 
important since the small magnitude of the tempera- 
ture increase in the upper portions of the inversion 
will seldom be sufficient to cause a decrease in M with 
height. After sunrise rising humidity gradients, par- 
tially balanced by falling temperature gradients, will 
cause a small maximum of M gradient at midmoming. 
Thereafter the M gradient will decrease to the after- 
noon minimum. 

The maximum and minimum decrease of M from 
6 ft to 46 ft, based on mean temperature and humidity 
data at Calcutta, India, are given in Table 12. 

In July the morning minimum and afternoon maxi- 
mum with small amplitude illustrate the oceanic type. 
The other months illustrate the continental type. Ac- 
cording to the table a maximum of trapping in India 
should occur in April just prior to the rainy season. 


Tabli 12. Decrease of M from 6 to 46 ft (CaJeutta). 


Month 

A.M. 

Min Max 

Min 

P.M. 

Max 

Jan 

1 

4 

1 

6 

April 

7 

9 

6 

16 

July 

2 

. , 

. . 

6 

Oct 

1 

7 

3 

11 


DETERMINING FLUCTUATIONS IN RE- 
FRACTIVE INDEX NEAR LAND OR SEA' 

In connection with the rapid fluctuation or scintil- 
lation frequently observed in microwave reception, 
questions arise concerning turbulent atmospheric 
fluctuation at flxed points along the transmission 
path, particularly fluctuations in refractive index. 
Rapid measurement of both temperature and humidity 
so as to give a direct determination of fluctuation in 
refractive index is difficult. The purpose of this paper 
is to suggest that in certain cases the measurement 
of temperature fluctuation alone can give a good in- 
direct estimate of fluctuation in the modified index. 

The basic principle underlying this suggestion is 
that, if two initial kinds of air are mixed in different 
proportions, for all possible mixtures a flxed relation 
exists between any two properties conservative for 
adiabatic changes. 

To illustrate this, consider a diagram with poten- 
tial temperature and specific humidity as coordinates. 
Two initial kinds of air would be represented by two 

R. B. Mobigotnery, Radiation Labomtory, MIT. 
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points on this diagram, and all mixtures of the two 
kinds would be represented by points on the straight 
line drawn between the two initial points. 

The practical case occurs when one point represents 
a large homogeneous mass of air, and the other a 
fixed boundary condition at the ground or water sur- 
face. The straight line then represents the mixtures 
that can occur in the vicinity of the boundary. For 
these the line shows specific humidity as a function 
of potential temperature. The relation between poten- 
tial temperature and potential refractive index could 
be shown by a similar diagram. 

Figure 12 shows some corroboration of this method 
and also how the method can be applied. This charac- 
teristic diagram has the same orientation as the 
Bossby diagram which is in routine meteorological 
use but with somewhat different coordinates. 

The ordinate is temperature and the abscissa is 
vapor pressure. A pair of curves gives the vapor pres- 
sure over fresh water and over sea water. The family 
of curves gives refractive index at radio frequencies 
and at a total pressure of 1,000 mb, or ^ = 0. 

On the diagram are plotted a few of a long series 
of determinations made by reading a sling psychrom- 
eter at half-minute intervals. These were recently 
obtained by the Woods Hole Oceanographic Institu- 
tion at the masthead of a ship crossing the Gulf 
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Stream at a time when the air was much colder than 
the water. The water temperature was 70 F, fixing 
the boundary condition. The points lie fairly well 
on the straight line through the boundary value. They 
cover a range of 6 X 10^ in refractive index. Prob- 
ably a greater range would be indicated by a psy- 
chrometer having a more rapid response. 

It is seen that, whenever the fluctuation in refrac- 
tive index at a point in the atmosphere is due to 
turbulent mixing between a large homogeneous mass 
of air and air controlled by a fixed boundary condi- 
tion, the fluctuation may be obtained as follows: 
Measure the average temperature and humidity at this 
point and at the boundary, thus determining the rela- 
tion between refractive index and temperature. Meas- 
ure the fluctuation of temperature, from which the 
fluctuation of refractive index may be found from the 
established relation. 

It may be noted that the water temperature less 
the average air temperature gives a value for the 
temperatuie deficit. In the same way one may arrive 
at a humidity deficit and an M deficit (one million 
times the deficit of refractive index). Each of these 
quantities is represented on the diagram by the 
change from one end to tlie other of the line. It follows 
that the suggested method may be stated in terms of 
the relation that the ratio of temperature fluctuation 
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Ftotma 12. Observations on Fsbniaiy 24, 1946 at masthead of ship in Gulf Stream, wind 14 knots. Characteristic 
diagram. Vapor pressure over water is shown by lower bounding curve, over salt water by upper bounding curve. 
The family of curves gives modified index for 1,000 mb andraero height; or (n— 1)10* for miorowaves at 1,000 mb, aero 
heil^t, where n Is refiramtive index at k •• 0. 
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to temperature deficit is equal to the ratio of humidity 
fluctuation to humidity deficit and very nearly equal 
to the ratio of U fiuctuation to M deficit. 


GRAVITATIONAL WAVES AND 
TEMPERATURE INVERSIONS ^ 

It has been noted that the guided propagation of 
microwaves is often accompanied by deep fades with 
periods of the order of a few minutes. The sugges- 
tion has been made that these fluctuations may be 
associated with atmospheric wave motion which could 
make the top of the duct an undulating surface rather 
than a level one.^®**^ Therefore, it seems desirable to 
discuss, from a meteorological point of view, the pos- 
sibility of the existence of such atmospheric waves 
and the physical characteristics of any which might 
exist The purpose of this paper is to review and sum- 
marize the meteorological information which is avail- 
able concerning the subject 

A theoretical coni^ideration of the problem indicates 
that atmospheric wave motion can occur at any sur- 
face in the atmosphere where there is a rapid change 
in wind velocity with height and a stable stratification 
of temperature. Such conditions are best fulfilled at 
temperature inversions, which, it will be noted, usu- 
ally correspond to a rapid decrease with height of the 
index of refraction. The wind shear supplies the 
energy to set up the wave motion, in the same way in 
which waves are formed at the surface of the ocean. 
Gravitation acts as a stabilizing or restoring force. 
Hence, these waves are of a mixed shearing and 
gravitational type. The waves may be stable or un- 
stable, depending on their wavelength, on the density 
and wind speed differences between the two media, 
and on the lapse rates in the two media. For any given 
values of the density and wind velocity differences 
and of the lapse rates, there is a critical wavelength 
below which wave motion is unstable ; that is, it dis- 
appears into turbulent eddies because of the shearing 
effect. All wavelengths above this critical value will 
remain stable because of the gravitational effect. 
Hence one may speak of the former as ^^shearing 
waves^^ and of the latter as ‘^gravitational waves.” It 
is the stable or gravitational type with which we are 
concerned. 

These considerations hold for wavelengths up to 
about 500 km. For longer wavelengths the effect of 
the earth’s rotation must be considered. In this paper 
only the shorter wavelengths where this effect may 
be neglected will be discussed. 

A mathematical analysis of wave motion and deter- 
mination of the critical wavelengths involves a solu- 
tion of the equations of motion and continuity and an 
application of certain boundary conditions. In order 

% Lt R. A Craig;, AAF, Weather DivliioD. 


to derive the critical wavelengths given below, the 
following assumptions have been made. 

1. The inversion or shearing layer may be re- 
garded as a strict discontinuity between the air above 
and the air below. This assumption is sufficiently ac- 
curate provided the thickness of the layer is small 
compared to the wavelengths which occur. 

2. The velocities associated with the wave motion 
are small compared with the undisturbed velocities 
of the air masses above and below the inversion. 

3. The height of the inversion above the lower 
boundary (ground) is equal to or greater than 40 
per cent of the wavelength which occurs. 

4. There is no friction between the two fiuids. 

Two cases may be considered. The first is the case 

where the air masses are assumed to be incompressible 
and homogeneous. It also holds for two air masses 
with adiabatic lapse rates. In this case the critical 
wavelength is given by*** 

, _ 2ir 

r'+r 

In the second case the air masses are compressible 
and isothermal. For this case the critical wavelength 
is given by** 

A eiit ““ . * 

9 4 

r+r 

r)*+2^ {I'+T) 

V kR 4 

In these two formulas, 

T = temperature in the upper air, 

T = temperature in the lower air, 

17' = velocity in the upper air, 

U = velocity in the lower air, 
g = acceleration of gravity, 

Jc = Cp/Cp = 1.405, 

R ^ gas constant for air 

= 2.87 X 10* cmVsec* degree. 

In Table 13 the critical wavelengths in meters are 
tabulated for various values of wind shear and tem- 
perature difference. Values for the adiabatic case are 
tabulated above values for the isothermal case. For 
an intermediate lapse rate some intermediate value 
holds. 

Thus, for any given inversion, stable wave motion 
may exist so long as the wavelength is equal to or 
greater than the listed values and less than about 
500 km. There is no theoretical reason to believe that 
any particular wavelength in this wide range is more 
apt to occur in nature than any other. 

There is, however, some ol^rvational evidence to 
indicate that the wavelengths which occur in the at- 
mosphere are near the lowest possible values whidi 
can occur, namely, the critical values tabulated above. 
Billow clouds have been obamed to occur near in- 
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Tabu 18 , Ciitioal wavdengtha in meten for T •• 280 *A. 


AT (C) 

0 

2 

At/ (meters per second) 

4 6 8 10 12. 

14 

0 


«o 

00 

00 

00 

00 

00 

00 


0 

330 

677 

1016 

1354 

1093 

2081 

2370 

2 

0 

180 

718 

1616 

2872 

4488 

6463 

8706 


0 

150 

403 

860 

1225 

1584 

1038 

2287 

4 

0 

00 

350 

808 

1436 

2244 

3231 

4308 


0 

87 

317 

632 

085 

1351 

1720 

2087 

6 

0 

60 

230 

530 

058 

1406 

2155 

2083 


0 

50 

226 

470 

782 

1121 

1478 

1843 

8 

0 

45 

180 

404 

718 

1122 

1616 

2100 


0 

44 

174 

375 

634 

035 

1264 

1612 

10 

0 

36 

144 

323 

574 

808 

1203 

1750 


0 

36 

140 

308 

520 

703 

1000 

1413 

12 

0 

30 

120 

260 

470 

748 

1077 

1465 


0 

30 

118 

260 

451 

684 

052 

1247 

14 

0 

26 

103 

231 

410 

641 

023 

1256 


0 

26 

101 

225 

303 

600 

841 

1110 


Upper value: inoompreeeible. homogeneoue flukta. Lower value: oom- 
prNuible, ieothernial fluide. 


versions, and there are some ten cases on record where 
wavelengths of the billows as well as values for the 
temperature and wind velocity differences have been 
observed. In these cases the maximum difference be- 
tween observed wavelength and critical wavelength was 
48 per cent. In only three cases was the difference 
greater than 16 per cent.^®** 

Other weather phenomena have been observed whici 
indicate stable wave motion in the atmosphere. In 
1936, quite regular fluctuations were measured in 
ceiling height at San Diego on two occasions. The 
amplitude of the fluctuations averaged 25 to 30 m in 
the two cases, with periods of about 15 to 20 min over 
time intervals of 4 or 6 hours.*® In 1934 at the Blue 
Hill Observatory in Massachusetts, there occurred 
wave-like fluctuations in the pressure record, which 
were analyzed by Haurwitz.** In these cases upper-air 
data were not sufficiently accurate to compute wave- 
lengths quantitatively by means of the critical wave- 
length formula, but it appeared from approximate 
values of wind shear and density difference that the 
critical wavelengths might well be occurring. 

If it is desired, then, to predict what wavelengths 
will occur with a given inversion, the critical values 
would seem in the light of these observations to give 
a good estimate of the order of magnitude. 

Assuming that these wavelengths are the ones which 
occur, one can discuss the velocities and periods of 
the wave motion. For these critical wavelengths, the 
velocity of the wave motion is the mean of the veloci- 
ties of the air masses above and below the inversion. 
Hence the period can be estimated by dividing the 
wavelength given in the table by this value. As an 
example, for a mean velocity of 5 m per second, the 
periods vary from about 6 sec to about 8 min, de- 
pending on the wind shear and density difference. 

The vertical velocity at the inversion cannot be 
determined, since an arbitrary constant is involved. 
However, it can be said that this vertical velocity will 


be reduced to one-tenth its inversion value at a height 
d equal to 37 per cent of the wavelength above the in- 
version. This holds strictly only for the incompres- 
sible, homogeneous case but is approximately correct 
for the other case as well. 

It is known, then, from theoretical considerations 
and some observational material, that wave motion is 
apt to occur at a layer in the atmosphere where there 
is a temperature inversion accompanied by wind shear. 
When such inversions are believed to be of impor- 
tance in affecting the propagation of radio waves, it 
should be remembered that there may well be wave 
motion occurring and that the interface is not neces- 
sarily a level surface. It remains to be determined 
whether this fact will help to explain the observed 
very high frequency fading. An estimate of wave- 
length, period, and velocity of the atmospheric wave 
motion, as given by Table 13, may be of assistance 
in testing this possibility. 

ANALYSIS OF DUCTS IN THE TRADE 
WIND REGIONS'' 

This report is an analysis of the frequency and 
magnitude of low-level and elevated ducts as indi- 
cated by meteorological observations over the trade 
wind areas of the Atlantic and Pacific Oceans. Mete- 
orological soundings of the Meteor expedition,** taken 
during 1926 to 1927 over the Atlantic Ocean were 
utilized in analyzing elevated ducts. Climatological 
data of the Atlantic and Pacific Oceans were employed 
in study of low-level ducts. A qualitative analysis of 
95 soundings of the Meteor expedition had previously 
been made in reference 23. 

Elevated Ducts 

Tkadb Wind and Doldkums Areas 

A semipermanent high-pressure system is located 
over the oceans at about 30 degrees of latitude. The 
northeast trade winds blow from 30°N to about 6®N. 
Between the equator and 30^8 the southeast trade 
winds prevail. The doldrums, a region of light winds 
and heavy rainfall, appears between the two wind 
systems. 

Ducts in the Trade Wind Region 

In the trade winds a warm, dry subsiding air mass 
exists over a cool, moist ground layer. The transition 
zone between the two air masses is characterized by 
a temperature inversion (increase with height) and 
a sharp decrease of the water vapor content of the 
air. It is this transition layer which coincides with 
the duct, which in this paper is defined as a layer in 
which the curvature of the path of high-frequen<gr 
electromagnetic waves exceeds the curvature of the 
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earth. Within these ducts these waves may be trapped, 
and abnormally long ranges may occur. 

As the trade winds blow toward the equator over 
warmer ocean areas the heating from below causes 
the duct to rise and to become weaker until finally 
near the equator the duct disappears and the two 
air masses become thoroughly mixed. 

Hezoht of the Duct Base 

The base of the inversion (or duct) increases in 
elevation equatorward. According to the Meteor 
soundings, taken during March and April, the aver- 
age elevation of the base of the inversions rose from 
700 m at latitudes 16®N to 20® N, to 1,020 m at 10®N 
to 16°N, and to more than 2,000 m at latitudes 6°N 
to 10®N. Between the equator and 5®N, no ducts 
existed to an elevation of 2,500 m. 

The elevation of the base of the inversion also in- 
creases westward into the Atlantic from the African 
Coast. At latitudes 15®N to 20®N, its elevation in- 
creases from less than 300 m ofl the African Coast 
to 1,500 m in mid-Atlantic. 


MCTCNS 



Fiqubs 13. Height of the temperature inversion base 
over the Atlantic. (After von Ficker.) 


Figure 13** depicts the height of the temperature 
inversion base in the Atlantic, based largely on the 
data from the Meteor expedition. South of the equa- 
tor, soundings were made during the winter season 
(June to August), while north of the equator the 
soundings were made chiefly in the spring (March 
to May). The height of the base of the inversion has 
a seasonal variation, being greater in winter than in 
summer. 

Figure 14 represents typical M curves computed 
from the soundings 6f the Meteor expedition. Curves 
A (sounding 182 of the Meteor expedition taken just 
off the African Coast) show a ground-based duct of 
elevation 140 m on the ascent curve and 90 m on the 
descent curve. Oceanward, the duct becomes ground- 
based, S-shaped, as is shown by curves B (sounding 
183) 



Figurb 14. M curvGb, Meteor expedition, March 1927. 


The descent curve* shows a decrease of 59 M units 
in 20 m, corresponding to a ray curvature about 20 
times greater than that of the earth’s surface. West- 
ward into the Atlantic the inversion base rises to about 
1,000 m. (Curve C, sounding 184.) 

Frequency of Duct Occurrence 
Within the trades proper a duct is practically cer- 
tain to exist. In Table 14 the percentage of duct 
occurrence, by latitude according to Meteor sound- 
ings, is tabulated. The extreme curve (ascent or de- 
scent) was utilized in determining the existence of a 
duct. 


Table 14. Frequency of duct ocourrenoe by latitude 
over the Atlantic Ocean based on the Meteor soundingB. 


Latitude, degrees 

Frequency (% of all cases) No. of cases 

20-16N 

100 

19 

15>10N 

71 

19 

10-5N 

40 

17 

5-ON 

0 

18 

0-5S 

0 

17 

5-128 

56 

16 

12-188 

53 

15 

18-248 

73 

26 

24-358 

10 

20 

35-608 

10 

21 

50-638 

0 

20 


It is evident from Table 14 that in the vicinity of 
the doldrums (5®N to 5®S) tlie existence of ducts is 
rare. A maximum frequency occurs between latitudes 
15® and 25®. Note that all soundings made between 
latitudes 15® to 20®N indicated the presence of a 
duct 

Thickness of Ducts 

The average thickness of the duct in the trade 
wind inversion, according to Meteor data, is about 
130 m. According to the theory of the dissipation 
of the ducts near the equator due to heating from 
below/ the thickness should decrease toward the equa- 


*The ascent and descent corves diaagiree largely because of 
the lag of the humidity dement in the sounding rig. The curve 
showing sharper inveidon ia therefore probably the more 
accurate. 
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tor. No evidence of such a decrease was found from the 
Meteor soundings^ probably because of the large height 
interval between observations. For this reason too^ the 
figure for average thir^mess of 130 m is probably 
too large. 

Intensitt or Ducts 

The decrease of the modified index of refraction 
within the duct averaged 28 M units between latitudes 
10^ to 20^N, and only 14 M units between latitudes 
5^ and lO^N, indicating a decrease in the intensity 
of the duct equatorward. The intensity of the duct 
also decreases oceanward from the coast of Africa. 

Surface Ducts 

The thickness of surface ducts depends on the 
wind speed and the magnitude of the vapor pressure 
difference between the ocean surface and the air at 
some representative level (say the ship’s bridge) 
It is probable that the wind factor is the more im- 
portant. Near the west coasts of continents the low- 
ering of the trade wind inversion becomes the most 
important factor. Duct intensities over the ocean in 
the Northern Hemisphere, based on climatic charts 
of the ocean, have been computed by Montgomery and 
Burgoyne.*® 

Wind Spsed 

According to observations taken in the Pacific 
north of New Guinea and northeast of Saipan, ducts 
were less than 10 ft in depth at wind speeds of one 
knot and were 40 to 60 ft at wind speeds of 10 to 20 
knots.®® According to climatic charts of the ocean 
(6), the average wind speed in the trade winds is 
maximum in summer at 15^ to 20^N and in winter 
at 10° to 16°N. In the Southern Hemisphere maxi- 
mums are at 10° to 15°S in summer (December 
to February) and at 5° to 10°S in winter. These 
latitudes in the respective seasons should also coincide 
with the maximum thickness of surface ducts. 

Vapor Prkssurk Dippkrbnce 

As the air flows toward the equator over continually 
warmer water surfaces moisture is being supplied to 
the air by evaporation from the water surface. Nearer 
the equator the increased rainfall decreases the water 
vapor pressure difference between the ocean surface 
and the air above. According to climatic charts®^ the 
maximum vapor pressure difference between ocean 


surface and the air above in the trade exists at about 
latitudes 20° in summer (in both hemispheres) and at 
latitudes 10° to 15° in winter. This effect should also 
contribute to the existence of a maximum duct height 
in the trade winds at about 20° latitude in summer, 
15° in spring and fall, and 10° in winter. 

Surface Ducts nfjlb the Western 
Coasts of Continents 

All soundings of the Meteor expedition within 300 
miles of the coast of Africa showed intense ground- 
based ducts or S-sliaped ground-based ducts. These 
ground-based ducts are also a common occurrence on 
the west coast of the United States. At San Diego the 
average height of the inversion base is near 1,000 ft 
during the summer.** The height of the duct base has 
a diurnal variation, being maximum in the morning 
at about 0800 local time and minimum at about 1600. 
The diurnal variations are governed by land and sea 
breeze phenomena. 

Experimental Evidence 

During 1944, aircraft traffic to and from Ascension 
Island at 8°S in the Atlantic was tracked by two 105- 
mc radars sited 2,500 and 1,700 ft above mean sea 
level. The following observed phenomena were re- 
ported verbally. 

1. Ranges were greater during the dry season than 
during the wet season. 

2. Banaes westward (270°) were greater than to 
the northeast (40°), and greater northeastward than 
to the north (10°). 

The decrease in duct intensity equatorward de- 
scribed herein is commensurate with observation (2), 
in which ranges are reported to be less toward the 
equator than along a parallel of latitude. 

Conclusions 

1. Over the trade wind areas of the oceans both 
elevated and surface ducts often exist. 

2. The elevated duct is of maximum intensity and 
frequency at 15° to 20° of latitude. It decreases in 
intensity and frequency equatorward, disappearing 
in the doldrums. 

3. The surface duct, dependent largely on wind 
speed, is of maximum depth at about latitude 20° in 
summer, 15° in spring and fall, and 10° in winter. 

4. Near the western coasts of continents the ele- 
vated duct lowers into an intense ground-based duct. 



Chapter 2 

METEOROLOGICAL EQUIPMENT FOR SHORT WAVE 


METEOROLOGICAL EQUIPMENT FOR 
PROPAGATION STUDIES* 

Outline of Problem 

E xpbbibkge gained during the recent years with 
radar, especially microwave radar, and with ex- 
perimental microwave communication equipment has 
shown that the electromagnetic radiation field pro- 
duced by a transmitter is subject to large variations 
depending on the weather. These variations are caused 
by refraction and so are related to variations of dielec- 
tric constant in the atmosphere. Pressure, temperature, 
and humidity determine the dielectric constant (re- 
fractive index). 

It has been found that above a certain height vari- 
able with season and geographical location but rarely 
exceeding 1,500 m above ground, atmospheric refrac- 
tion is reasonably constant. In the lower levels and 
especially in the lowest hundred meters of the atmos- 
sphere, temperature and moisture conditions strongly 
affect the radiation field and thereby influence the 
operation of radar and other short and* microwave 
equipment. In order to evaluate this effect in quanti- 
tative terms, the temperature and moisture distribu- 
tion in the lowest layers must be determined with as 
high a degree of accuracy as is compatible with speed, 
edse of operation, and other practical limitations. 

A number of methods have been tried during the 
recent years which range from measurements with 
ordinary radiosoiide equipment to the use of a psy- 
chrometer on the steps of a fire ladder. Two facts have 
appeared rather clearly: First, hairs are not suitable 
for moisture measurements of this type on account of 
their great sluggishness (except perhaps for station- 
ary use on towers), since the time of adaptation of a 
hair to appreciable changes in humidity is of the 
order of 3 to 5 minutes. Secondly, it has been found 
that ordinary radiosondes are not usually appropriate 
because the readings obtained from them normally are 
taken about 100 m apart in vertical distance and for 
this particular problem a more detailed knowledge of 
the temperature anAmoisture distribution is necessary. 
With a clock-driven radiosonde this can be remedi^ 
by loading the sonde down by means of a ballast 
(water or sand) which slows down the ascent of tlio 
instrument in the lower levels. If the ballast is made 
to run out gradually, the full lift of the balloon may 
be restored at any given level. This method cannot be 
applied to the U.’S. Weather Bureau radiosonde in 

*By W. M. lasasssr, Columbia Univeisi^ Wave Propafa- 
tiim Qfoup. 


which temperature and moisture data are sent out by 
a mechanism in which electric contacts are closed by 
a pressure cell at predetermined levels (see, however, 
pages 230-231). 

On the whole it has been found more advisable to 
develop new or improved instruments or to adapt spe- 
cial instruments for a low-level sounding technique 
rather than to rely on the existing facilities for aero- 
logical measurements* The methods developed so far 
involve the use of planec. and dirigibles as well as cap- 
tive balloons and kites. For the lowest strata, specially 
built towers and ship installations have come into use. 


Wet and Dry Bulb Methods 

The use of humidity data for radio propagation 
problems involves new features in instrumental tech- 
nique because the main effects of strong refraction are 
found under approximately calm weather conditions. 
Therefore, when wet and dry bulb methods for humid- 
ity measurements are used, particular care must be 
taken to insure satisfactory aeration of the wet bulb. 
As a rule, an air speed of about 3 m per second (about 
6.6 mph) is considered adequate ventilation for the 
wet bulb. In a plane, dirigible, or kite the necessary 
aeration is automatically provided. But on a tower 
or when carried by a captive balloon, artificial aeration 
will frequently be necessary. It has been claimed,*^ 
however, that if a wet bulb electrical resistor is used in 
conjunction with a captive balloon adequate aeration 
can be provided by giving the balloon cable a few 
violent jerks of about 5-ft amplitude. 

An ordinary sling psychrometer held out of the 
window of a flying plane and aerated by the slip stream 
has been found to give fairly reliable results, provided 
the wet bulb is kept properly moistened. This method 
has been used with good success for preliminary re- 
search work. It may be presumed that the use of a 
rather slow-flying plane is essential, in order to keep 
the dynamic temperature correction small and also in 
order to insure a not too excessive rate of evaporation. 

Thermocouples, thermopiles, and temperature-sen- 
sitive resistors frequently are used as temperature 
responsive elements in place of actual wet and dry 
bulb thermometers. They are incorporated in spe- 
cially designed electrical bridge circuits in which the 
temperatures are read on either indicating or record- 
ing meters. 

^DatSiOOttitsay of U.S. Navy Badb and IScraad l4d>0mto^ 
unpuhlidhed. 
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Temperature and Humidity 
Resistance Elements 

Tkmpkbature 

Temperature-sensitive resistors arc satisfactory both 
with regard to accuracy and the absence of lag« The 
British have used platinum resistance thermometers 
very successfully in stationary installations. In the 
United States electrolytic or ceramic resistance ele- 
ments are commonly used. The latter can be made to 
change their resistance several fold over a relatively 
narrow temperature interval. Their accuracy is there- 
fore limited, not so much by the accuracy of the cur- 
rent measurement as by their intrinsic stability after 
calibration, proper radiation shielding, etc. 

The electrolytic element developed for the Bureau 
of Standards radiosonde^*^ has a time-lag constant 
(time required to attain the fraction (1 — = 0.63 
of’ the total change) of 8 sec at an airspeed of 3 m per 
second, of 14 sec at an airspeed of 1 m per second, and 
of 40 sec in still air 

Recently the ceramic Sanborn element® has come 
into use; it has about the same lag characteristics as 
the electrolytic element but is practically free frpm 

•Manufactured by Paul H. Sanborn, 2602 Riverview Drive, 
Parkersburg, W. Va. 


aging. The following time-lag constants have been 
measured 8 sec at an airspeed of 3 m per second and 
12 sec at an airspeed of 1 m per second. Another 
source reports 20 sec at an airspeed of 5 m per second 
(this value seems too large in comparison with the 
others) and 42 see in still air. 

Moisture 

The Bureau of Standards resistance element as well 
as the Gregory humidiometer (a British development) 
uses a dilute solution of lithium chloride. 

In the Bureau of Standards element the lithium 
chloride film is deposited on the surface of a thin cyl- 
inder on which there is a bifilar winding of two thin 
wires. The stability and aging characteristics of tliis 
element are described in the literature.^’* An average 
actual accuracy of 6 per cent relative humidity is 
claimed for the ordinary radiosonde when used under 
routine conditions. Higher accuracy (1 per cent RH) 
is claimed, at least at temperatures above freezifig, 
when used with captive balloon equipment,*® partially 
because the current is frequently reversed to cut down 
polarization effects and partially because the calibra- 
tion can be more closely watched. Tests* show that at 
an airspeed of 2.5 m per second the time lag constant 
is 3 sec at 24 0 and 11 sec at 0 C. 
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Fiourb 1. Wired sonde drouit. 

Th* potsatiooMtsr P tpfUm « eonatiuit (0.86 v at low and 0.18 ▼ at hish RH) to both of tho independent eireuite of the aonde proper. 

The eurrente, deternined by the redbtaneee of the rriative humidity and tenmerature elemento reepeotively, are read on the RH meter and 
T meter. 8$ oommutatae thme eurreate at half-eeooad iotervab; 8i and St, actuated ■imultaneouely with Si, maintain eonatant polarity at the 
metara. The lipOQOi^ eoadenaan CCamooth the ewreata through the meteia. StStSt are eontainad la the piie>up of a aingle relay which ia actuated 
by s mihiatute wornHiaarid motor as ahowa. The KMXKhohm protaotive roeiataaoe B la ahortad out during measurement. Uonneotiona to the 
ground end of the ca b le are made through allp rings (not shown) motuited on the oabla reel. All eomponente. eaeepting the aonde, oahle, and 
6^ eteiage battery, are houeed in a slagle oaee 90a9x7 in. 
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METEOROLOGICAL EQUIPMENT FOR 
PROPAGATION STUDIES* 

Outline of Problem 

E xpsbienge gained during the recent years with 
radar, especially microwave radar, and with ex- 
perimental microwave communication equipment has 
shown that the electromagnetic radiation field pro- 
duced by a transmitter is subject to large variations 
depending on the weather. These variations are caused 
by refraction and so are related to variations of dielec- 
tric constant in the atmosphere. Pressure, temperature, 
and humidity determine the dielectric constant (re- 
fractive index). 

It has been found that above a certain height vari- 
able with season and geographical location but rarely 
exceeding 1,500 m above ground, atmospheric refrac- 
tion is reasonably constant. In the lower levels and 
especially in the lowest hundred meters of the atmos- 
sphere, temperature and moisture conditions strongly 
aifect the radiation field and thereby influence the 
operation of radar and other short and' microwave 
equipment. In order to evaluate this effect in quanti- 
tative terms, the temperature and moisture distribu- 
tion in the lowest layers must be determined with as 
high a degree of accuracy as is compatible with speed, 
edse of operation, and other practical limitations. 

A number of methods have been tried during the 
recent years which range from measurements with 
ordinary radiosoiide equipment to the use of a psy- 
chrometer on tlie steps of a fire ladder. Two facts have 
appeared rather clearly: First, hairs are not suitable 
for moisture measurements of this type on account of 
their great sluggishness (except perhaps for station- 
ary use on towers), since the time of adaptation of a 
hair to appreciable changes in humidity is of the 
order of 3 to 5 minutes. Secondly, it has been found 
that ordinary radiosondes are not usually appropriate 
because the readings obtained from them normally are 
taken about 100 m apart in vertical distance and for 
this particular problem a more detailed knowledge of 
the temperature and.moi8ture distribution is necessary. 
With a clock-driven radiosonde this can be remedied 
by loading the sonde down by means of a ballast 
(water or sand) which slows down the ascent of tlic 
instrument in the lower levels. If the ballast is made 
to run out gradually, the full lift of the balloon may 
be restored at any given level. This method cannot be 
applied to the U. S. Weather Bureau radiosonde in 

•By W. M. Faaasser, Ckdumbia Univenity Wave Pkopaga* 
tkm Groop* 


which temperature and moisture data are sent out by 
a mechanism in which electric contacts are closed by 
a pressure cell at predetermined levels (see, however, 
pages 230-231). 

On the whole it has been found more advisable to 
develop new or improved instruments or to adapt spe- 
eial instruments for a low-level sounding technique 
rather than to rely on the existing facilities for aero- 
logical measurements. The methods developed so far 
involve the use of plam& and dirigibles as well as cap- 
tive balloons and kittsl For the lowest strata, specially 
built towers and ship installations have come into use. 


Wet and Dry Bulb Methods 

The use of humidity data for radio propagation 
problems involves new features in instrumental tech- 
nique because the main effects of strung refraction are 
found under approximately calm weather conditions. 
Therefore, when wet and dry bulb methods for humid- 
ity measurements are used, particular care must be 
taken to insure satisfactory aeration of the wet bulb. 
As a rule, an air speed of about 3 m per second (about 
6.5 mph) is considered adequate ventilation for the 
wet bulb. In a plane, dirigible, or kite the necessary 
aeration is automatically provided. But on a tower 
or when carried by a captive balloon, artificial aeration 
will frequently be necessary. It has been claimed,*^ 
however, that if a wet bulb electrical resistor is used in 
conjunction with a captive balloon adequate aeration 
can be provided by giving the balloon cable a few 
violent jerks of about 5-ft amplitude. 

An ordinary sling psychrometer held out of the 
window of a flying plane and aerated by the slip stream 
has been found to give fairly reliable results, provided 
the wet bulb is kept properly moistened. This method 
has been used with good success for preliminary re- 
search work. It may be presumed that the use of a 
rather slow-flying plane is essential, in order to keep 
the dynamic temperature correction small and also in 
order to insure a not too excessive rate of evaporation. 

Thermocouples, thermopiles, and temperature-sen- 
sitive resistors frequently are used as temperature 
responsive elements in place of actual wet and dry 
bulb thermometers. They are incorporated in spe- 
cially designed electrical bridge circuits in which the 
temperatures are read on either indicating or record- 
ing meters. 

^Data, eourtesy of U.S. Navy Badio sad Sound Laboiatoiy, 
mtpoliiiidbed. 
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Tenmrature and Humidity 
Resistance Elements 

Tkkpkbature 

Temperature-sensitive resistors arc satisfactory both 
with regard to accuracy and the absence of lag. The 
British have used platinum resistance thermometers 
very successfully in stationary installations. In the 
United Btates electrolytic or ceramic resistance ele- 
ments are commonly used. The latter can be made to 
change their resistance several fold over a relatively 
narrow temperature interval. Their accuracy is there- 
fore limited, not so much by the accuracy of the cur- 
rent measurement as by their intrinsic stability after 
calibration, proper radiation shielding, etc. 

The electrolytic element developed for the Bureau 
of Standards radiosonde^*^ has a time-lag constant 
(time required to attain the fraction (1 — s”') = 0.63 
of* the total change) of 8 sec at an airspeed of 3 m per 
second, of 14 sec at an airspeed of 1 m per second, and 
of 40 sec in still air 

Recently the ceramic Sanborn element*’ has come 
into use; it has about the same lag characteristics as 
the electrolytic element but is practically free frqm 

•Manufactured by Paul H. Sanborn, 2602 Riverview Drive, 
Parkenburg, W. Va. 


aging. The following time-lag constants have been 
measured 8 sec at an airspeed of 3 m per second and 
12 sec at an airspeed of 1 m per second. Another 
source reports 20 sec at an airspeed of 5 m per second 
(this value seems too large in comparison with the 
others) and 42 sec in still air, 

Moistube 

The Bureau of Standards resistance element as well 
tB the Gregory humidiometer (a British development) 
uses a dilute solution of lithium chloride. 

In the Bureau of Standards element the lithium 
chloride him is deposited on the surface of a thin cyl- 
inder on which there is a bifilar winding of two thin 
wires. The stability and aging characteristics of this 
element are described in the literature.^*’ An average 
actual accuracy of 6 per cent relative humidity is 
claimed for the ordinary radiosonde when used under 
routine conditions. Higher accuracy (1 per cent RH) 
is claimed, at least at temperatures above freezing, 
when used with captive balloon equipment,®* partially 
because the current is frequently reversed to cut down 
polarization effects and partially because the calibra- 
tion can be more closely watched. Tests* show that at 
an airspeed of 2.5 m per second tlie time lag constant 
is 3 sec at 24 C and 11 sec at 0 C. 
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Fiquiud 1. Wired sonde oirouit. 

Th« potoBtioBMtw PsivUei • voltest (0.86 v at low sad 0.18 y at bifh BH) to both of the iodopendent dreuito of the sondo profwr. 

The etUTiMite, deterndned by the leebtaneee of the relative himddity and temperature eleineiite reepeetivcly, are read on the RH meter aad 
T meter. St oommutatee them ourretita at h e lf .ee oond iatervale; Si tad St* actuated eimtiltaMoualy witii S$, maiotain oonatant polarity at the 
metera. The 1.000*pf eoadeoaera CC amooth theeurreata throash tba aietafe. StStSt era ooataiaed ia the pile^p of a aiagle relay which ia actuated 
by a mlaiatute worai saarad oiotor aa ahowa. The l(MXX>Kdua protective teaiataaoe S ia ahortad out during meaauremeat. Conneetiona to the 
•round end of the oahle are aauie through alip ringi (not ahowa) moUated on the cable real. AU eompoaeata, exeepUng the aonde, cable, and 
6<wstoiate battery, are houeed in a sli^ oaee 80x0x7 ia. 
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RADIO WAVE PROPAGATION EXPERIMENTS 


The Gregory humidiometer^*® usee a lithium dilo- 
ride solution soaked in a clean cotton cloth. The re- 
sistance of the element changes from over 100^000 
ohms at 30 per cent HH to as little as 50 ohms at 100 
per cent IlH. It undergoes pronounced aging during 
the first 8e\eral days and then remains sensibly con- 
stant for a number of weeks. The instrument is in an 
experimental stage and is at present being tried out at 
the Rye towers in Sussex (see page 239). 

Circuit Design for Resistor Elements 

Thcrmo<H)uple8 or thermopiles are commonly used 
in a conventional bridgfe circuit. In connection with 
the electrolytic and ceramic type of resistance ele- 
ments, circuits have recently been developed that in- 
clude certain features novel in the technique of atmos- 
pheric measurements. 

In the equipment developed by Washington State 
College®* the standard radiosonde temperature ele- 
ment was originally used, tmt in a more recent type 
they have combined the Sanborn temperature element 
and the radiosonde electrolytic humidity element. The 
electric equipment (Figure 1) consists of a dry cell 
with potentiometer supplying about Vi volt, two 
double-pivot microammeters, one in series with each 
of the elements, and a 6-volt d-c motor. The relay re- 
verses the current through the elements at a rate of 
60 cycles (100 reversals) per minute while maintain- 

^Information supplied to the U. S. Propagation Mission to 

RngluiiH. 

*Instrument8 made bv Nesretti and Zamba, Ltd., London. 


ing constant polarity at the meters. The current is 
smoothed by large condensers in parallel with the 
meters. The commutation eliminates polarization of 
the electrolytic elements and greatly increases their 
accuracy and useful life. The commutation period is 
so selected that it is long enough to prevent inductive 
and capacitative interaction betw<»pn the two circuits 
but is short enough to allow of smootliing the currents 
through the meters. 

The circuit illustrated in Figure 2 has been devel- 
oped by the Propagation Group at the Radiation Labo- 
ratory, MIT.® The apparatus includes two Sanborn 
resistance elements, one of them surrounded by a mois- 
tened wick. The current flowing through the resistors 
originally was fed into an amplifier which drove a 
recording milliammetei. However, after a number of 
amplifiers had been tried, the simple scheme shown in 
Figure 2 was adopted and, at the time of the writing 
of tliis re^H>rt, is being used for all measurements made 
by the Radiation Laboratory, those from planes as 
well as those from captive balloons which will be 
described later. 

The dry and wet elements are placed in the circuit 
alternately by means of a hand-operated switch. The 
device can be calibrated by means of a set of fixed 
prei'ision resistors and the balance of the bridge is 
checked before each flight. An advantage of this 
method is the possibility of using a commercial d-c 
recorder (0 to 1 ma) immediately at the plate ter- 
minals of the amplifier tube. This is particularly 
favorable for use in airplanes and dirigibles. 



FiQUiiB 2. Scheiliatic circuit of electronic amplifier. 
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rciictnnoe in the grid eirouiti ie eo ehoeen ee to piece 10 v eerom the thermel element et the loweit tempemture of eeoh range. Thb vottege 
deeveneec ne the tempereture lieee. The eero ie eet by meene of m 100-ohm potenbometer in the eethode eirouit. Gelibrntlon of the nmpuaer it 
obteined byewitehing e eeriee of preei e ioo redetom in etepe of 1,000 ohms into tl» eirouit in pleoe of tbe thermel element. A range of rom^ 99 C 
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tubee ere bebmeed) or et full eoeb reeding. When tnbee «re lepleoed there b* nt wont* e ohnnge of 1 per cent of full eeele deOeodon Inperlng to 
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It is well known that the ordinary thermocouple ia 
not readily adapted to recording purposes. Only at sta- 
tionary installations such as towers, where multi- 
junction thermopiles can be used, is it possible to 
record the indication o^ the sensitive galvanometer 
required. 

Anemometers 

Wind measurements are of importance in connec- 
tion with off-shore winds at coasts which give rise to 
pronounced refraction of short and microwaves. The 
ordinarv commercial anemometers become quite un- 
reliable at very low wind speeds (of the order of Vi ni 
per second) and may stop completely. A special ane- 
mometer for low wind speeds® has been designed by 
the British Chemical Warfare Service and is used as 
a regular piece of field equipment by its units. In the 
United States a highly sensitive anemometer has been 
developed at the California Institute of Technology.^ 
This instrument records wind speeds from 0.5 to per- 
haps 80 mph. It has the conventional three cups rotat- 
ing on a vertical axis. Each rotation is registered on a 
counter by magnetically operated electrical contacts. 
For higher wind velocities the counter may be switched 
to record only every hundred rotations. The apparatus 
is delicate and is critical in its behavior toward certain 
adjustments. 

Semipermanent Installations 

ToWEItS 

Two major installations of towers are at present in 
existence in England. They are the Porton towers and 
the Rye towers. The Porton towers on the Salisbury 
Plain form part of the extensive meteorological equip- 
ment of the British Chemical Warfare Service and 
have been in use for a considerable number of years.* 
Continuous records of dry and wet bulb temperatures 
at heights of 4, 23, and 56 ft above the ground are 
made. The elements used are platinum resistance 
thermometers connected into bridge circuits and are 
artificially aerated. The recording mechanism is lo- 
cated near the bottom of the tower. 

A similar set has recently been installed on the Rye 
towers in Sussex which form part of a CH radar sys- 
tem. Temperature and relative humidity are recorded 
for heights of 4, 50, 155, and 360 ft above ground. The 
resistance thermometers are similar to those at Porton, 
but the moisture measurements are made with the 
Gregory humidiometer described above. 

In a large research project on microwave refraction 
carried on in the summer of 1944 by the Propagation 
Group at the Radiation Laboratory, a mast was erected 
at one terminal of the path. Wet and dry bulb tempera- 
tures are recorded continuously with the device de- 
scribed in text on p.22B at heights of 4, 16, 86, and 
65 ft above the sea surface, these heights varying some- 
what with the tide. The measuring elements are lo- 
cated in one end of a horizontal piece of tubing 8 ft 


long, and in tlie otlier end, close to the pole, an aera- 
tion fan is mounted. Wind velocity records are made 
by means of Stewart anemometers. 

Ships 

The Royal Navy has detailed three yachts for atmos- 
pheric measurements on an experimental microwave 
transmission path over the Irish Sea. They are pro- 
vided with dry and wet thermocouples at altitudes of 
5, 10, 40, and 50 ft above sea level. The former two 
are mounted on hinged beams outboard, while the 
latter two are on a mast in the forward part of the 
ship. The thermocouples are copper-constantan, and 
there are two in series for the temperature measure- 
ment with the cold junctions placed in a Dewar fiask 
filled with melting paraldehyde (maintaining a tem- 
perature of 50 F). There are two pairs of dry and wet 
junctions connected in series which measure the wet 
bulb depression. The galvanometer is in the ship’s 
cabin. Aeration is provided by the ship’s movement, 
and when measurements are made the ship sails into 
the wind to minimize the effects of the discharge from 
the smokestack. 

In the project at the Radiation Laboratory just re- 
ferred to measurements arc also being made from the 
mast of a boat. The 48-ft mast is provided with a 6-ft 
cross arm and a motor-aerated housing containing the 
elements can be raised from the bottom of the mast 
to tlic end of the cross arm, giving continuous infor- 
mation over the height of its travel. 

Measurements carried out on shipboard by means 
of captive balloons or kites will be discussed in fol- 
lowing text. 

Measurements on Board Planes 
and Dirigibles 

As has been mentioned before, a sling psychrometer 
held out of the window of a flying plane will give 
reasonably accurate results if some elementary pre- 
cautions are taken to insure proper moistening of the 
wick. 

The two types of instruments described before on 
p.j^28have been adapted for use with airplanes. In the 
Radiation Laboratory instruments the two elements are 
mounted diagonally in a piece of Bakelite tubing about 
IVg in. in diameter, the dry element in front of the 
wet element, relative to the wind stream. In the earlier 
airplane measurements water was blown over the moist 
element and a reading made when the recorder showed 
equilibrium to be reached. Now capillary action is used 
throughout, the water being supplied from a small 
vessel underneath the Bakelite tube. This instrument 
has been tested in a wind tunnel with wind speeds up 
to 145 mph. The dynamic pressure effect increases 
the reading by 0.4 0 at the cruising speed of the plane 
(100 mph). This value was checked, both in the plane 
itself and in a wind tunnel. 
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The Weshixigton State College [WSO] inetnunent 
hae been adapted for airplane meaenrements and has 
been used on several types of planes during tests in 
Panama.^ The elements were housed in a single- 
walled cylinder of aluminum, about 1.76 in. in diam- 
eter, covered on the forward end with a cone. A small 
circular opening {% in. in diameter) made by cutting 
off the end of the cone reduced the velodiy of the air 
across the elements to about one twenty-second of the 
plane’s speed. Comparison of a plane sounding and a 
balloon sounding in the same region at the same alti- 
tude and time gave identical results within reasonable 
experimental error. 

With airplane measurements the determination of 
the plane’s altitude becomes an important task. In 
the experimental flights at the Badiation Laboratory 
the altimeter of the plane itself was used. According 
to the experience obtained in Panama it is desirable 
to have an additional altimeter placed directly before 
the operator in order to facilitate rapid and accurate 
altitude determinations. The nominal accuracy of an 
airplane altimeter is about 20 ft. Over sea it may be 
possible to determine the absolute altitude of the 
plane with about the same degree of accuracy, but 
over land leas accuracy is to be expected. 

Measurements from a dirigible (blimp) have been 
carried out by Badiation Laboratory. The instrument 
is suspended on a cable about 100 ft below the ship. 

Captiye Balloon Sondes and Kites 

Badio Transmission Typb 

Two different methods have been tried in connec- 
tion with balloons and kites. When first used in prac- 
tice an ordinary radiosonde was attached to the balloon 
(kite) and the results were recorded on the ground 
by radio in the usual way. This method was used in an 
experimental investigation carried out under the aus- 
pices of the AAF Board, Orlando, Fla.* Although by 
the nature of the instrument the measurements are 
spaced 200 to 800 ft apart, a roug^ survey of the 
temperature and moisture distribution suflScient for 
some operational purposes was gained in this way. 
The record on the ground was taken by. means of a 
standard U. S. Army radiosonde receiver. 

It was pointed out in this report* that it might be 
advantageous to use a combination of two radiosondes 
in tandem, such that in one instrument the contacts are 
connected to the temperature device, in the other to 
the humidity element. It would then be possible to ob- 
tain simultaneous temperature and moisture readings 
at the same elevation, instead of alternating ones, as 
is the case when only one instrument is used. This 
would, however, require the use of two receivers at 
the ground with two slightly different carrier fre- 
quencies. 

Another adaptation of the standard Weather Bu- 


reau radiosonde was made by WSC.®* The ground in- 
stallation was similar to that used by the Weather 
Bureau in its full radiosonde measurements, but the 
standard radiosonde was modified by replacing the 
pressure- (altitude-) actuated switch by a clock-driven 
commutator. The results obtained were quite satisfac- 
tory, and the technique may be appropriate at stations 
where standard radiosonde equipment is available. 

Wired Transmission Type 
The other captive balloon or kite instruments are 
of the wired type with galvanometers or recorders at 
the ground. They may be classified as light and heavy 
types. The light instrument merely carries tempera- 
ture and humidity elements aloft which together with 
the radiation shield do not weigh more than a few 
oun^’es. To this ir, added the weight of the cable or 
string carrying the connecting wires. The heavy in- 
strument carries its own aeration equipment in the 
form of a fan driven by a small electric motor. The 
fan and the heavier construction of the frame required 
to accommodate it increase the weight of the airborne 
unit to several pounds. In addition there must be at 
least one more lead on the cable to supply power to the 
fan. 

The first captive balloon instrument was built in 
England several years ago.^* The balloon is anchored 
by an electric cable and the instiument is provided 
with a fan. The overall weight of the instrument with- 
out cable is about 8 lb. Its main part is a piece of poly- 
thene tubing in the shape of an inverted Y with the 
fan placed on top of the tubing while the two legs of 
the Y contain the dry and wet thermopiles. The latter 
are four-j unction copper-constantan combinations. 
The cold junctions are enclosed in a small Dewar fiask 
filled with melting ice which is located about 10 in. 
below the Y piece. 

The cable of this iiistrunient has five leads, three 
for the thermocouples and two for the fan (2 to 4 
volts of direct current) ; the instrument is suspended 
from the balloon proper by means of a 100-ft string 
which minimizes the influence of irregular motions of 
the balloon upon the instrument. The ground equip- 
ment consists of potentiometers and a spot galvanom- 
eter with a switch to alternate between the dry and 
wet couples. 

The light type of balloon or kite sounding equip- 
ment was first developed by The tempera- 

ture and humidity elements are surrounded by a 
double-walled aluminum radiation shield, and the 
whole airborne assembly weighs only a few ounces. 
Originally the standard Weather Bureau temperature 
element was used ; now tliey use the Sanborn element 
together with the Bureau of Standards humidiiy ele- 
ments in the circuit shown in Figure 1. 

The sounding procedure used with this instrument 
consists in letting the balloon go rapidly up to a max- 
imum altitude chosen so high that moisture and tern* 
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perature variations with iieight are comparatively slow. 
The characteristic features of the atmospheric stratifi- 
cation lie below this level. A rough survey of this 
stratification is made during the ascent. The instru- 
ment is then reeled in and is stopped at a number of 
predetermined levels, long enough to let the elements 
reach equilibrium with the surrounding air. The levels 
chosen are spaced at height intervals small enough so 
that the readings taken reveal the atmosphere struc- 
ture accurately. It has been found that rapid lowering 
of the sonde between readings will provide suflBcient 
aeration of the elements to give quite accurate readings 
even in completely calm weather. 

The balloon sonde of the Navy Radio and Sound 
Laboratory uses a dry and a wet Sanborn resistor 
surrounded by a double-walled aluminum radiation 
shield. Often wind aeration is found to be sufficient for 
the wet bulb element, but in calm air the instrument 
is aerated before readings by giving the cable a Series 
of rapid jerks of about 5-ft amplitude. The grqund 
equipment consists of a 0 to 50 microammeter which 
can be connected to the dry element, the wet element, 
and a standard resistor in turn by means of a double- 
pole triple-throw switch. Voltage is supplied by a dry 
cell and potentiometer. 

The captive balloon sondes used by Radiation Labo- 
ratory* employ dry and wet Sanborn resistors mounted 
diagonally in a piece of Bakelite tubing surrounded 
by an aluminum radiation shield. The circuit and am- 
])lifier Jiavc been described in text on p 223. In the 
lightweight wind-aerated instnunciit the piece of 
Bakelite tubing containing the resistors is horizontal. 
Owing to the shape of the aluminum shield it will take 
up an orientation in the wind such that the air strikes 
the dry element before the wet element. More fre- 
quently, however, they use a heavier, fan-aerated in- 
strument in which the Bakelite tubing is vertical and 
the fan is placed on top of the assembly. This instru- 
ment has been extensively used in the recent experi- 
ments at the New England coast ; either it was attached 
to a barrage balloon (35-lb lift), or in calm weather to 
a large Neoprene balloon (see text on p 230). The 
latter type of balloon was also used to make ascents 
from a boat in light and moderate winds 
Recently, a type of captive balloon equipment has 
been developed commercially” which usee the standard 
United States radiosonde recording equipment as the 
ground component. The airborne component consists 
of an audio relaxation oscillator with the measuring 
element connected in the grid circuit. Changes in the 
measured temperature or relative humidity alter the 
frequency developed by the oscillator. By means of a 
special attachment on the ground the balloon sonde is 
used in connection with the regular radiosonde receiv- 
ing and recording equipment. The airborne component 
includes dry cells *for the operation of the oscillator 
and the weight of the airborne unit is approximately 
2Ib. 


Cablk and Balloon TiscHNxquE 

The cable whicli connects the measuring elements 
aloft to meters on the ground is one of the most critical 
parts of the wired sonde. The earliest British instru- 
ment^® used a cable obtained by stranding together 
thin, insulated, fiexible copper cables; the weight is 
about 2% lb per 100 ft. Similar cables were used for 
a while by Radiation laboratory ; later on they changed 
to the types of cable to be described presently. 

WSC developed a cable technique®**®** in which 
the pull of the balloon or kite is taken up by a strength 
member such as strong linen twine. Fishline, breaking 
strength 64 lb, was originally used.®* Three No. 30 
enameled copper wires are wound around the strength 
member with a pitch of several inches. After being 
made up the cable was passed under thinned airplane 
dope to cement it together and make it waterproof. 
The weight of this cable is about 1 lb per 1,000 ft. 

Later developments in this cable resulted in three 
types that have survived accelerated tests equivalent 
to 1 year's exposure to salt spray without developing 
serious leakage.®** 

TyjHJ A consists of a braided Fiberglas strength 
member (nominal strength 80 lb), three No. 30 For- 
mex-insulated copper wires, and a braided nylon sheath 
impregnated with vinyl plastic.' 

Type B has an enameled staiidess steel strength 
member (nominal strength 40 lb) and three Formex 
conductors within an impregnated nylon sheath.* 

Type C is similar to Type A but has a 180-lb test 
Fiberglas strength member ; it is used with large kites.' 

These cables are wound around the drum of an ordi- 
nary winch, and the conductors are connected to the 
ground equipment by means of slip rings mounted on 
the winch. 

It has been found advaiitageoxis, especially for the 
heavier instnimeuts, to suspend the instrument from 
the balloon on a 100-ft fishline; this line acts as a 
buffer hi protecting the instruments from sudden 
jerks of the balloon. 

Neoprene balloons** are recommended in preference 
to rubber latex balloons. They have a much longer 
useful life than rubber balloons and give warning be- 
fore breaking by becoming misshapen. The 300-g N-4 
balloon is used in connection with the WSC instru- 
ment.®** The N-700 balloon has been used by Radiation 
Laboratory for the fan-aerated instrument. Barrage 
balloons (lift 35 lb) were also successfully used in 
winds slightly in excess of those that permit the use 
of lighter balloons. 

The light type of balloon becomes unmanageable in 
winds above about 6 to 8 miles per hour. A two-reel 
technique has been developed®** to extend the use of bal- 

^upplied by International Braid Co., Providenoe, R. 1. 

Supplied by Boston Insulated Wire and Cable Co., Boston . 
Mass. 

Applied by the Dewey and Almy Co., Cambridge, Mass. 
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Fiuurb 3. Sounding techniques for use nl the wind speed ranges indicated. 

Teiuperatuie and Uuimdily'elementR mounted within the radiation shi«‘ld S are connected tiiroush the 3*conduptor cable C with slip ringe on 
the cable reel H. The meter boa (not shown) is eonnerted to the brushes of B HOO-g Neoprene balloon L' light fishlino. F.‘ fishline reel. SK: Sey- 
fang 7*ft kite N: nylon kite line W: kite winch II K: Hoffman single cell box kite Arrangement (D) is suitable for sounding from moving ships; 
its ceiling is limited id about 400 ft by the small lilt of this kite 


loons to somewhat higher wind s})eeds (from 6 to 10 
mph). The pull of tlic balloon is taken up by a separate 
fishlinc^ the reel of the fishline being placed windward 
relative to the reel of the cable (Figure tS). 

In- wind speeds above about 8 mph kites are used in 
place of balloons. A small folding kite‘, standard for 
“Gibson Girl" emergency radio equipment, is easy to 
handle and requiies only a light cable, but its ceiling is 
limited to about 400 ft. This type of kite has been used 
successfully for soundings from boats. 

A heavier, 7-ft kite^ is well adapted to land-based 
soundings. It flies at a high angle (55° to 60°) and 
can be put up at minimum wind speeds. At the high 
relative wind Speeds encountered in. ship-based sound- 
ings the pull of this kite is excessive and launching cor- 
respondingly difficult. 

Sounding techniques are shown schematically in 
Figure 3. For the kite a braided, waterproof nylon 
line, breaking strength 150 lb, is recommended. For 
ship-based soundings or conditions where sudden high 
stresses are likely, a 300-lb test nylon line may be used. 

There seems to be no difficulty in measunng the 
altitude of the captive balloon or kite.®* The length 
of line paid out is determined either by counting the 
turns of the reel or by means of markers attach^ to 
the cable at regular intervals; if the line is off the 
vertical, its mean inclination can be measured with 
sufficient accuracy by a simple hand inclinometer. 

AUTOMATIC RECORDING OF 
METEOROLOGICAL SOUNDINGS * 

A means has been developed for making automatic 

Supplied by Hoffman Radio Co., Los Angeles, Calif. 

applied by F. C. Seyfang, Atlantic City, N. J. 

^By K. Dillon Smith, U. 8. Weather Buniau. 


recordings on a l^eeds and Northrup Speedomax or 
Friez Cycloray recorder of low-level meteorological 
soundings of temperature and humidity. The design 
of the equipment has been restricted in the sense that 
the standard Weather Bureau- Army-Navy electrolytic 
hygrometer and negative resistance temperature units 
must be utilized ; all recordings must be made on the 
existing automatic radiosonde recorders just named. 

General Design Considerations 

The existing standardized elecfrolytic hygrometer 
strip polarizes when direct current is placed on its 
terminals. However, if a reversed direct current is 
placed on the terminals of the strip, this polarization 
tendency is neutralized. This would seem to indicate 
the desirability of placing a low-frequency alternating 
current on its terminals in lieu of the direct current 
commutation principle whicli generally has been used 
in existing low-level meteorological sounding .equip- 
ment. 

The frequency of the alternating current to be 
placed on the strip will in general be controlled by the 
reactance of the low-level sounding cable. In view of 
this limitation a frequency of approximately 10 c has 
been used. 

The temperature resistor operates equally well on 
either direct or alternating current; therefore, it re- 
quires no equipment design considerations. 

Electrical Characteristics of Elements 

Present practice makes the '*loek-in^* for the tem- 
perature and humidity elements through a resistor in 
series with the elements. However, this technique in- 
troduces errors in the readings both above and below 
that for the lock-in point. Effectively, the slopes of 
the calibration curves are altered, affecting the read- 
ings on the indicators. In view of this situation, it is 
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Figure 4. Basic components of amplifier-recorder. 


iundamental that voltages should be measured across 
the hygrometer or temperature elements. Any lock-in 
device must be inherent in the equipment as remote 
from the voltage appearing across the elements. This 
principle has been incorporated in the design of the 
equipment. 

Since the electrolytic hygrometer element can be 
designed so that it will not polarize under direct cur- 
rents approaching 100 /ia, it appears desirable to design 
the recording equipment for possible adaptation to 
this type of element. In other words, the amplifiers 
must be capable of handling direct currents as well as 
alternating currents. 

Cable Error 

If the standard temperature and hygrometer curves 
are used originally for calibrating the recorder, it is im- 
poi*tant to note that the cable resistance will introduce 
a positive error. For average Southwest Pacific climate 
ahd sounding heights up to about 3,000 ft, the positive 
temperature error is roughly 1.5 F while the positive 
hygrometric error is about 6 per cent Rll. 

These errors, unfortunately, cannot Imj compensated 
without complete recorder calibration at the outset or 
by mathematically adjusting the standard calibration 
curves. Thus, since the cable is a fixed resistance, the 
standard curve can l)e recomputed to allow for any 
fixed cable resistance, with the result thfrt no error 
will be introduced into the recorder. 

In consideration of the above requirements, it will 
be necessary, in adapting the standard U. S. Weather 
Bureau electric hygrometer and temperature elements, 
to provide (1) a means of developing a stable low- 
frequency voltage across the elements, (2) to switch 
from one element to another in measuring the voltages 
across these elements, (3) to amplify such voltages. 


(4) to provide a means of controlling the sensitivity 
and range of the recorder, and (5) to supply the output 
of the amplifier to a 0 to 500 microammeter auto- 
matic recorder. 

Electronic Amplifiers 

I’hc basic components of the amplifier-recorder are 
shown in Figure 4. The frequency generator operates 
at 10 c and is composed of three units, (1) a phase- 
shift oscillator, (2) a para phase amplifier, and (3) a 
.controllable push-pull output amplifier. 

The amplifier-recorder unit is composed of (1) a 
series limiter, (2) a cathode follower, and (3) a two- 
story amplifier, as shown in Figure 5. For the sake 
of . simplicity, the automatic switching device that 
changes the current from hygrometer to temperature 
element has been shown schematically. The switching 
takes place at any rate between approximately 1.0 to 
0.1 c; this rate is not critical. 

Since the amplifier must be able to handle either 
direct or alternating current, the balanced two-story 
amplifier has been constructed, wherein the top tube 
is the plate load for the lower tube of the two-story 
amplifier. The output of this amplifier is approximate- 
ly equal to one-half the amplification factor of the tube. 

As shown in Figure 5, this amplifier is fed by a 
cathode follower which has impressed upon it from the 
series limiter only the positive peaks of the a-c voltage 
drop across the hygrometer or temperature element. 
The voltage across the elements can be as low as 
to % v, depending upon the sensitivity adjustment of 
the amplifier. It will operate with voltages as high 
as 30 to 60 V across the elements. 

Reducing Amplifier Output to Ground 

The amplifier output is at one-half the positive volt- 
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ag« of the plate supply above ground. However, this 
output can be reduced to ground by the introduction 
of a cathode follower or more simply by three series 
sections of a resistor and glow tube connected in series. 
The output of the two-story amplifier is fed into the 
Junction between the first and second sections while 
the output is taken from the junction of the second 
and third sections, where the first section is connected 
to the positive plate supply and the third section con- 
nects ^0 a negative potential equal to one-half the posi- 
tive voltage. It is not necessary to make this addition 
to the present equipment. 


BsCOBDBR AcOUEACT 

It is possible to measure temperatures to less than 
% of a degree Fahrenheit and humidities to less than 
% of 1 per cent. However, this accuracy is not neces- 
sarily required for low-level atmospheric soundings 
and construction of M curves. 

Conclusion 

Direct automatic recording of low-level temperature 
and hygrometer readings is suggested. The method is 
especially adaptable for fixed or shipboard station 
opefation. 



Chapter 3 

METEOROLOGY— FORECASTING 


FORECASTING TEMPERATURE AND 
MOISTURE DISTRIBUTION OVER 
MASSACHUSETTS BAY« 

B sfobe qoinq into a description of the forecast 
program and results it will be profitable to describe 
the method used in coordinating the observations. 

Meteorological Observations 

Soundings were made according to two major 
plans. The first was in conjunction with the radio 
path. According to that plan, airplane soundings were 
made once or twic'e a day at two or three points along 
the transmission path. The boat would take either 
mast or balloon soundings along the path while meas- 
urements at Race Point Light (Provincetown) would 
continue at 2- to 4-hour intervals during most of the 
day and sometimes at night. The Race Point Station 
had the advantage of being well away from land (for 
all but easterly winds) and soundings there would 
thus represent the condition of the air over a large 
portion of the path. The soundings just described 
were made primarily for correlation with the signal 
strength measurements. 

The second plan was to obtain soundings in succes- 
sive steps in air moving off the coast as that air be- 
came more and more modified by the cool ocean sur- 
face. For this reason, days during which the air was 
westerly or nearly so were set aside for this type of 
measurement. The Duxbury soundings gave a rep- 
resentation of the structure of the air before it left 
the land. One airplane made soundings at about 2, 
7, and 25 miles offshore. The times of take-off were 
staggered to allow the first airplane to complete its 
third ascent before the second plane would begin its 
first sounding. 

The boat played a vital role in such a plan. It ran 
along the line of the air trajectory for as long as was 
practicable to take water temperature measurements 
and mast soundings, usually an 8- to 10-hour period. 

The Race Point Meteorological Station was coor- 
dinated into this general plan by having it take con- 
tinual balloon soundings at, say, 2-hour intervals 
both before and after the airplane ascents. The pur- 
pose of these soundings was both to fit in as an extra 
sounding in the general plan and also to yield some 
information as to amounts of change of the meteoro- 
logical conditions with time. Also, in general, the 


•By I. Kati, Riwliatlou Laboratoiy, Lt. J. R. Qerbaidt, 
U, W. E. Qordoii, Army Air Forms, and P. W. Kenworthy, 
U. 8. Weather Buteau, Boston, Mass. 


times of soundings at Race Point Station were sched- 
uled about 1 hour later than those at the overland 
station to give the air sufficient time to travel from 
one to the other. 


Forecast Program 

A forecast program was begun during July and 
continued to October 10, 1944, in order to try out 
existing methods of forecasting and to help develop 
new techniques. A more natural step would have been 
to analyze the data taken during the summer and 
then to put that analysis into the form of forecast 
procedures, as was done at the end of the 1943 Boston 
Harbor transmission experiment. However, since speed 
was essential it was decided to initiate a forecast pro- 
gram simultaneous with the observations. The very 
act of forecasting tended to focus attention on the 
important weather factors, at the same time giving 
invaluable help in planning the day-to-day observa- 
tions 

The type of forecast made was different from the 
usual form. It consisted of a *'space forecasP^ rather 
than the usual time forecast. That is, knowing the 
conditions at one point at a given time the problem 
was one of finding the conditions at another location 
at the same time. It involves the entire problem of 
modification of an air mass by a water surface. 

The forecasts were in the form of curves of tem- 
perature and moisture, from which the modified in- 
dej^' curve was computed. A time and a location in 
Massachusetts Bay were selected at which it had been 
determined previously that a sounding would be made. 
Almost invariably airplane observations were chosen 
to use as verifications because those soundings were 
at sufficient altitudes so that both the modified and 
the unmodified air were sampled. The forecasts were 
made from the surface to 1,000 ft, whereas the air- 
plane soundings started from about 20 ft and con- 
tinued to 1,000 ft. For verification, the forecast and 
the sounding were plotted on the same graph. 

Army Analysis and Forecasts 

The program of the Army forecasters included the 
forecasting of transmission and radar ranges; the ap- 
proach to this problem was empirical. The basis of the 
program was again the analysis of the first 6 weeks’ 
data, this time including the signal strength meas- 
urements which have been described. Signal strengths 
were divided into four ranges qualitatively described 
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as low, standard, high, and very high, corresponding 
to M curves of the types substandard, standard, super- 
standard, and trapping. This analysis did not con- 
sider variations in the M curve over the path but 
rather related signal to the prevailing type of curve. On 
this basis, then, a transmission forecast for a 24-hour 
period involved the forecasting of prevailing M curves 
over the transmission path for appropriate time in- 
tervals. The length of these time intervals was deter- 
mined by the rapidity with which the weather factors 
affecting the M distribution were changing. Speciffc- 
ally, a 24-hour transmission forecast involved two 
JIf-curve forecasts plus forecasts of temperature and 
dew point trends. These forecasts were supplemented 
frequently with ilf -curve forecasts for times of mini- 
mum or maximum propagation conditions. These 
meteorological data could then be translated quali- 
tatively into values and trends of signal strength. This 
information was presented in the form of a graph of 
signal strength versus time. 

How the Forecast Is Made 

The forecast in general involves two determinations 
one, of the initial conditions of the air before it leaves 
land; and two, the modifications of the air by the 
water surface. A study of the synoptic situation and 
the low-level circulation reveals the location of the 
point where the air in question leaves the land. The 
synoptic situation shows the general fiow pattern 
local winds from the surface to 2,000 ft indicate the 
specific pattern over the area under consideration. 

The initial temperature and moisture distributions 
are determined by studying the local hourly teletype 
sequences and radiosonde observations. The modifica- 
tion of the air is determined by considering the relation 
of the surface water temperature to the representa- 
tive air temperature and dew point, the over-water 
travel, and the rate of modification. ^ 

Time forecasts were also made by the Army fore- 
casters. They involved straight meteorological fore- 
casts of the initial conditions to which were applied 
the space forecast technique just described. 

Example, This is a forecast made by the Weather 
Bureau. The synoptic weather map on the morning 
of July 26 indicated a rather weak fiow of modified 
continental polar air moving in an easterly direction 
from tlie mainland of eastern Massachusetts out over 
the waters of Massachusetts Bay. The temperature of 
this air was potentially more than 21 C and under 
sunshine was developing surface temperatures near 
the shore line of more than 21 0 by 0800. The fore- 
cast was for 1000 about 5 miles southeast of Eastern 
Point, Massachusetts. The temperature over land 
about a half-hour before this was expected to be about 
24 0, and the air fiow as indicated by winds aloft was 
such as to allow the air wanned to about this figure 
to be out over this position within a balf-hout. The 
lapse rate over land would be approaching the dry 


adiabatic by this time; so, as a guide, a lapse rate 
amounting to about 3 C per 1,000 ft was projected 
to 1,000 ft starting from 24 0 at the surface. A value 
for the sea water temperature of 17 C was predicted 
from recent observations made in the Bay. Using past 
experience, one then assumed a water modification up 
to about 300 ft, and the T curve was constructed 
starting from the surface value of 17 C, showing a 
sharp inversion at first and a gradual inversion until 
it met the guiding line representing the air from the 
land. The radio observation made at MIT about mid- 
night, July 26 to 26, was considered to be a fairly 
good check of the properties of the air mass involved. 
A surface temperature of between 21 and 22 C was 
indicated. 

In forecasting tho moisture curve, a value at the 
surface corresponding to the water temperature was 
made the base of the curve. Over-land dew points weie 
initially predicted to be about 13.5 C, which would 
give a vapor pressure value of between 16 and 16 mb 
at the top of the water modification zone. An examina- 
tion of the raobs, both MIT and Portland, show mix- 
ing ratios of about 10.6 g per kg between 600 and 
1,000 ft, which corresponds to 16 or 16 mb. This makes 
a good check on the prevailing initial dew points. The 
raob at Albany indicated that air which was a little 
drier was moving in from the west so that a slight 
decrease in the vapor pressure was forecast between 600 
and 1,000 ft. (This part of the forecast did not prove 
to be correct, since, as the verification of the forecast 
in the figure shows, the moisture . value remained 
fairly uniform from 400 up to 1,000 ft.) Another 
curve was drawn similar to the T curve to connect 
the surface vapor pressure value with that value at 
the top of the water modification zone, and from 
there to 1,000 ft a gradual decrease was forecast on 
the basis of the conclusions regarding the advection 
of a little dry air indicated by the midnight Albany 
sounding. 

The verification shown by the broken line in Fig- 
ure 1 turned out rather well in this instance. The 
computed and verified M curve proved to possess 
almost identical slopes throughout with the top of 
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the M inversion in both very close to 150 ft. This was 
one of the better forecasts. It can be seen that actual 
values of temperature and vapor pressure between 
forecast and veriRcation might vary by several de- 
grees^ but as long as they have the same slopes at the 
same elevation they will produce M curves reason- 
ably close to one another. 

Conclusions. It is felt that the method of forecast- 
ing used was a marked improvement over the tech- 
nique employed previously. It is potentially capable 
of dealing with the low-level modification problem 
in the case where the intial air is stratified as well as 
the one in which the initial air is homogeneous before 
it passes out to sea. 

RADAR PROPAGATION FORECASTING** 

This is a report of results obtained by an AAF 
board project investigating radar propagation fore- 
casting, which was started as two distinct programs in 
September 1944. The first part of the project was 
carried out at the Radiation Laboratory with facili- 
ties used by Group 42 during over-water transmission 
measurements in the summer of that year. During 
that time, with the invaluable assistance of Group 42, 
a forecasting system was developed for the over-water 
case, the results of which are presented in previous 
iext^ These reports gave preliminary results of the 
MIT program and the recommended forecasting pro- 
cedures. The second part of the propagation forecast- 
ing program was set up at Orlando, Florida, to study 
particularly the overhand forecasting phase and to 
investigate some of the operational uses of such fore- 
casts. 

With this in mind, AAF Board Project H3767, 
'^The Determination of the Practicability of Forecast- 
ing Meteorological Effects on* Radar Propagation,’^ 
was initiated late in 1945 with the following specific 
objectives : 

1. To determine the practicability of forecasting 
those low-level meteorological conditions which affect 
radar propagation. 

2. To determine the accuracy with which radar 
propagation forecasts can be made from the corre- 
sponding meteorological conditions. 

3. To determine the operational uses of such fore- 
casts. 

4. To determine the optimum meteorological ob- 
servation site with relation to the site of the radar 
employing the forecasts. 

5. To determine the suitability of available low- 
level sounding equipment. 

It was originally planned to study the over-land 
and over-water problems simultaneously, but because 
of the lack of a coastal radar site until the last month 
of the program the project was divided into two 

^By Lt. J. R. Qefiiardt and Lt. W. £. Gordon, AAF Board. 

^Elaborated In referenees t to 3. 


phases: (1) the general study of the over-land prop- 
agation variations in an attempt to devise a suitable 
forecasting procedure and (2) an evaluation of the 
results obtained from both the over-water and over-land 
methods, with possible tactical applications under field 
conditions at the site of a powerful coastal radar. 

Figure 2 is a map of central Florida giving in de- 
tail specific facilities used throughout the project. 
Headquarters was established at the Weather Central, 
Orlando, where complete weather information, fore- 
casts, and analyses were available. The meteorological 
data used throughout the project consisted of surface 
and upper air observations for the general central 
Florida area. 

Detailed synoptic maps of Florida were drawn cov- 
ering periods of 6 hours each to determine wind 
patterns and representative land temperatures and 
deW points ; piballs^* for Orlando, Sebring, and Tampa 
were plotted up to 2,000 ft to determine trajectories and 
wind speeds above surface levels, while the Orlando, 
Tampa, Tallahassee, and Jacksonville raobs were 
studied to correlate subsidence and radiation effects 
with radar propagation variations. 

Durinsr the first phase of the project, sounding sta- 
tions were established at Leesburg and New Port 
Richey using both the Washington State College 
wired sonde and the MIT psychrograph. Radar data 
were taken from the S-band V beam and the P-band 
SCR-588 at Tomato Hill, only a few miles from the 
Leesburg sounding site, the SCR-584 at Winter Gar- 
den, and the P-band SCR-271 at Crystal River dur- 
ing their operating hours. The Tarpon Springs pro- 
gram employed a medium early warning and an SCR- 
615 radar, both on S band, located on the Gulf coast, 
and the Crystal River SCR-271 and Winter Garden 
SCR-584. The sounding station was located within 
a half mile of the Tarpon Springs radar site. During 
the entire program sea surface temperatures were 
measured several times weekly at either the Cedar 
Keys or Anclote Crash Boat bases out to a distance 
of about 20 miles at 2- to 4-mile intervals. 

Low-level soundings were made during the entire 
project primarily as an aid in interpreting radar per- 
formance and in determining representative air values 
and secondarily in an attempt to evaluate the opera- 
tional suitability of the available sounding equip- 
ment. Results of the latter portion of the work will 
be presented later in this report. Ground-based sound- 
ings were made by means of various combinations of 
350- and 700-g Wloons, 7-ft Seyfang kites, and a 
small barrage balloon. 

The sounding stations were originally located so 
as to be as representative as possible of interior and 
coastal areas, although it was found later that, with- 
out the additional mobility of airborne measurements, 

**A small balloon with standard rate of rise released for 
tracking by a theodolite for estimation of upper-air winds. 
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Fiqxtbb 2. Map of central Florida with locations of weather and radar installations used in Proiect 3767. 


individual ground-based soundings were likely to be speeds encountered in this area the 7-ft kite was too 
too strongly influenced by local topographic effects to small for efiicient operation. No limiting surface wind 

be completely reliable. Because of clearance require- speed can be given as a dividing line between kite and 

ments, the ground-based soundings were restricted to balloon operation^ since it has been found that occa- 

600 ft^ although it was determined that 1,000 ft would sionally even in surface calms strong velocity gtadi- 

be a much safer limit, with occasional measurements ents exist immediately above the surfaqe layer. Al- 

up to 3,000 7t considered desirable. Soundings were though it is realized that a barrage balloon is not a 

taken before dawn at 1000 Eastern War Time, after standard item of equipment for sounding measure- 

sunset, and at 3300 EWT to obtain sufficient ^ta on ments, it is unreservedly recommjended and whene^r 

the effects of radiation and other meteorological phe- available should be used for simplkiity and telia- 

nomena. As far as specific sounding procedures are hility of sounding procedure, 

concerned, both the small balloons and kites gave The method employed in this project for the 
satisfactory results, although for most of the wind radar verification of supenidraetion was to record 
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plan position indicator [PPI] scope appearance of 
ground clutter retuni. The oscilloscope screen was 
assumed segmented into eight 45^ sectors^ and the 
maximum range on a ground target in each sector was 
noted hourly during periods of operation. In an at- 
tempt at correlating the radar performance with the 
existing meteorological conditions, a classification 
system was devised in which each distinguishable 
propagation condition was assigned a single number. 
After collecting observations for some time from each 
unit the data were examined, and an average of the 
normal pattern was chosen as the standard, or class 
1, type of propagation. Averages of reported increased 
ranges in various sectors were calculated, while the 
azimuthal variations due to shadow effects of sur- 
rounding terrain, coast line and obstructions were 



Fiouiud 3 a. Typical Class 1 pattern, P-band SCR-271, 
Cr 3 r 8 tal Hiver. Grid squares are approximately 5 miles 
on a side 



Fkkiiib 3B. Tfplaal Chun 2 pattern, P-baad SCR-271, 
Crystal River. 



Figure 4 A Class 3 jiaitern, SCR-271, ('rystal Rivei 
Coast line well painted m. 



Fiourb 4B. Typical Class 4 pattern, 8CR-271, Crystal 
River 

considered. The consistency with which various in- 
creased range averages were attained determined the 
number of classes of propagation assumed for each 
unit^ On the assumption that the meteorologist could 
forecast and correlate ilf-curve types corresponding 
with four types of propagation, four such propaga- 
tion classes were chosen for the S-band V beam and 
tlie P-band SCE-271 at Crystal River. Figures 8 and 
4 show the four classes of propagation as defined for 
the SCR-271 at Crystal River. The class 4 picture 
definitely shows the Florida coast-line detail painted 
in. Observations from most of the other units, how- 
ever, were classed only as 1 (standard) and 2 (non- 
standard) propagation because of the radar shadows 
of certain topographical features near their sites. Due 
possibly to the peninsular situation of Florida, it was 
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impracticable to forecast accuratdy four differenc 
classes of propagation^ but forecasting on a basis of 
two classes, standard and nonstandard, can and 
should be done. 

During the first part of the over-land program an 
attempt was made to forecast the specific M curves 
as shown by the licesburg and New Port Bichey 
sounding stations and to correlate these curves with 
the two to four propagation classes outlined for each 
radar unit. However, because of the wide variation 
of surface terrain (sand, swamps, lakes, forests) in 
this general area, no single sounding was necessarily 
representative of the entire air mass, since subsid- 
ence and radiation efiects almost certainly varied con- 
siderably over the different kinds of terrain surround- 
ing the sounding locations. On this basis, then, rather 
than attempting to forecast a hypothetical representa- 
tive M curve, a series of correlations was made relat- 
ing the general synoptic situation directly to the radar 
performance. Using this method, the actual over- 
land forecasting results showed that, while approxi- 
mately 80 to 86 per cent of the total operating hours 
could be correctly forecast as either standard or non- 
standard propagation periods, only some 50 per cent 
of the nonstandard hours could be forecast correctly. 
This is only a little better than climatology, and 
more work remains to be done on the over-land fore- 
casts of propagation variations. 

In addition to the ground clutter verification of 
superrefraction, several low-level coverage flights were 
made from Leesburg to Crystal Biver and some 80 
miles out into the Gulf at an altitude of 100 ft, re- 
turning at 1,000 ft to check coverage above duct levels. 
Only a very few flights were made during periods of 
extended propagation, but during these periods, while 
interference from extended ground clutter prevented 
detection of the plane over land, extended ranges were 
recorded for the VHF (very high frequency) air-to- 
ground communication contact. 

In a further attempt to investigate some of the 
operational possibilities of trapping conditions at low 
and intermediate altitudes, measurements were taken 
of maximum ranges on the airborne X-band APQ/13 
radar during routine flights. However, as the ranges 
observed were very erratic, no conclusions could be 
drawn. In this respect it should be stated that while 
excellent cooperation was obtained in getting various 
radar and aircraft observations, the project had a 
low priority and as a consequence could not fully in- 
vestigate many of the more important operational 
possibilities which would have required extensive use 
of radar and aircraft facilities. 

The over-water forecasting program at Tarpon 
Springs was set up to compare the results of fore- 
casts made under field conditions of limited meteoro- 
logical data with those made using all available mete- 
orological information given in the forecasting sys- 


tem presented in reference 3. This system was based 
primarily on the over-water modification studies 
presented at the last conference, where duct height d 
was related to the wind speed at 1,000 ft, the distance 
of over-water travel, and the M deficit, which is the 
difference between the M value at some reference level, 
in this case the sea surface, and the M value of the 
unmodified air reduced to sea level* In general, no 
attempt was made to forecast the specific lapse rates 
and M curves corresponding to the current meteoro- 
logical situation. With uniform weatlier conditions 
existing over water, there was assumed a 100 per cent 
correlation betwen the M curve and the corresponding 
radar performan(*e, so that it was merely necessai^ 
to determine the roprc.^ntative d and of the air 
mass to obtain the ('omplete propagation forecast. 

As it was impracticable to establish a permanent 
target in the Gulf of Mexico beyond the radar hori- 
zon, tlie existence of superrefraction was generally 
assumed when there was extended appearance of 
coast-line (dutter. It is realized that such an effect 
may not be representative of open water conditions 
because of the possibility of local sea breezes giving 
rise to the necessary leniperutuve and moisture gradi- 
ents for trapping. However, on this basis, 18 out of 
20 forecasts correctly \erificd the presence or absence 
of extended coast-line clutter to within 1 to 2 hourjj 
of the total duration. With extended echoes existing 
during 55 per cent of the test days over the (*oastline, 
this accuracy is considerably greater than could be 
arrived at by any purely statistical procedure. It 
should be stated here that these forecasts proved to 
be particularly valuable to the radar personnel, since 
certain, engineering tests in progress on the radars 
made an accurate evaluation of the effects of super- 
refraction on the radar set performance necessary 
during the calibration flights. 

As an additional check on the existence of super- 
refraction over water, forecasts were made of the 
ranges for S-band radars and VHP communication 
on low-level coverage flights into the Gulf. Of a total 
of ten flights, six were made during periods of ex- 
tended coast-line return, three of which were cor- 
rectly forecast as giving superrefraction on S-band 
radar and two as giving increased ranges on VHF 
communication. Although this is not so accurate as 
the forecast of surface effects, a large error may have 
been introduced by the fact that the forecasted duct 
heights Were of the same order of magnitude as the 
lowest levels attained by the plane in its flight over 
the Gulf. All the over-water flights showed normal 
horizon ranges at 1,000- to 3,000-ft levels on the re- 
turn Iqgs. 

In' another attempt to determine the vertical cov- 
erage patterns resulting from low-level nonstandard 
propagation, several free balloon flights were made. 
Standard weather service reflectors were attached to 
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the balloona, which were released from Army crash 
boats at distances of 20 and 60 miles from the coast. 
Possibly because of lack of radar eflSciency, only the 
balloons released at 20 miles were picked up by the 
coastal radar. Although no nonstandard conditions 
were observed during the releases, the method seems 
suitable for making vertical coverage measurements. 

Badar and weather data for the period January 1 
to March 15 were tabulated and analyzed during the 
month of March. The primary data consisted of S- 
band radar reports from Winter Garden and Lees- 
burg and low-level soundings from Tjeesburg, sup- 
plemented by the synoptic charts and radiosonde ob- 
servations supplied by the 26th Weather Begion. 

The analysis resulted not in a system of forecasting 
such as that developed for over- water use but rather 
ill a scrioh of clues to be used us an aid to ovcr-huid 
foreeastiiig in Florida. Since the dues are closely 
related to the topography and peninsular situation 
of Florida and to the season of the year, tlicy are not 
directly applicable to other locations in their present 
form. JIowcNcr, they suggest that investigation of 
these points at other locations would quickly yield 
uscfid correlations. Some examples of these relations 
follow. 

1. Of the 600 ft low-le\ol sounding standard curves, 
DO per cent gave standard ranges. 

2 . During caily morning hours: 

a. Surfa<*e winds of 10 mph or more produced 
standard proiiagation always; winds of 5 to 0 
mjdi pnxluced superrefraction 20 per cent of 
the time; 2 to 4 mph showed superrefraetion 
GO jier cent of tlie time; and calm winds pro- 
duced 6U])errcfractiou almost always. 

b. Similarly, the 1,000-ft winds of 30 mph or 
more produced standard, while 1,000-ft winds 
of 10 mph or less almost always produced 
superrefraetion. 

c. Superrefraetion occurred with clear skies ex- 
cept on two occasions, one with broken high 
clouds, the other with broken middle clouds, 
never with low clouds. 

d. H igh-pressure centers within 700 miles and with 
gradients of 1 mb per 100 miles or less pro- 
duced superrefraetion. 

c. Ground fog patches were observed duiing pe- 
riods of class 4 propagation, with two excep- 
tions. 

3. Simple surface ducts of 70 ft and AMjo (refer- 
ence level 60 ft) of 4 or more and elevated 8 curves 
with ducts above 200 ft and of 6 or more pro- 
duced class 3 or 4 propagation with possibly one ex- 
ertion. 

4. Large AM’s observed by radiosonde between 
1,000 and 3,000 ft showed no correlation with S-band 
propagation but did show fair correlation witii super- < 
refraction on P band. Superrefraetion on both S and 
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Figure 5. SCR-588, Leesburg, night of March 5 to 6, 
1945. 

P band showed good correlation with large AM’s ob- 
served below 1,000 ft. 

5. The height of the temperature inversion in- 
creased with increasing 1,000 ft wind speeds up to 
10 or 12 mph, then decreased slowly with further in- 
crease in wind. 

6. Substandard propagation conditions were never 
observed over land, either on the radar or the sound- 
ings. 

A series of low-Icvel soundings taken at hourly in 
icrvuls throughout the night were related to corre 
spondiug r-adar ranges. The soundings were made at 
Txjesburg; the radar data were taken at Tomato Hill 
(2 miles west of the sounding site) and at Winter 
Garden (25 miles southeast of the sounding site). 

The general weather situation for the night of 
March 5 to 6 shows maritime tropical air pouring up 
over Florida around the western end of the Bermuda 
high, giving clear skies and southerly winds of 10 mph 
at 1,000 ft and 2,000 ft at 2000 EWT,* increasing to 
20 and 25 mph respectively by midnight, and to 23 
and 35 mph by 0400. Figure 5 shows the PPI scopes 
of the P-band SCB-588. The arrows point north j the 
small grid squares are 5 miles on a side. Before mid- 
night, propagation was standard, as illustrated by the 
0400 frame. The ranges built up rapidly, reaching 65 
miles and decreased slowly between midnight and 
0400. (Badar shadows of surrounding topographical 
features account for the uneven distribution of range 
increase.) 

Figure 6 shows the progression on the S-band SCR- 
584. The bold line points north, the range markers are 
at 10,000-yd intervals. (The sounding site is roughly 
315^ at 45 ,000 yd.) From 1900 to 2200 propagation 

AU tiiiMS to follow aie Eastern War Time. 
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Fiqurb 6. SCR-584, Winter Garden, night of March 6 
to 6, 1945. Supentandard propagation oooura to the 
northwest at 0100 and 0300 EWT. At 0400 EWT the 
pattern is again standard. The line on the PPI indicates 
true north. 

went from standard to above standard and returned to 
standard. After midnight ranges built up rapidly and 
held until after 0300, when they began a gradual re- 
turn to standard, reaching that condition shortly after 
0400. 

The M Qxmc measurcMl at tOOO was standard, fol- 
lowed by those illustrated in Figure 7. Unfortunately, 
110 soundings were taken lictwcen 2035 and 0008, and 
consequently the evolution of the elevated S from the 
surface duct is not shown. We know that the surface 
wind decreased from 4 mph at 2000 to calm at mid- 
night, while tlie 1,000-ft wind increased from 10 to 
20 mph. The duct height and AM value were approxi- 


mately constant from midnight to 0200, after which 
the curve gradually approached standard. 

Table 1 summarizes the weather and radar varia- 
tions. It should be pointed out that the antenna height 
for the P-band SCJ{-588 was 140 ft above the sound- 
ing site, for the S-band SCR-584 the same height as 
the sounding site. Thus at 2100 we have a ROO-ft sur> 
face duct trapping the SCB-584, but not trapping the 
SCR-688 (duct height 60 ft above the antenna), while 
from midnight to 0300 an elevated duct of the order 
of 380 ft traps both sets (duct height some 250 ft 
above the SCR-688 antenna). By 0400 the winds 
became strong enough to wipe out the stratified layers 
and mix the air, giving standard conditions. At 0500 
a trace of a transitional condition aloft appears in the 
sounding but is not sufficient to extend the range. 

Dunng the months of January and Febiuary data 
were collected on S-band V beam at Tomato Hill 
during 47 days. Of these days^ observations 37 per cent 
showed nonstandard conditions. During the same pe- 
riod the SCR-271 at Crystal River showed at least 
slight increases in ranges on 72 per cent of the days’ 




Fmima 7. M eurvei for night of March 5 to 6, 1945, 
based on soundiiiii at laasbiifi AAF. 
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obfiiervatioiiB which were recorded, although only 17 
per cent attained the atrengili of class 3. 

ITio longest ground range observed on tlie ?*-band 
set at Tomato Hill was 200 miles on tlie morning of 
January 25, while the longest ground range observed 
on the SCR.271 at Crystal River was 140 miles on the 
morning of February 17. Both these ranges were the 
maximum permitted by the radar presentation. 

During the month of April at Tarpon Springs, 65 
per cent of 24 days’ observations showed nonstandard 
conditions, with 46 per cent giving surface return at 
greater than 80 miles, indicating strong superrefrac- 
tion. The longest range recorded was the coast-lino 
effect out to 220 miles. 

To determine suitable low-level airborne sounding 
equipment, the psychrometer equipment ML-313/AM, 
the WSC wired sonde, and sling psychrometer. ML- 
24A were mounted in aircraft Ii-4 (cruising speed 55 
mph) and compared with the MIT psychrograph car- 
ried by a barrage balloon. 

From considerations of the forecasting method an 
accuracy of ±0.2 C in wet and dry bulb temperatures 
and a lag coefficient less than 45 sec are desirable. The 
accuracy of the MIT psychrograph is ±0.2 C in tem- 
peratures, with a lag coefficient of the order of 15 sec. 

These data were gathered during hours of daylight 
and are spread rather evenly between 0000 and 1700. 
The MIT psychrograph was held at a fixed point in 
space where a conservative estimate of the fluctuations 
of temperature was 0.3 C. The airborne instruments 
integrate the measurements for a given level, hence a 
spread in the data is reasonably indicated and the 
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Ftoomi 8. Instrument oomparison, MIT psychrograph 
and pi^ehroineter ML 213/AM on Airaralt L4. 


243 

statistical value of sigma may be considered represen- 
tative of the accuracy of the test instrument. 

The procedure for each test instrument involved 
making five to ten regular low-level soundings supple- 
incnicd by a scricb of jmhsi's at a fi.xcil level. Necessary 
ground cheeks were carefully made using forced ven- 
tilation, and standard corrections for airborne instru- 
ments were applied. 

J’sychrometer equipment ML-313/AM, consisting 
of a wet and dry bulb thermometer in a streamline 
housing, was mounted as far back in the cabin of the 
L-4 as was practical. Since tlie 1^-4 is a single engine 
plane it was expected that the engine heat and propel- 
ler blast would influence the readings. The data are 
as follows : 


Dry bulb 

Number of pairs of readings: 174 

Average difference: • — 0.06 C 

67% of the points agree to within 0.20 C 

Wet bulb 

Number of pairs of readings: 156 

Average difference: + 0.06 C 

67% of the points agree to within 0.14 C 


'J'he ML-«‘il3 was, in addition, mounted on aircraft 
Ji-o (Kingle-cngincd, cruiHiiig speed 100 mph). The 
data are Minilar to those gi\en al>o\e. The data indicate 
that, despite tJie expected influences of propeller blast 
and engine heat, the equipment is suitable for low- 
le\el soundings for jiropagation work. 

The WSC wired sonde was mounted on the strut 
of the L-4 some 5 ft away from the cabin of the 
plane. The comparison data follow: 


Dry bulb 

Number of pairs of readings: 140 

Average difference: + 0.10 C 

67% of the pointi) agree to within 0.30 C 

Vapor pressure 

Number of pairs of readings: 140 

Average difference: 4* 0.06 mb 

67% of the points agree to within 0.98 mb 


Tlie differences in moisture readings are rather 
larger than desirable. 

The sling psychrometer ML-24A was tested sim- 
ilarly but was considered unsuitable because of lack of 
protection from radiation. 

Of the ground-based sounding equipment used dur- 
ing the program, the MIT psychrograph consistently 
gave excellent results. The WSC wired sonde is capable 
of good results, but several mechanical difficulties 
render it unsuitable for field use by the services in its 
present form, it is expected that these difficulties will 
be ironed out in a revision of the wired sonde. 

The following statements are the personal opinions 
of the authors and do not represent tlie official opinion 
of the Army Air Forces Board. 

1. There is a military need for a propagation fore- 
casting service. If a radar set is to be used most effi- 
ciently, its full capabilities and limitations (including 
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FiuuiUB 9. Instrument comparison. MIT psychrograph and WSC wired sonde on Aircraft lr4. 


the effects of weather) must be known. 

2. Propagation forecasts over water using the 
method described in reference 3 are sufficiently 
accurate for operational purposes. It is recommended 
that further experimental study of long over-water 
propagation and vertical coverage be carried on. 

3. Propagation forecasts over land are not suffi- 
ciently accurate for operation uses. Farther study of 
the over-land forecasting problem is indicated. 

4. For maximum operational employment of the 
forecasts, the forecaster should be located at the radar 
site. Communication with a class A weather station, 
a ground-based low-level sounding station at the radar 
site, and supplementary airborne soundings arc rc- 
quiitsd. 

6. Psychrometcr equipment Mli-S 13/AM mounted 
on a slow, 8ingle-4»ngined aircraft is suitable for low- 
level airborne soundings for propagation forecasting 
work. 

APPLICATION OF FORECASTING 
TECHNIQUES AND CLIMATOLOGY^ 

Matkhial Covrrisd 

Badio-Meteorologp, Since most of the basic infor- 
mation which has l^n obtained by various research 

/By A T. Waterman, Jr., and C. Harrison Dwight, Colum- 
bia Univeisity Wave Propagation Ofoup. 


groups and in military and naval operations involving 
radar is familiar to the reader or is adequately covered 
in other reports,**^ the essential points with reference 
to the effect of meteorological factors have been e.x- 
traoted and are here presented in condensed form. The 
primary emphasis is on the phenomena associated with 
nonstandard propagation, i.e., on the conditions under 
which radar ranges are unusually large or unusually 
small. Related elements — ^tem])erature, humidity, the 
variation of each of these with height, M curves, 
ducts, etc. — are defined, and the role they play in tlie 
effectiveness of radar performance is discussed briefly. 

Specific Relationships hetween Meteorological Ele- 
ments and Radar Performance, Of the several investi- 
gaiions carried out ou this suhjcct, mostly in connec- 
tion with the prediction of trapping effects and conse- 
quently of radar ranges, one which has met with as 
much success as any and is fairly similar in essence 
to some of the othera is presented here. It was devel- 
oped in a study of the modification that air undergoes 
in passing over water and is designed to predict the 
formation and subsequent structure of surface ducts 
wliich are formed along coast lines and over oceanic 
areas. 

From observations of the represdhtative surface 
temperature and humidity of the air, tlie sea tempera- 
ture, and the wind direction and velocity, this method 
indicates whether a surface duct is to be expected and 
tlie height to which it is likely to extend, l^aetmal 
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upplication of the method can therefore be of direct 
aeeistance in anticipating radar performance for short 
periods in advance or for regions where detailed mete*- 
orologieal observations may be limited. Enough par- 
ticularsy together with charts and nomograms, are 
given to enable one with meteorological training to 
apply these prediction techniques and thus facilitate 
daily or hourly adjustments to make optimum use of 
radar equipment. 

Computed Climatological Information on Surface 
Ducts. To obtain a broad picture of the variation in 
radio and radar ranges likely to be encountered in the 
western Pacific region, average duct widths (height 
from the base to the top of the duct) have been com- 
puted. These computations are based on tlie relation- 
ships between meteorological elements and radar per- 
formance mentioned alx>ve and utilize climatological 
data consisting of monthly averages of air tempera- 
ture, humidity and sea temperature, and monthly 
frequencies of winds with specified direction and 
speed. 

The area covered* includes the Japanese islands, the 
coasts of Korea, Manchuria, and China, the northern 
Philippines, the Marianas, the Bonins, and the Ryukyu 
Islands — approximately lO^toHO^N latitude and 120® 
to 150® E longitude. The computations indicate the 
percentage of time surface ducts of various widths may 
be expected at different times of the year and at dif- 
ferent locations within the region. This information is 
summarized in tabular form. The results are not in- 
tended to represent an accurately detailed picture but 
do give a sufficiently close approximation of average 
conditions influencing certain aspects of radio and 
radar performance so that they may be used as a 
guide in long-term operational planning. 

Radio-Meteorology 

Evidkncks of Nonstandabd Pkopaqatiox 

Since the start of the war, cases of very long radio 
ranges and radar coverages, together with extreme 
variations of these quantities, have become well known 
to personnel working at microwave frequencies. Such 
phenomena, when due to influences acting on the 
propagated electromagnetic waves and not to freak 
behavior in set performance, have been classed under 
the term nonstandard propagation. It has been found 
that nonstandard propagation (such as is illustrated 
by the behavior of microwaves when they are con- 
strained to follow a path of such curvature that the 
rays remain close to the surface of the earth and hence 
reach otherwise inaccessible targets — a phenomenon 
frequently referred to as trapping) is directly associ- 
ated with certain conditions that occur in the lower 
levels of the atmosphere (normally below 5,000 ft) 
whidi have been given the name of ducts. Detailed 
analyses of the structure of duets have been presented 
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adequately in the previously mentioned reports. Hence 
the paragraphs immediately following give only a brief 
and somewhat simplified description of the meteor- 
ological elements associated with ducts. 

Meteobolooical Conditxoks Associated 
WITH Ducts 

Remarks on Pressure, Temperature, and Humidity. 
The meteorological situations in which trapping of 
microwaves occurs involve certain types of stratifica- 
tion in the lower levels of the atmosphere. The amount 
of stratification is dependent on the vertical distribu- 
tions of pressure, temperature, and humidity. 

Although the atmospheric pressure at any particular 
elevation and, to a lesser extent, the rate at which 
pressure decreases with altitude may vary from one 
time to another, these variations are relatively unim- 
portant as far as their direct influence on propagation 
is concerned and so* may be neglected in practical 
considerations. 

On the other hand, temperature and its change with 
altitude do have an immediate bearing on duct forma- 
tion. Under more or less average conditions through- 
out the troposphere, the temperature decreases with 
increasing altitude and the term ^'temperature lapse 
rate’^ is defined as the rate of decrease of temperature 
with height (and consequently is usually expressed in 
degrees Fahrenheit per 1,000 ft or degrees eeiitigrado 
per kilometer). For reference purposes a "standard" 
lapse rate has been taken as 3.47 F ner 1.000 ft 
(Further details of the National Advisory Committee 
on Aeronautics standard atmosphere arc given in 
the Appendix on page 258.) Under certain conditions 
the temperature throughout a layer of the atmosphere 
may increase with height, in which case a temperature 
inversion (Figure 10) is said to exist. 



elevation. 
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In general the lapse rate of temperature is im- 
portant in meteorology because of its relationship to 
the vertical siahUity of the atmosphere^ that if, to the 
feasibility with which vertical air currents can de- 
velop. It tunis out that, except within clouds or regions 
of a^ive precipitation, the stability conditions can be 
closely evaluated from a knowledge of the actual lapse 
rate relative to the "dry adiabatic^’ lapse rate (approxi- 
mately 5.S F per 1,000 ft). If the actual lapse rate is 
larger than the dry adiabatic, i.e., if the temperature 
decreases at a rate greater than 5.5 F per 1,000 ft in 
elevation, any vertical currents which develop will 
tend to exaggerate in intensity, and a condition of 
unstable equilibrium (Figure 11 A) will exist. Con- 
versely, if the actual lapse rate is less than the dry 
adiabatic or, especially, if a temperature inversion is 
present, the development of vertical currents will be 
hindered and the air will tend to become horizontally 
stratified. This is the case of stable equilibrium (Fig- 
ure llC). The in-bet ween case, in which the actual 
temperature lapse rate is the same as the dry adiabatic, 
is that of neutral equilibrium (Figure IIB). 



Fiourb 11. Temperature-height curves for the cases of 
(A) unstable air, (B) neutral air, and (C) stable air. The 
dry adiabatic (lapse rate) is indicated for comparison. 


In addition to the direct relationship which these 
stability conditions bear toward the trapping of 
microwaves, which will be described presently, there is 
also an indirect relationship caused by the modifica- 
tion that air undergoes when it moves over a sea or 
land surface with properties (temperature and mois- 
ture) different from those of the air itself. For ex- 
ample, air moving over land, the temperature of which 
is higher than that of the air, will be heated in its 
lowest layers by contact with the ground and thus 
tend to become unstable. This leads to vertical cur- 
rents which will carry the modifying influences to 
appreciable heights in the air. On the other hand, air 
moving over a surface cool in relation to the air will 
be cooled by contact with the ground, tend to develop 
stable characteristics, damp out vertical currents, and 
BO confine the modifying influences to very low layers. 

The distribution of moisture with altitude, in its 


direct influence on nonstandard propagation, has an 
even more pronounced effect than that of temperature. 
As a means of describing the moisture content of the 
air, any one of several concepts may be used: dew 
point, wet bulb temperature, relative humidity, ab- 
solute humidity, specific humidity, and mixing ratio, 
all of which are defined on pp 58- 3591 Except when 
evaporation or condensation is taking place (as in the 
case of clouds, rain, dew, etc.), the moisture content 
of the air has little effect on tl^ temperature structure 
and therefore is not a major influence on stability 
conditions in so far as they are connected with the for- 
mation of ducts. What is of direct importance is the 
vertical distribution of humidity itself and the man- 
ner in which this distribution is affected by modifying 
influences. As an example of the latter, the case of 
warm and relatively dry air moving over a humid 
surface, such as dense vegetation or the ocean, might 
be mentioned. In this case, evaporation of water into 
the lower layers of the air leads to a greater decrease 
in moisture with altitude than was originally present 
in the air. 

Other modifying influences, of course, affect both the 
vertical distribution of temperature and humidity and 
the stability conditions of the air. Some of these are 
subsidence (the gradual sinking of large layers of 
air leading to increased stability and decreased rela- 
tive moisture content), radiation, and turbulent mix- 
ing. These are merely mentioned here in view of the 
fact that their various interactions at times may be- 
come quite complicated, hence requiring that proper 
interpretation be made by one trained or experienced 
in meteorology. 

Refractive Index. The manner in which pressure, 
temperature, and humidity directly influence trapping 
depends on the phenomenon of refraction or the bend- 
ing of rays as they pass through media with different 
dielectric properties or through a medium with vari- 
able dielectric properties. The velocity of electromag- 
netic waves through any particular medium such as 
the air depends on a quantity known as the refractive 
index of that medium. When the refractive index 
varies throughout the medium, as is usually the case 
in the atmosphere, the resulting variation in wave 
velocity leads to a bending of the rays. For example, 
the refractive index of the atmosphere often decreases 
with height, in which case rays are bent downward 
toward the surface of the earth, so that instead of 
traveling in straight lines they tend to follow to a cer- 
tain extent the curvature of the earth. The amount 
of bending depends on the manner in which the refrac- 
tive index varies with height Under the proper con- 
ditions it is possible for rays to be bent to such a de- 
gree that they are confined to one layer of the atmos- 
phete. This phenomenon, the trapping of radio waves, 
is usually associated with only ihe microwave fre- 
quencies and is limited to those rays which leave the 
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transmitter at an an^e with the horizontal of less than 
1 degree^ and therefore to only the lowest lobe in a 
radar coverage diagram. 

For the atmospheric refraction to be strong enough 
to cause trapping of microwaves it is necessary that 
the refractive index of the atmosphere decrease with 
altitude at a sufficiently rapid rate. For convenience 
in dealing with problems of nonstandard propagation, 
a quantity known as the modified refractive index has 
been defined and is usually denoted by the letter M, 
It depends on pressure, temperature, humidity, and 
height and can be readily calculated from the proper 
nomograms^ or from tables,® or directly from the 
formiQa.® 

When values of M are computed for various eleva- 
tions from measurements of the pressure, temperature, 
and humidity at those elevations, a graph can be made 
of the value of ^ plotted against height. This M curve 
gives directly a graphical representation of the struc- 
ture of the atmosphere with reference to the existence 
of ducts. A decrease of M with elevation is called an 
M inversion, since under standard conditions M in- 
creases with altitude, and indicates the existence of a 
duct. This, then, is the criterion for the meteorological 
conditions necessary for the trapping of radio waves. 
7'he top of the duct is taken to be that level at which 
M reaches a minimum (as in Figure 15) and the base 
of the duct the level at which a vertical projection from 
the value of M at the top of the duct intersects the 
lower portion of the M curve (as in Figure 16) or the 
ground (as in Figure 17). The term “duct width" is 
used to refer to the thickness of the duct, i.e., the ver- 
tical distance between the top and the base. 

The vertical distribution (a) of temperature and 
(b) of humidity may each contribute to the formation 
of an M inversion, in the following ways. 

1. A strong temperature inversion tends to lead 
to duct formation. 

2. A rapid decrease of humidity with altitude tends 
to lead to duct formation. 

If the first of these is predominant the duct is said 
to be dry, and if the latter is predominant the duct is 
said to be wet. Often both factors are operative to- 
gether; that is, in the M inversion there is both an 
increase in temperature with altitude and a decrease 
in humidity with altitude, the duct being more sen- 
sitive to the effect of the humidity distribution than to 
that of the temperature distribution. 

Types of U Cunts, For purposes of clarification, 
the various types of M curves that may exist can be 
classified as follows: 

1. Standard type (Figure 12). In a standard atmos- 
phere M increases linearly with altitude at a rate of 
d.6 M units per 100 ft (0.118 M unit per m)^ Badio 
and radar waves are bent slightly downward, i^e paths 
of the rays actually having a radius of curvature about 
four times that of the earth ; but no trapping occurs. 


Standard conditions, in their effect on propagation, 
hardly differ at all from those of neutral and unstable 



equilibrium (except* in special cases as mentioned 
later) and so are frequently found in well-mixed air, 
as is likely to occur on sunny afternoons and in areas 
of turbulence. 

2. Transitional type (Figure 13). In the lower 
levels M is constant with elevation. Correspondingly, 
rays are bent downward more than in the standard case 
but not so strongly as in a duct, i.e., the rays are not 
actually trapped. Being literally a transitional case, 



Figuiud 13. Transitional type of M curve. 

this type of M curve is likely to occur during the 
formation or dissolution of a duct, or when the mete- 
orological factors tending to cause a duct are incom- 
pletely operative. The M deficit (A3/, given on pages 
249-251 ), is indicated in the figure. 

3. Substandard type (Figure 14) . In the lower levels 
M increases more than 3.6 M units per 100 ft, which 
corresponds to rays being bent downward only very 
slightly or, in some cases, actually upward from the 
line of sight, thus giving shorter maximum ranges on 
surface and low-flying targets. There is no trapping. 
Depending to some extent upon the elevation of the 
transmitter, the field stren^h in the substandard 
region may be reduced considerably below normal, even 
to the point of producing radar and communication 
blackout." The M deficit is negative with this type 
of curve. Associated rnemorological conditions are 
usually those in which warm, moist air passes over a 
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Fiqttrb 14. Substandard type of M curve. 

relatively cool land or sea surface, quite frequently in 
connection with the formation of surface fog. 

4. Simple surf ace ^trapping (Figure 15). The If 
curve has a negative dope in ^e inversion layer which 
comes down to the land or water surface. The duct is 
of the ground-based type, and its width is the height 
of the upper boundary of the inversion layer. Rays 
which are propagated at an angle of 1 degree or less 
with the horizontal may be trapped within the duct. 
Aa a consequence, radio and radar ranges may be 
exceedingly large. Simple surface trapping occurs 
quite frequently over the oceans — ^particularly where 
warm, dry air from over land Rows out over a cooler 
sea surface — along coast lines with an afternoon sea 
breeze, and occasionally over land with radiational 
cooling at night. 



5. Elevated S^shaped type (Figure 16). The inver- 
sion layer has a wid^ given by the difference in eleva- 
tion of the end points of the negative portion of the 
U curve, but the width of the duct extends downward 
to the level where the vertical projection of the upper 
minimum of the M curve intersects the latter. Trap- 
ping occurs when the transmitter is at an elevation 
whidi places it within (or close to) the duct and is 
most pronounced when the transmitter is at the eleva- 
tioa of the base of the M inversion. This type of duct 
may be brought about by subaidsnoe or as the result 
of a F5hn wind blowing off shore from mountains 


paralleling a coast. Examples of elevated S-sliaped M 
curves are observed off the southern California coast 
and off the east coasts of Japan and New Guinea (see 
page 256-25£). 



6. Ground-based 8-shaped type (Figure 17). When 
the conditions which could produce type 5 (Figure 16) 
exist down to the surface of the earth or to the sea, 
this type of duct may occur. It usually has a width 
considerably greater than that found in the simple 
trapping case (type 4, Figure 15). 

That it is possible for ducts of two types to occur 
simultaneously has been shown from observations off 



Fiourb 17. Ground-based S-shaped type. 

the east coast of New Guinea when a Fohn wind Rows 
out over a sea breeze, the latter producing simple sur- 
face trapping (Figure 18). (See pp> 256-^58.) 

Factors Afeciing the Extent of Trapping, The prin- 
cipal factors which determine the extent of trapping 
are: 
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1. The amount by which il/ decreases through the 
M inversion. 

2. The duct widtli, for the wider the duct the 
more energy will be trapped. 

3. The elevation of the* transmitter with respect to 
the duct, the trapping being most complete when the 
transmitter is at the base of the M inversion. 

4. The angle at which the rays are propagated from 
the transmitter; the smaller the angle made with the 
top of the duet, the greater the range. 

6. Tlie frequency of the propagated waves; in 
gcuieral, the higlier the frequency, the greater the 
extent of trapj)ing. 

Specific Relationships Between 
Meteorological Elements and 
Radar Performance 

IIksrarch on Foiikcastino of Radio 
AND Radar Ranoks 

Army Air Force Board Project, Realizing the im- 
portant and direct etfects of temperature and humidity 
distributions on microwave propagation, several proj- 
ects have been undertaken in the attempt to develop 
a systematic method of forecasting the meteorological 
conditions leading to nonstandard propagation* Of 
these methods, one which has met with a considerable 
degree of success is described below. The methodology, 

(lc> eloped by the Army Air For(*e Board working in 
conjunction with the Radiation Laboratory at MIT,* 
is designed to predict the formation of surface ducts 
over water. Its fundamental concepts are quite similar 
to those used in other methods of radio and radar 
forecasting.'* 

General Procedure, In essence the nlethod consists 
of an analysis of the modification that air undergoes 
in the lower 1,000 ft as it moves from a large land mass 
out o^ er the ocean. The study was carried out in the 
vi(*inity of (^ape Cod, but indications are that the 
numerical factors entering into the procedure are 
much more generally applicable. In the modification 
of the air moving over the sea, the following assump- 
tions are made. 

1. The air initially (before moving off the land 
mass) is well mixed, i.e., it exhibits conditions close 
to neutral equilibrium (see Figure 11). 

%, The stability conditions of the air as it moves out 
over water are determined by its initial temperature 
(over land) relative to that of the sea surface. 

3. The modified air at the sea surface acquires the 
same temperature as the sea* 

4. In the modified air at the sea surface the mois- 
ture content becomes that corresponding to satura- 
tion at the sea surface temperature, except for a cor- 
rection owing to the salinity of the sea* 

5. The resulting M curve is determined by the ^ 


quantities ; 

a. Temperature excess.* 

b. M deficit.* 

c. Wind speed and direction. 

d. Distance of over-sea travel (in some cases). 

Thus the method attempts to I'elatc duet formation 

to a limited number of easily determined meteoro- 
logical factors. It involves a simplified consideration 
of the upward diffusion of heat and moisture. It turns 
out, however, that the simplified assumptions yield 
results which in practical application are of sufficient 
accuracy to be of definite use in forecasting the ex- 
istence of nonstandard conditions. It should also be 
mentioned that, although the method is designed 
primarily for situations in whicli air over land moves 
out over the sea, it can also be satisfactorily applied 
to situations in which the air has a purely over-sea 
trajectory. 

The particular steps to be taken in carrying out the 
procedure follow. 

Mkthod of Determining Duct Width 

Observation of Initial Conditions, The necessary 
meteorological measurements to be taken should be 
as representative as possible, i.e., uninfluenced by 
purely local effects. Measurements are : 

1. Surface air temperature (of the unmodified air 
over land, in the case of air moving off a land mass) ; 

2. Surface air humidity (also of the unmodified 
air which can l>e expressed in terms of relative humid- 
ity, specific humidity, dew point, wet bulb tempera- 
ture, or vapor pressure) ; 

3. Sea surface temperature ; 

4. Wind speed and direction (preferably at 1,000 ft- 
elevation) ; and sometimes 

5. Distance from land (of primary importance only 
in the case of stability conditions, when the air is 
warmer than the sea surface). 

All these data may, of course, be profitably supple- 
mented by aerological soundings, weather maps, and 
any other pertinent information available. 

Modification of Air by Sea Surface, As a qualitative 
description of the modification that the air undergoes 
in moving over water, three cases may be distinguished : 

1. Neutral equilibrium (resulting when the initial 
surface air temperature is the same as the sea temper- 
ature). The temperature structure of the air remains 
unchanged ; however, since the air is usually- not com- 
pletely saturated, moisture is supplied to the lower 
layers by evaporation from the sea surface, in this way 
causing a greater decrease of humidity with height 
which tends to establish an M distribution such that 
the modified refractive index is either constant or 
decreasing with height In the case in which the air 
is initially completely saturated no modification takes 
place. 

•These terms ore defined on page 250* 
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Z. UnatabU eguilibrium (resulting when the initial 
surface air temperature is less than the sea surface 
temperature)* In this case the moisture content of the 
air is always less than that corresponding to satura- 
tion at the sea surface temperature, so that the lower 
layers of air suffer an increase in humidity as well as 
in temperature. Owing to the greater sensitivity of 
M to humidity than to temperature this tends to bring 
about a decrease of M with height in a layer of air 
adjacent to the sea surface, while the unstable condi- 
tions give rise to vertical mixing which keeps the M 
distribution close to standard above this layer so that 
the duct is confined to lower levels than in the case of 
neutral equilibrium. 

3. StahU equilibrium (resulting when the initial 
surface air temperature is greater than the sea sur- 
face temperature). If, in addition, the air is initially 
quite dry, i.e., has a moisture content less than that 
corresponding to saturation at the sea surface tempera- 
ture, then the resulting rapid decrease of moisture with 
height plus the stable temperature distribution leads 
to a tendency to surface duct formation. On the other 
hand, if the initial moisture content of the air is rela- 
tively large, moisture may be condensed out of the 
surface layers of air thus tending to give rise to an 
increase in humidity with elevation which when suffi- 
ciently marked may counteract the effect of the stable 
temperature distribution and so prevent the forma- 
tion of a duct or even produce substandard conditions* 
In either case, the stable structure of the air tends to 
hinder vertical mixing so that modification from the 
surface upward proceeds slowly and hence is highly 
dependent on the distance traveled by the air over 
the water* 

Necessary Calcuktiions. To determine quantitatively 
the possibilities of duct formation, the following items 
can readily calculated from any particular observed 
set of initial conditions. 

1. Temperature excess, which is merely the repre- 
sentative surface air temperature (before modifica- 
tion) minus the sea surface temperature. 

2. M deficit, defined as the value of M correspond- 
ing to the sea surface temperature minus the value 
of M determined from the representative surface air 
temperature and humidity (before modification); 
values of M can be ascertained from nomograms,^ 
tables, ‘ or directly from the formula.^ In the case of 
U corresponding to the sea temperature, a 98 per cent 
saturation is assumed; the 2 per cent vapor pressure 
correction is subtracted to take into account the salin- 
ity of the sea water. 

8. Eatio of duct width to M deficit, determined 
from the chart in Figure 19 for a given temperature 


tomograms are inoiiided and expiaiiiedoDpagBs286-287« 
iTaMes f<w eomjmtiiig K ean be found in xefereiioee 8 and 9. 
'The fcvmula expressiiig M in terms of twesnirs, temp«^> 
ature, humidity, a^ elevation is given on pagBS 268*267. 


excess and wind speed as measured at the 1,000-ft 
level. 

4. Duct width, found by multiplying the above 
ratio (3) by the M deficit. 

Applicability of the Method, Since the procedure 
is designed to take into account only the surface modi- 
fication of air over water, its application is restricted 
to the prediction of the first four types of M curves 
described on pages 245*248: standard, substandard, 
simple surface trapping, and transitional. The causes 
of S-shaped M curves are not considered in this 
method. Standard conditions can be presumed to 
occur when the calculations indicate a duct width of 
zero, which is the case when the M deficit is zero. If 
the M deficit is negative, then the calculated duct 
width will be negative, and substandard conditions are 
to be inferred. A positive M deficit indicates duct 
formation (simple surface trapping), and the calcula- 
tions of the duct widtli given an estimate of the height 
to which the duct extends. If this height is small, 
conditions may be inferred to correspond to the tran- 
sitional case. Once the duct widtli is calculated, a 
complete picture of the distribution of M with height 
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can be approximated as indicated in Figure 15 bj 
assuming that standard conditions prevail above the 
duct and that the If deficit (AM) is the difference 
between the actual M value at the sea surface and 
the M value that would exist at the sea surface if the 
standard conditions were extended down to the surface. 

The method is not applicable to conditions over 
land. 

In the case of air with a purely sea trajectory, it 
turns out that the procedure is closely valid if, in 
place of the air temperature and humidity measure- 
ments made over land> these measurements are taken 
in the air at a slight elevation above the sea surface, 
for example, at bridge level on a large ship. 

In practical application results will be most reliable 
when the assumptions listed under ^^General Proce- 
dure” are satisfied. However, this does not mean 
that the method is useless under other circumstances. 
Figure 19, which is the crux of the method, is largely 
empirical and is based on relationships* which have 
been observed to hold under various meteorological 
conditions. Consequently, reasonably accurate results 
are not limited to only a few idealized situations. 

It should be mentioned also that use of the method 
in a literal manner can be improved upon if the cal- 
culated results are modified by the judgment of 
someone trained or experienced in meteorology. Com- 
plicating factors such as variations in the initial sta- 
bility conditions, variability of the sea surface tem- 
perature, effects of convergence, divergence, and sub- 
sidence, and presence of fronts can best be taken into 
account by one familiar with their effects. 

Qualitative Prediction of Radar Ranges 

The method described above gives a means of esti- 
mating surface duct formation, whereas what is needed 
is a knowledge of the effect of the duct on radio propa- 
gation. It is impossible to make a blanket statement 
giving the exact range that will be obtained with any 
particular duct width, since the range depends on the 
power of the radio or radar set (also on the character 
of the target, in the case of radar), as well as on the 
factors listedon pages 245- 248. However, some numer- 
ical estimates of trapping effects can be made. 

Dependence on Duct Width, Frequency, and Elevch 
Hon of Site, An approximate expression relating the 
maximum wavelength that can be trapped by surface 
ducts is given by 

= 0.076iVAlf — 0.0364, 

in which Aumui is the maximum wavelength in centi- 
meters, 4 is the duct width in feet, and AM is the If 
deficit in ilf units. Table 2 is developed from this 
formula and indicates, for given values of AM and 4, 
the wavelength above which trapping will not occur. 
A rough generalization can be made by stating that, 
when the wavelength of the radiation is around 3 cm, 
duct widths of 20 ft or more will be sufiicient to cause 


simple surface trapping, and, when the wavelength is 
around 10 cm, duct widths of at least 40 or 60 ft will 
be sufiicient, provided in each case that the transmitter 
is located within the duct. Thus, for a particular radar 
frequency and location, an estimation of duct width 
becomes a critical factor in anticipating whether an 
appreciable amount of trapping will occur and con- 
sequently whether radar ranges will be appreciably 
larger than under standard conditions. 


Tablb 2. Values of the msxitnuin wavelength (in em) 
for which waves can be trapped in a surface duct for 
given values of M deficit (AM) and duct width (d). 


dm 

2 

5 

am 

10 

(M unite) 
15 

20 

25 

10 

0.97 

1.63 

2.36 

2.901 

3.36 

3.78 

20 

1.72 

3.14 

4.62 

5.75 

6.67 

7.49 

30 

2.19 

4.52 

6.80 

8.50 

9.93 

jujT 

40 

2.28 

5.74 

8.88 

JnT~ 

13.1 

14.7 

50 

1.69 

6.80 

10.9 

13.8 

16.2 

18.3 

60 

. . 

7.65 

12.8 

16.3 

19.2 

21.8 

70 


8.35 

14.5 

18.8 

22.2 

25.2 

80 


8.82 

16.2 

21.2 

25.2 

28.6 


Dependence on Extraneous Factors, Meteorological 
conditions other than ducts often have important 
effects on propagation. Surface fog frequently causes 
su)>Htandard conditions. Rain and clouds may attenu- 
ate the propagated energy and effectively decrease 
the range. Heavy rain and sometimes cumulo nimbus 
clouds cause radar echoes. 

Operational Use and Limitations 
The restrictions surrounding the possible utilization 
of this prediction technique have been covered earlier 
in this section, where it is indicated in what respects 
applicability is limited. Subject to these limitations, 
the method can be employed to advantage. Short-term 
predictions (a day or so ahead) of duct formation and 
radar range can aid in estimating the coverage of a 
particular radar set. Information of this nature should 
lead to the more efficient use of radar facilities. 

Computed Climatological Information 
on Surface Ducts 

Purpose op This Information 
Inasmuch as the present report is designed to aid 
radar and meteorological officers in the Pacific theater 
of war, it has been thought expedient to indude 
climatological information on that area which gives 
an indication of the occurrence of surface ducts. For 
this purpose, computations have been carried out, 
using the methodology given on pages 249*150, to 
yield the following : 

1. Estimation of the per cent of time surface ducts 
of certain widths are likely to occur at various times 
of the year and at various places in the western Pacific 
theater. 

2, Estimation of the variation in duct width with 
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tSi 

tbA time of year, geographical location, etc. 

S. Eatimation, from (1) and (2) above, of the 
amount ol trapping to be expected for specified radio 
frequencies and specified elevations of sites. 

Hboxoxs Chosek fob Study 

The area chosen for investigation was that bounded 
approximately by 10® and 60® N latitude and by 120® 
and 160® E longitude. These regions include the Japa- 
nese islands, the coasts of Korea, Manchuria, and 
China, northern Philippines, the Marianas, the 
Bonins, and the Hyukyu Islands. The computations 
were carried out for representatively selected 5x5 degree 
sectors or ^^squares.’’ The results for several regions 
in this area are summarized and are given b^ow. 

SouKCEs OF Climatological Data 

The charts and atlases used in compiling the data 
can be found in references 11 to 15. 

Method of Computation 

The procedures described on pp. 246-251 were ap- 
plied as follows: 

1. A determination of the monthly mean tempera- 
ture excess was made for each 6x6 degree square for 
each month (1) by taking the difference between the 
mean temperature of the air over the sea and the mean 
sea surface temperature, and (2) by taking the differ- 
ence between the mean temperature of the air at a land 
station (when the given square was near a coast) and 
the mean sea surface temperature. 

2. A determination of the monthly mean M deficit^ 
was made for each square for each month using the 
nomograms and taking the data for (1) the mean 
temperature and wet bulb depression of the air over 
the sea and the mean sea temperature, and (2) the 
mean temperature and relative humidity of the air 
at a land station (when the given square was near a 
coast) and the mean sea temperature. 

3. For each square for each month note was made 
of the various surface wind velocity ranges that oc- 
curred witli each wind direction (eight points of the 
compass) and the percentage of time the wind lay 
within each velocity range.* 

4. In terms of the mean temperature excess and 
mean M deficit, the corresponding duct width Was 
computed for each wind velocity range, and, knowing 

^nieae ealculatio&t do not lepresent exactly the oomot 
mean value of the M deficit, sinoe M is not a linear function 
of the temperatuie and hwnictity, and so the value of M com- 
puted from mean temperature and humidity data is not quite 
the same as the mean of all M’s eompuM from individual 
temperatures and humiditiei. A cursory evaluation of this 
error has indicated that the values computed are if anything 
oonsemtive, Le., that the actual mean M defidta are prob- 
ably latger than those computed. 

*Thts led to a sli^t error, inasmuch as the wind at 1,000 ft 
should have been used in plaoe of the surfaee wind (data 
were available only for the latter). This error in most cases 
resulted in calculated duct widths of sliid^tfy less maipiltiide 
than would have been obtained if the l,000^t wM hgd 
been used. 


the percentage of time that winds of each magnitude 
occurred, it was possible to compute Ihe percentage of 
time that ducts of various widths would occur, both 
for each wind direction (on an eight point compass) 
and for the overall picture regardless of wind direction. 

Results of Comfutatxoks 

The results were summarized by lumping individual 
squares showing similar characteristics into nine re- 
gions within the whole area. In each region data for 
tlie individual months were lumped together on the 
basis of similarity to divide the year into three or four 
parts (these varying according to region). Then for 
each group of months in each region were listed those 
results which were considered to be the most impor- 
tant, namely, 

1. The range in duct wldtlis, giving an indication 
of the variability at any one place at any one time 
of year. 

2. The percentage of time that ducts characterized 
by widths greater than 40 ft occur and, following this, 
the most prevalent wind direction associated with 
ducts of these widths, as well as the minimum wind 
velocity necessary to establish them. 

3. The percentage of time that ducts characterized 
by widths from 20 to 40 ft occur, similarly followed 
by the associated prevailing wind direction and the 
minimum required wind velocity. 

4. The percentage of time that ducts do not occur 
or have a width less than 20 ft. 

Figure 20 contains these summarized results. The 
numerical listings in the figure make no claim toward 
being exact, as is evident in view of the remarks made 
onpp. 249*251 on the applicability and limitations 
of the method, in addition to the slightly erroneous 
computations of the monthly mean M deficit and the 
use of the surface winds instead of those at 1,0(K) ft. 
(The effect of the latter two errors is mainly to cause 
the calculated duct widths to tend toward the conserva- 
tive side.) In Figure 20, for purposes of consistency 
tliroughout the area, only the calculations based on 
air temperature and humidity records over the sea 
were used [i.e., only (1) under ^^Method of Compu- 
tation”]. The difference between these calculations 
and those based on land station data is primarily that 
temperature excesses and M deficits are larger in the 
latter case (this again tends to make the tabulated 
results conservative). 

Other deficiencies of the method which might be 
cited are the neglect to take into account the occur- 
rence of fog or rain (which tends to create substandard 
or standard conditions) and the omission of the in- 
fiuence of local effects such as the topography along 
coast lines (see pp* 264-266). In some cases the 
period of record was fairly elmrt^ so that the data 
used in the calculations were not always comj^etely 
representative. Lastly, the ranges of duct widths wexe 
cakiulated on tibe assumption that there wae a vaxia^ 
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Figurb 20. Summariied results of dimatological duct with calculations. 


tion of wind speed only^ not allowing for possible 
variation in temperature excess and U deficit. 

In spite of these shortcomings, tlie calculated re- 
sults allow regional and seasonal trends consistent 
both with what might be expected on the basis of 
qualitative physical reasoning and also with a limited 
number of actual observations taken in the Pacific 
(see pp« 254*256). In conclusion we may safely state 
that ^e results represent to a reasonable approxima- 
tion the average conditions of surface duct width and 
variabilify. 

UsK Of OoMFunm Bxsuits 

' Since the computations are based on dimatological 
data and are limited in exaotnesa, they do not have 


what trapping conditions will be on any particular 
day. They serve merely to indicate in a generd waj the 
average conditions that might be expected over a pe- 
riod of time. For example, the percentage of time that 
duct widths in excess of 40 ft occur gives an estimate 
of the fraction of time that properly sited S- or X- 
band radars would be able to take advantage of ex- 
tremely large ranges ; the percentage of time that duct 
widths from 20 to 40 ft occur indicates that portion 
of Uie time in wluch X-band radars would be needed 
to benefit from surface duet conditions ; the percentage 
d! time that no ducts (or exceedingly small ducts) 
occur points out limitations in the utilisation of 
simple surface trapping. Inasmuch as the transmitter 
‘ should be located within the duct (if the maximum 
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forecasting value in the sense of indicating speciRcallv 
benefit is to be received from trapping conditions), 
these factors indicate preferable elevations of the 
transmitter. In general, the information given in Fig- 
ure 20 can be helpful in relatively long-range plan- 
ning procedures, in deciding on the most effective 
type of radar set, the optimum frequency to use, and 
ihe most advantageous elevations at which to estab- 
lish sites, etc., for operations to be conducted during 
a particular sea^n of the year and in a particular 
region. 

Direct Indications of Nonstandard 
Conditions in the Western Pacific 

Gunebal Conclusions 

Evidences of superrefraction have frequently been 
found at Guadalcanal and in the general vicinity of 
New Guinea and New Zealand. Data obtained on the 
radio-meteorology of the western Pacific in the region 
from New Guinea to Saipan, from soundings made 
there in 1944 and 1945, indicate the following con- 
ditions in both the equatorial and trade wind belts of 
the Pacific. 

1. Unmodified winds of long sea trajectory pro- 
duce ducts which attain sufficient height and intensity 
to trap microwaves in the 3,000- to 10,000-mc range. 

2. At the relatively low wind speeds characteristic 
of the equatorial belt (4 to 10 knots), the duct height 
increases with wind speed from about 20 to about 40 
ft. X-, and possibly S-, band radars with properly 
placed antennas may be expected to show marked in- 
crease in range on surface craft and on aircraft fiying 
within the duct. 

3. At the higher wind speeds typical of the trade 
wind belt (10 to 20 knots), ducts 50 to 60 ft wide 
occur regularly. Properly sited S-, as well as X-, band 
radars may be expected to show marked and persistent 
increases of range on surface targets. The persistence 
of the duct in these regions suggests its use in micro- 
wa\e communications. 

4. Unless modified by passage over nearby land 
masses, the atmosphere is approximately standard 
from 60 to 1,000 ft. 

5. The results are so similar to earlier measure- 
ments taken in the Caribbean on northeast trade wind 
air of long sea trajectory as to warrant the conclusion 
that this type of duct formation is general, at least in 
tropical and subtropical regions, throughout the world. 

6. From the experimental results around Saipan 
and the Marianas it is concluded that the coverage of 
radars operated at frequencies much lower than 3,900 
me will probably not be affected by the oceanic ducts. 

7. Tlie coverage of microwave radars (3,000 inc 
aikd higher) which are sited above 100 ft may not be 
affected by low-level conditions. 

8. If coverage on surface craft or ultra-low-flying 
aircraft beyond the range of existing facilities is re- 



Fiouni 21. Data from Geelvink Bay, New Guinea, 
showing surface duct as well as elevaM S-shaped duct 
due to F6hn effect from 10,000-ft mountains 100 to 150 
miles to windward (SW). 

quired and if prevailing wind speeds exceed 10 knots, 
S-band radars sited 10 to 30 ft above sea level may 
give better results than high-sited ones. 

9. X-band radars sited at 10 to 20 ft should be 
useful down to wind speeds of the order of 6 knots. 

10. Tn microwave communication links, the use of 
low-sited antennas may increase range beyond that 
attainable by siting at the highest available altitudes. 
(From the standpoint of water vapor attenuation and 
duct utilization, X-band frequency appears to be the 
optimum for this purpose.) 

11. From a series of ship-based kite soundings tak- 
en northeast of Saipan in the two. distinct weather 
regimes, (1) a typical fair weather period, with steady 
10- to 20-knot trades blowing and (2) a stormy period 
with variable 4- to 15-knot southerly winds and fre- 
quent rain squalls, it has been found that all sound- 
ings yield simple surface trapping curves exclusively, 
the average duct widths being respectively (1) 44 ft 
and (2) 37 ft. 

12. Although measurements were not taken under 
the conditions mentioned in paragraph 11 (2) above. 



T^Meao, Hmuliu, 1986. 
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■oundings inunediately after the njualla allowed tlie simple surface trappings nonstandard propagation is 

usual duct. (Sea surface temperatures were constant found under other distributions of atmospheric mois- 

at 84 to 86 F. Close to the surface the temperature fore and temperature. Elevated inversions are found 

lapw rate was superadiabatic, but it was dry adia- up to around 6,000 ft, due to subsidence in anti- 

batic above 100 ft) cyclones over the Pacific' ; the western and .the 

OnnmTATiONS ofoh Ducts othto than southern portions of this area usually exhibit the 

SxxnR SOTfAC* TbaWINO ^higher elevations. Illustrative of one of the other fac- 

Although the emphasis in this report is placed upon tors in nonstandard propagation is the F8hn wind 
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which often produces an elevated S-ahaped duct and 
treqfuently in superimpoaed upon a aea breeze. Figure 
Slj plotted from data taken in the vicinity of the 
New Guinea cousi^'* indicates the occurrence of an 
elevated S^ehaped curve, below which ie found simple 
surface trapping or tlie usual trade wind surface in- 
version. While the existence of conditions favorable 
to such eftects otl the coasts of Japan may be assumed, 
on account of the lofty mountains, there are no 
data available on this point. The only information on 
trapping in the Japanese area has been obtained from 
a study of soundings made in 1928 at Tateno,^* on the 
east coast of Honshu, some fifty miles from Tokyo. 
The data, plotted in Figure 22, shows three cases of 
an M inversion. The numerical quantities are given 
in Table 3 . 


Tabli 8. Aerologjeal soundings at Tatano, Honshu, in 
1928, together with computed duet widths and the magoitudb 
of the AT deficit. 



Elevation 

Elevation 

Duet 

Magnitude 


of duet 

of duct 

width 

of M 

Date 

top (ft) 

baee (ft) 

(ft) 

deficit 

Mayl 

1,900 

1,300 

600 

-6 

August 23 

1,000 

1,250 

660 

360 

-6 

September 29 

950 

300 

-2 


Notb on Attu and thb Alkutians*®**^ 

Fixed echoes have been obtained at abnormally 
long ranges (100 to 150 miles). The ^'Battle of the 
Pips’* was an illustration of pronounced superrefrac- 
tion. The latter has been observed on at least four 
occasions by oi)crator8 of airborne radars returning 
to Altu from missions over the Kuriles, when VHF 
radar beacons have returned signals to planes at 5,000 
ft and 300 to 350 miles, or about three times the 
horizon line distance. Meteorological data on duct 
conditions during the cycle of the Aleutian seasons 
arc needed (up to 1,000 ft). 

APPENDIX 

Standaiu) Atmospheub 

Definition, The National Advisory Committee on 
Acronautii^s [NACA] defines the ‘^standard atmos- 
j>hcic” as that which exhibits: 

1 . A sea level pressure of 1,013 mb ( = TOO mm of 
mercury = 29.92 in. of mercury). 

2 . A sea level temperature of 16 C ( = 69 F) which 
decreases at a rate of 6.6 0 per km ( == 3.47 F per 1,000 
ft) in the lower atmosphere; and in addition tlie 
moisture content may be specified as follows: 

3 . A relative humidity of 60 per cent, which corre- 
sponds to a water vapor pressure of approximately 10 
mb at sea level and to a rate of decrease in the lower 
atmosphere of about 1 mb per 1,000 ft. 

PropoHiu. The following table for the standard 
atmosphere indicates the variation with height of (a) 
temperature, (b) pressure, (c) water vapor pressure 
for 60 per cent relative humidity, (d) a quantity eon* 


taining the index of refraction, n, and (e) the modi* 
fiod refractive index. Af. 

Water vapor 
Temper- Free- pressure tor 


Altitude 

ature 

Min 

60% RH 



Meters Feet 

C 

P 

(mb) 

(mb) 

(n-l)XlO* 

M 

0 0 

15.0 

69.0 

1,013 

10.2 

322 

322 

160 492.1 

14.0 

57.2 

995 

9.6 

316 

839 

300 984.3 

13.0 

66.4 

977 

9.0 

309 

367 

600 1,640.4 

11.7 

63.1 

966 

8.3 

300 

879 

1,000 3,280.8 

8.5 

47.3 

894 

6.7 

281 

438 

1,600 4,921.2 

6.2 

41.4 

846 

5.8 

266 

601 


Radio Metkohology Teums 
Index of Refraction, This can be defined for any 
particular medium as the ratio of the velocity of 
electromagnetic waVi^e in a vacuum to their velocity 
in the medium. Ihe relationship indicating the 
amount of bending or change in direction t^t occurs 
as electromagnetic radiation crosses a boundary be- 
tween two media with different refractive indices is 
given by Snell’s law: 

nicosoi nt 00801 

in which is the refractive index of the first medium, 
II, that of the secmid medium, tlie angle which ilic 
ray in leaving the first medium makes with the boun- 
dary, and a, the angle which tlie ray in penetrating 
the second medium makes with the boundary. In the 
case of the atmosphere (one medium witli a variable 
refractive index) this expression can be modified to 
relate the gradual bending of a ray to tlie manner in 
which the refractive index varies. The value of the 
refractive index, n, at any particular point in the 
atmosphere can be determined from measurements of 
pressure, temperature, and humidity by substitution 
in the formula, 

or, cxprciKoil ditlerciitly, 

/ iMn. 79/ , 4800e\ 

(n - 1) 10* “ y + -jr- J > 

in which the temperature, T, is measured in ^K, and 
the atmospheric pressure, p, and \apor piessure, e, 
in millibars. 

Modified Refractive Index, It is considered more 
convenient, in problems of radio propagation, to de- 
fine a slightly different quantity M, which is related 
to the index of refraction by 

in wliich n is the index of refraction, a is tlie radius 
of the earth (21 X 1 (P ft) and h is the height above 
the surface of the earth (measured in the same unite 
as A). In terms of pressure, temperature, humidity, 
and M is given by 
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in which the nDite of measurement used are the same 
as above. The rate at which M increases with altitude 
is given by 



which in the standard atmosphere is 

-0.039 + 0.157 

dh 

n 0.118 M unit per meter 
■■ 0.036 M unit per foot. 

Psychrometric Nomogram^ Badiation Laboratory 
(MIT) has developed a nomogram with which to 
compute the modified index of refraction from the 
necessary meteoro](>gi(*al parameters. This chart is 
known as ilie psychrometric noiiiogi*am. (See p. 355.) 

Mkteobological Tebus 

Absolute Humidity. The mass of water vapor pres- 
ent in a unit volume of air is known as the absolute 
humidity of the air. It is anotlier way of expressing 
the water vapor density. 

Specific Humidity, The specific humidity of moist 
air is the ratio of the weight of water vapor mixed 
with the air to the weight of the. moist air. If p is the 
barometric pressure and e is the partial pressure of 
tlie water vapor, then the specific humidity is given by 

«!>»'«• 

Mixing Patio, The ratio of the mass of water vapor 
mixed with unit mass of perfectly dry air is known 
as the mixing ratio and may be expressed as 

II, « 022—^ gperkg. 

p — « 

Relative Humidity, The ratio of the actual water 
vapor pressure to the saturation vapor pressure at the 
same temperature is known as the relative humidity 
of moist air. If e and s« are the respective vapor pres- 
sures, then (in per cent) the relative humidity is 
expressed as 

RH - - X 100 . 


Wet Bulb Temperature. The lowest temperature 
to which a wetted ventilated thermometer can be 
brought by evaporation is called the wet bulb tempera- 
ture. It is not strictly an air temperature. 

Air Maee. An extei^ve body of air whidi approxi- 
mates horizontal homogeneity is known as an air 
mass. The four principal types are illustrated by the 
accompanying table. 


Source 

region 

Moisture 

edassifi- 

oation 

Thermal 

(dassifi- 

oation 

Name 

Symbol 


Dry 

Hot 

Tropical continental 

cT 



Cold 

Polar continental 

cP 

Ooeanio 

Wet 

Hot 

Tropical maritime 

mT 



Cold 

Folu maritime 

mP 


Front The surface of separation between dissimilar 
air masses is known as a frontal surface. On a surface 
weather map a ^Tronf’ is the intersection of this sur- 
face with the surface of the earth. 

Dry Adiabatic Lapse Pate, When dry air ascends 
BO as to expand adiabatically, it is said to cool at the 
dry adiabatic lapse rate (5,5 F per 1,000 ft or 1 C 
per 100 m) . There must be no condensation or evapora- 
tion of associated water vapor during the process. 

Subsidence, An extensive sinking process, result- 
ing in dynamically heated air and an increase in 
stability, most frequently observed in anticyclones, is 
known as subsidence. 
iKSTBUOnONS VOR USB OF NOXOORAIC 

This nomogram (Figure 33) may be used to com- 
pute M when temperature is expressed in degrees 
Fahrenheit or centigrade, humidity in terms of wet 
bulb (degrees Fahrenheit or degrees centigrade), dew 
point (degrees centigrade), or vapor pressure (milli- 
bars), and height in feet or meters. Place a straight- 
edge so as to align the temperature on scale 1 with the 
wet bulb temperature on scale 3 (or with the dew point 
or vapor pressure on scale 4). The point at which the 
straightedge intersects scale 6 indicates the value 
of the modified index uncorrected for height. Pivot 
the straightedge at this point (on scale 6) so that 
it crosses scale 3 at the desired height. Then read the 
value of M where the straightedge crosses scale 6. 
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Chapter 4 

REFLECTION COEFFICIENTS 


REFLECTION COEFFICIENT MEASURE- 
MENTS AT THE RADIATION 
LABORATORY* 

D uring the latter part of 1943 the S-band reflec- 
tion coefficient measurements begun in the spring 
and reported at the July 1943 conference have been 
carried on, and work of a similar nature has been 
started to determine X-band values. The interference 
pattern was observed by recording field strength as a 
function of distance with both receiver and trans- 
mitter heights held constant. One end of the path was 
ground-based, while the other end was carried in an 
airplane which flew over sea toward the land station 
at a constant altitude and bearing. A one-way c-w path 
was used, the transmitters, receivers, and recorders 
being identical to those used previously. The time con- 
stant of the receiver and recorder was 0.3 sec, corre- 
sponding to 0.01 mile for the usual air speeds used. 

When appreciable specular reflection was obtained, 
a regular succession of maxima and minima were 
observed on the record. The product of the divergence 
factor and reflection coefficient was found by deter- 
mining the ratio of electric field strength at adjacent 
maxima and minima. The geometrical expression for 
the divergence factor was assumed correct and all 
variations were lumped in the experimental value of 
the reflection coefficient. It was required that a record 
give a check on the positions of maxima and minima 
for standard refraction and that the maxima obey 
the l/E* law (power) before the record would be 
worked up. 

Flights over laud made in 1943 at Orlando, Florida, 
Biverhead, Long Island, and Cambridge, Haasa- 
chusetts, fail to show a regular interference pattern. 
There is a snore or less erratic variation of field in- 
tensity with distance, but the magnitude of the vada- 
iion is generally small, and the reeotds obey the 
1/A* law. It is believed that the terrain is rough 
enough to scatter all incident radiation of micro- 
waves and that specular reflection will therefore not 


^ W. J. FIslibabIc, Hadiatkm hahonUoiy, MIT. 


be observed. There is considerable evidence, however, 
that if a microwave transmitter is placed at a fairly 
low height over terrain as smooth as an airport run- 
way, specular reflection will be observed. 

Observations over sea made late in 1943 on S band 
with horizontal polarization have not agreed with 
earlier results. A correlation has been found between 
wind (and presumably wave) direction with respect 
to the path and the magnitude of the reflection coeffi- 
cient. The correlation suggests that low values ob- 
served are due to back scattering. Figure 1 shows lines 
drawn as a means of the values observed on the 4 days 
when exceptionally good flights were made during the 
winter. On November 25, the wind was blowing across 



Fiouxb 1. Reflection coefiieient, hmisontal polarisation, 
venuB grasina angle. Sea water. Waveleni^h—S-band. 


the path, and high values of the reflection coefficient 
were observed. On November 22, the wind was blow- 
ing along the path, and low values were observed. 
On December 29 and 30, the wind was blowing 
obliquely with respect to the path and intermediate 
values were observed. While the values on any given 
flight lie fairly close to the lines, there is a consider- 
able amount of scatter. This scatter is now believed 
to be real and supports the results obtained by the 
British. 

Figure 2 shows the results obtained this winter on 
^ S band with vertical polarization. The values ob- 
served fall about the theoretical curve. If any corre- 
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lation with wind diraction esdite, it ia masked by the 
?aiiation within a single flight. 

Equipment difficulties haye just been oyeroome 
and work is gcftting under way to determine X-band 
yalues. One flight made on horisontal polarisation 
shows yalues greater than 0.9 up to 3 degrees. On 
three flights made with yertical polarisation the points 
haye fallen just lightly aboye the theoretical curye. 

It is planned to can^ on simultaneous measure- 
ments of X- and S-band yalues to determine the yalues 
to be expected on X band and to proye or disproye the 
corrcdation suggested aboye. 


Exjsotbical Cokstakts op thb Groukd, 

8xa, and Fbbsh Water 

To obtain reliable data on the reflection coefficient, 
dielectric constant, and conductiyity of the ground 
and also of fresh and sea water, a series of radio ex- 
periments were performed^** which gaye results that 
compared fairly well with those obtained in labora- 
tory experiments. The experimental conditions were 
relatiyely well defined and the physical characteristics 
of the ground or water deriyed from these experiments 
appear to be highly reliable. The wayelengths of the 



RRAZlNa ANaLfS IN OEaRECS 

Ffcran 3. Refleottoii ooeffieie&t, vertical polarisation, venus gwiiig aii|^. Sea water. Wavelength— 8 band. 


EARTH CONSTANTS IN 
THE MICROWAVE RANGE<» 

Reflectioii CoeflBicieiita 

In writing a summary of the latest results, it wat 
thou^t lhat the following grouping of t^ data 
would be usefuL 

1. Determination of the dectrical constants of tibe 
ground, sea, and fresh water. 

2. Study of ground and sea reflections under oondi- 
ti<ms encountered in actual operations. 

8. Irregular refleotions or acatlerinir. 

<*«yli,Qcldrte^Oeiimfl^ 


ndiation uwd in thew experiment! lie in the S band 
at 9 and 10>om. 

In the experimoit! with 9-cm waTes/'* the nature 
of the reflecting surface was prq>ared beforehand and 
its humiditrjr, occasionally, well controlled. Similarly, 
with Tegetatum on the ground, the reflectimi oonld be 
measnmd with ditEerent hei|^ta of the turf whidi was 
grown on the gronnds reaerred for the measniemeuth 

The conditions of the ground in the exparimenta 
witii 10^ wares were aomeehat bss wril defined. 
Howaror, the expeninental setap waa portaUe in 
this ease, whidi proved to be adrantageons. 

It samna deiitiUe to fl^ra firat tha rendti obtaiiMd 
aader tha 1wat.4eflned oowfitiona*** (9 cm) for a 
rariaty of gnmnda and oomiiare thoea with ^ re. 



REFLECTION COEFFICIENTS 


261 


Biilts of the 10<m waves obtained under less well- 
defined conditions.* The latter resalte are given al- 
ways in graphical form. 

The grazing angle interval ( 0 ^ to about SO^) ex- 
plored with the 10 -cm waves was quite large, and a 
graphical representation of the results is well justi- 
fied. At 9 cm only three or at most four angles of in- 
cidence were investigated. 

The schematic representation of the experimental 
setup is given in Figure 3. If p denotes the ratio oi 



the amplitude of the reflected wave to that of the 
incident wave in the vicinity of the reflecting sur- 
face, then at the position of the receiver the total field 
received in case of reinforcement is 

Erntet “ F -f" kpE, 

E is the field strength of the direct wave and is a 
correction factor taking into account the directivity 
of the transmitter and receiver as well as the increased 
path length of the reflected ray as compared to that 
of the direct ray. In case of phase opposition 

Enin * — kpE, 


These lead to 

Throughout the work at 10 cm this corrected reflec- 
tion coefficient (kp) or / has been investigated. Pre- 
sumably h is nearly unity so that / — p. 

Very Dry Sandy Ground, Table 1, for 9 cm, refers 
to very dry ground. In order to obtain a precise value 
of the complex dielectric constant of this very dry 
sandy ground its absorption coefficient was measured 
directly. The measurement was made by interposiug 
a filled container between transmitter and receiver. 

Tabub 1. Reflection ooeffioieati of very dry sandy ground 
for X « 9 


Gracing 

ang^ Vertical polarisation Horisontal polarisation 

degrees Calculated Observed Calculated Observed 


22 

0.18 

0.20 

0.48 

0.47 

36.5 

0.015 

0.03 

0.33 

0.33 

46.6 

0.08 

0.09 

0.26 

0.27 


The container, a wooden trough, had ^ in. plate 
glass ends, 18 in. square, one of which was movable, 
thus allowing a test of the absorber up to a thickness 
of 12 in. The most suitable values of cr (real part 
of the complex dielectric constant co) and conductivity 
or or ei — 00 crX (imaginary part of the complex 
dielectric constant) which fit the reflection and ab- 
sorption coefficient data were found to be cr = 2 , 9 
= 0,033 mho per meter, ^ = 0.18. 

It should be mentioned here that the calculated 
reflection coefficients were obtained by usinjg the gen- 
eralized Fresnel formulas for reflection of electro- 
magnetic waves by plane dielectric surfaces. The in- 
cident waves travel in vacuum (or air) and fall on 
the plane surface of a dielectric at the grazing angle 
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!l!lie complex dielectric constant c« is 

— iirff 

where <r is the real part of the dielectric constant and 
ic — dOirX is its imaginary part. <r is the oondoctiviiy 
of the dielectric medium in mhos per m^ and k is the 
wavelength, in vacuum, of the* incident radiation. 
The generalised Fresnel formulas, for horizontally 
and vertically polarized waves, respectivdy, are 


sin ^ — (e, — co8*^)* ... . 

Pif » - £—7 (honzontal) 

8mW+ (f* — oos*^)* 


_ c,8inW-(<,-cos«^)* 
c«8inW+ (e«— coB*^)* 


(vertical), 


where p denotes the magnitude of the complex reflec- 
tion coefficient and ^ is the angle of lag of the 
reflected component l^hind the incident component 
of the electric field. 

The results at 10 cm and for dry sand are given 
in Figure 4. The theoretical curves given on the 
graph do not necessarily represent the best fit. These 
curves were computed for cr = 4 and a = 0 (perfect 
dielectric). The experimental Brewster angle turns 
out to be around 23^ (grazing angle). 

The experimental results for clay-sand soil are 
given in Figure S. The theoretical curves are the 
same as those given in the preceding case, that is, 
f or €r = 4 and cr = 0. It will be noted that the fit 
with the experimental values is less satisfactory in 
this case. The author attributes the discrepancy be- 
tween the observed and computed values of the re- 
flection coefficient, in part, to the quality of tlie soil 
which consisted of lumps of about a half wavelength 
diameter. In general the roughness of the ground con- 
tributes considerably to scattering. It is rather to be 
expected that a theoretical curve representing specular 
reflection coefficients from a smooth surface should 
not fit well the experimental data referring to such 
a rough ground. 

Saturated Ground, Table 2 represents the results 
obtained at 9 cm for the reflection coefficient of sat- 
urated ground. 

The most suitable values of cr and a or €« to fit both 
reflection and absorption measurements are cr = 24, 
a =s 0.66 mhos per meter, and •« = 3.66, 

Tests carried out at 10 cm on ground of somewhat 
similar type (tidal flat and moist sand) are given in 
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Fxourb 6. Reflection coefficient p* venus cm. 

d»100,300ft. 

Figure** 6 and 7. The theoretical curves in Figure 6 
correspond to a perfect dielectric (a = 0) with §r = 
10. Since the conductivity of the soil is not zero, the 
true value of the reflection coefficient for vertical 
polarization cannot be zero at the Brewster angle. 
The data seem to confirm this point. 

The data of Figure 7 refer to moist and very smooth 
beach sand. It is thought that these observations are 
the most reliable so far as self-consistency is con- 
cerned. Again the computed curves refer to a perfect 
dielectric with cr = 16. 

An important difference between the measurements 
at 9 cm at a fixed location and those made at 10 cm 
with the portable setup consists of the fact that at 9 
cm direct absorption measurements could be per- 
formed in addition to measurements of the reflection 
coeffident.The electrical constants could thus be deter- 
mined at 9 cm without ambiguity. 
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Figuiib 6. Reflection coefficient p' venus 10 cm. 

doflOft. 


erasing 

ani^ 

degrees 


Tabui 2. Reflection coeffidents of saturated ground. X » 9 em.h* 


Vertioal 


Calculated 

• 24 Rr « 25 

a •> 0.66 4r * 0 


/■ vt. 1 

UDservea 

Hwiry Wstand 
win tyhow 


HoriMBtel polMiwtioii 


f. « M .r • 25 
<r<.a5S ff-0 


Obnrnd 

BsiiTy Wttmd 
win byhw» 


0.M «4» 

0.78 

0.72 a74 
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Fiouiix 7. Reflection coeflioient p* versus X«10 cm. 
d-300. 90 ft. 

VftBh Water and Salt Solution (or Sea Water) 
(1) Tap water. Table 3 gives the results on the refliec- 
tion co^cients of tap water (temperature not given). 

Table 3. Reflection coeflicients of tap water. X • 9 


Orasing 

angle Vertical polarisation Horisontal polarisation 

degrees Calculated Observed Calculated Observed 


20 

0.51 

0.51 

0.92 

0.90 

35 

0.69 

0.67 

0.88 

0.88 

46.5 

0.73 

0.70 

0.85 

0.83 


3. Salt solution. In order to simulate sea water a 
4 per cent salt solution was used for the determination 
of the reflection coefficient. At 9 cm the best flt was 
obtained with cr — 80^ o = 6.1 mhos per m, and u 
= 33. 

4. Sea water. Figure 9 gives the results obtained 
at 10 cm. The computed curves drawn to flt the data 
correspond to cr — 69, ir = 6.5 mhos per m, si » 89. 
It appears that the data can be fitted with the com- 



The values of cr and €< which best represent both the 
reflection and absorption data are cr = 80, <r = 2.2 
mhos per m, and u = 11«9. 

2. Fresh water pond. The results on 10-cm waves 
are collected in Figure 8.* These data refer to a fresh 
water pond and the theoretical curve corresponds to 
a smooth and perfect dielectric surface with cr == 80. 
The curves do not fit too well at the smaller grazing 
angles. If the conductivity were taken into account. 



FtauBB 8* Reflection coefficient p' versus X<» 10 cm. 
d»90, 225 ft. FVesh water pond* 


presumably a better flt might be adiieved. Two poinii^ 
marked Fordi^ taken from Table 8 were included 
for comparison* 


Figure 9. Reflection coefficient p' venus X* 10 cm. 
d» 130 ft. Sea water (tidal canal). 

puted curves as long as the ripples on the tidal canal 
are of small amplitude (about 1 in.). 

Figure 10, which also refers to sea reflection, cor- 
responds to ripples which had an amplitude of about 
2 in., and here the observed reflection coefficients for 
vertical polarization fall well below the computed 
curve at the larger values of grazing angle. Probably 
the choice of the dielectric constants used in the com- 
putations may account for at least a part of the dis- 
crepancy. 

Orass-Covered Ground, The following results ob- 
tained at the experimental grounds^*^ with 9-cm waves 



FiQTTai 10. Reflection coefficient versus^. X<»10cm. 
d"> 90 ft Sea water* 
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RADIO WAVE PRWAGAHON EXPERIMENTS 
TabmA ReflaetioDooefficieiitof WrdiiiriMHMimdgr^^ X«9em« Qiasiiig aiigte 10*. 


Vertical polariaation Aafitmad conataiita Horiaontal polaiiaatimi 
Ofouiid oonditbiis Calculftied Obaenpcd tr cnhum/m Caloulftted Obaarvcd 


Glass out veiy short and rolled diy. 

(No rain for at least 7 days.) 

0.47 

0.46 

3 

a056 

1 

0.79 

0.79 

Cut very short and rolled wet 
(Several hotin rain on previous nl^t) 

0.36 

0.37 

6 

0.11 

0.86 

0.86 

Grass about 1 in. high, wet 
(Same day as previous test) 

a36 

OM 

6 

0.11 

0.86 

0.83 


Table S. Masnltudca and obaerved valuaa. X » 0 cm.ii* 


Appearance of ground 

Height of 
vegetation, 
cm 

22* 

V h 

Graiing angle 
86,6* 
p h 

0S^* 

V A 

Bare 

0 

0.32 0.86 

a60 0.78 

0.68 

0.74 

True leaves beginning to form, ground visible 

3-4 

0.40 OM 

0.44 0.66 

0,47 

0.66 

Dense clumps, ground showing in places 

9-12 

0.18 0.66 

0.23 0.68 

0.33 

0.40 

Ground almost obscured 

2(h25 

0.06 0.82 

0.10 a39 

0.17 

0.41 

Ground completely obscured 

83-46 

0.04 0.19 

0.06 0.26 

0.11 

0.28 


refer to various types of grass-covered earth. 

The results obtained with the portable 10-cm set 
appear on Figures 11^ 12 , 13^ and 14. These graphs 
sltow clearly the influence of vegetation on the re- 
flection coefficient. Consult Table 6 lor corresponding 
tesulti at 9 cm. 
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Fioubb 11. BefiecUon ooeffident p veraua X«« 10 cm. 
d"*925 ft. Grass covered ground. 


Since, Jiowexcr, the data of Table 5 refer to wet 
vegetation-covered ground, they cannot be compared 
directly with the results at 10 cm since these seem to 
correspond to dry vegetation. 

Table 6 gives the data obtained at 9 cm for un- 
mown meadow land having an average variation in 
ground level of about 7 cm. The ground was covered 
with a dense layer of grass about 30 cm high. The 
reflection coefficient of this surface was measured, 
then remeasured with the grass mown as short as the 
roughness of the ground permitted. The turf was next 
removed, some of the irregularities of the ground were 
eliminated, and the reflection coefficient of the sur- 
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Fioubb 13. Reflection coefficient p venus X« 10 cm. 
d>»100 ft. Beet field with weeds. 



d 100, 826 ft. Qnm covered ^woiid. 


1 ^. X^lOcm. 


d«108, 800 ft. Trees, bushes, wee^ soil. 
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Omthig VMoal polariMtioii HoriiontAl polaritntion 


aa^. 

degress 

Level 

estimated 

Long 

giasB 

Short 

grass 

Bare 

Level 

esthnated 

Long 

gHMS 

Short 

gmes 

Bare 

22 

0.20 

0.08 

0.20 

0.28 

0.82 

0.12 

0.74 

a8i 

86.5 

0.40 

0.06 

0.17 

0.27 

0.73 

0.12 

0.43 

aso 

4M 

0.48 

OM 

0.16 

0.26 

0.68 

0.08 

0.36 

0.46 


face 80 prepared woe measured again. The results of 
these measurements are to be found in Table 6. The 
eaiimaUd reflection ooeflScient of level ground of the 
same moisture content is also induded here. 

Finally, the results on the electrical constants of 
diilerent kinds of grounds for 9-cm waves have been 
collected in Table 7. 


Tablb 7. Eleetrioal oonstants of the ground. X « 9 em.^> 


Medium 

<r 

V mhos/m 


Attenuation 
factor db/m 

Very dry sandy loam 

2 

0.038 

0.178 

36 

Saturated sandy loam 24 

0.666 

3.54 

220 

Tap water 

4% solution of ooane 

80 

2.22 

12.0 

380 

salt 

80 

6.11 

33.0 

1100 

Dry turf 

3 

0.065 

(eat) 

*0.30 

50 (calc) 

Wet turf 

6 

0.11 

(Mt) 

0.60 

80 (calc) 


It is seen that in the previous experiments^ * no 
attempt was made at finding the phase angle shift at 
reflection. At 10 cm* such an attempt was made. How- 
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FioimllX Ssarellestioa ooefRoieiit /»fve^ ^ 

ends it at 10 cm, VerUesl p oisiisatton. 


ever, the distances involved here could not be meas- 
ured more accurately than a small fraction of a half 
wavelength, or 6 cm. Therefore, these experiments 
are not to be considered, as the author himself points 
out, as giving quantitative information on the phase 
angle shift at reflection and they will not be dis-< 
cussed here. 

Summary of Experimental 
Investigations on Reflection 
Here the results of ceiiain additional reports of 
experiments on microwave reflection by either sea or 
land performed under more nearly operational con- 
ditions are summarized.*** 

In one series of experiments* performed by British 
workers, at 9.3 cm, the transmitter was located on the 
shore and could be placed at two heights, 35 and 130 
ft. The receiver was placed on a ship at a constant 
height of abo\it 33 ft. The field strength of the radia- 
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FEomu 17. Sea lelleetion eoeffiioient Ph versus grasiiig 
aaids i at 10 em. Horisontsl poUiisatioii. 
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Fiourb 16. Cfobb leoticm of Forth Gain Bay (Wales) in vertioal plane through transmitter and receiver. 


tion was measured as a function of the distance from 
the transmitter. This distance varied between 3,500 
and 42,000 yd. The observed values of the field 
strengths correspond well with calculations based on 
electromagnetic theory. 

In a second series of experiments® both the trans- 
mitter and receiver were stationary. The topography 
of the location and the experimental setup are rep- 
resented schematically in Figure 15. The main con- 
clusion drawn from these experiments was that even 
for a calm sea (vertical amplitude of the waves less 
than 8 in.) the mean amplitude of the reflected ver- 
tically polarized beam was only, about half the steady 
amplitude of the direct wave. The amplitude of the 
reflected wave, however, occasionally rises to greater 
\ allies than that of the direct wave, but this lasts only 



for short lengths of time of the order of 0.5 sec. 

In the case of the reflection of horizontally polar- 
ized radiation at the surface of a smooth sea it is 
known that even for grazing angles as large as 10® 
the amplitude of the reflected wave is very nearly equal 
to that of the direct wa^e. The irregularities of the 
sea, however, reduce the amplitude of the reflected 
wave. This reduction is due to scattering, i.e., to non- 
sjiecular reflection of the radiation by the irregu- 
larities of the sea surface. It is recalled here that the 
surface irregularities will play an important role as 
soon as they are larger than A/^, A being the wave- 
length and f the grazing angle in radians. 

The Radiation Ijaboratory workers,®*^ used an air- 
plane as the carrier of the receiver flying toward the 
transmitter. For 10- and 3.2-cm waves the latest re- 



fiouia 10. Sea esflaotkii aoeMsnt Pm ^nnm gnisteg 
iMitb ^ at 3 J 001, 
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suits are given in Figures 16, 17, 18, and 19* These 
show that theory and experiment check satisfactorily 
for vertical polarization, but for horizontal polariza- 
tion the experimental values of reflection coefficient 
generally fall well below the theoretical values based 
on the assumption of a smooth sea. Whereas over sea 
a regular interference pattern existed, over land 
(Orlando, Florida) no specular reflection was ob- 
served. The lobe s^ucture was absent in the observa- 
tions over land. 

Another experiment* carried out over land was 
performed using X-band waves between Beer’s Hill 
and Deal, New Jersey. The reflection coefficient of 
the ground is expected to change with the seasons 
on account of seasonal vegetation changes on the path. 
One series of measurements lead to reflection coeffi- 
cients of 0.17 and 0.20 for horizontally and vertically 
polarized radiation respectively. 

Specular Reflection and Scattering 

Ordinarily neither the sea nor the land are- ideally 
smooth, and one would expect always nonspecular re- 
flections which tend to perturb the interference pat- 
tern of the direct and reflected rays from a smooth 
surface. 

It has been pointed out* that the condition which 
has to be fulfllled for specular reflection to occur is 
that thd grazing angle be such that sin ^ ^ k/g, 
where g is the wavelength of the sea waves. Clearly 
this is a kind of limiting condition and assumes the 
perfect regularity of the sea waves. It is seen that 
the above condition expresses the fact that the smaller 
the grazing angle, the smaller are the apparent irregu- 
larities of the sea and, if these apparent irregularities 
are much closer than the wavelength of the incident 
radiation, it is to be expected that specular reflec- 
tion should predominate. 

A direct consequence of this condition is that the 
echoes from a target, that is, a ship, will not be 


drowned by the clutter from the sea waves for large 
distances between the target and observer. Whereas at 
closer distances (large grazing angles) the echo from 
the target might be drowned by the irregular reflec- 
tion, i.e., scattering from the sea. To this effect, a report 
is quoted in which it is stated that ships could only 
be detected beyond a certain distance from the shore. 

It is also thought^* that the discrepancies observed 
between the theoretically predicted and measured sea 
reflection coefficients (horizontal polarization) could 
be attributed to scattering. The irregular reflections 
have the effect of decreasing considerably the ratio of 
the successive maxima and minima of the interference 
pattern developed. The discrepancies referred to are 
chose discussed by the liaduition Laboratory workers. 
In this connection, Eckersley incJitiuns some experi- 
ments by Hoyle on sea reflections in which no corre- 
lation could be observed on the voltage registered by 
two aerials a few inches apart. This tends also to sug- 
gest the existence of scattering from the sea. 

In anotlier series of transmission experiments'* it 
was observed that the contrast between maxima and 
minima was poor. Here the experiments were carried 
out at 200 me over sea at a distance of 100 miles be- 
tween an airplane and a ground station. The diver- 
gence of the observed from the calculated values of 
reflection increases as the grazing angle increases. 
This seems to be in agreement with the results accord- 
ing to which the sea surface may be considered as 
formed by a number of corrugations which, for small 
grazing angles, appear to be so close together that the 
reflection is mostly specular. 

As to the frequency variation of scattering one 
would expect more and more scattering with increas- 
ing frequency. 

The effect of uneven ground on the reflection co- 
efficient was investigated by the British workers al- 
ready mentioned.'^* The reflecting ground consisted 
of an artificially prepared series of uniform ridges 
placed along, across, and at 45^ to, the direction of 


Tabub 8. Refleotioii coefficient of ground ridged at 46* with the direction of transmission. \ « 0 cm.b* 


Grasing 

angle, 

degrees 

Level 

estimate 

Vertical polarisation 
D«60cm l>»120om 
6 ■■ 14 cm 6 « 10 cm 

D •> 120 cm 
h m bom 

Level 

estimate 

Horisontal polarisation 
I) "> 60 cm £> ■* 120 cm 
X » 14cm h m 10 cm 

■ 1 

i§ 

22 

0.0S 

0.07 0.09 

0.13 

0.66 

0.14 

0.18 

0.30 

86.6 

0.18 

0.04 0.05 

0.07 

0.61 

0.04 

0.06 

0.10 


0.22 

0.04 0.04 

0.04 

0.46 

0.07 

0.06 

0.10 

Tabud 9. 

Befieotion coefficient of ground ridged along or aoroes the direction o/L transmission. X » 

9 cm. 



Vertical polarisatba 

1 


Horisontal polarisation 




Along Across 


Along 

Across 

anile, 

Level 

D •> 60cm D » 60cm 

Z) • 120om 

Level 

D 60 cm 

D m 60 cm 

D » 120cm 

degrees 

eetimetft 

h 14cm X •• 16 cm 

X » 12 cm 

estimate 

X o 14 cm 

X ■■ 16om 

X m 12cm 

12 

0.28 

0.20 0.10 

0.80 

OM 

0.4 

0.2 

0.4 

28 

0J» 

0.08 0.06 

ai2 

a76 

0.07 

0.10 


m 

0.28 

0.03 0.02 

0.06 

0.64 

0.10 

0.12 

0.10 

46A 

oao 

«k04 0.08 

0.08 • 

0.68 

OZM 

0.08 

0.14 
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ptopagAtion. These ridges simulated wavesi and their 
Wavelength D lay between 0.6 and 1«2 m, whereas the 
double amplitude h varied between 6 and 15 cm^ and 
tiia wavelength of the radiation used was 9 cm. 

Tables 8 and 9 give the reflection coefficients of 
the uneven ground when tlie direction of propagation 
is at 45^ with the ridge and along or across the ridge 
system. The tables also give an estimation of the re- 
flection coefficient of level ground of the same moisture 
content as that under test. 

The results given in these tables show how a rela- 
tively small irregularity in the ground surface is 
sufficient to prevent regular reflection. The reflection 
coefficient becomes erratic when it has fallen below 
a value of about 0.1. The values given for levdl ground 
refer only very approximately to the state of the 
ground in the ridged condition. Since the measure- 
ments extended over several days» those relative to 
level ground may not correspond necessarily to the 
same degree of moisture as those referring to the 
ridged ground. The level reflection coefficients in the 
two preceding tables differ frmn each other because 
those of Table 8 refer to drier ground than those of 
Table 9. 

MEASUREMENTS OF THE REFLECTION 
COEFFiaENT OF LAND AT CENTI- 
METER WAVELENGTHS^ CARRIED 
OUT AT NATIONAL PHYSICAL 
LABORATORY^ 

Experiments have been made on the reflection and 
absorption of radio waves in the S-band of wavelengths 
by workers in the National Physical Laboratory in 
England. The reflection coefficient has been measured 
at angles of incidence to the vertical, of 89®, 68°, 64°, 
and 44° on level ground, fresh water, sea water, uneven 
ground, ground covered with vegetation, and ground 
covered with Vz in. mesh yire netting. The absorption 

^ W. Rom, British Central Soienlifie Office, Waahinaton, 
D.a 


in soil, fresh water, sea water, and ^ in. mesh wire net- 
ting has also been measured by ^laboratory method. An 
interim report^ gave some of the sklient results 
obtained on j^und reflection. 

The main conclusions which have been drawn from 
the results obtained are given below. 

1. Specular reflection can be obtained only from a 
very level surface, with little or no vegetation on it. 
The electrical constants of such surfaces are given in 
Table 10, from which the coefficient of specular reflec- 
tion can be deduced for the angle of incidence and 
state of polarization concerned. 

2. The reflection coefficient decreases with uneven 
ground and is reduced to a value of about 0.2 by in- 
equalities of level of about one wavelength. This con- 
clusion is based mainly on a series of experiments in 
which the ground was raked into a series of ridges 
resembling waves, which could be either in, across, or 
at an angle to, the direction of transmission. Similar 
results were obtained when a large sheet of wire net- 
ting was similarly disposed in a series of waves. 

3. Vegetation reduces the reflection coefficient, in 
general, and when about 2 ft high causes a reduction 
in reflection coefficient to a value of about 0.2. An in- 
teresting exception was found when level ground was 
covered with vegetation less than half a wavelength 
high (about iMi in.) when the reflection coefficient 
with vertical polarization increased slightly with high 
angles of incidence over that obtained with level 
ground. 


Tabub 10 


Nature of eurfaoe 

Dideetrio 

constant 

Conductivity 
mhos / m 

Bara sandy loam, very dry 

2 

3 X i(r* 

Bara sandy loam, saturated with water 24 
Turf with grass very short (orideet 

6 X 10-1 

wideet), dry 

8 

5 X 10^ 

Turf with grass very short (crideet 



widwt), wet 

6 

1 X 10-1 

Freshwater 

80 

2 

Sea water (4% ash solution) 

80 

5 
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DIELECTRIC CONSTANT, ABSORPTION AND SCATTERING 


ABSORPTION AND SCATTERING OF 
MICROWAVES BY THE ATMOSPHERE<» 

T hk PiiJSSEKT REPORT deals with the absorption of 
microwaves in the O.a* to 100-cm wavelengtih range^ 
by the atmospheric gases and by floating or falling 
water drops like clouds, fog, and rain of maximum 
drop diameter 0.55 cm. 

The theory of absorption and scattering of waves 
by spherical particles is briefly reviewed. The results 
are applied to water drops. 

For small drops, the attenuation, which depends 
only upon the amount of liquid water per unit volume 
and is independent of the drop size, is 0.^8, 0.049, and 
0.0045 db per kilometer for each gram of liquid water 
per cubic meter of air for the K, X, and S bands, re- 
spectively. Since the concentration of liquid water in 
clouds does not seem to exceed 1 g per cubic meter of 
air, the above values represent upper limits. These 
values refer to water droplets at temperatures around 
18 C. The attenuation increases with decreasing tem- 
perature of the water drops. 

While the attenuation does not depend upon the 
total rate of rainfall, it is ^possible to calculate the 
maximum values to be expected for any precipitation 
rate. These are 0.16, 0.45, 0.005, 0.001, and 0.0006 db 
per kilometer for each millimeter precipitation per 
hour at 1.25, 3, 5, 8, and 10 cm, respectively. These 
theoretical maximum values of attenuation compare 
fairly well with the values observed and are for water 
drops at 18 C. 

In the wavelength range mentioned it is shown that, 
with the exception of the biggest drops and shortest 
waves, the wave energy converted into heat inside the 
drops is much larger than the scattered energy. 

The radar absorption coefficient, deflned as the frac- 
tion of the incident power scattered backward per unit 
layer thickness of the echoing medium, has been com- 
puted for different rains. This allows the estimation of 
the power received in radar observations of storm clouds 
and rains. The theoretical predictions seem to be con- 
sistent here also with the results of the few recent radar 
studies which tend to show that echoes are due mainly 
to water drops of the dimensions occurring in rains. 

In the introduction a resumd is given of the status 
of microwave absorption by atmospheric oxygen and 
water vapor. With the exception of the resonance re- 
gion of oxygen (resonance wavelength around 0.5 cm). 


^ Lb Gddsteiii, Columbia Vshvmty Wave I^opaiaiion ^ 
Qioi^ 


this absorption turns out to be of only very limited 
practical importance for waves longer than about 3 to 
5 cm. 

Introduction 

The present report is intended to review the status 
of microwave propagation through rain, clouds, and 
fog. In order, however, to convey a precise idea of the 
total atmospheric absorption, we shall include here 
some of the most important numerical results recently 
obtained on the absorption of microwaves by atmos- 
pheric gases, like oxygen and water vapor.'’^ 

First of all, in medium- and low-altitude fair- 
weather clouds and fogs, with the possible exception of 
heavy sea fogs, the attenuation is of negligible impor- 
tance for longer waves. It may become important at 
shorter waves. For instance, in the K band the atten- 
uation*’ is 0.28 db per kilometer for each gram of liquid 
water per cubic meter of air. The X- and S-band 
waves are attenuated, respectively, 0.049 and 0.0045 
db/km/g/m*. Since in these clouds and ordinary fogs 
the liquid water concentration does not seem to exceed 
1 g/m*, these values are very likely upper limits. Actu- 
ally, by halving these numbers one would be nearer the 
true values, inasmuch as liquid water contents reported 
in clouds®'* varies between 0.15 and 0,50 g/m®. An in- 
teresting and simplifying feature of cloud and fog 
absorption is the fact that the smallness of their 
water drops, as compared with the wavelength, makes 
the attenuation independent of the drop sizes. The 
cloud and fog attenuation depends linearly on the 
liquid water concentration of the atmosphere, and in 
the microwave region it decreases monotonically with 
increasing wavelength. 

In rains or rain clouds the attenuation does not 
depend directly on the total rate of rainfall, a variable 
so familiar to meteorologists. It is, nevertheless, pos- 
sible to give upper limits to the attenuation per unit 
precipitation rate. These are as follows: 0.16, 0.45, 
0.005, 0.001, and 0.0006 db per kilometer for ea^ mil- 
limeter per hour rate of rainfall, at 1.25-, 3-, 6-, 8-, and 
10-cm wavelengths, respectively. The drops forming 
these rains were supposed to be at temperatures near 
18 C. By increasing the preceding values by about 30 
per cent one would very likely take care of raindrops at 
lower temperatures, since the absorption increases 
with decregsing temperature of the drops. 

In the computation of attenuation for rains it was 

*The atfeeauatioa values gjlveD in this report are always for 
one-way transmissioa. 
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assumed tliat ideal coiiditioiis prevailed throughout the 
rains under consideration. By this was meant that the 
same sample of rain falling, say, over an area of 1 sq m 
would be found anywhere inside the area covered by 
the rain. Such ideal rains seem to be rather simple 
tlieoreticnl models. Considerable fluctuations in the 
rate of rainfall over relatively short distances (1 km 
or less) have been reported.*® These spatial irregular- 
ities of rains exclude any simple interpretation of the 
experimental data on rain attenuations. The computed 
values of attenuation are based on a few data on drop 
size distributions'* in rains. 

In Figure 1,* the individual oxygen and water 
vapor attenuation curves have been plotted in the 0.2- 
to 10-cm wavelength range, using the most acceptable 
data available on the position of line centers and line 
widths. Any change in the water vapor content from 
the one adopted for this graph (7.6 g/m* of air or 6.2 
g per kilogram of air) or the total pressure can be 
taken rapidly into account in computing the combined 
oxygen and water vapor attenuations, since the atten- 
uation values are proportional to tlie partial pressures 
of oxygen and water vapor. For practical purposes the 
effect of atmospheric temperature variations can be 
neglected. 



FiGuaa 1. Oxygen and water vapor absorption versus 
wavelength, (i) Absoipti<m due to water vapOr in an 
atmoqihere at TOnsm pieesure oontaiaing 1 per cent 
water mdeoules, or 7.6 g per cu m. The water leeonanoe 
lifie is assumed to be at 24,000 me, imd Its half*width at 
l^f nmximum (line breadth) is 3^ mo. (2) Aboorp- 
don due to oxygen in an atmoepheie at 76-em pressure, 
whose resonaaoe band at 60 * 10* me ie supposed to have 
a line breadth of 600 mo. 



s 6 7 10 IS to so so 
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FtouRR 2. Atmospheric attenuation for one-way trans- 
mission. (1) Oxygen and water vapor (total p»76 cm 
Hg, («20 C, water vapor* 7.6 g per cu m). (Van 
Vleck). (2) Moderate rain ^6 mm per hr) of known drop 
else distribution. (3) Heavy rain (22 mm per hr). (4) 
Rain of cloudburst proportion (43 mm per hr). 


In Figure 2 is plotted the toini (oxygen plus water 
vapor) attenuation (curve 1) in an atmosphere at 
76-cm pressure with the same water vapor content 
as the water curve of Figure 1. Curves 2, 3, and 4 are 
rain attenuation curves computed for a moderate rain 
(rate of rainfall 6inm per hour), a heavy rain (22mm 
per hour), and an excessive rain of cloud burst pro- 
portion (43 mm per hour). The corresponding drop 
size distributions were given by Best.** 

In any rain the resulting total attenuation is the 
sum of the gaseous (o.xygen plus water vapor) and 
corpuscle or liquid drop attenuation values. 

It is thus seen that for waves of 3 cm or shorter the 
rain attenuation may become prohibitive, whereas the 
gaseous attenuation loses its practical importance at 
waves longer than about 2 cm. The attenuation of rain 
computed in this report extends from 6 cm toward 
longer waves. In the region A = 1.26 — 6 cm, only 
two attenuation values are available,** at 1.26 and 3 
cm respectively. The dashed portions of the rain atten- 
uation curves are thus extrai)olation8 drawn through 
tile two computed points. The sliape of these extra- 
polated portions of the curves, in view of the decreas- 
ing trend of the computed dielectric abiorption values 
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with the waveleugthy^* seeiUB to suggest that tlie rain 
attenuation might level off or even decrease for waves 
shorter than 1 cm. However, without a closer inves- 
tigation of the raindrop absorption in this wavelength 
region, no precise statement can be made on tiiis 
subject. 

As regards the normal atmospheric absorption of 
microwaves, it may be mentioned that the oxygen ab- 
sorption is due to the paramagnetic character of this 
gas. It is through the interaction of the magnetic field 
strength with the magnetic dipole moment of the oxy- 
gen molecule that microwaves are absorbed by this 
gas. In the microwave region the oxygen molecule has 
a resonance line at A = 0.25 cm and a band near 0.5 
cm, while water vapor seems to have a resonance line 
around 1.25 cm and interacts with the radiation field- 
through its electric dipole moment. The whole subject 
has been discussed exhaustively.^** 

The study of the scattering of microwaves by rain- 
drops shows that the radar observations of rainclouds 
can be explained satisfactorily if the scattering is at- 
tributed to spherical particles of dimensions similar 
to those of raindrops, even though no rain reaches the 
ground. Recent experimental work’**'* has helped 
considerably in clearing up the apparent inconsist- 
ency which previously existed in this subject. 

On the^ whole, taking into consideration the irregu- 
larities of the precipitation forms in space, it may be 
said that theory provides a fairly good picture of mi- 
crowave propagation through a cloudy, foggy, or rainy 
atmosphere. 

The major object of the present paper is to report 
the theoretical and experimental work done on atten- 
uation of microwaves by liquid or solid water particles 
falling through the atmosphere, as well as clouds and 
fog, which are water and ice particles in suspension 

Theoretical work has thus far been concerned with 
the problem of a plane electromagnetic wave scattered 
and absorbed by a single spherical or spheroidal par- 
ticle, first studied in detail by Mie'* for other purposes. 

The application of the results of Mie to very short 
radio waves propagated through rain, clouds, and fog, 
i.e., through a swarm of spherical water droplets, was 
made by Ryde.^**’’^ The present report is, in part, an 
extension of his work using more detailed meteorologi- 
cal data on rains. 

A compact and elegant presentation of tlie problem 
of absorption and scattering of a plane wave by a 
sphere is given by Stratton.'®* The method followed 
by him was first used by Lord Rayleigh.'® In the follow- 
ing section a brief review of this method will be given. 

Scattering and Absorptifni of Radio 
Waves by Spherical Particlea 

Let the center of a sphere of radius a be the origin 
of a rectangular coordinate system and suppose a 
plane wave to be propagated along the positive s axis 


and to fall on the sphere (Figure 3). The sphere of 
permeability /ii (henrys per meter) and complex in- 
ductive capacity (farads per meter) is em- 
bedded in a medium of permeability and inductive 
capacity cg. The plane wave is supposed to be polarized 
parallel to the x axis. 



Fiuuhib 3. Spherical coordinates. 


The electric and magnetic field strengths £|, Ht 
of the incident wave (subscript t) are expanded into 
spherical wave functions.'®* The reason for this expan- 
sion lies in the boundary conditions and will appear 
clearly below. 

£<»£,« a, j&o e , 


Hi 

where 


't 

k «■ (gcci>® — y/iiorw)* 


( 1 ) 

( 2 ) 


is the complex wave number of the medium (here 
I-g = 2ir/A, A being the wavelength referred to air or 
free space), tlie square root is so taken that the imag- 
inary part is negative, and is the intrinsic impedance 
of the medium, or 


V - y , V. * * 377 ohms. (3) 

The conductivity tr is expressed in mhos per meter; 
tlie frequency in radians per second; Sy, and a« 
are unit vectors pointing in the positive x, y, and z 
directions, respectively. 

The plane wave vectors® a^e*^ and a^S^ 
will now be expanded into spherical wave vectors'®* 
at a point of spherical polar coordinates (rA^). It is 
readily recalled that 

s; = f sin ^ cos 
y = f sin 0 sin 

z = fC08R, (4) 

with 

0<B <ir andO < 2t . 


*Heiioeforth the time factor 9^^* will be omitted, as it 
does DOt play a dlteot role in what follows. 
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l%ew ipheriail Tector vtvei will be denoted bgr m 
and n. IlMgr fonn complete orthogomal leia lAooe 
members are defined by the following equations: 

m ikr) Fl ( 008 «) COB* I. 

amd 

jpl 

— S.W (to-) ~ Bin d ii, 

in„« « - (to-) Pi (cob d) Bb ♦ i» 

81119 

— *,« (to-) ^ 008 4 i« , ( 6 ) 

o*,*^ - r»(w+l)^^^-jJ^Pi(oo8d) Bin^ii 

+ -r 3 ^ * 

hr sm9 dr 

ii^<«) f n (n+1) - Pi (oo8 9) cos ^ it 
kr 

— [«»<•’ (Hi Pi (cob d) am ♦!». (6) 

krmnB dr 

HeiCg P^sr) is the first associated Ijegendre poly- 
nomial of the first kind; iip isi and I, are unit Teciors 
drawn in the increasing r, $, and ^ directions at the 
point on the sphere of radius r (Figure 3). 

The sectors i, and i, are tangent to the sphere along 
a meridian and a parallel circle respectively. The 
superscript o takes on two values. In tlie expressions 
for the incident wave and the transmitted wave inside 
the scattering sphere, it has the value 1, while its 
value is 3 in the expressions for the scattered wave. 
Explicitly, 

*!?>(») - (w/aa:)»/.+,(x), 

*«>(*) - (w/2x)‘H,^,(x). ^ 

/•4^(a0 is the Bessel function of tlie first kind and 
half integer order, while is the Haukel 

function of the second kind and half integer order. 

The expanded field strengths of the incident wave 
are then 

B* - «.i(“j)--?i±ir (m‘i> +ja!S). 

..1 »(»+!) 

• ( 8 ) 

H, - - . 

1»»«1 »(« + l) 

It is seen tliat the iitli expansion ooefilcient of Jk 
into the m waves is (^)^[{dn+l)/n(n-\-l)], 
whereas the correqxmding expansion coefiloient into 
the A waves ii(— )*• -f l)/»(n+ l)],etc. 


The radiation field induced by the incident radia- 
tion is composed of the transmitted radiation field 
(E(, Ht) and the scattered radiation (Eg, Hg) which, 
at large distances (r) from the scattering sphere, be- 
haves as a divergent spherical wave, whose amplitude 
vanishes as l/r. 

The scattered and transmitted steady-state fields 
will now be expanded, in analogy with the incident 
field (E{, Hi). Thus, 


B. “ P()2(-i)" 


2n + 1 


« in£? + X off) , 


H. 


«(« -f 1) 

-Es±(-jy 




(« 


— in'* 


(9) 


in nmi n(n+l) 

\alid at distances r>a^ i.e., outside the sphere in 
medium 2. Clearly 'n equations (6) and (7), in the 
expressions of m and n, k, replaces h according to 
equations (5) and (6). 

Inside the sphere (complex wave number k„ in- 
trinsic impedance lyi), the transmitted field is ex- 
panded in the following way : 


{cf, •nSi +>&!, n2?), 

+ ( 10 ) 

H. - - ^ -X nS>) . 

Vi n«i n(n + l) 

The final determination of the scattered and trans- 
mitted fields is thus reduced to finding the coefficients 
(or amplitudes) oj, and a^, 

The preceding formulas permit one to write down 
rapidly the polar components of the different field 
strengths (Ei, Hg), (Eg, Hg), and (Eg, Hg). The 
boundary conditions at the surface of the sphere de- 
mand the continuity of the tangential components of 
the total field outside the sphere and the transmitted 
field. If we denote these tangential components by 
subscripts $ or the boundary conditions take on 
the following form : 

+ a. (11) 


These lead to the following systems of equations for the 
letermination of the coefficients (a*, 5* ) and (a^ hj.) : 

oi 4” m - 4 *?> (p) - *«« (p) . (12) 


d(Np) dp 

(Np) (p) - w4" (p), 


- i«<;|.[pi»(p)3 - vi.tp4“(p)], (13) 

ap dp 

when N ^ kt/h„ p‘*k^ and the « (x) and 
(x) an fhe apherieal Beaaal fnaetbm daibied b 
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equation (7). EHminatiou of from the fiwt pair 
and that of from the aecoud pair of these eqoa^ 
tious loads to 


, (Np) [A«y iP)Y (p) [y/4» my 
Ml*?’ m [a«»™ w]' - w*?* (p) [w mv ' 

(14) 

*“ Ml*?’(p)[JVp«i«(ArM)]'-M.iV%i«(iVM)[M*?'(p)]'‘ 

The primes at the square brackets stand for differen- 
tiation with respect to the argument of the Bessel 
function inside the brackets. Similarly, eliminating 
rt* and respectively, one would get oj, and 
appearing in the field strengths inside the sphere. 

For the computation of either the scattered or ab- 
sorbed radiation, one needs to know the field strengths 
at a large distance r from the center of the sphere, 
i.e.,for r > a,or ib,r » Jc^. It is important to notice in 
this connection that the coefficients On and hn become 
small for n > k^a, and the summation over n may 
then be limited to the integer n Ir,a. At great dis- 
tances r, k,r > n ; in other words, the order n of the 
terms of importance is less than the argument (k^r) 
of the spherical Bessel functions. Under these condi- 
tions the asymptotic expressions of these functions 
can be used. These are given by^®* 

From these asymptotic expressions one sees that the 
radial components of the scattered field strengthil 
can be practically neglected ; they decrease With r as 
1/r*, in contrast with the $ and ^ components which 
decrease as 1/r. This means that for large r, the field 
is transverse to the direction of propagation (radia- 
tion zone). Hence, 


r;- H;- 0,r»a, 

and with cr, = 0 


(16) 




008^, 






Since the lendtant Md at any point ontaide the 
B^re ia obtained by anperpoaition of the incident 
and acattered or reflected Adda, one haa 

B- (18) 
In Tiev of equation (16), the complex Pomting vector 


aaeociated with this resultant field ia radial, ao that 

S.-i(B.H**-B*H,*), (19) 

where an asterisk denotes the complex conjugate. 
Using equation (18) one gets 

s. • } (EiJr/ - + i (EIRT/ ^ EIH}*) 

+ + (20) 

The first term on the right-hand side is the rate of 
fiow of energy in the incident wave and the second 
term is the rate of fiow in the scattered wave. The 
total scattered power is then 

Jo Jo ^21) 

where Re denotes '^Real part of . . and the integral 
is extended over the surface of a large sphere of radius 
r. In our case, using equations (16) and (17), one 
gets 

rf’ciP* I ‘ + l^.l *) r* sin MW*, 

aw Jo Jo ^ 22 ) 

In the case of an absorbing sphere, the net fiow of 

energy across a closed surface around the sphere is 
absorbed energy fiow, and it ft directed inward. One 
may thus write that tliis absorbed energy, which dis- 
appears in the form of heat, is 




(— S«) r* sin 0dOd^* (23) 


Since the integral of the incident fiow across a closed 
surface is zero, equation (23) in connection with 
equation (21) leads to the definition of the rate of 
fiow of total energy or the power subtracted from 
the beam, i.e., (?«» + P$), as an integral over a closed 
surface of the third term on the right-hand side of the 
radial component Sc of the Poynting vector, equation 
(19). Thus 

P. - P.» + P. - H- He) 

(Ei + BJfl*.*-- BiHJ* - r*riii MM*. 

(24) 

Substituting equations (16) and (17) into equation 
(24) and remembering that the ^ integration leads 
one finds, 

P.-^i (2n+l)(Kl» + |6;|*), (26) 

[„(n+l)l*, 

2 »+ 1 


to a factor . and that the iutegrau over products of 
tb« aaaodated Logoidn polysomiab P^(«) an dif* 
farant from aero only in &a following combination of 
thaw products ajqwsring in aquations (22) and (24), 
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p,.^(_Re) X(2n + l)« + 60. (26) 

We shall also need the fraction of the power scat- 
tered backwards by the sphere, i.e., in the direction 
ss per unit solid angle. One thus obtains, with 
d«» ~ sin $d$d4» 

9tmiw o^j Vf n»> 1 m* 1 

(2m+l)(a:-6;)(ai*-5;*), (27) 
as a simple calculation shows, starting from equation 
( 22 ). 

It has already been mentioned in connection with 
the definition of the complex wave number, equation 
(2), of a homogeneous and isotropic medium that its 
imaginary part is chosen to be negative. We shall 

jk^a+jP, (28) 

whore p is the phase constant and a the attenuation 
constant; both aie real. The explicit expressions of p 
and a in terms of the characteristic electromagnetic 
properties of the medium, namely, inductive capacity 
c, permeability fi and conductivity a for the given 


frequency a»/2ir are the following 



(29) 


(30) 


With equation (28) the field strength, electric or 
magnetic, in a plane wave propagated in such a 
medium along, say, the z axis, is, omitting the time 
factor, of the form: 

F-Fosr^, 

Fo being an amplitude vector directed along either one 
of the two remaining coordinate axes. The attenuation 
factor 9 simply means that in this medium an advance 
of the wave thiQOUgh a distance of l/« meter is accom- 
panied by a decrease in the field strengths in the ratio 
of 1 :s » 0.368, or the power per unit area (Poynting 
vector) decreases in the same ratio over half that dis- 
tance or 1/29 meter. 

In the mks system, the attenuation factor is then a 
nepers per meter, whereas the power absorption co- 
efficient is 20a (logios) decibda per meter » 8.686a 
db per meter. 

Our problem is the study of propagation in a medi- 
um which is neither homogeneous nor isotropic, inas- 
much as it consists of a suspension of water droplets 
in the atmospheie. It can he proved that in such a 
medium tlie attenuation factor is the sum of all the 
different partial attenuation factors due to dillerait 
physical phenomena. 

The particle attenuation factor wOl still he denoted 



by a. More appropriately we might call a the average 
particle attenuation factor. It may be defined as 

a neper per unit length, (81) 

2 

where N is the average numlier of water drops per 
unit volume and Qt the total cross section of one 
droplet. The absorption effect of one spherical water 
drop is given by Qt which is the ratio of the power Pt 
removed by the drop from the beam falling on it to 
the incident power per unit area. Provided the effect 
of all the drops be linearly additive, equation (31) 
will express their average attenuation effect. The 
incident power density is the complex Poynting vector 
of the beam 

s„. - ^ • (32) 

2fii 

Therefore, with equations (3) and (26), 

m 

Q, - ^ (-Re) X (2n+l) (ol + (33)-« 

n-l 

where X = 27r/k^ is the wavelength of the radiation 
in air or free space. Similarly the cross section for 
scattering is, with equation (25), 

^ Z (2n+l) {lo;|*+l6;i*). (34) 

2r 

The differential cross section for back scattering (or 
radar cross section) is then, witn equations (87) and 
(38), 

(f)‘ 

- (^Yho X X (-)'^"(2»i+l) 

\4ir/ 

(2m+l) [aio;*+l4fr;*-2o.6:*3- (36) 


These are the formulas on which the computations of 
attenuation have been based. They are certainly cor- 
rect in the wavelength region 1 cm to 100 cm with 
which the present study is mainly concerned, and they 
correctly take into account the linear dimensions of 
the scattering and absorbing particles* According to 
Brillouin*^ these formulas have to be modified in the 
limit A a, in which case for perfect reflection they 
lead to a scattering cross section 2ira', double of the 
expected geometrical cross section. Since the modifica- 
tions mentioned do not play any role for A > 3a/10, 
which condition will always be satisfied in the present 
report, they will not be diiscussed here. 


^Tbe mhuis idgn is misriug to the pisseutatton to setoranoe 
18a;isefonptfiss(26)«ii4(23) m page 669. This toads to the 
tocoCTset rssult, for acwa b soihfag sphaies, that the ssatteitog 
cross seetton Q# reduces to this em to the twiative of the 
total cross ssefiim Oi. Oaailr Qt aid^ 
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Hie Scattering Amplitudes'* 
olandH 

The scattered fields (£«» H«) outside the sphere 
and the transmitted fields (E|. Hi) inside are due to 
forced oscillations of the sphere caused by the in- 
cident field (£i> Hi). The fields (£«, H«) and (£f> 
Ht) given by equations (7) and (8) can L>e regarded 
as due to electric and magnetic 2*-poles (« = 1 cor- 
responds to dipoles, n = 2 to quadrupoles. etc.) in- 
duced in the substance of the spherical particle. In 
the steady state these poles oscillate with the fre- 
quency of the incident radiation field. When this fre- 
quency approaches a characteristic frequency of the 
free vibrations of the electric or magnetic 2*-pole8 of 
the sphere, resonance will occur. It can, indeed, be 
shown that the amplitudes a» are associated with 
vibrations of magnetic poles and the hn& with vibra- 
tions of electric poles. The characteristic frequencies 
of the free vibrations of magnetic poles of a sphere 
are determined by a condition which annuls the de- 
nominator of On. those of electric poles by a condition 
which annuls the denominator of &». given by equation 
(14).^**» The characteristic frequencies of the free 
vibrations are, however, complex in contrast with the 
real frequency of constraint of the radiation field 
falling on a sphere, as in the present case. The de- 
nominators of the amplitudes a» and bn. although re- 
duced, can never become zero, and there are no diflS- 
culties caused by resonance. 

A glance at the formulas (14) shows the com- 
plexity of the amplitudes «« and An exact com- 
putation of these coefficients is out of the question on 
account of the lack of tables of Bessel and Hankel 
functions’ of complex argument in the range needed 
here. They reduce to simple expressions in the limit 
when the parameter p == 2ira/A < 1. In the present 
work we shall be mostly interested in the cases where 
p < 1 or p < 1. In these cases a series expansion of 
the amplitudes in ascending powers of the parameter 
p can ^ used. With the expansions of the spherical 
Bessel and Hankel functions 




*-o"‘*(2n + 2»n + 1)! 

j (2n- 2m)l 


P 


[.+.•( 


■-i2*»( — s! — y 

V(2n+1)!/ 2n+3 
JV'-l JV* + 1 ^4.... 


2n + 1 
b 




2(2n + 6)/ 

n! Y 
(2n+l)!/ 


]■ 


[ 


(36) 


{2n+l)(n+l)iN*-lX 
nN* + n+ 1 “ 

(2n + 3)'{2n- 1) {nN*+ n+ 1) ' 


(37) 



(2n+l)(n+l) (JV«-1) 
nN* + n + 1 


From these expressions one derives at once the ex- 
plicit formulas representing the induced magnetic 
dipole (fli), electric dipole (6i), and electric quad- 
rupole (&jj) amplitudes. One has, then, neglecting 
powers of p higher than the sixth. 


3 N* + 2 \ 5 jV* + 2'^ 


and 


2 ; 

3 N* + 2 



ht 


-j , 

16 2JV* + 3'^’ 


It would appear interesting to present the relation- 
ships connecting the amplitudes of the electric and 
magnetic poles a» and with those appearing in the 
treatment of Mie which was used by Byde.*’^ The 
magnetic and electric amplitudes in Mie’s notation 
are respectively pn and On, and the relationships in 
question are tl^e following: 


* (— (2n + 1) an, 

tt^ifi.»(_)H.iy(2n + l)6.. (39) 
Finally the formulas (38) can be transformed so 


used in equation (14), one is lead to tlie following 
amplitudes, keeping the first few terms of the ex- 
pansions and assuming gi — gi* i.e., the equality of 
the permeabilities of the medium and the sphere: 

^ttuoe henesfortli we wBi deal only with the soatteiiiig so- » 
eflMaits ah hj||, we wBl omit the supersevipt s. 


^Some misprints and slight errora in the expressions for 
these amplitudes may be.noted in reference 18a. On page 571 
in the formula (35) and in the denominator of the coefficient 
of s*t vead (2fi + 2) instead of (2n + 1). In the formula (36) 
Uie minus sign on the rifdit-hand side is missing. In reference 
18a, 6i^ and have the wrong sign and the p* term in 5/ 
bittoomplete. Itis leealled that has been replaced through- 
out this report by -i. 
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M to have the real and imaginary parts of the ampli- 
tudes separated easily. The refractive index N of the 
s|dieres is connected with their complex dielectric 
constant by 


IV* • if — jif, 

(40) 

or with 


1 

Si 

1 

(41) 

tlw complex index of refraction, one haa 


- n* (1— X*): *i - 2»*x. 

(42) 


Using equation (40) in the amplitudes (38) one 
gets 

40 


Rs h ' 


- 2 «« 






[(«, + 2)(7fr-10) + 7€.«] 4 

* [(«r + 2)* + ..*]* " 9‘ 

(fr-l)«(.,+2)«+t.«[2(.,-l)(»+2)-9]+«.« , 

[(fr+2)»+.^]» 


Imbi 


2 («r-l)(fr + 2)+«,« . 

3 (^+2)* + ..* 


2 

s’ 


(ir-l)(€.-2)(<r+2)«-h<,«[2(»+l)«-(3€r+20)]-|-S<* 
[(#, + 2)« + €.*]* 


8 €<[(ir-l)(sr + 2)+i,«3 

^“^3 [(srH- 2)* + €,«]* 

1 - i,- (i/5) [(i.- 1) (2€r + 3) + 2e,«] , 
3 (2ir + 3)* + 4i,* 

(43) 

These amplitudes are the same as those found by 
Ryde.* They allow the computation of attenuation 
and back scattering with a certain approximation. 
The results thus obtained are the more accurate, the 
smaller the parameter p = 2«a/A. 

In the computation of the amplitudes and 
we have used the same values of the real and imag- 
inary parts of the dielectric constant of water «r and 
•I aa the ones used by !^de. These were obtained by 
using the Clarendon Latoratoiy values for €r and n 
for waves of 1.36-cm waveleng^*^ and determining 
with them the transition wavelength Ao in the Debye^* 
formulas 


s » 1.33, Sii ”* 81, LODcm. 


his ifsl npoit Ryde^^ gave insonwetly the eoaffieSsnts 
ef in both the leel aad hnasiiaaiy ]NtfM irf IImi (weffi^ 
of s* In the miU pikrt wm eometsd in the seoond report. In 
eimi|Mring Rie hi*§ with the asaplitiidei given by Ryde, the 
lelsittoM (83) have to be token into eeeoQi^ 


Tsbxjb 1. Values d the didectrio ooneteat of water at 
I 18C, used in this work.*' 


X»om 

•r 

* 60vX 

mhoe/rn 

1 

24.2 

85.6 

5.98 X 10 

lJ2d 

32.5 

38.6 

5.11 X 10 

1.62 

43.3 

39.5 

4.13 X 10 

2 

50.6 

88.5 

3^X10 

2.5 

58.2 

35.9 

239 X 10 

8.0 

63.6 

32.7 

1.81 X 10 

4.0 

70.8 

27.2 

1.13 X 10 

6 

73.8 

22.7 

7.56 

6 

76.0 

19.3 

5.86 

8 

78.0 

15.1 

8.15 

10 

79.0 

12.3 

2.05 

15 

81 

&40 

9.38 X i(r» 

20 

81 

630 

535 X KT^ 

30 

81 

4.20 

2.33 X lOri 

50 

81 

2.52 

8.40 X 10“* 

75 

81 

1.68 

8.78 X 10-* 

100 

81 

1.26 

2.10 X 10-* 


*T1m oompototioni of tho attonuotloii ond Motteriiig offoeta an all 
boMd oa thh tablo and rofor iborofora always to tamperatorM of about 
ISC. ualoM aUted otbarwka. 


Tablb 2. Temperature variation of the dielectrio 
oonetant of water (K band). 


Degrees C 

•f 

•1 

Water 3 

27 

27 

25 

35 

23 

60 

44 

14 

loe —15 

33 

0.011 


The values of c, computed with these formulas liappen 
to be in fair agreement with the experimental values 
obtained by a large group of independent workers.^’^ ** 
There seems to be a regrettable situation concerning 
the values of ci, and no serious studies have been made 
on the temperature and frequency variation of this 
quantity, so fundamental for the microwave region. 
A beginning in this direction has been undertaken by 
the Radiation Laboratory.** In Figure 4 we have 
drawn the curves <r(A) and f((A) in the range 1 to 11 
cm, and Table 1 gives the values of the dielectric con- 
stant used in this work in the wavelength interval 1 
to 100 cm. 

It is interesting to consider here the temperature 
variation of Recent measurements made in the 
Radiation Laboratory in the K band** gave the results 
shown in Table 2. 



FloimaA Didbetrie mstant of wster (MlSC)«t«« 
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Aa might have been expected, the dielectric absorp- 
tion u increases with decreasing* temperature. 

Witii the above values of tr and n the computation 
of the amplitudes a« and is straightforward. The 


amplitudes On and have the form 


On- 2 (aP+ia?)p^ 

(46) 



m 

b.- 2 

(46) 


/-Sn+l 


Thus we let denote the real part of the coeffi- 
cient of p* in di and its imaginary part. Similarly, 
are the real and imaginary parts of the co- 
efficient of p* in hi, etc. 

As equation (43) shows andOi^** are directly 
proportional to ( — ci) and (c,- — 1) respectively. As 
the wavelength increases, changes approximately 
from — 0.9 to — 0.03 after passing through a shallow 
minimum on account of the variation of k. In the 
same interval increases from about 0.5 to 1.8. 

turns out to be practically negligible, in com- 
parison with which is alino^ constant in this 
wavelength range. and behave similarly. 
With and j5i<®M:he roles are inverted. 

Finally and both vary in the range under 
consideration. 

As a rule, those coefficients of the powers of p ( = 
wD/X) (Z) = diameter of the sphere) which do not 
contain terms in cr and powers of €r separately in the 
numerator, but only the products cr ci, and powers 
of €{, are considerably smaller than those which do 
contain cr and its powers separately. 

The Attenuation of Radio Waves 
by Spherical Raindrops** 

The knowledge of the coefficients Om and allows 
finally the computation of the absorption cross section 
for any spherical water drops of given diameter D at 
those temperatures where the amplitudes can be 
computed. 

The absorption coefficient becomes, with the cross 
section found above, [equations (33) and (43)], 

« - 0.4848 X 10»^(-Be) X (2»+l) (a.+6.) 

^ nml 

db per kilometer. (47) 

In our approximation for the amplitudes, we may 
write 

at «« 0.4348 X 10* ***) 

db per kflometer (48) 

*Tbe atleiHiatkin values given in ^ npoit rater ilwi^ 
to one-way traamiisdoo and aie admtive to the free spaee 
attewuitiwn. T 


where N is the number of spherical drops, each of 
volume V per cubic centimeter, A is the wavelength in 
centimeters of the incident radiation. The parameter 
p is, as above, wD/X, D being the diameter in centi- 
meters of a drop, and the coefficients c^, c,, • * * are 

the following functions of the wavelength, the tem- 
perature of the drops being taken as a constant (f^ 
18 C), 


15 3 (2i,+3)*+4«.* 

6 €,[(€r*f2)(7€.-10)^-7s,*] 

“^6 [(ir+2)»+€.*]* 

^ 4 (fr- l)»(€.-^2)«+€,«[2(€r- l)(€r+2)-9]+C<® . 
^ 3 [(«r+2)*+«4*l MC 


It is possible to give the attenuation formula another 
simple form by noticing that NV is the total volume 
of water per cubic centimeter in the form of drops or 
10® ATF is the total volume of water per cubic meter. 
Since the density of water is 1 g per cubic centimeter, 
numerically, the quantity 10“ NV is the mass m of 
liquid water per cubic meter, in air. The transformed 
attenuation formula becomes finally 

a * 4.092 ^ (ci-fc 4 p*-f-cip*+ -^ •) db per kilometer. 

(50) 

It is seen that when p = wD/X 1 so that all the 
terms in the expansion in equation (50) are small in 
comparison with c,, the attenuation factor reduces to 

4.092 mci 24.55 vui 

X X (*,+2)‘+..« 

db per kilometer. (51) 

Hence, when the diameter of the water drops is very 
small in comparison with the wavelength of the inci- 
dent radiation, the attenuation does not depend on the 
size of the drops but only on the total mass of liquid 
water per unit volume contained in the air. It is in- 
teresting to find, for a given wavelength, the largest 
diameter for which the approximation (51) can still 
be used in practice. If it is practical to use (51), (as 
in reference 12), for 

m 

then in order that (51) shall represent the attenuation 
factor within 10 per cent, the diameter of the spheres 
must (for given A), be equal to or less than De with 

"•-a©*”- <“> 

In Table 3 appear the values of c,, Ct, and Dt in the 
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TabubS 


X, cm 

Cl 

Cg 

D«om 

1 

0.100 

2.53 

0.0666 

1.1 

0.0004 

2.60 

0,0680 

136 

0.0852 

2.60 

a0713 

13 

0.0780 

2.73 

0.0774 

2 

0 . 06 a 

2.64 

0.0006 

8 

0.0865 

2.23 

0.121 

4 

0.0273 

1.85 

0.154 

5 

0.0217 

1.64 

0.187 

6 

0.0170 

131 

0.222 

8 

aoi37 

131 

0.203 

10 

03110 

0.835 

0.363 

15 

a00724 

0.570 

0.584 

20 

a00541 

0.427 

0.712 

25 

0.00487 

0.842 

0.802 

80 

0.00864 

0.285 

1.07 

50 

0.00210 

0.171 

1.78 

75 

a00146 

0.114 

2.68 

100 

0.00100 

0.085 

3.57 


wavelength range 1 to 100 cm. The values of Cg are 
not included, since this codRcient turns out to be 
practically constant, in this range, increasing from the 
value of 1.224 for X == 1 cm to 1.239 for X = 100 cm. 

It is evident that for values of p which are not too 
small, equation (48) or (50) has to be used. When 
p is sufficiently close to unity these series cease to give 
any good values of the absorption cross section Qt or 
the attenuation factor a. In the K and X bands, Byde 
and Hyde** have, therefore, computed the attenuation 
factors exactly. These oomputationB were included 
(without being checked) in Tables 4 and 6, where Qt 
and or have been computed for a series of drops ranging 
in diameter from 0.05 to 0.56 cm. For wavelengths 
X > 6 cm, the three-term series expansion (48) was 


used. It is expected that at these shorter waves, where 
the critical diameters are smaller than the drop diam- 
eters mentioned, the cross sections and attenuation 
factors given in the tables will be but fair approxima- 
tions of the exact values of these quantities. 

The range of values of p covered by these tables ex- 
tends from about p == 0.0016 to p = 1.4. In Figures 
5 and 6 two families of curves are drawn giving 
Qt (X)i 3 and a{k)j)/N, the diameter of the drops being 



Fxgurb 5. Absorption cross section, Q,, and attenua- 
tion constant, «, of spherical water drops as a function 
of the wavelength. The ahsdssa gives the wavelen^, 
V in oentixnetem. The right-hand ordinate scale gives 
logit (a/A0> where a/N, the attenuation constant in a 
run with 1 drop per cu cm, b expressed in decibeb per 
kilometer. The numbers on the curves give the diameter, 
O, of t^ drops in centimeters. The left-hand oidinate 
scale gives logit Qt with Qt being expressed in square 
centimeters. 


Table 4. Absorption cross seotion Qt (sm*) of water drops with diameter D (om). 



0.10 0.15 


0.20 


D, cm 
0.25 030 


0.35 0.40 0.45 0.50 0.55 


1.25 

aioio-* 

3 

0.10 10-* 

5 

2.84 10-* 

8 

1.00 10-* 

10 

6.00 10-» 

15 

2.08 10-» 

20 

1.67 10-T 

80 

7.86 10-* 

50 

2.67 10-* 

75 

U010-* 

100 

a77ia-* 


0.60 10~« 5.6610-* 
1.5210-^ 1.3010-* 
2.76 10-* 1.20 10-* 
0.40 10-* 3.65 10-* 
5.34 10-* 2.16 10-* 
2.4510-* 8.6610-* 
1.3610-* 4.71 10-* 

5.08 10-Y 2.02 10-* 
2.14 10-» 7.27 10-» 
0.44 10-* 3.211(1-7 
5.41 10-* 13810-7 


1.80 10-* 5.04 10-* 
5.53 10-* 1.68 10-* 
3.70 10-* 035 10-* 
1.02 10-* 2.40 10-* 
5.76 10-* 1.46 10-* 
2.18 10-* 430 10-* 
1.15 10-* 2,8610-* 
438 10-* 0.74 10-* 

1.78 10-* 8.41 10-* 
7.6810-7 1.40 10-* 
43410-7 &5010-7 


1.18 10-» 2.1510-7 

8.78 10- * 6.65 10-* 
2.24 10-* 4.50 10-* 

4.08 10-* 0.63 10-* 
2.60 10-* 4.81 10-* 
8.65 1(1-* 1.6110-* 
4.81 10-* 7.20 10-* 

1.78 10- * 2.83 10-* 
5.06 10-* 0.57 10-* 
2.60 10-* 4.16 10-* 
1.47 lOr* 2.8510-* 


8.6610-7 5.6610-7 

1.0810-7 1.5210-7 
8.68 10-* 1.54 10-* 
1.74 10-* 2.07 10-* 
8.44 10-* 1.40 10-* 
2.61 10-* 8.08 10-* 
1.17 10-* 1.78 10-* 
4.88 10-* 6.48 10-* 
1.45 10-* 2.00 10-* 
6.2810^ 8.04 10-* 
8.61 10-* 5.02 10-* 


7.6210-7 1.01 
2.1510-7 2.7210-7 
2.50 10-* 4.18 10-* 
4.85 10-* 7.63 10-* 
2.25 10-* 3.47 10-* 
6.10 10-* 0.06 10-* 
2.6610-* 3.85 10-* 
0.20 10-* 1.8010-* 

2.08 10-* 8.07 10-* 
1.24 10-* 1,66 l(r» 
6.0210-* 0.27 10-* 


Tablb 5. Attenuation a/AT (db/km) in fiotitiofus rains with a oonoentration of one drop per oubic oentimeter of D em 


diameter. 


X,cm\ 

ao5 

0.10 

0.15 

0.20 

D, om 

0.28 0.30 

085 

0.40 

0.45 

0,50 

a55 

1.25 

2,6010 

4.17 10* 

2.4610* 

83310* 

2.1910* 

4.0010* 

0.8810* 

1.5010* 

2.4610* 

8.3110* 

4.8710* 

8 

8.00 

6.6110 

5.6810* 

2.4010* 

7.0610* 

1.6210* 

2.8210* 

4.6810* 

6.61 10* 

ojAw 

tisio* 

5 

1.28 

1.1010 

s.aio 

1.6510* 

43810* 

0.7210* 

1.2210* 

8,7710* 

6.6010* 

1.1810* 

1.81 10* 

8 

4.78 10-* 

4.12 

1.5010 

4.4810 

IMIO* 

2.1610* 

4.18 M* 

7.84 10* 

1.2010* 

2.1010* 

8.8110* 

10 

2.00 10-* 

3M 

B.87 

2.5 10 

63510 

1.1210* 

23010* 

83610* 

6.0010* 

0.7610* 

13110* 

15 

1.8010-^ 

IM 

6.10 

037 

1.0810 

8.7810 

63810 

too 10* 

1.7810* 

2,6510* 

8.08 10* 

20 

7381(7-* 

SJBlO-i 

2.04 

5.02 

13810 

13710 

8.1710 

53710 

7.7810 

1.1510* 

1,6710* 

80 

8.20 10-* 

a.5no-> 

8.72 lO^i 

2.12 

4.28 

7.00 

13810 

too 10 

23210 

4.0410 

5.6810 

50 

1.1610“* 


8.16 10-> 

7,58 MM 

1,48 

230 

U6 

630 

0.10 

13710 

t72lO 

75 

8.16 10-* 

4,iaio-* 

lJ210-> 

8.81 icr* 

6,4010-* 

1.18 

1,80 

2.70 

830 

537 

731 

100 

2.0410“* 

19S10-* 

7.8810^ 

1.80 16“i 

8301(7-* 

6,40 Mr* 

132 

1.58 

2.18 

9M 

4.08 
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0 HI CM 


Figurb 6. Absorption cross section, Qt, and attenuation 
constant, a, of spherical water drops as a function of the 
drop diameter. The abscissa gives the drop diameter, 

Dj in centimeters. The right-heuid ortUnate scale gives 
logio (a/N)t where a/AT, the attenuation constant in a 
rain with 1 drop per cu cm, is expressed in decibels per 
kilometer. The numbers on the curves give the wave- 
length, X, of the incident radiation in centimeters^ The 
left-hand ordinate scale gives logi* Qt, with Qt being 
expressed in square centimeters. 

kept constant, and Qt(^)x wave- 

length of the radiation being kept constant. Since our 
computations cover the range from A = 5 cm, we have 
extended our curves on Figure 6 so as to cover the K 
and X bands, using the values of the cross sections and 
attenuations given in these bands by Byde and Byde. 
Their data are represented again in the upper curves 
of Figure 6. 

We are now prepared to apply these results to 
meteorological phenomena and shall, for this purpose, 
give a summary of typidhl data on clouds, fogs, and 
rains to be used in this work. 

Typical Data on Clouds, Fogs, 
and Rains 

To compute the attenuation due to the different 
forms of condensation demands a knowledge of the 
water drop size distributions and their volume concen- 
tration. Indeed, if such a form of condensation con- 
tains ATa droplets per cubic centimeter having a diam- 
eter of A* cm, with Jh varying from, say, 0 to a, then the 
attenuation factor due to this form will be the sum 
of the attenuation factors associated with each of the 
different drop groups with diameter of 1, 2, , 

• • * f n, . « • ,a cm. In other words, 

* • 

OM.!- 

dbperkSQmeter, (M) 

aooording to equation (31), where Na is the number 
per mhi6 oentimeter of the drops t, and is the 
total absorption cross seotion in square centimeters ^ 
of one spherical water drop of d tameier i cm. 


It was shown above that theory allows a precise com- 
putation of the cross sections Qt, provided the dielec- 
tric constant of water is given at the temperature of 
the drops. The concentration of is a purely meteor- 
ological datum and must be obtained experimentally. 
As far as as the writer is aware, data on drop concentra- 
tions and drop size distributions are extremely scarce, 
and it appears that no systematic researches have as yet 
been undertaken for the purpose of obtaining such data. 

Becently, observations were made available on drop 
size distributions in clouds of different types.*** The 
main results of interest to the attenuation problem are 
that in clouds of different altitudes the diameter of 
the drops does not seem to exceed 0.02 cm. The liquid 
water content of the clouds examined by Mazur* varied 
between about 0.16 and 0.60 g/m*. The results of 
Diem* are, on the whole, similar. 

Some data on ice clouds are included in Best’s 
memoranda.^^ 

Data on fogs are extremely meager. The diameter of 
fog droplets appears to be of the same order of mag- 
nitude as those of liquid water clouds.***** Humphreys, 
in his table of precipitation values, gives 0.006 g/m* 
as the liquid water content in fog. 

The data on rains used in this report are those from 
reference 11. For additional data recently collected 
see reference 26. 

The most important set of data which is directly 
usable in this work is contained in Table 6. In the 
last row of this table p is the precipitation rate or rate 
of rainfall, expressed in millimeters per hour, and 
results directly from the total volume of water fall- 
ing per square meter per second, since p = 36 X 
10^ F, where V is expressed in cubic millimeters per 
square meter per second. 

Bains 1 and 2 refer, according to Best,^^ to a rain 
looking very ordinary, falling over a large area. Type 
3 is a rain with breaks and sunshine. Type 4 corre- 
sponds to the beginning of a short rainfall like a 
thundershower. Type 6 refers to a sudden rain from 
a small cloud, associated with a calm, sultry atmos- 
phere. Type 6 was a violent rein like a cloudburst with 
some hail. Types 7, 8, an 9 are for the heaviest period 
and the period of stopping of a continuous fall which 
at times took the form of a cloudburst The preceding 
characteristics of the rains in Table 6 are quotations 
from the paper of Best. 

Thq^e data on drop size distributions are the only 
data available to the writer. Clearly the rate of rain- 
fall cannot be correlated from these data to any drop 
size distribution. A priori, it seems unlikely that a 
strict correlation between drop size distribution and 
rate of rainfall should exist. To a rain of given drop 
size distribution corresponds necessarily a determined 
rate of rainfall, but the reverse is not true, since a 
given rate of rainfall might be obtained with a large 
variety of drop size distribution.** In otiier words, 
the drop size distribution is the only physical charac- 
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TABUS 6. Drop sise distributioiis in niiki. 


Number tji drope/mVieo in nine different types of rain 


D,em 

1 

2 

3 

4 

6 

6 

7 

8 

0 

0.06 

1,000 

1,600 

120 

60 


100 

614 

670 

7 

0.10 

200 

120 

100 

280 

60 

1,300 

423 

624 

233 

ai6 

140 

60 

73 

160 

60 

600 

360 

347 

113 

0.20 

140 

200 

100 

20 

160 

200 

138 

206 

46 

0.26 



20 

20 

0 

0 

166 

205 

7 

0.80 



67 

• « • 

200 

0 

138 

81 

0 

0.86 



• • « 


0 

0 

0 

28 

32 

0.40 



• • • 

« • > 

60 

0 

0 

20 

30 

0.46 



« . . 


• • • 

200 

101 

. . . 

0 

0.60 






... 

. . . 

. . . 

26 

Total No. 

ai drops 

1,480 

1,080 

488 

640 

500 

2,300 

1,840 

2,180 

800 

Total 

volume 

inm*/m*/aeo 1,006 

1,112 

1,666 

mj2 

6,268 

11,070 

0,536 

6,208 

4,286 

p mm/hr 

3.6 

4.0 

6.0 

2.46 

18.0 

43.1 

S4J 

22.6 

16.2 


teristic of a rain as far as attenuation and back scat- 
tering (echo) of radiowaves are concerned. 

In any one location, even the drop size distribution 
of a rain is but an instantaneous characteristic of that 
rain. No data are available concerning the fluctuations 
in time of drop size distribution. 

The space distribution of raindrops is another prob* 
lem on which too few data are available. According 
to Kerr and Bado,^^ K-band rain absorption experi- 
ments over a relatively short path ( ^4km) have shown 
that the simultaneous rates of rainfall at three points 
of such a path were almost invariably appreciably 
different. The rates were measured at the location of 
the transmitter^ the receiver, and at a point in be- 
tween. Needless to say, under such circumstances the 
possibility of a quantitative interpretation of the ex- 
perimental data on attenuation is almost exduded. 
it may be mentioned here that the earlier attenuation 
experiments on 1-cm waves by Bobertson and his col- 
laborators’^ as well as those of Mueller* on K/2 band 
were made over a shorter path (about 400 meters) 
and the rate of rainfall was measured only at one 
place, roughly in the middle of the path. Since the 
path length of the Oxford workers** was 2 km, there 
was ample room for oossible fluctuations in the rate 


of precipitation. The K-band radar transmission 
studies by the Bell Telephone Laboratory workers 
were made over longer paths,** and here, too, a situa- 
tion somewhat similar to those reported by the Badia- 
tion Laboratory workers might have existed, as the 
authors duly noticed it. 

The meteorological irregularities which thus seem 
to be inherent in precipitation data eliminate the pos- 
sibility of a quantitative theory of attenuation and 
back scattering of radiowaves by rains or other pre- 
cipitation forms. Although the data contained in 
Table 7 are used extensively in this report, the re- 
sults thus obtained should be regarded as semiquan- 
titative indications rather than rigorous theoretical 
predictions. 

Given the number of raindrops of known dimen- 
sions falling over a certain area in a given time and 
given also the terminal velocity of the drops, the 
spatial concentration of raindrops can be derived at 
once. In Figure 7 the terminal velocity curve is drawn 
as a function of drop diameter. These velocities were 
measured at Porton and are quoted in Best’s paper.^* 

From Table 6 we may obtain data for Table 7, 
giving raindrop concentration Nu of drops with diam- 
eter k^D cm. These concentrations, as are the data in- 


Tabub 7. Number of nundrope per eubio meter in rains of different precipitation rates. 



A 

B 

C 

2.46 

3.6 

4.0 

28.6 

476 

762 

71.8 

612 

80.8 

81 

27 

11.4 

8.18 

22 

31.2 

2.76 

.*. 

see 


0.120 0^ aoi? 


Distribution 


D 

E 

P 

6.0 

p, mm/br 
16.2 

18.7 

61.4 

8.33 


26.6 

69.7 

12.8 

14 

2lJi 

0.62 

16.6 

7.2 

28.4 

4.0 

0.96 

0 

7.2 

0 

26.3 

• a V 

3.83 

0 


4.48 

6.76 


0 


... 

2.71 

ee* 


0.242 OMl 0.078 


G H 1 


22.6 84.3 


323 246 47.0 

134 108 333 

66 68.4 06.2 

46.1 21.6 8l«2 

28.8 21,6 0 

10.2 17.6 0 

ZM 0 0 

2.3 0 0 

... 11.3 22.6 


0.080 1.25 m 
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Fiqubb 7. Termiiial velocity of raindropB (experi- 
mental). 


eluded in Table 6, may be regarded as characteristic 
for rains of the indicated precipitation rate, but they 
are not necessarily typical for those rains. Also given 
is the liquid water content of the atmosphere as- 
sociated with the rains of Table 6 and its graphical 
representation in Figure 8. The curve drawn on this 
graph should not, however, be considered as represent- 
ing any functional relationship between the liquid 
water concentration of the rainy atmosphere and tlie 
rate of rainfall. It can indeed easily be proved that 
the liquid water concentration associated with a rain 
depends only on the fractional precipitation rates of 
the different drop groups. It does not depend directly 
on the total rate of rainfall. Any rain of given total 
precipitation rate can be built up by a number of drop 
size distributions which determine different liquid 
water concentrations in the atmosphere. This means 
that it is theoretically incorrect to draw a graph entitled 
‘^Liquid Water Concentration versus Rate of Rainfall”, 
as is frequently done. A curve so drawn can however be 
of considerable practical value when rough concentra- 
tions corresponding to given rates of rainfall are 
desired. 

It can be seen that the resulting liquid water dis- 
tributions are in fair agreement with those reported 
by Humphreys in his table of precipitation values** 


■ n 

S is 

iu. 

1“ 























Im 






3— 

1 

* •i 






7^ 






0 1 

L " 1 

5 ' "'i 

6 a 


mciriTATioa MTt M im Sf a im 

Flomai 8. ComiMited liquid water datributiou (om V 
in* or g/m*) based on expsHmentol drop disMbii- 
tlons in difaent rains. The dope of the straight Una 
approshnailott is 0.08S g/nVnun/ltf* 


already mentioned. It may be added here that aloft 
and in certain parts of rain clouds, where considerable 
updraft exists, the drop concentrations may be ex- 
pected to be larger than those derived from Table 6. 

These data will now be used in the computation of 
attenuation and back scattering by the different pre- 
cipitation forms, assuming always ideal conditions 
and leaving aside the above-mentioned irregularities 
in space. For reasons stated abo>e, theoretical results 
are significant only with regard to orders of magnitude. 

Attenuation by Idealized 
IVedpitation Forms 

The data included in the preceding section show, 
first of all, that in clouds and fogs the attenuation 
can be given rigorously. Indeed, Table 3 indicates 
that the critical diameter even for waves of 1-cm 
wavelength is over 0.06 cm. Since we have seen that 
in clouds and fogs the drop diameters never exceed 
0.02 cm, it appears that formula (51)' is applicable, 
and the attenuation of all waves of wavelength X > 

1 cm is independent of the size of tlie drops. Further- 
more, taking m = 1 g per cubic meter in formula 
(51) one probably obtains an upper limit for the 
attenuation of these waves.* In Figure 9 the atten- 
uation is plotted down to A = 0.2 cm. The dielectric 
constant of water has been computed in this range by 
using the Debye formula for wavelengths X > 1 cm. 
Clearly the attenuation in fogs and clouds even in 
the region X 1 cm is not of great importance ex- 
cept for long ranges and radar observations. The 
attenuation becomes negligible for waves with X > 
10 cm. 

Table 3 also shows that the attenuation becomes 
practically independent of the drop size distribution 
for wavelengths equal to or larger than about 20 cm. 
In the 5- to 20-cm range the three-term formula 
(48) or (50) ill connection witli (54) will represent 
fairly well the attenuation in different rains, with 
increased accuracy at longer wavelengths. Below X 
= 5 cm this formula is inapplicable, but there Hyde 
and Ryders’* exact attenuation values are available. 
The attenuation formula in a rain, as given by equa- 
tion (54), can be transformed easily to another form. 
If Pm denotes the partial precipitation rate of the drops 
of k cm diameter in a given rain of total precipitation 
rate p, then dearly, 

P - 2 P*. (86) 

kmO 

s being the diameter of the largest drops in this rain. 
Now 

Pk 3.6 X 10* VkVktfk mm per hoar, (36) 


^Attention may be esUed to the abeenoe of data on the 
liquid water dstributioiis In heavy sea fofi* 
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A IN on 

PtamuD 9. Att«ouatioa f«ct<ir in liquid olouda and fom. 
I-18C. 

where is the volume of a raindrop of 1c cm diam* 
eter^ Vu is its terminal velocity in meters per second 
and JVft is their number per cubic centimeter. The 
attenuation of a rain of total precipitation rate p is, 
then, according to equation (54), 


*•0 


0.4343 ^ ps0i,s 
3-6 *.o 


db per kilometer, 


(57) 


after substituting Nk from equation (56) into (54). 

For a given wavelength A, the ratio is a 

constant characteristic of drops whose diameter is h 
cm. This ratio will be denoted by ga. The attenuation 
formula then becomes, finally, 


«.-0.136 2p*«*. (88) 

s-o 

which shows that tlie attenuation in rains of a total 


precipitation rate of p mm per hr depends linearly on 
the individual precipitation rates pu of all the drop 
groups k which build up this rain. The attenuation 
does not depend directly on the total precipitation 
rate p. The points representing the experimental ob- 
servations in the coordinate plane (a,p) should cover 
a certain region of this plane, but no single curve 
a(p) exists, since there is no direct relationship be- 
tween « and p. A curve drawn in this plane is sig- 
nificant only in so far as it permits one to predict a 
possible attenuation value in any rain of given pre- 
cipitation rate or vice versa. 

It is, however, possible to draw in the (a,p) co- 
ordinate plane a straight line which, at a given wave- 
length, will represent the theoretical upper limit for 
the attenuation. Indeed, using Table 6 for the attenua- 
tion in fictitious rains with a distribution of one drop 
per cubic centimeter, and Table 9, giving the precipi- 
tation associated with the same fictitious rains, one 
may compute the ratio Oiu/Pk for any such rain formed 
by a single group of drops of diameter k cm and the 
precipitation rate of ^e same rain. This ratio for 
a given wavelength A of the radiation varies with k, 
the diameter of the drops, and in the diameter range 
0 to 0.55 cm this ratio takes on an optimum value for 
a certain diameter Z). This, then, is the slope of the 
straight line in the (a,p) plane which determines the 
theoretical upper limit of the attenuation in any 
rain of total rainfall p. 


Tablb 8. Precipitation rates p/N in fictitious rains 
with a concentration of one drop per cubic centimeter. 


Drop diameter D, cm 

p/N mm/hr 

0.06 

4.99 X 10* 

0.10 

7.84 X 10* 

0.16 

3.34 X 10« 

0.20 

9.6 XKP 

0.26 

2.14 X 10* 

0.80 

4.08X10* 

0.86 

6.76 X 10* 

0.40 

1.05 X 10* 

0.46 

1.64 X 10* 

0.60 

2.17 X 10* 

0.66 

2.92 X 10* 


The different steps takmi in computing the total 
attenuation equation (58) in a rain of total rate of 
fall of p mm per hour appear in Figure 10 where the 
drop size distribution and tlie partial attenuations 
due to the different drop groups of a 88.6-mm per 


TaanaO. Attenuation in rains of loiowii drop slae distributioii and rate cl fall (db/km). 


A>em DIstri* 

rem/hr 8 6 8 10 15 TO 80 50 76 tOO b ation 

"rS 1.98 10-» 4.92 10-« 4.24 10-* 1.38 Iff-* 7.84 10-« RSOIO*^ IMVOr^ 6.40 IIH 9.3810^ 1.0810-* 5.8510-« A 

8.1810*-! aeaio^ r.llio-^ 2.0410-« U910-« 4.601(rt 2.5810*t 1.0610-^ aJOSMM l.lSl0-» 0.7510^ 0 

6.0 6.1610*-! 1.9810**! IJMlO-s 8.0210*^ 1.67lO-« 6.8410-4 8.0210*4 1«3610**4 4J4I0-4 1.0910-4 D 

16.2 2.12 6.1810*! 6.9110-4 1.1710-* 6.68i0n 1.6910-4 7.8610-4 2.9610^ 9.2810-4 4.1610-4 2JUilO-4 E 

ia7 8.87 aoito-! ai810-4 UOIO-* 6.4610^ 1.8610-4 gj09iO-4 ZMliH 80810*4 F 

22.6 RIO 70810-! 60910-* 101 10*4 a9610r4 2.2710-4 U710-4 4.81 10*4 1J610-4 7.41 10*4 4.1910-4 O 

84.8 461 108 U210-! 20210*4 U710-* 46410^ l.r610Hi 6.8810^ 20410-4 90610*4 ^88104 H 

48.1 017 1.64 1.6610*! $0810-4 1.62104 406104 2.29104 071104 078104 108104 098104 I 
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Fiqubb 10. Drop siie distribution and attenuation in 
a 22.6-nun per to rain. Unlabeled curve repreeente AT* 
values; number of raindrops per cu m^^Nif 


hour rain ai'e plotted. It is seen that the numerous 
smaller drops hardly contribute to the attenuation, 
which is caused mostly by the fewer larger drops and 
has a maximum around the 2.5-mm drops. 

In Table 9 is given the total attenuation (decibels 
per kilometer) in the wavelength range 1.26 to 100 
cm in different rains of precipitation rates ranging 
from 2.46 to 43.1 mm per hour corresponding to 
given distributions. In Figure 11 are plotted some 



FiQtmB U. AUanuatiofi in tntiui d known dn^ siae 
dijltiyEmtion •• a funetion of the waveleiigth. The 
alwfliaia #vee the ^telengtb, X, in oentimeteia. The 
oidiitd* (Ives lofhs while the attenuati^ 

^ li edQineMid ih diwimf pmr kflottetwr. The 
lilleis on the oiirm infer to the dfop siM dis^^ % 

dlireninThder, 



Fioubb 12. (1) Computed K-band attenuation based 
on experimental drop sise distributions. (2) Theoretical 
upper limit. a/p»0.lt db/km/mm/hr. (>«18 C. 


curves showing, for a few rains, the variation of the 
total attenuation factor as a function of the wave- 
length. The dashed portions of these curves join the 
points previously computed/* the calculations start- 
ing at A = 5 cm. 

Figures 12, 13, and 14 represent, at three typical 
wavelengths, the total attenuations in different rains. 
The results of the calculation are represented by the 
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Fioubb 13. (1) Computed X-band attenuation beaed 
on experimental drop sise distributions. (2) Theoretical 
upper limit. «/p»0.045 db/km/mm/hr. 18 C 



Fioubb 14. (1) Computed S-band attenuations based on 
experimental drop rise dbtributlons in different rains. 
(2) Theoretical upper limit of a/p, attenuation per unit 
rate of precipitation, is d.lO’^db/km/mm/to. I)«18C. 
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points indicated on these Rgurea, and the emooth cnnre 
passing through these points serves to illustrate the 
proceduxe usually followed by the experimental work^- 
ers, as we have already mentioned. It is evident that 
these curves have little^ if any, direct physical signifi- 
cance. Similarly the curves of Figure 11 associated 
with different rains merely indicate the trend of varia- 
tion of a as a function of the wavelength, since no 
single curve of this type can characterize a rain of 
given total precipitation rate of p mm per hour. 

Table 9 shows that the attenuation is of no practical 
importance for S band and longer waves even with the 
heaviest rains or cloudbursts. This result is summar- 
ized in Table 10 (the theoretical upper limits of the at- 
tenuations per unit precipitation rate) . 


Tabus 10. Theoretical upper limits of attenuation 
per unit precipitation rate (t ^ 18‘C). 


X, em 

(a/p)mAx db/km/mm/hr 

1.25 

1.6 X 10-> 

3 

4.8 X 10-* 

5 

5.0 X 10“* 

S 

1.0 X 10“* 

10 

6.0 X 10-4 

15 

3.0 X 10-4 

20 

1.4 X 10-4 

SO 

6.4 X 10-» 


These values in Table 10 correspond to raindrop 
temperatures of about 18 C« At lower temperatures the 
values of (ci/p) included in this table might be in- 
creased about *25 to 30 per cent. 

The results of the different workers in the field are 
summarized in Table 11. 

It will be seen that the above values of a/p compare 
favorably with ^e theoretical values.! The difficulties 


Tablb 11. Experimental values of the attenuation 
per unit precipitation rate. 


X, om 

(a/p) db/km/mm/hr 

Authority 

0.62 

0A7 

Mueller® 

0.96 

0.15 

Adam ri of®® 

1.069 

0.2 

Robertson®^ 

1.25 

i 0.19 

Souibworth el ol®® 

1 0.09-0.40 

Rado» 

3.2 

a039-0.042 

King and Robertion®® 


in the interpretation of the experimental data as men- 
tioned already should be kq>t in mind when compar- 
ing the experimental values with the theoretical 
predictions. 

As remarked by Ryde and Hyde/* the attenua- 
tion by hailstones and snow should be appreciably 
smaller than that due to raindrops, tlie dielectric con- 
stant of ice being considerably smaller than that of 
liquid water. 

A final remark may be made concemiug the theore- 
tical results given here. It has been assumed through- 
out the preceding discussion that the raindrops are 

iThe same seems to be true of S4HUid waveksiiUiB whem 
toiiih atteauatbn measiBeiiiiats are available m **mMd** 
stetm riouds.vt 


spherical. This is likely to be the case with practically 
all the drop groups existing in rains, with the excep- 
tion of the biggest drops, which may undergo deforma- 
tions. Presumably the effects of small deformations 
are not of great importance. 

The Scattering of Microwaves 
by Spherical Raindrops 

The cross section for scattering of electromagnetic 
waves by spherical particles is given for any direction 
by equation (34). Using the approximate expressions 
of the amplitudes as given by equations (38) and (43) 
and the notation represent- 

ing the* real and imaginary coefficients of p® in a,, 
of p® in 5^, etc., ai indicated above, we get the fol- 
lowing expression for the total scattering cross sec- 
tion: 

Q.-^P*{31A‘»|* + 6DJ,<»A»> 

+ A A “>] P’ + 6 [A <» A <« + A «> A “>] P* 

+ }3[|o,<‘>l* + lA»>l*] 

+ 5|A‘»l’}p« + 6[A‘»ft‘« 

+ A “> A <«] p‘ + 3 1 A I ‘ P* + • • *1 cm*. 
Here, for instance, 

- (ai<®>)* + (5iW)®,etc. 


For values of p^ 1 and when the terms in p* and 
higher powers can be neglected in the braces, the 
total cross section for scattering reduces, the ex- 
plicit expressions of and to 


Qs, K<1 


128y®o® 

3X® 


l)«(€.-h2)®-hi,«[2(€.- 1) (€. 4- 2) -h 9] -h , 

When the dielectric absorption vanishes, i.e., ci— >0, 
this reduces further to 


Qt, p«i 


128ir®a®/n*- l\x 
3X® Vn‘ + 2/ 


cm®. 


(61) 


which is the well-known Rayleigh scattering cross 
section, since cr = n’ in this case. 

In Table 12 aie given the scattering cross sections 
computed within the range of p, 0.00157 to 0.576, or 
in the drop diameter range 0*05 to 0.55 cm and wave- 
length range 3 to 100 cm. Needless to say, the actual 
cross sections for scattering at the larger p values are 
always larger than the Rayleigh cross sections [equa- 
tion (60)]. For p < 0.10 the scattering cross sectioiis 
within a per cent, given by the first Rayleigh 
term (60) of equation (59). However, in the present 
case of absorbing sph^cal drops, tire parametric 
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Tabud 12. Total scattering cross section Q, (cm*) of spherical water drops of D cm diameter. 


X, cm 

0.05 

0.10 

0.15 

0.20 

0.25 

D, cm 

0.80 

0.35 

0.40 

0.45 

0.50 

0.55 

8 

8.62 lO-* 

2.35 10-* 

2.74 10-‘ 

1.58 10-< 

6.06 10-< 

1.98 10-» 

6.36 10-‘ 

1.31 10-* 

2.96 10-» 

6.3610-^ 

1.31 10-1 

5 

4.70 10-» 

3.04 lO-f 

3.51 10-« 

1.97 10-» 

7.56 10-» 

2.82 10-® 

5.97 10-< 

1.36 10-* 

2.86 10-® 

5.61 10-» 

1.04 10-* 

8 

7.23 10-w 

4.64 10“» 

6.35 10-’ 

2.98 10-* 

1.14 10-» 

3.44 10-* 

8.72 10-« 

1.96 10-< 

4.01 10-t 

7.65 10-* 

1.37 10-» 

10 

2.93 lO-w 

1.8810**« 

2.15 10“’ 

1.21 10-« 

4.62 10-« 

1.38 10-« 

3.50 10-® 

7.85 10-® 

1.5910-* 

3.01 10-* 

5.41 10-* 

15 

6.80 10-H 

3.75 10-» 

4.83 10~« 

2.43 10-T 

9.03 10-’ 

2.70 10-® 

6.80 10-® 

1.52 10-» 

3.10 10-» 

5.87 10“» 

1.0410-* 

20 

1.88 10-» 

1.17 10"« 

1.35 10-« 

7.61 10-« 

2.86 10-T 

8.53 10-» 

2.16 10-® 

4.81 10-® 

9.74 10-« 

1.83 10-» 

3.25 10-* 

30 

3.02 10-w 

2.32 10-w 

2.66 10'* 

1.49 10-« 

5.66 10-« 

1.69 10-T 

4.11 10-T 

9.51 10-’ 

1.92 10-® 

3.62 10-® 

6.43 10-® 

50 

4.0810-w 

2.99 lO-n 

3.44 10~w 

1.91 10-» 

7.29 10-» 

2.18 10-® 

5.51 10-« 

1.22 10-^ 

2.48 10-’ 

4.65 10-’ 

8.27 10-* 

75 

9.2210-“ 

5.91 10-M 

6.79 10-11 

3.78 10-w 

1.44 10-» 

4.31 10-® 

1.08 10-« 

2.42 10-® 

4.91 10-® 

9.22 10-® 

1.63 10-T 

100 

2.9310-“ 

1.88 10-» 

2.15 10-11 

1.20 10-w 

4.56 10-1® 

1.37 10-® 

3.45 10-® 

7.64 10-® 

1.56 10-® 

2.93 10-® 

5.20 10-® 


representation (59) of tlic cross section is not of 
much practical interest since some of the coefficients 
of the powers of p are strongly dependent on the wave- 
length. The cross section is not a unique function of 
p = {frD/k) but is a complicated function of A and 
D, and the series representation is valid only in de- 
scribing the dependence on the diameter D of the 
drops, the wavelength being kept constant. In Fig- 
ures 15 and 16 two families of curves have been 
plotted representing Qa as a function of the diameter 
D of the raindrops at constant wavelength and as a 
function of the wavelength at constant diameter^ 
respectively. 

The knowledge of the total scattering cross section 
Qg and the total cross section Qt allows at once the 


computation of the absolute probabilities for electro- 
magnetic waves falling on spherical water drops to be 
scattered in any direction and the absolute probabil- 
ities for being absorbed by the drops, the absorbed 
energy being then transformed into heat in the drops 
(true absorption). Indeed, this probability of the 
waves being scattered in any direction is equal to the 
ratio of the scattering cross section Qa to the cross sec- 
tion Qt which is associated with all the possible even- 
tualities, here only two, namely, scattering and true 
absorption. Hence, 

5 .-^ ( 02 ) 

and, consequently, the probability of true absorption is 
1 (63) 



0woy 

Fiotnti 15. Scattering cross seetioii, of sphericid 
water drops as a function of the drop diameter. The 
abscissa i^ves the drop diameter, D, in centiineteni. 
The ordinate scale gives logi* the scattering cross 
aectiott Q, being ej^ressed in square centimetets. The 
mimben on the curves indicate the wavelength, X, of 
the InoidaRt ladiation In 



Fiovrb 16. Scattering cross section, Qt* of spherical 
water drops as a function of the waWength. The 
abscissa gives the wavriength, X, of the incident radisr 
tion In centimetenL The ordinate scale gives logio Qat 
the cross section Qa being expressed In square centi* 
meters. The numbers of the curves inefioate the drop 
diameter, D, in centimeters. 
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Ir Table 13 are given the probabilities in the 
drop diameter range 0.05 to 0.55 cm and wavelength 
range 3 to 100 cm. A glance at this table sliows that 
with the exception of the shortest wavelengths and 
largest drops the probability of the waves being truly 
absorbed is always much larger than that of their being 
scattered. The smaller the drops the greater the chance 
of absorption, since, according to the cross-section 
formulas, for small drops is proportional to J>^/» 
(Rayleigh's law) whereas is proportional 

to Jy^/k and in our case the drop diameter D is always 
smaller than the wavelength A of tlie radiation. 


/ X Y Pr "y , 

n (n + 1) + 1) 


+ 2a, 


L \ sm* S de dB / 

\sm*d dB dB / 

^ ♦ )1 

\smd dB smd dB /J 


(65)‘ 


Tabu: 13. Probability of scattering by spherical water drops of D cm diameter. 


D, cm 

3 

5 

8 

10 

X, cm 

15 20 

30 

50 

75 

100 

0.06 

3.94 10“« 

1.64 10-* 

6.6.3 10-1 

4.26 10-1 

1.94 10-1 

1.0910-* 

4.92 10-1 

1.74 10*^ 

7.74 10-« 

4.33 10-« 

0.10 

1.64 10-^ 

1.09 10-» 

4.89 10-* 

3.22 10-* 

1.63 10-» 

8.60 10-1 

3.91 10-1 

1.4010-* 

6.33 10-» 

8.47 10-» 

0.15 

2.11 10-* 

2.00 10-» 

1.47 10-« 

9.96 10-» 

6.00 10-» 

2.87 10-» 

1.32 10-» 

4.73 10-1 

2.11 10-1 

1.17 10-1 

0.20 

2.86 10-* 

6.15 10-» 

2.01 10-» 

2.10 lO-* 

1.11 lO-* 

6.51 10-* 

3.06 10-» 

1.10 10-* 

3.96 10-1 

2.76 10-1 

0.25 

3.72 10~* 

7.60 10-* 

4.75 10-* 

3.16 10-* 

1,97 10-* 

1.21 10-* 

5.81 10-» 

2.14 10-* 

9.66 10-1 

5,37 10-1 

0.30 

6.31 10-* 

1.03 10-1 

6,91 10-* 

5.33 10-* 

8.12 10-* 

1.75 10-* 

9.77 10-» 

8.66 10-* 

1.61 10-* 

9.32 10-1 

0.35 

8.06 10-* 

1.29 10-1 

9.06 10-* 

7.28 10-* 

4.60 10-* 

2.96 10-* 

1.46 10-* 

5.76 10-* 

2.60 10-* 

1.47 10-* 

0.40 

1.21 i(r» 

1.64 10-1 

1.13 10-1 

9.31 10-* 

6.06 10-* 

4.11 10-* 

2.17 10-* 

8.42 10-* 

3.88 10-* 

2.18 10-* 

0.45 

1.95 10-1 

1.84 10-1 

1.86 10-1 

1.14 10-1 

7.79 10-* 

6.47 10-* 

2.96)0-* 

1.19 10-* 

6.50 10-* 

8.11 10-* 

0.50 

2.96 10-1 

2.17 10-1 

1.68 10-1 

1.34 10-1 

9.63 10-» 

6.88 10-* 

3.90 10-* 

1.59 10-* 

7.43 10-* 

4.23 10-* 

0.55 

4 82.10-1 

2.49 10-1 

1.80 10-1 

1.56 10-1 

1.16 10-« 

8.44 10-* 

4.95 10-* 

2.08 10-* 

9.82 10-* 

5.61 10-* 


Back Scattering (Echoes) 

Whereas the attenuation of microwaves is of inter- 
est to both communication and radar, back scattering 
is of importance to radar only. The importance of tlie 
echo phenomena is twofold. On the one hand| it is 
of operational interest to distinguish between atmos- 
pheric echoes of the waves and their reflection from 
other targets in the atmosphere. On the other hand, 
the observation of these phenomena has led to the rec- 
ognition of its meteorological value in helping to map 
the storm topography of the atmosphere (stoim detec- 
tion) around the position of the observer and at 
ranges limited only by the characteristics of the radar 
set used.'*'**”** 

The echo intensities may be computed from for- 
mula (35) for the differential cross section of drops 
(r(ir) for back scattering (scattering angle ir). 

According to equation (22), the power scattered by 
a spherical particle per unit solid angle at a point 
(rA^) is 

(SX.-i-lWI’+WW'*- <“> 

Using equations (16) and (17), we obtain, remember* 
ing that the incident power per unit area is (l/2i^) 
the following expression for the differential scatter- 
ing cross section: 


Or, limiting ourselves to the approximation where only 
the electric dipole (5i), electric quadrupole (6*), and 
magnetic dipole (Oj) are effective, we find, using the 
explicit expressions of the associated Legendre poly- 
nomials, 



■(^y 

Rej 9l5i|* (sin*^ + cos* d cos* + 9| ax|*(co8*^ 

+ co8*dsm*^) 

-f 26i6i| * (cob* B sin* ^ + cos* (2 B) cos* ♦) 

+ ISaib/cosd + 306i6i* ooBd(8m*0 + ooB(2d)ooB*0) 
+ 30ai6i*(co8*d8m*<^+ co8(2d) oos*^) J cm*. (66) 

Here the first term inside the brackets represents the 
contribution of the electric dipole, the second is the 
magnetic dipole term, the third is the electric quad- 
rupole term, and the three others correspond to inter- 
ference terms between these three poles. 

In the optical case it is known that the larger the 
parameter p — rD/k, i.e., the nearer the wavelength 
is to the diameter of the scattering sphere, the more 
the radiation 3s scattered forward than backward. A 
study of equation (66) for water drops of 1-cm diam- 
eter shows that for spheres of this size it is only when 
15 cm or p ^ 0.2 that the baric-scattered intensity 

m^B « w thSs leduoss 
erois seotioiit 


to equation (27) el the radar 
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is about the same as the forward-scattered intensity. 
For such p values only the dipole term in equation 
( 66 ) remains of practical importance. 

Suppose that we adopt a p value of 0.2 as a rough 
indication of what happens in the case of actual rain- 
drops, the diameter of which is less than about 0.55 
cm. It is then seen that for radar purposes the use of 
longer waves is favored, as far as the amount of back- 
scattered power is concerned, viz., in those cases where 
the greatest amount of back scattering from water 
drops is of operational importance. This will clearly 
occur in radar meteorology. However, when it is 
desirable to limit as much as possible the back scatter- 
ing from rain or rainclouds, one might make use of 
this forward-backward scattering dissymmetry, which 
is the more pronounced the shorter the wavelength as 
compared with tlie diameter of the raindrops. This 
dissymmetry might, however, be counterbalanced by a 
rapid increase in the attenuation as well as a general 
decrease in the intensity of scattering. 

The differential cross section for back scattering re- 
sults from equation ( 66 ) by taking $ = ir there. Using 
the explicit expressions (43) of the amplitude a^, 
and bg, one obtains for tliis back scattering (or radar 
cross section) 

a(ir) p^(AQ+A%p*+A%p*+Aip*+Aip^+A^p^ 

+ *»*)cin*, (67) 
with the following coefficients A^, using the notation 
defined by equations (45), (46), and (59) : 

At - 18 

A, « 18 {^iWA<« + , (68) 

A 4 « 9 [lai^l* + - 18 [ai<»A<») + 

~ 30 

At « 18 

-30DJiCW«+A<*>A<«], 

A.-9|AW|». 


The radar cross-section formula (67) is the same 
as that given by Byde.^^ Again a(ir) is not a function 
of p only since the coefficients of the sueoessive powers 
of p in the expansion (67) depend on the wavelength. 
The computed echo cross sections (r(ir) for spherical 
water drops with diameters in the range 0.05 to 0.55 
cm and the wavelength range 3 to 100 cm are given 
in Table 14.^ These cross sections reduce practically to 
the Rayleigh type, i.e., the series (67) reduces to its 
first term for the smaller drops at any wavelength and 
for any drops for wavelengths larger than about 15 cm. 
Since the Rayleigh term predominates in a(ir), with 
the exception of the larger drops and smaller wave- 
lengths, the trends of variation of <r( 4 r) with either 
the diameter, at constant wavelength, or the wave- 
length, at constant diameter, are similar to those of 
C„the total scattering cross section. A graphical repre- 
sentation of the data of Table 14 is thus of no particu- 
lar interest; they appear implicitly in Figures 15 
and 16. 

In order to compute the radar attenuation factor a 
associated with echo phenomena occurring with rain 
of known drop size distribution, we have but to use 
equation (31) and hence obtain for Nk drops of 1e cm 
diameter per cm*, 

ttr, k =* ^k ^kir) neper/cm, (69)“ 

and for a given distribution of particles 

« $ 

^ Nk ^kM neper/cm. (70) 

Using the radar cross section of Table 14 and the drop 
size distributions in different rains as given in Table 
7 , we have computed a^, the attenuation factor due to 
back scattering in the wavelength range 3 to 100 cm. 
The results of these calculations are included in Table 
15 and in Figure 17. The variation of «,is represented 
as a function of the wavelength of the incident radia- 

*For the shorter waves and large drops the cross sections 
given are merely orders of magnitude, as the convergence ot 
equation (67) is too slow in that case; in f%ot, it is even 
•lower than the expression for 
“The coherent portion of the scattering is neglected here 
on account of the assumed random distribution of t^ scatteiv 
ers. See, neverthelesB, a recent note by F. Hoyle.*^ 


Tablb 14. Back scattering cross section s (w) (cm*) of spherical water drops of D cm diameter. 


D, cm 

8 

5 

8 

10 

X, cm 

15 20 

30 

50 

75 

100 

0i)5 

4.25 10-« 

5.55 10-w 

A63 10-» 

8.50 10-w 

6.88 10-w 

2.18 10-» 

4.32 10-w 

5.60 10 -w 

1 . 11 10 -“ 

8.60 10 -w 

0.10 


8JB10-* 

5.47 10-4 

2.2410-4 

4.44 10-M 

1.40 10-w 

2.77 10-W 

8J»10-« 

7.09 10 -w 

2.24 10 -w 

0.15 

3^10-* 

8.97 10-» 

6.28 10-4 

2.5410-4 

5.10 10-4 

1.60 10-4 

3.18 10 -w 

4.12 10 -w 

8.M 10-«» 

2.57 10-M 

0.20 

1.4810-* 

2.15 10-4 

8.45 10-T 

1 . 43 10 -* 

2.84 10-4 

8.9410-4 

1.77 10-4 

2.29 10-w 

4.52 10 -w 

1.43 lO-w 

0.25 

5.08 1(^> 

7.4810-4 

1.80 10-« 

5.84 10-’ 

1.07 10-» 

8.42 10-4 

6.78 10-4 

8.72 lO^w 

1.72 10 -w 

5.45 lO-w 

0.50 

1.5410-4 

2J151(M 

8.80 KM 

1.57 KM 

8.19 10-’ 

1.3010-7 

2.0210-4 

2.62 10-4 

5.17 10 -w 

1.64 10-w 

0.55 

2.48 KM 

5.^10-^ 

0.8710-4 

8.01 10-4 

8.01 10-4 

2.58 10-4 

5.04 10-4 

6,58 10-4 

1.29 10-4 

4.08 lO-w 

0.40 

0.04 10-4 

1.12 10-4 

2.08 10-4 

a5510-4 

1.7710-4 

5.75 10^ 

1.18 10-4 

1.46 10-4 

2.88 10-4 

9.18 10 -w 

tk45 

7.76 KM 

2.1210-4 

8.0910-4 

1.70 10-4 

8.5510-4 

1.16 KM 

2.82 10-4 

8.0010-4 

5.92 10-4 

1.87 KM 

0.50 

Ml KM 

8.6510-4 

7.8010-4 

8.14 10-4 

6.6810-4 

2.18 10-4 

4.82 10-L 

5.6010-4 

1.11 10-4 

8.50 KM 

0.55 

5.05 KM 

5.82 KM 

1.2410-4 

5.4410-4 

1.16 10-4 

8.87 10-4 

7.70 10-4 

9.9810-4 

1.9710-4 

6.2410-4 
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Tabijb 15. Abtorptkm ooeffiewnt duo to book feotteniig (ocho) 2a« km"! in roino of known drop oiie distribution ond 
inte of M. 


mm/hr 

3 

5 

8 

10 

X, cm 

15 20 

30 

50 

75 

100 

Distri- 

bution 

2.46 

2.94 10-» 

4.21 10-« 

7.01 lO-' 

2.88 10-» 

6.74 10-« 

1.82 10-* 

3.6010“* 

4.6610-’* 

9.20 10-u 

2.91 10-H 

A 

4.0 

5.06 i(r» 

7.81 10-« 

1.17 IQr* 

4.81 lO-’ 

9.63 10-* 

3.0310“* 

6.9910“* 

7.76 10“’* 

1.63 10-w 

4.8510“” 

C 

6.0 

1.4410-^ 

2.32 10-» 

3.90 10-« 

1.81 10-* 

3.26 10-’ 

1.17 10-’ 

2.31 IQr* 

2.99 10“* 

6.91 10“’* 

1.8710“’* 

D 

15.2 

6.12 

1.73 10-< 

3.80 10-» 

1.41 10-» 

2.94 10-* 

7.6210“’ 

1.50 10“* 

1.94 10“* 

3,8310“* 

1.21 10“* 

E 

18.7 

6.67 1(M 

1.27 10-*4 

2.22 10~» 

8.26 10-« 

1.9010-* 

6.51 10-’ 

1.2810“’ 

1.6610“* 

8.2810“* 

1.0410“* 

F 

22.6 

5.69 10-< 

1.01 io*-« 

1.74 10-» 

7.24 10-* 

1.4710“* 

4.91 10“’ 

9.7010“* 

1.2610“* 

2.49 10“* 

7.88 10“’* 

G 

34.3 

1.28 10-» 

3.0210-^ 

5.58 10“» 

2.36 lO-* 

4.9010“* 

1.6310“* 

3.22 10“’ 

4.17 10“» 

8.24 10“* 

2.61 10“* 

H 

43.1 

1.83 10-* 

4.8910-^ 

9.16 lO"# 

8.90 10-* 

8.1410“* 

2.6610“* 

6.2610“’ 

6.8210“* 

1.36 10“* 

4.2610“* 

I 



FIquiub 17. Aboorption coefficient, 2 ov, due to back 
scattering (echo) as a function of the wavelength in 
different rains. The abscissa gives the wavelen^, X, 
in centimeters. The ordinate t^e gives logi«(2aff), the 
absorption coefficient 2oc« being express^ in km'^. 
The letters on the curves refer to the drop site distribu* 
taons listed in Table 7. 


tion in different rains of given drop size distribution 
and precipitation rate. As already emphasized in con- 
nection with the study of the attenuation^ these curves 
are characteristic, probably, of those rains, but they 
are not unique, since a given rain of known precipita- 
tion rate might very likely be built up from a variety 
of drop size distributions. 

Since the absorption coefBcient (2a,) for back scat- 
tering represents also the fraction of the incident power 
back scattered per unit thickness of the scattering 
medium. Tables 14 and 15 allow the computation and 
estimation of the echo power to be expected in radar 
observations under given conditions. The difficulties 
which seemed to exist earlier are cleared up by assum- 
ing that in those clouds which give rise to echoes pre- 
cipitation actually occurs, even though no rain reaches 
the ground.** This is substantiated to some extent by 
recent work** which succeeded in verifying Rayleigh’s 
law observing cloud echoes simultaneously with 
both S- and X-band radar sets. Further- pro^ was 
added by ^ Canadian group,** whose exhaustive 
study in the S band dearly showed the role of rain- 
drops in doud echo phenomena. In fact* these workers 


stated that there was no record of an echo without rain. 

It is interesting to extract from Table 15 the frac- 
tion of the incident power back-scattered from differ- 
ent rains of 1-km depth expressed in decibels. As just 
mentioned, the power back-scattered by a thickness 
Aa is 

AP. « -2a,P<Ar, (71) 

and the fraction of the incident power P| scattered 
backward by a layer Ar = 1 km is then 10 logio AP,/ 
Pi db or (10 logjo 2a,) db (2a,) is given in Table 16. 
The results are included in Table 16. 

With Table 16 and the known sensitivity of a radar 
set, the maximum free space distance from the set at 
which these rains are observable can be computed at 


Tablb 16. Power scattered backward by a layer of 
1 km of rain in different rains (decibels). 


Distri- 





X, cm 


' 


bution 

mm/hr 

3 

5 

8 

10 

15 

20 

30 

50 

A 

2.46 

-46 

-54 

-61 

-65 

-72 

-77 

-84 

-93 

D 

6.0 

-38 

-40 

-64 

-68 

-66 

-69 

-76 

-85 

£ 

15.2 

-82 

-37 

-46 

-48 

-55 

-61 

-68 

-77 

H 

34.3 

-29 

-35 

-42 

-46 

-63 

-58 

-66 

-74 

1 

43.1 

-27 

-33 

-40 

-44 

-51 

-56 

-63 

-71 


once. The peak power received by a radar set from 
Volume 3, Chapters 2 and 9, is 


Pi *■ PiOxOt 


4ir(P 



where Pj is the transmitted power (peak power), 

Gi and 0^ respectively the transmitter and 
receiver antenna gains relative to a doublet, 
d is the distance of the set from the echoing 
rain drops, and 

5, is the back scattering cross section. 

The beam usually intersects the rain boundary and 
therefore it can be assumed that 8^ is made up of the 
combination of all the drops included in the echoing 
volume. This volume may ^ taken as a spherical shell 
of thickness Ad whose base is a spherical segment of 
area 

3t«P(l — ooe 9), 


90 bring approximately the half-power beam width of 
tbeaei 
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The rain echo cron section is then 
S, - 2«P (1 - 008 P) 

Here the eummation extends over all the different drop 
groups forming the rain and iri(ir) is the differential 
cross section for back scattering in the direction w with 
the direction of propagation of the initial beam. It 
should be r6membe]:ed that <ri (ir) is the cross section per 
unit solid angle. Hence, the received peak power, 

for smalls in radians). The quantity [!!£i^ 4 ori(ir)A(f] 
is tabulated in Table 16 for Ad = 1 km and the 
different rains of Table 7. It is thus clear that the 
knowledge of the set characteristics permits at once the 
computation of the received power echoed by a rain 
falling at a certain distance r from the set provided 
the assumption is mad^ that the echoing rain layer is 
1 km thick. This is clearly arbitrary but is likely to 
give the right order of magnitude. 

There has been discussed in a rather unorthodox 
way'‘ the effect of the absorption on the back scatter- 
ing of radiation taking into account also the finite 
pulse length of the radiation source. 

These results seem to be consistent with the meager 
quantitative information available in this field. This 
fact would tend to classify the atmospheric radar 
echoes as back scattering phenomena due to water 
drops of precipitation size. It may further be re-em- 
phasized that theory provides an adequate explanation 
for scattering and absorption of electromagnetic waves 
passing through different clouds or precipitation 
forms. The limitations imposed on the theoretical re- 
sults are due essentially to irregularities inherent in 
the meteorological elements. 

Summary 

The present report gives a detailed review of the 
theoretical and experimental status of microwave at- 
mospheric absorption. This absorption is due to the 
gases of the atmosphere, oxygen, and water vapor, on 
the one hand, and to the swarms of floating or falling 
water drops, clouds, fog, rain, and snow, on the other. 

The status of the gaseous absorption of the atmos- 
phere is reviewed briefly in Section 10.1.1, Figure 1 
gives the oxygen and water vapor attenuation curves 
in the 0.2 to 10-cm wavelength range. The water vapor 
attenuation is given for a vapor content of 7.6 g/m* 
of air, or 6.2 g per kilogram of air. In the equatorial 
belt, 16^ S to 15^ N, at sea level, the attenuation due 
to the atmospheric gases is approximately constant. It 
is about 0.18 and 0.008 db per kilometer for 1.25- and 
2<<sm waves respectively. In the tropical region the 
seasonal variation of these attenuations is quite large. 

l^ie 2 helps to give a clear picture of the atmos- 
pheHc absorption due to oxyg^ and water vapor 


simultaneously with the absorption in rains of differ- 
ent types. It is seen that in the wavelength range 1 to 
5 cm the rain attenuation is more important than the 
gaseous atmospheric attenuation. The latter predomi- 
nates at waves shorter than 1 cm and longer than 
about 5 cm, losing entirely its practical importance 
at these longer waves. 

The theory of absorption and scattering of electro- 
magnetic waves by dielectric spheres (see text on 
ppi 271-274 ) is briefly presented following thettayleigh 
method as developed by Stratton. 

The contribution of a swarm of spherical water 
drops of the same size, floating or falling in the atmos-^ 
phere, to the average field strength attenuation factor 
is given by 

a » neper per unit length, 

where N is the average concentration of the drpps, and 
Qt their total cross section. This total cross section is 
the ratio of the power removed from the incident beam 
by one drop, through scattering and internal absorp- 
tion to the power density of the incident beam. Similar 
definitions hold for the scattering cross section, absorp- 
tion cross section and differential cross section for 
back scattering or radar cross section. The total cross 
section Qt has the following form : 

^ - He) X (2n+l) (a.+6.), 

where X denotes the wavelengths in free space of the 
incident radiation and a» and bn, (n = 1,2,3, • • •) form 
an infinite set of scattering amplitudes or coefficients 
associated with magnetic and electric poles of increas- 
ing order induced in the water drop by the fleld 
strengths of the radiation. Thus is associated with 
a magnetic dipole, 6, with an electric dipole, bg with 
an electric quadrupole, etc. 

Pages 275-276 are devoted to study of the ampli- 
tudes On and bn. These are complicated functions of 
the wavelengtli X, diameter D, or radius a of the drops, 
as well as the complex refractive index N or dielectric 
constant ce of water. Approximate expressions of the 
amplitudes can be derived by expanding them in series 
of ascending powers of the parameter p = irD/X for 
p < 1. Betaining only terms up to p", we found the 
following expressions of the flrst amplitudes, 

a,- 


6i- 


3 Ar*+2 ^ \ ^SN*+2 3 JV*+2 / ’ 


. i jy«-i , 

15 2Ar*+3'*’ 

where N is the complex refractive index of water with 
respect to free space and AT* =* co = (cr— jc*) is its 
complex didectric constant The numerical compute- 



RADIO WAVE PRWAOATION EXPERIMENTS 


tioR of these amplitudes requires knowledge of the 
dielectric constant of water in the desired wave- 
length and temperature range. Whereas experimental 
data on the real part of the dielectric constant of water 
are relatively abundant in the microwave region and 
around 18 data on the imaginary part or the con- 
ductivity are very scarce. The Debye theory has^ there- 
fore, been used to compute the dielectric constant of 
water in the microwave region, and the theoretical 
results seem to be supported by the new experimental 
data (see Table 1). Recent data in the K*band on 
the temperature variation of the dielectric constant of 
water are given m Table 2. The graphical representa- 
tion of both real and imaginary parts of the dielectric 
constant in the wavelength range 1 to 11 cm appears 
on Figure 4. The numerical values of and b, are 
discussed briefly at the end of this section. 

The attenuation factor (see pp. 277-279) is here 
computed to the approximation of taking into account 
the amplitudes a^, and b,. Clearly, inasmuch as 
these, amplitudes are expressed in the form of series 
in ascending powers of the parameter p = wD/k, the 
attenuation factor takes on a similar form. One gets 


a 


^ ^ (Ci+Olp* -I- c»p*+ 
20 A 


• • 0 neper per unit length, 


where n? is the mass of liquid water in the form of 
drops per unit volume of the atmosphere, X is the 
wavelength of the radiation in free space, and c^, 
c„ etc. are dimensionless coefficients depending on the 
wavelength implicitly through the dielectric constant 
of the substance of the sphere. For values of p small 
compared with unity, i.e., for waves long compared 
with the diameter of the drops, for which the terms 
in p*, p‘, . . . can be neglected, the attenuation fac- 
tor reduces to one term, 




Zwmci 
20 X 


Or m 

10 X (i^+2)*+«,» 


neper per unit length . 


This shows that for small drops or longer waves the 
attenuation factor becomes independent of the drop 
size and depends only on the amount of liquid water 
per unit volume present in the atmosphere. Table 3 
contains (in the 1- to 100-cm wavelength range) the 
values of the coefficients c^, Cg, c,. It also gives the 
critical drop diameters below which, for a given A, 
the one term attenuation formula holds within 10 
per cent accuracy. A few values of Do are the fol- 
lowing: 


1 IJS S S 10 IS 
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Tabic 4 gives the total cross section of spherical 
water drops in the diameter range 0.05 to 0.55 cm 
and wavelength range 1.25 to 100 cm. Table 5 gives 


attenuation values in decibels per kilometer. Figures 
5 and 6 represent in graphical form the variation of 
the absorption cross section and attenuation factor 
(3) at constant drop diameter, as a function of the 
wavelength, and (2) at constant wavelength, as a 
function of the drop diameter, respectively. 

These results are directly applicable to any pre- 
cipitation forms of which drop size distribution and 
average drop concentration have been determined. 

Meteorological data necessary to the computation 
of the attenuation factor of different precipitation 
forms have been given on pages 279 -280. Data on 
drop concentrations and drop size distributions are 
extremely scarce. 

In liquid water clouds of different altitudes and in 
fogs, ob^rvations indi^te that the drop diameters do 
not exceed 0.02 cm. In low and medium altitude good 
weather clouds the liquid water concentration varies 
betw«3en 0.15 and 0.50 g per cubic meter, and a con- 
centration of 1 g/m* 18 very likely an extreme upper 
limit. In fogs, with the possible exception of heavy 
sea fogs, the liquid water concentration seems to be 
considerably smaller. 

The data on drop size distribution in rains used in 
this work are given in Tabic 6, and, in a different 
form, directly applicable to the computation of the 
attenuation factor, in Table 7. These data indicate 
that the precipitation rate does not determine the drop 
size distribution of a rain, inasmuch as a rain of given 
precipitation rate can be built up with different drop 
size distributions. It does not seem, therefore, that 
the precipitation rate can play the role of a true phys- 
ical variable in the attenuation law of rains. 

Attention is also called to observed irregularities 
in the precipitation rate over relatively small dis- 
tances (about 1 km), which makes it difficult to in- 
terpret the experimental data on radio wave attenua- 
tions even in terms of this apparent variable of total 
precipitation rate. These and other meteorological 
irregularities seem to eliminate the possibility of a 
quantitative theory of attenuation or back scattering 
of radio waves by rain or other precipitation forme. 
Clearly, the experimental study of these as yet chaotic 
meteorological features might disdose certain trends 
which could be advantageously incorporated in the 
theory of attenuation of a stormy atmosphere. 

Figure 7 gives the empiTical relationi^ip between 
the terminal velocify of raindrops and their diameter. 
The measurements cover practically the whole range 
of drops which reach the ground in rains, or from (1.05 
to 0.55 cm. The tenninal velocity of these drops varies 
between 2 and 9 m per second approximately. Figure 
8 represents another empiricd rdatioiiship between 
the liquid water concentration of the rainy ateos- 
phere and die rate ti rainfall. A rough linear approxi- 
mation to the apparent mnpirical curve kids to a 
water content 0.088 g/m* for each nuUtmrter per 
hour precipitation rate. But, sbdctly ^peakiiKig^ ibsas 
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cannot be an analytical connection between the liquid 
water concentration and the rate of rainfall. Inaemuch 
as the same rate of rainfall can be achieved by a num- 
ber of different drop size distributions, therefore, to 
a single value of the abscissa — the precipitation rate 
— there may be associated a series of ordinate values 
or liquid water concentrations. The curves of Figure 
8 are, therefore, of interest only because they are 
helpful in predicting very roughly liquid water con- 
centrations in different rains. 

The text on pp2 81-284 disc uss es computation of 
the attenuation in different precipitation forms, no 
account being taken of the inherent irregularities. 

Since the size of the drops in fogs and fair weather 
clouds are small compared with even the shortest wave- 
length (1.25 cm) considered in this report, the one 
term attenuation formula holds rigorously. Figure 9 
represents the attenuation curve in decibels per kilo- 
meter in clouds and fogs for a liquid water concentra- 
tion of 1 g/m‘ which, as mentioned above, is an upper 
limit. 

A few attenuation values may be given as follows : 

X, cm 1.25 3 5 10 

a/m db/km/gm/m< 0.28 0.040 0.018 0.0045 

Even for 1.25-cm waves the attenuation would be- 
come important only at long ranges for radar observa- 
tions* For waves of length A. > 3 cm the attenuation 
in fair weather clouds and fogs is of no practical 
importance. 

Table 3, on the critical diameter of water drops, 
shows that the attenuation becomes practically in- 
dependent of the drop size distribution in rains for 
wavelengths longer than about 15 or 20 cm, inasmuch 
as raindrops whose diameter is larger than 0.55 cm 
or 0.6 cm do not reach low altitudes. In the 5- to 20- 
cm wavelength range the three-term attenuation 
formula will represent fairly well the attenuation in 
different rains. At wavelengths smaller than 5 cm 
exact computations of the amplitudes 5« are nec- 
essary. 

It is shown that in any rain the attenuation de- 
pends linearly on the partial precipitation rates of 
the different drop groups making up this rain, but 
it does not depend directly on the total rate of rain- 
fall. 

Figure 10 purports to diow the connection between 
the drop size distribution in a given rain and the 
partial or fractional attenuation values in the El and 
X bands of the different drop groups making up this 
rain. It is seen that the numerous small drops do not, 
for practical purposes, contribute to the attenuation, 
which is due mainly to the bigger drops. 

Table 9 contains attenuation values of different 
rains of known drop size distribution and rate of rain- 
fall. I'igure 11 is a graphical representation of these 
result04 It will be seen that at the diorter waves the 
attshuation may bebome important in heavy rains. 


Figures 12, 13, and 14 are graphical representaF- 
tions of certain results included in Table 9 at E1-, 
X-,and S-band wavelengths, respectively. The attenua- 
tion values corresponding to the points in these graphs 
have been- computed for the rains of Table 9, and we 
have drawn a cyirve through the computed points. 
Accordingly, the plot of attenuation as a function of 
total precipitation is a mass plot. That is, for any 
given total precipitation the attenuation will have 
different values, depending upon the distribution of 
the drop size for the rain in question. Figures 12, 
13, and 14 represent mass plots of the meager data 
available for K, X, and 8 bands, respectively, together 
with the limiting curve that would result if all the 
drops were of the size that gives maximum attenua- 
tion. Tables 10 and 11 contain, respectively, the theo- 
retically predicted upper limits of attenuation for 
water drops around 18®C and the experimental atten- 
uation per unit rate of precipitation. In view of the 
difficulties in the interpretation of the experimental 
data, it may be said that there is fair agreement be- 
tween the observed and predicted attenuation values 
in rains. 

The attenuation due to hailstones and snow should 
be considerably smaller than that caused by rain. The 
reason for this difference is due to the small dielectric 
absorption of ice as compared with the dielectric ab- 
sorption of liquid water. 

Pages 284-286 deal with the total scattering (in 
the whole solid angle) of microwaves by spherical 
water drops. The scattering cross-section formula is 
given in a series of ascending powers of p == vD/X, 
the first term of the series being p®. For small 
values of p, the cross section reduces to the first term 
of this series, which, when the dielectric absorption 
is negligible, reduces to the Bayleigh scattering cross 
section. Table 12 includes the results of the numer- 
ical computations and Figures 15 and 16 are their 
graphical representation. 

The knowledge of the total cross section and scat- 
tering cross section allows the computation of the 
absolute probabilities for the waves to be scattered 
in any direction or to be absorbed internally by spher- 
ical water drops. The scattering probabilities are 
given in Table 13. The probabilities for internal ab- 
sorption are complementary to these, i.e., they are 
equal to (1 — It is thus seen that, with the 
exception of the shortest waves and tlie biggest rain- 
drops, the probability of the waves being absorbed in- 
ternally, the absorbed wave energy heating the drops, 
is much larger than the probability of their being 
scattered in any direction. 

On Fp, 286 *^289 the differential scattering cross 
section in a chosen direction is first derived rapidly and 
then is given explicitly so as to show clearly the con- 
tributions of the induced electric dipole, electric quad- 
rupole, magnetic dipole, and their interference terms. 
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Attention ie here called to the already well-known 
fact that in the optical spectrum region dissymmetry 
appears in the angular distribution of the scattered 
radiation. That is to say, the larger the parameter p 
or the nearer the drop diameter to the wavelength, the 
greater the power scattered in the direction of the 
propagation in comparison with that scattered back- 
ward or at 180^ to the direction of propagation. 

The back-scattering cross section or radar cross 
section of water drops is given in the form of a series 
in ascending powers of the parameter p. Table 14 
contains the results of numerical computations of 
these radar cross sections for water drops in the diam- 
eter range 0.05 to 0.55 qm and wavelength range 3 
to 100 cm. 

The radar cross section allows the determination 
of a radar attenuation constant. The radar absorp- 
tion coefficient, or the double of the attenuation con- 
stant, is the fraction of the incident power scattered 
backward by a layer of unit thickness of the echoing 
medium. Table 15 contains the numerical values of 
this radar absorption coefficient in different rains of 
known drop size distribution, and Figure 17 is its 
graphical representation. Table 16 is a somewhat 
modified form of Table 15, in so far as it gives in 
decibels the fraction of the incident power scattered 
backward by a 1-km layer of different rains. The 
theoretically predicted back scattering seems to be 
in fair agreement with the rather few experimental 
data on the power received in radar observations of 
rains or rain clouds. 

In conclusion it may be stated that, in view of the 
scarcity of meteorological data and the irregularities 
inherent in meteorological phenomena, the theory 
provides a satisfactory picture of the propagation of 
microwaves through a variety of precipitation forms 
present in the atmosphere. 

K-BAND ABSORPTION — 
EXPERIMENTAL" 

Our knowledge of the attenuation of K-band radia- 
tion in the normal atmosphere is based upon the 
theory outlined by Van Vleck and upon a number of 
experiments, some of which were undertaken to ob- 
tain data needed in the theory, others of which were 
attempts to measure directly absorption by the at- 
mosphere. 

The width of the rotational lines of water vapor in 
the infrared has recently been measured in work at 
the University of Michigan. The width of the oxygen 
lines responsible for the strong absorption at 0.5 cm 
and the ralher small effect at K band are inferred 
from experiments at the Badiation Laboratory. The 
absorption in oxygen was measured directly at sev- 

"By B. M. PttraslI, Ba^tton Labmtoiy, MIT. 


eral wavelengths in the neighborhood of 0.5 to 0.6 
cm. The gas was contained in a wave guide about 6 m 
long. This guide could be evacuated and then filled 
with gas to any desired pressure between zero and 
roughly 1,000 mm Hg. The radiation was obtained 
as the second harmonic generated in a crystal rectifier 
fed by a K-band oscillator. The source was amplitude 
modulated at audio frequency, and the signal was 
detected by a second crystal at the far end of the 
wave-guide path. The attenuation in the gas was de- 
termined by comparing the signal received with the 
guide evacuated to that received with gas present in 
the guide. The absorption of pure oxygen, at various 
pressures, as well as that of controlled mixtures of 
oxygen and other gases, was measured. The results 
confirm the predictions of the theory in a very con- 
vineiiig manner and suggest a value of the line width 
lying between 0.05 and 0.02 cm’^ 

Direct measurements of atmospheric absorption 
at K band have been made by a group at the Radia- 
tion Laboratory using a K-band radar set in an air- 
plane. For this purpose, the set was provided with 
fixed attenuators which could be switched in or out 
of the system. Both r-f and i-f attenuators carefully 
calibrated were used. The experiment consisted in 
flying a straight level course away from a known 
target and determining the maximum range to which 
tlie target could be seen witli and without attenuation 
in the system. The maximum ranges involved were of 
the order of 30 miles. From the results a value for 
the attenuation in the atmosphere can be calculated, 
assuming free space propagation, and this value in 
turn correlated with the meteorological data. The 
latter were obtained from radio-sonde flights at MTT. 

After making allowance for the rather small oxygen 
effect, the results are best represented by a figure of 
0.02 db per nautical mile for 1 g/m* of water vapor. 
In several of the flights the target was an accurately 
made 4-ft comer reflector. This provides an independ- 
ent upper limit to the attenuation, since all system 
parameters (antenna gain, S/N, etc.) were known, and 
one can calculate how far the comer should have been 
seen with any supposed amount of atmospheric atten- 
uation. The upper limit estimated in this way is about 
0.04 db per nautical mile for 1 g/m* of water vapor. 

An entirely different method for measuring attenu- 
ation in the atmosphere has been developed at Badia- 
tion Laboratory. It is possible to measure the apparent 
radiation temperature of any matched r-f load, includ- 
ing an antenna, with great precision ('-‘10). In the 
case of an antenna, the temperature measured is the 
temperature of whatever the antenna is looking at, 
that is, the temperature of whatever would absorb the 
energy emitted from the antenna if the antenna were 
transmitting. When the antenna is pointed at the sky, 
the temperature measured is some mixture of the tem- 
perature of outer space and the temperature of the air, 
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the influence of the latter being deterhiined in a direct 
and simple manner by the absorption coefficient of the 
air layer. From measurements of the apparent tem- 
perature of the sky at various elevation angles, the 
total absorption in decibels for a vertical path through 
the entire atmosphere can be deduced. The data which 
have been collected in this manner show good internal 
consistency ; assuming that the MIT radio-sonde data 
give the total water vapor in the atmosphere correctly, 
a value of 0.04 db per nautical mile for 1 g/m* is ob- 
tained for the water vapor attenuation. This is larger 
than the other value quoted above. The reason for the 
discrepancy is not yet known. 

ABSORPTION OF K-BAND 
RADIATION BY WATER VAPOR* 


box. and the fan previously mentioned assists in this 
averaging. The Q of the box and its contents is, for 
constant 'magnetron power output, proportional to 
and thus to the emf of the thermocouples. 

Since the couple emf is also proportional to the 
power output of the magnetron, changes in the output 
power will show up in the results in the same way as 
changes m Q. Original difficulties arising from this 
cause, which were encountered because of variation in 
the a-c line voltage and the modulator voltage, have 
been largely eliminated by the use of stabilizing trans- 
formers and a magnetron load current stabilizing cir- 
cuit. Furthermore, a method of taking data was de- 
vised which only required the power output to be 
maintained constant for a few minutes at a time. 

The Q of the water vapor, Qy, is given by 


An experiment to determine the location and shape 
of the water vapor absorption line in the K-band 
region of tlie electromagnetic spectrum is in progress. 
The experiment consists in the measurement of the 
change in Q of a large copper box when water vapor is 
introduced. From this change in Q the loss by absorp- 
tion in the water vapor can be determined and hence 
the attenuation of K-band radiation in water vapor. 

The experimental setup consists of an approximately 
cubical (but irregular in terms of A) copper box of 
15.8 cu m volume. Energy from a pulsed magnetron 
is fed into this box through a wave guide which ter- 
minates in a matched horn facing a rotating copper 
fan placed in the roof of the box. The purpose of this 
fan is to stir up the standing wave pattern in the box. 
Throughout the interior of the box are placed strings 
of Chromel-constantan thermocouple junctions sealed 
in 707 glass tubing. Alternate junctions are coated 
with a mixture of polystyrene and iron powder. In all, 
there is a total of 220 painted or ^*hot’’ junctions in the 
box. Provision is made for introducing water vapor 
into the box and for circulating the air* The tempera- 
ture is maintained at 45 C during all runs, and the 
pressure is atmoi^heric (760 dt 15 mm, depending on 
conditions). An aperture of area 400 sq cm which may 
be opened or shut by means of a sliding copper door is 
located in one side of the box. Radiation entering the 
box is absorbed by the walls, by the paraphernalia in 
the box, by the gas, by the apertures (if any), and by 
the thermocouple junctions. The coated thermocouple 
junctions absorb more energy than the uncoated junc- 
tions and a net emf is produced. A single junction 
would give an emf proportional to the value of the 
square of the electrical field at its position, but the 
reading would be very sensitive to the location of the 
couple and, even if this were hdd fixed, would be sen- 
sitive to small deformations of the walls. The large 
number of the couples actually used averages the value 
of the square of the electric field, B*, over the entire 

*9^ J. M. B. KeUogg, CSolumbia Univeisity Badlatioii 
Labacatoiy. 


( 72 ) 

where y is the attenuation in db per nautical mile, A 
is in centimeters, and AT is a constant. In order to 
obtain absolute values of the attenuation, it is necessary 
to introduce into the system a known Q in terms of 
which the other Q*b may be evaluated. For this purpose, 
the aperture, wliich acts as a perfect absorber, is used. 

Lamb has derived a formula for the Q of an aper- 
ture, Qa, and this is 


A 

Qa “ 8irF 


( 73 ) 


where A is the area of the aperture and V is the volume 
of the box. 

The Q of the whole ensemble may now be written 
down. 
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where Qb takes account of all losses (including the 
losses in oxygen) other than those in the vapor and 
aperture. Inserting values, and using 1/q as the 
proportionality constant connecting the emf, £, and 
Q, one then has 

For constant conditions of humidity, wavelength, and 
magnetron power output, measurements are now made 
of the emf with A = 0, and emf £a> with A ^ A, 
Using these measured values of emf, equation (75) 
can be written in the form 


The hdmidity is then changed and the measurement 
repeated imtil enough points have been obtained to 
r. provide a curve of F as a function of p, the water vapor 
density, for constant, wavelength. 



RADIO WAVE PROPAGATION EXPERIMENTS 


m 

Sineei presumably, y is the only quantity in this 
aquation which is a function of p, and since y ~ 0 f or 
p » 0, the plot of F against p extrapolated to zero 
humidity will yield a value of Consequently, y is 
determined as a function of p. 

Examples of the y versus p curves so obtained are 
shown in Figure 18 for the wavelengths 0*96, 1.16, 
1.88, and 1.69 cm. Bata were also taken at the wave- 



lengths 1.06, 1.31, 1.37, and 1.49 cm, These lines are 
all concave upward with the exception of those at 
1.28, 1.31, and 1.37 cm. There is some evidence that 
the line at 1.31 cm is concave downward, while within 
experimental error the 1.28- and 1.37-cm lines axe 
straight 

The curvature is surprising, since it was believed 
that y would be proportional to p. The reason for the 
curvature is not understood, and it is possible that it 
arises from some systematic experimental error. How- 
ever, it is difficult to conceive of a systematic error 
which disappears at resonance. 

Because of this curvature, it is not possible to draw 
a single attenuation curve showing absorption as a 
function of wavelength for all humidities. Figure 19 
shows the variation with wavelength of the attenuation 
coefficient y/p in decibels per nautical mile per gram 
of water vapor per cubic meter for humidities of 10 g 
per cubic meter and of 30 g per culac meter. It is to 
be noted that the peak of this curve, at 1.32 cm, is 
very close to the standard H-band wavelength. 

These experimental results are in agreement with 
otlier results for the water vapor attenuation at E 
band. Furthermore, fm aU ]»ractical radar purposes, 



and within the range of the measurements, they are 
in agreement with Van Vleck's theory of the absorp- 
tion of this water vapor line. 

Discussioh 

Comments were made on tlie great accuracy of the 
experiment, pointing out that the quantity being 
measured was extremely small and that other experi- 
ments, particularly one made in Florida by measure- 
ment of the sky temperature, were leading to substan- 
tial agreement with the present findings. The best 
available data on the performance of E-band radars 
supported the experimental result obtained and would 
be of great help in choosing wavelengths for radar and 
other apparatus in the future. 

The g^ agreement between theory and the experi- 
mental result achieved was stressed. "Pereas in infra- 
red absorption measurements the results had disagreed 
witli theory by as much as 10 db or more, the discrep- 
ancy in these results amounted to a few per cent only. 
It was noted that from the purely physical standpoint 
this water vapor line and the 0.5-cm oxygen absorption 
line were the most carefully investigi^ lines in the 
spectnim, aside from some lines in the visible region. 
The explanation was given that the microwave meas- 
urements were much more instructive than tbs optical 
ones from the standpoint of the collision broadening 
theory because the width of the microwave absorption 
line was comparable to the frequency of the radiation. 
This results in a shape factor or line form which can 
he studied in detail. The r^rted dependence on den^ 
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siiy presents s difficult problem which is not yet well 
understood. 

The practical importance of the curvature sliown in 
Figure 18 was emphasized. It was pointed out that 
the effects of a wide range of humidities had been in- 
vestigated, some very high compared to those ordi- 
narily encountered. In practical work most of the data 
would be obtained from the low end of the curves of 
Figure 18, where little ambiguity in numerical values 
would obtain. 

K-BAND ATTENUATION DUE TO 
RAINFALL*^ 

Introduction 

In order to determine the attenuation of 1.26-cm 
wavelength radiation by rain, controlled radio and 
meteorological measurements were undertaken in an 
area providing adequate climatic conditions for the 
study. It was apparent that the attenuation measure- 
ments should be made in an area of maximum precipi- 
tation for expediency. Furthermore, the experiment 
demanded periods of varying rates of rainfall’ with fre- 
quent "clearing'* for calibration purposes. Tropical 
orographic (mountainous) rain seemed to offer the 
greatest probability of fulfilling these conditions. 

A brief reconnaissance of the Hilo, Hawaii, area 
showed that a site near Kaumana was adequate, hav- 
ing a yearly fall in excess of 250 in., as compared with 
an annual rainfall of 10.10 in. in the San Diego area. 
A 1.21 statute mile link was chosen parallel to the 
mean trade wind vector, i.e., due east-west, and was 
located on a lava flow of 1881. The lava was covered 
with saw grass and low brush. The terrain had a gentle 
slope from the receiver at 2,500 ft to the transmitter 
at 2,800 ft above mean sea level. 

Rainfall Intensity 

Orographic lifting of the unstable moist tropical 
air caused frequent 2- to d-day periods of precipitation 
having a wide range in intensity. On one occasion in- 
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tensities as high as 125 mm per hour were observed. 
Due to tlie ligiit winds associated with orographic 
precipitation an essentially vertical trajectory of the 
raindrops was obtained ; and, therefore, representative 
sampling of the rain falling through the radiated 
energy path was accomplished by placing the gauges 
directly in line between the transmitter and receiver. 
Although the rainfall intensity varied widely both 
witli time and in space, well-coordinated measuring 
techniques having sufficient coverage detected periods 
when the rate of fall along tlie path was uniform. 
Since such periods of uniformity seldom lasted longer 
than 60 sec, precise control and timing were vital. Two 
methods of determining the rate of precipitation were 
employed. Five Julien Fries tipping-bucket automatic 
recording rain gauges were evenly dispersed .along the 
path and their signals were recorded on a single 
Esterline-Angus five-pen recorder at the receiver sta- 
tion. In addition, four rain shelters employing the 
"funnel and graduate** technique were installed be- 
tween the automatic gauges as shown in Figure 20. 
The rain shelters were provided with field phones for 
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FiouRi 20. Layout of experimental path and apparatus. 


receiving instructions as well as simultaneous signals 
for taking graduate readings and exposing drop size 
blotters. During operations, signals for graduate read- 
ings were given every 30 sec. Blotters for drop size 
measurements were simultaneously exposed on an 
average of every 5 min. 

Radio Equipment 

The equipment used for the attenuation measure- 
ments is shown in Figure 21. It was relatively simple 
and required little attention once the initial warm-up 
drifts were stabilized. The technique for a satisfactoiy 
measurement involved a comprehensive check of the 
"clear weather** values before and after any one rain- 
fall. 



Ftouiis 21. Bloek diafram of K-bi&d attenuation measuiement apipaiatus. 
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The transmitter was housed in a small elevated 
shack and the antenna and guide were protected from 
tlie rain by a back-sloping shutter flap. 

A 2KB$ tube, modulated with 800 c, was used as the 
transmitter. Wave-guide feed was employed on a 2-ft 
paraboloid antenna (beam width 1.7®). A thermistor 
with a directional coupler was used as a power 
monitor. 

A 2.ft paraboloid collected energy at the receiving 
end and fed the receiver through a wave guide. A 
superheterodyne utilizing a 2K33 local oscillator drove 
a 30-mc i-f amplifier with 6-mic bandwidth. The second 
detector output fed an audio amplifier and recorder. 

A signal generator was used to check the receiver 
characteristic. This generator consisted of a 2K33 
tube and two flap attenuators. Fixed pads were used 
on either side of the flap attenuators to provide a flat 
line. The characteristics of the flap attenuators were 
checked every few hours, using a K-band thermistor. 
Each flap was calibrated and used over a 12-db range. 
Besettability was approximately ±0.1 db. A small 
nozzle was used to direct the output of the signal gen- 
erator upon the receiving paraboloid. Calibrations 
were made before, during, and after rainfalls and were 
within ±1.0 db over the 5- and 6-hour measuring 
periods. 

Analysis 

The primary attenuation curve of Figure 22, shown 
with solid dots, was obtained by choosing periods when 
the rainfall at all stations. Including the automatic 
gauges, was essentially uniform* Six such periods of 



radiatbii in rain. K4Maid attenuation versus rainfall 


intensity. (Note: Decib^ per nautioid mfie.) 

uniform fall along the path were selected covering the 
important range of 0 to 41 mm per hour. Figure 28 
is a rainfall intensity profile of the highest uniform 
fall recorded. By Humphreys’ etassifleation of rain^ 
tiie intensities covered by the primary curve are more 

<1 mm per hour, Hgjit min; 4 mm per hcMtr, moderate min; 
15 mm per hour, heavy min; 48 mm per hour, exesssive latn. 
g et r rft wmee 24. 
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FiuuiUB23. Profile of rain intensity along the path, 
lime 223645. 

than adequate for normal rates of precipitation en- 
countered in nature. 

Using the primary attenuation curve thus obtained, 
it was possible to extend the curve for extremely high 
rates of fall (cloudbursts) in the following manner. 
Figure 24 is a rain intensity profile at an interval of 



Fiovna 24. Intensity profile during uneven precipitor 
tion. Time 171115. 


uonuniform rainfall distribution. The area under the 
curve is divided into sections as shown. These sections 
cover the portions of the path where tlie intensity was 
below 41 mm per hr. Hence with the primary attenua- 
tion curve and a planimeter it is possible to assign the 
contribution that each section makes to the total ob- 
served attenuation (assuming that the attenuation in 
decibels is linear with distance). 

After subtracting out the part of the attenuation 
already known, the high intensity central portion is 
left to account for the residual attenuation. Dividing 
the residual attenuation by the fraction of a mile cov- 
ered by this part of the path and plotting this value 
against the average intensity in the interval gives a 
point at 78 mm per hour. As a check on the method, 
similar profiles were worked up which gave points 
below 40 mm per hour. These are plotted as open cir- 
cles, as shown in Figure 22. It will be seen that the 
open circles agree quite well with the solid ones, 
and hence considerable confidence in the high inten- 
sity points is justified. 

Dzscobsiok 

The total observation time of the experiment was 
roughly 8 hours, about half of this totd time being 
represented by the figures presented with the paper. 
It was necessary to employ s large number of precipi- 
tation measuring stations along the path in order to 
obtain an aoeurate precipitation pr^le. Some inoi-* 
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dental work on drop size web also done. The spread 
in drop size at a given time was rather large, probably 
because of tlic orographic character of the precipita* 
tion, which was made up of drops falling on the aver- 
age not much more tlutn 1,000 ft, as compared to ordi- 
nary rain falling 5,000 to 6,000 ft. The longer period 
of fall in ordinary rain probably permits a greater 
number of drops to reach tlie characteristic sizes. 

ABSORPTION OF MICROWAVES BY 
THE ATMOSPHERE, BRITISH WORK^ 

The working committee of the Ultra Short Wave 
Panel has presented a report in which the following 
questions are treated in detail : 

1. The absorption of microwave radiation by oxy- 
gen and vapor. 

2. The absorption of microwave radiation by water 
in macroscopic form, for example, rain, clouds, fog. 

3. The measurement in the laboratory of dielectric 
constants and conductivity which have already been 
described (see page 268 ). 

The work under item (1) consisted chiefly in show- 
ing that tlie attenuation given by Telecommunication 
Research Establishment radar experiments at Llan- 
dudno at a wavelength of 1.25 cm was consistent with 
the theoretical values given in reference 1. The experi- 
mental method consisted of comparing the echoes re- 
ceived on X- and K-band radars from a standard re- 
flector at short range and from land echoes at a large 
range. Care was taken to insure that the reflecting tar- 
gets did not reflect an amount of energy which was 
dependent on frequency. In this way a minimum value 
for the attenuation on A = 1.25 cm was found to be 
0.14 db per kilometer. New values based upon revised 
values of the widths of the various lines of water vapor 
and oxygen show that almost the whole of this atten- 
uation must be due to absorption by water vapor and 
further that to obtain an absorption as high as 0.14 
db per kilometer the frequency at the important water 
vapor line must lie close to 1.25 cm. 

The work under item (2) has been carried out, in 
the case of rain, by assuming what seemed a plausible 
distribution of drop sizes and calculating on this basis 
the attenuation that would occur at a standard pre- 
cipitation rate. Then by making a climatological sur- 
vey, information can be given of the proportion of 
time during which the attenuation can be expected 
to exceed a given value for a radar or radio commu- 
nication set working on a given wavelength at a given 
location. The calculations for a standard precipita- 
tion rate gave tlie following estimates for the maxi- 
mum attenuation likely to occur (that is, for the 
most unfavorable drop size distribution that was 
thought likely to occur). 

Hoyle, Ultra Short Wave Ftosl, liRnistry of Supply* 


S band : 0.003 db per km per mm per hr. 

X band : 0.06 db per km per mm per hr. 

Iv band : 0.22 db per km per mm per hr. 

I'ho climatological part of the program involves a 
great deal of statistical work and is not yet complete. 
The following preliminary results can be given. 

At Padang in Sumatra we may expect, twelve times 
a year, periods of 1 hr when the average attenua- 
tion on 1.25 cm will be some 6 to 12 db per kilometer ; 
on 3.0 cm, 2 to 4 db per kilometer; and on 10 cm, 0.1 
to C.2 db per kilometer. 

In England only once a year will tlie average at- 
tenuation over a period of one hour reach 1 to 2.5 db 
per kilometer on 1.25 cm; 0,3 to 0.8 per kilometer 
on 3.0 cm; and 0.02 to 0.04 db per kilometer on 
10.0 cm. 

It should be noticed that these attenuation figures 
are for point-to-point communication and must be 
doubled in the radar case. 

DIELECTRIC CONSTANT AND LOSS 
FACTOR OF LIQUID WATER AND 
THE ATMOSPHERE* 

In propagation problems the knowledge of the 
electric properties of the ground, sea, and fresh water, 
as well as those of the atmospheric gases, are of funda- 
mental importance. Collected here are the available 
data on these materials. Clearly, the study of the 
reflection coefficients leads indirectly to the dielectric 
properties of these materials. Here we will be con- 
cerned more with the direct determination of their 
dielectric constants and loss factors. 

Experimental Methods 

Rkfusction-Transmission Method 

First we should like to sketch here the basis of tlie 
different experimental methods used in the determina- 
tion of the dielectric properties of materials. 

One of these is the reflection-transmission method 
which was used by Ford*^ in his studies of the prop- 
erties of the ground. This same method has also been 
used recently by Saxton****® on water in investigating 
the temperature depeudeiu*G of its dielectric properties 
at 1.25 and 1.58 cm. 

If the power transmitted through two tliicknesscs 
dy^ and of tlie material in question are 

Pi - Poe-^, 

Pf- Poer-S, 

then the absoiption coefficient ot is given by 

2*3 . P, 

S’ 

*By L. Goldstein, Columbia Univenity Wave Ftopscation 
Group. 
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where Pq is tlic incident power. 

The absorption index k in the complex 
index 

refractive 

AT ■» n — yfc 

(78) 

is related to tlic absorption coefficient by 


4wk 

a m — 

(79) 

and hence 


1. 2.3X , Pi 

‘■■.s'— ?.• 

(80) 


where d stands for (d, — d^). Also 
AT* - 

-€f-j6(VX. (81) 

fr is the real part of the dielectric constant, u its 
imaginaiy part; a is the conductivity of the sub* 
staiu^e is mhos per meter; and A the wavelength in 
meters. One obtains readily from equation (81) 


2nib «■ €• n 60(rX. 


(82) 


The absorption index k is measured directly by two 
galvanometer readings pioportional to and P^, 
The refractive index n is derived from the reflection 
coefficient AV for almost perpendicular incidence, 
using 


a n«-f fc»+l-2n 
^ n* + fc* + 1 + 2n 


(83) 


Then n and k determine <r and cr. Saxton claims that 
ill tins method at least one quantity, the absorption 
index, is measured directly while tlie other, tlie re* 
tractive index, is derived from the measurement of 
the reflection coefficient 

In tlie other methods, given later, neither of these 
quantities is measured directly. 


Standing Wavb IUtio Muthoo 

By limiting the electromagnetic fleld to the eii* 
closuie of a hollow pipe or coaxial line, tlie energy 
is completely coiiflued, stray effects are eliminated, 
and small amounts of any dielectric can be invea* 
tigated accurately.*®^ The following gives the the- 
oretical foundation of this ‘^standing wave ratio” 
nietliod for measuring complex dielectric constants. 

1. A transmitter radiates waves of a given fre* 
quency into one end of a closed wave guide. These 
are reflected by the metallic boundary at the other 
end. Standing waves are set up in ^e guide, and 
they can be measured by a probe detector traveling 
along a slot in the pipe parallel to its axis. The die)ec« 
trie is inserted at &e closed end of tlie pipe, opposite 
the transmitter, and Alls the pipe up to a height d. 
Aliove it the standing wave pattern is measured in air. 
The real and imaginary parts tr aiul <i of tlie dideo* 


trie constant are calculated from the ratio of the field 
strengths in node and autinode ond the 

distance of the first node from tlie surface of the 
dielectric. 

The modulus and the argument of the reflection 
coefficient are obtained from 




(Z(0)/Z«i) - 1 
(Z(0)/Zei) + 1' 


(84) 


wiiere Z(0) is the characteristic impedance of the pipe 
section filled with the dielectric understudy, Zoi is 
the intrinsic impedance of the air-filled portion of 
the pipe. By denoting 


« tanh h « tanh {h, +;«•) ^ (85) 

Za 


where hr and Bi are, respectively, the real and im- 
aginary part of B, the reflection coefficient R can be 
written as 


with 




(86) 


p* |ft| «e“**r;arg/2« -ir-2B,- -4^. (87) 


From the expression of the reflected field strengths 
one finds that the distance of the first node from 
the surface is given by 





( 88 ) 


where B| is connected directly to the phase shift ^ at 
reflection through equation (67), and A, is the wave- 
length in air of the radiation. The measurement of 
x^ thus .yields Bi. Similarly, one finds that 


tanh Br - | |. (89) 

2. Calculation of dielectric constant and loss fac- 
(or from terminating impedance. The intrinsic im- 
pedance of the dielectric-filled portion of the guide 
is found to be 


Z(0) ZoitanhTsd, 

where 

AOf * — • 

% 


(90) 

(91) 


Tlie subscript 2 refers to tlie dielectric medium, p, 
is its permeability aud y, is the propagatiim coustant 
of dielectric-filled section of the guide; for the TS 
waves, Z,, is the impedance of the dielectric medium 
itself. Using equations (90) and (91), one gets 


tanh rid ^ Z(0) m ‘ .* 2 ^ 

yti Zmi-nm' 

The propagatkm constant y, dstemiass finaUy tbs 
eMnphot didaetric oonstmit t, thmui^ tiu fnnda’ 
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meutal relatiou 

where the cutoff waveleugth A 0 is determined by the 
geometry of the guide and the type of wave. In the 
air-dlled section of tlie guide 



Consequently^ from equations (93) and (94), the 
complex dielectric constant of the material under 
study becomes 


a/X.)*+(l/Xi)*' 

where 


7x 



for free space. Finally 


«• “ 



(96) 

(96) 

(97) 


The solution of equation (93) can be found from 
charts. It is claimed that with this method materials 
with very low dielectric losses can be investigated 
satisfactorily. 

ThK llliSONATOll Q MkTHOD^* 

Here the procedure consists in measuring tlie 
change of resonant frequency of a closed cylindrical 
resonator upon tlie insertion, along the axis, of a rod 
of the dielectric material in question. By observing 
the change of Q value resulting from the insertion of 
similarly dimensioned specimens of different mate- 
rials, it is possible to obtain comparative loss tangent 
values. The relevant theoretical relations are sum- 
marized below. 

By definition the Q value of a resonator system is 
given in convenient form by the relation 


Q 3 B 2ir energy stored 

energy loss per half qyde 

Both the energy stored and tlie energy loss can be 
computed from the field distributions within the 
i*esonator, and these axe given, for a TM wave, as 

(98) 

(99) 


w is the angular frequency, p the permeability in 
henrys per meter, and A is a constant determined by 
the strength of the exciting source. In the formulas 
(98) and (99) it was assumed that the walls of the 
resonator are of infinite conductivity so that no elec- 
tric intensity exists in them* This requires that 


^,(p-a)- Jo(ra)«0, (100) 

where a denotes the radius of the resonator. This 
equation has an infinite number of real roots, the low- 
est being ya = 2.4048. and this determines the fun- 
damental resonant frequency and wavelength Aq. If <r, 
the conductivity of the dielectric, is neglected in com- 
parison with €,«>, the propagation constant becomes 


7 


Vpe, - 


X • 


( 101 ) 


cr is the dielectric constant of the material filling the 
resonator taken relative to air. Since A can be meas- 
ured, this dielectric constant may be derived from the 
relation 


or 


2ira€r ^ 

Cr » 0.146 


2.4048 


©■-0‘ 


( 102 ) 


No appreciable error will be committed in using the 
preceding results for the practical case of dielectrics 
with low but finite conductivity. 

The Q of the filled cylhidrical resonator is shown 
to be 


Q 


a 



u tan B 


(103) 


Here d is the wave-guide skin depth, is the axial 
length of the resonator and tan 3 = ci/cr is the loss 
factor of the dielectric. Consequently 


tan B 


1 

Q Qo' 


(104) 


where is the Q of the air-filled resonator. 

It should be remembered in this connection that 
the theoretical values, in general, are found to be 
considerably different from the measured ones. This 
tends to limit the reliability of the method. 

After having thus sketched the different methods 
used in the determination of the complex dielectric 
constant of substances of importance in wave propaga- 
tion, we turn now to tlie presentation of the data. 


where is the tangential magnetic field strength 
in amperes per meter. is the axial electric field 
strength in volts per meter, p is ^e distance of the 
point in question from the cylinder axis^ y is the propa- 
gation oonetani 


Liquid Water 

Table 17 gives the results obtained recently on 
liquid water.®*********^ 

It has been found by Saxton and Lane that the 
temperature variation of the dielectric constant in the 
range 0 to 40 0 at 1.24 and 1.58 cm can be ao- 
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Takm 17. Tampmtun TMUttion of tbe dMeetrio 
propaitiM of mtar. X - 1.31 em.**>** 


l*C 

n 

k • 

•r 


^ mhoe/m 

0 

4.68 

2.73 

14.4 

26.5 

34.3 

8 

• • •• 

« • •• 

37* 

27* 

36.0* 

5 

6.24 

2.89 

19.1 

30.3 

40.7 

10 

5.74 

2.92 

24.4 

33.5 

45.0 

16 

6.17 

3.88 

29.8 

35.5 

47.8 

18 

• • • » 

• • • • 

32.1 

39.2 

61.8 

20 

6.53 

2.77 

34.9 

36.2 

48.6 

25 

6.84 

2.63 

85* 

23* 

30.6* 


.... 

. . .. 

39.8 

86.0 

51.1 

io 

7.10 

2.48 

44.2 

35.2 

5ao 

35 

7.30 

2.30 

48.0 

33.6 

45.1 

40 

7.47 

2.11 

51.8 

81.5 

42.4 

60 

.... 

.... 

44* 

14* 

18.6* 


*Dftta from rafonmoo 32, at X » 1.26 em. 
^Data from rafrniiee 44, at ^ 1.30 em. 


Tabub 18. Temperature variatiou of the dielectric 
propertieB of water.***** X - 1.58 cm. 


ec 

n 

k 

•f 

H 

c mhos/m 

0 

5.24 

2.90 

19.0 

30.4 

32.0 

6 

5.84 

2.97 

25.3 

34.7 

36.6 

10 

e.3d 

2.91 

32.0 

37.1 

39.2 

15 

6.77 

2.78 

38.1 

37.6 

39.7 

20 

7.13 

2.61 

44.0 

37.2 

39.2 

25 

7.40 

2.41 

49.0 

35.7 

37.6 

30 

7.60 

2.21 

52.7 

33.5 

35.4 

36 

7.72 

2.01 

55.5 

31.0 

32.7 

40 

7.81 

1.80 

57.7 

28.1 

29.7 


Tabub 19. Belaxatkm times of water at different tem- 
peratures.***** 



r X lOUsec 

<*c 

r X 10** sec 

0 

19.0 

25 

6.8 

5 

14.6 

30 

5.9 

10 

11.85 

35 

5.2 

15 

9.6 

40 

4.5 

20 

8.1 




counted for with simple theoretical formulas. At any 
given temperature one single characteristic constant, 
the ^^relaxation time/’ was sufficient to account for the 
frequency dependence of the complex dielectric con- 
stant of water. The formulas in question are the 
following: 


2n* 

2ib* 


, 1 + «V !+*• ' 

4? + if + 4og* 

,1+X* ) ^ l+X^ ' 


(105) 


or 



•r — n* — k*, 



“ 1+** ' 

(106) 

and 

n 2»A;. 


Here 




aj «* WT « 2ir/r, 


with T denoting the rela.xation time, c« is the static 
dielectric constant, co the optical dielectric constant 
due to the sum of the electronic and atomic polariza- 
tions. 

Considering r as a parameter to be derived from 
the experimental data, one finds in Table 19 the re- 
laxation times in the 0 to 40 C temperature range. 

Table 20 refers to lO-cm waves for which measure- 
ments were made in the temperature range 0 to 
40 C.^*'** In one series of measurements the wave- 
length was 9.72 cm, but this is considered dose 
enougli to have the corresponding data included with 
the 10-cm waves. 

The preceding table indicates that the agreement 
between calculated and measured values of n and h 
is satisfactory. It is to be noted here that the experi- 
mental results on S band were obtained by tha stand- 
ing wave ratio method, those at K band with the refiec- 
tion-transmission method. 

Using equations (105) and (106), the temperature 
variation of the refractive and absorption index, or 
real and imaginary parts of the complex dielectric con- 
stant, can be computed at any wavelength provided 
that the relaxation time at the temperature in ques- 
tion is known. 

In tables on page 301 the temperature variation of 
the indices n and k are given. These results were com- 
puted with the aid of formulas (105) and (106). 

It is thought**’** that until more extensive experi- 
mental results become available the computed values 
can be regarded as representing the best information 
available on the dielectric constant of water in the 
millimeter and centimeter range. Figure 25 represents 
the best available information on water at 20 C. 

Icis 

A certain number of measurements on tlie dielectric 


Tablb 20. Temperature variation of the dielectric properties of water.***** X » 10 cm. 


Refractive index n Absorption index fr 


<*C 

Oslo 

Experimental 

Calc 

Experimental 

•rSalc 

ti calc 

9 mhos/m 

X » 9.72 em 

X * 10 cm 

X « 9.72 em 

X « 10cm 

0 

8M 

8.95 

. . .« 

1.47 

1.85 

.... 

78.66 

26.48 


5 

9,04 

... . 


1.14 

... . 

ss* s 



8.44 

10 

9.02 

9.00 

•«. . 

0.90 

1.10 

... • 


liua 


15 

8,96 

... . 


0.76 

... . 

... . 

79.7 

18.61 

8.27 

20 

8A8 

as8 

8.84 

0A3 

0.90 

0.66 

7846 

1140 

1.84 . 

25 

&ao 

, 

... . 

0.50 

».i • 

... . 

7749 

aso 

1.46 

30 

8.71 

&75 

a69 

0.45 

0.78 

0.54 

75.66 

7.84 

1.80 

85 

8.62 

... . 

*•*. 

040 

... . 

... . 

74.14 

6.89 

1.16 

40 

8,58 

8.60 

8.56 

046 

0.60 

0.40 

78.68 

6.15 

1.08 
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Tibud 31. TWpmtm vuiatioii of the dielectrio 
propertiai of water.**i*^ X « 0.50 om.' 



fi 

k 

•r 

H 

emhos/m 

0 

8.18 

1.76 

7.01 

11.2 

87.3,1 

47.8 

5 

8.50 

2.03 

&18 

14.2 

10 

8.80 

2.26 

9.38 

17.1 

57.0 

15 

4:10 

2.41 

11.0 

19.7 

65.6 

20 

4.89 

2.54 

12.8 

22.3 

74.8 

25 

4.67 

2.62 

14.9 

24.4 

81.3 

30 

4.94 

2.67 

17.3 

26.4 

88.0 

85 

5.21 

2.60 

19.9 

28.0 

93.3 

40 

5.47 

2.69 

22.7 

20.4 

98.0 

Table 22. Temperature variation of n, Jb, «r, 

X » 3.2 cm. 

and 

«“C 

n 

k 

•r 

u 

9 mhos/m 

0 

7.10 

2.89 

42.0 

41.1 

21.4 

6 

7.63 

2,62 

51.3 

40.0 

20.8 

10 

8.00 

2.33 

58.6 

37.3 

19.4 

15 

8.22 

2.00 

63.6 

32.9 

17.1 

20 

8.33 

1.72 

66.4 

28.7 

14.0 

26 

8.38 

1.50 

68.0 

25.1 

13.1 

30 

8.39 

1.31 

68.7 

22.0 

11.4 

85 

8.38 

1.16 

68.0 

10.4 

10.1 

40 

8.35 

1.02 

68.7 

17.0 

8.85 


constants of ice were made in the centimeter wave- 
length range. The British workers^^ used the resonator 
Q method at 3 and 9 cm. The latest results on both 
these wavelengths are collected on the accompanying 
graph (Figure 36). The temperature range extends 
from about — 50 C to 0 C. The refractive index turns 
out to be constant in this range. It was found to be 
equal to 1.75 at 3.01 cm and 1.73 at 9.18 cm. The 
absorption index increased in this temperature range 
from about 0.0001 to 0.0010. 
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Fiai7BB25. Befraotion and absorption iodioes for 
water. 

Younker,** using the standing wave ratio method 
at 1.35 cm> found at about — 15 C 

^ = 3.3 and ci = 0.011^ or w = 0.013 mhos/m. 

These data can be compared with those obtained at 
8.01 cm,*^ where 

€r 3.06 and n = 0.00080, <r = 0.00044 mhos/m. 

The difference at these two wavelengths between the 
conductivities appears much too large and further 
studies sliould clear up this discrepancy. The dielectric 
looses in ioe in the centimeter region are, however, 
very small. 



Figure 26. Absorption index (A:xl0+*) versus tem- 
perature for ioe. 


At much lower frequencies the dielectric behavior 
of ioe 18 given in Figure 37. These data refer to a 
temperature of — 13 

Attenuation Dub to Wateii Vapob 

In order to determine the attenuation due to water 
vapor, Saxton endeavored to measure the refractive 
and absorption indices of water vapor.** Using the 
resonator Q method, he found that by passing from 
9 to 3.3 cm the real part of the dielectric constant 
changes from 1.0056 to 1.0051. According to a general 
relationship connecting the real and imaginary parts 
of the complex dielectric constant,** the indicated 
variation of (cr — 1) given by Saxton should be accom- 
panied by a tremendous absorption by water vapor in 
the microwave region as pointed out by Van Vleck.** 
This is contrary to the data available and rules out 
the frequency variation of (c,. — 1) given by Saxton. 



FfGURa 27. Loss f^mtor and dideetrlo constant of ioe. 
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According to Van Vleck, in the microwave region out- 
side of any resonance region, the refraction [(n* — 1), 
n being the refractive index] or (ir-— 1), must be 
appreciably constant over the microwave region to 
account for the absence of any large absorption co- 
efficients. 

The conclusion is similar in case of resonance 
which oc*ciirs for both Oa (0.25 cm and the 0.5-cm. 
band) and H,0 ('—1.30 cm). The refractive index of 
the atmosphere free of condensation should be con- 
stant throughout the microwave region. TKe refrac- 
tive index for infinitely long waves or the static dielec- 
tric constant can be used here. In the presence of con- 
densation, clouds, fog, and rain, the attenuation is 
increased considerably, and the refraction or (cr — 1) 
might then differ from the static value. But under 
standard conditions, the refraction of the atmosphere 
should not change by more than a few parts in a 
thousand in the microwave region. 


LABORATORY MEASUREMENTS OF 
DIELECTRIC PROPERTIES* 

The working committee of Ultra SImrt Wave Panel 
has presented a report dealing with the measurement 
in the laboratory of 

1. The dielectric constant and loss angle in super- 
heated steam for wavelengths in the S, X, and. E 
bands. 

2. The dielectric constant and conductivity of bulk 
water for the K band. 

These experiments have been carried out by Saxton. 
The method adopted on S and X bands in (1) was to 
allow superheat^ steam to isue freely through a 
resonator into the air. The pressure throughout the 
apparatus was accordingly the atmospheric pressure. 
The temperature of the steam was measured before 

*By F. Hoyle, Ultra ffliort Wave Panel, Ministry of Supply, 
England. 


entering and after leaving the resonator. The temper- 
ature difference between these measurements was no 
more than 2 C, so it seems clear that no condensation 
of water droplets could occur within the resonator. 
A somewhat different technique was employed for 
X band in that the resonator was replaced by a wave 
guide. If c is the dielectric constant, then the best 
representation of the results is obtained by plotting 
(«— 1) against l/T, for each wavelength where T 
is in degrees absolute. It was found that the results 
for different values of T fitted very well to a straight 
line as they should theoretically, but the value of 
(c— 1) for all values of T was found to be systemati- 
cally about 10 per cent less than would have been 
expected on the basis of previous measurements of the 
dielectric constant of steam at much longer wave- 
lengths. This discrepancy was found on X and K 
bands. The reason for the discrepancy is not yet under- 
stood. It is known, however, that the reduced value of 
(c— -1) does not arise from strong dispersion occur- 
ring in the microwave band since there is no evidence 
of any abnormal absorption. 

The method adopted in (2) was to measure first the 
attenuation factor of radiation passing through water. 
This was done by placing a transmitting horn above 
a large shallow trough and a receiving horn below 
the trough. The attenuation factc>r was measured im- 
mediately by varying the depth of the water in the 
trough. Second, the refiection coefficient of electromag- 
netic waves incident normally on a plane surface of 
water was measured. These two observations were 
sufficient to determine the dielectric constant and 
conductivity of water. The results obtained for a 
wavelength of 1.58 cm were: 

Dielectric constant about 40; 

Conductivity about 4.10 esu.*^ 

The same values were obtained for both tap water and 
distilled water, showing that the presence of salts in 
the water had little eflect on the value of the con- 
ductivity. 
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STORM DETECTION BY RADAR* 

T his suHHim (1044) a study was made of tlie 
meteorological echoes observed on a Canadian 
microwave S-band early warning radar set at Ottawa. 
Tliese were correlated with check observations on the 
weatlier made by a large number of local observers dis- 
tributed over the area covered by the set. It was found 
tliat observers inside the source area of the echo always 
reported rain; just outside the echo (1 to 5 miles) 
there was a half chance of light rain. Atmospheric 
electrical disturbance was present in less than half 
the cases checked. Echoes became less frequent at in- 
creasing distances from the set but in some cases were 
seen at 160 miles. 

The display system that we have used is a plan posi- 
tion indicator [FPIl tube. This tube provides a map 
of a circular area centered on the location of the set 
and extending out at choice to 40 or 80 or 160 miles. 
The last-mentioned setting was the one used most of 
the time. 

Procedure 

During the hours of operation a 16-mm motion- 
picture camera was kept running, taking pictures of 
the PPI display and a clock alongside, exposing one 
frame of the film for the duration of each revolution 
of the array. Thus about four photographs were ob- 
tained per minute. At the same time we watched the 
progress of moving echoes across the screen and made 
telephone calls to any observers that were available, in 
the neighborhood of any echo. From the observer the 
existing state of the weather was determined ; his re- 
marks and the exact time were carefully noted. 

We checked the echoes and their movement as re- 
corded on the film against the information obtained 
about the weather from the observers. We also made 
charts of the echoes, based on the film, at 30-minute 
intervals. 

Weather Information 

Facilities of which we availed ourselves for obtain- 
ing information were, among others : 

1. Ottawa meteorological stations. These stations 
provided us with as many as three forecasts a day and 
with weather information generally. 

S. Distant meteorological stations. Apart from the 
Ottawa stations, the nearest weather station, 57 miles 
away, is at Canton, N. T. Its reports are included in 

* By CoL J. T. Wilson, Dileetor of Operational Bessareh, 
NDRQ, Opnada. 


the teletype sequences that come to us. 

3. Unofficial observers, consulted by telephone. Since 
the official weather stations did not provide the close 
network that we required, we compiled a list of per- 
sons whose location could be closely marked on our 
map and whom we could consult about existing 
weather conditions to the extent that an untrained 
)bserver would be competent. 

Correlations 

Our aim was to correlate observed echoes with 
weather conditions. At first clouds were thought to be 
possible sources of echoes, and it was thought that 
fronts might produce some sort of echo quite inde- 
pendently of cloud or precipitation along the front. 
The earlier part of our work showed that on after- 
noons with heavy cumulus clouds but with no pre- 
cipitation there were no weather echoes. On days with 
scattered showers, however, echoes were observed. 
Also, the passage of a front did not seem to produce 
any peculiar sort of echo or any echo that could not 
be attributed to precipitation along the front. 

In analyzing our correlations, we have found it 
convenient to consider them in two groups. First, there 
are correlations with echo, that is, correlations when 
the observer was in the vicinity of an echo, although 
not necessarily right inside the echo. All correlations 
involving telephone calls to local observers were of 
this type, for we didn’t make such a telephone call 
unless there was an echo in the vicinity. Second, there 
are correlations with weather, or correlations with 
weather stations, when we first select an occasion when 
precipitation is reported (by an official station) and 
then go looking in our records for an echo to match. 
Nearly all the precipitation recorded at the weather 
station during our hours of operation was light, and 
too light, as it proved, for us to detect it at the distance 
we were away. Thus there is only a very small number 
of echoes associated with correlation with weather, 
and so veiy little overlapping between this group and 
the group of correlations with echo. 

Tablb 1 . Precipitation inside and just outside echoes. 

Observer’s poeatton relative to echo 
Inaide Outside 

(Itofimiles) 
No. % No. % 


Cases of no rain 

0 

0 

19 

48 

Very lig^t rain 

6 

13 

7 

17 

Light rein 

16 

33 

13 

33 

Moderate rain 

18 

27 

1 

2 

Heavy rain 

13 

27 

0 

0 

Total 

48 

100 

40 

100 
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Correlttiom with Edio 
Table 1 gives a summaiy^f the results obtained in 
the form of a comparison of precipitation observed in* 
side and just outside the echoes. 

Correlations with Weather Stations 
Correlations with weather stations were notable 
chiefly for the rain we did not detect. Nearly all the 
precipitation observed at the station was light and 
apparently too light to produce echoes effective at such 
distances. Weather reports on the teletype from Ot- 
tawa itself were not correlated with echoes because 
most meteorological echoes within 10 miles were ob- 
scured by permanent echoes and distortion at the 
center of the PPI. The next closest weather station is 
at Canton, N. Y., 57 miles from our set. The rainfall 
for every hour was obtained from a rain gauge at 
Canton, and in addition some of the teletypcd weather 
reports were re(*eived. Rain was reported from Canton 
on five occasions during our hours of operations. On 
one of these occasions we had an echo directly over 
Canton ; on three otliers we had an echo within three 
miles of Canton ; on one occasion we had no echo in the 
vicinity at all. The details are given in the table. It can 
be seen that we detected rain falling at a rate of 0.2 in. 
per hour and failed to detect rain falling at a rate of 
0.03 in. per hour. 


Tabu 2. Rain at Canton, New York (U. S. Weather 
Station, 57 miles from set) during analysed hours of 
operation. 


Case 

RaiDfaU 

iii./hr* 

Thunder 

Echo 

1 

0.20 

Yes 

Overhead 

2 

0.05 

Yes 

1 mile away 

3 

a3 

Yes 

2 miles away 

4 

Trace 

No 

3 miles sway 

5 

0.03 

Yes 

No echo 


*Att mtai tekta tnm gattae rtadiog mada at hourly fntwvab. 


Rfeum£ of Correlations 

Our checks with local observers out to 60 miles 
from the set revealed the following: Inside the echo 
there is sure to be rain, with a 0.3 chance that it is 
moderate or heavy. Just outside (1 to 5 miles) there 
is never more than light rain, and a half chance 
none at all. Further, the chance of an observer in the 
vicinity of an echo reporting tiiunder was 0.4. Our 
checks with weather stations were less relevant, be- 
cause only two echoes passed over weather stations 
during the period studied. But from the numerous 
cases of light rain at these stations that we did not 
detect, we can say that we cannot detect light rain at 
00 miles. By light rain we mean rainfall less than 0.1 
in. per hour, and this can just be detected at 50 miles. 
Further, to judge by one storm that we detected and 
one we missed at Canton, we can detect 0.2 in, per 
hour and cannot detect 0.03 in. per hour at 57 mBes. 


Fraetkm Detected by Radar of 
Total Quantity of Rainfall 

Starting from the proportion of hours of rain that 
give an echo, we have used the distribution with rate 
of rainfall of the hours of rain to give us a value for 
the minimum rate of rainfall that will give us an 
echo. Now using a distribution with rate of rain- 
fall of the quantity of lainfall, we can proceed to de- 
termine the proportion of the total quantity of rain 
that was observed by radar. The proportion is quite 
high: 83 per cent close to the set, 62 per cent at 
50 miles. 

Comparison with Ryders Theory 

Computations of tlie echo stiength to ho expected 
have been made on the basis of the theory developed 
by J. G. Ryde of the General Electric Company (Brit- 
ish). The experimental results are in satisfactory 
agreement with theory. (Seepage 269 if.) 

The Best Frequency for Storm 
Detection 

The sensitivity to rain of the frequencies we have 
been using is such that with the power available wc 
can obtain satisfactory pciformanee. At higher fre- 
quencies the sensitivity, according to theory, is con- 
siderably higher, but considerations of absorption 
made by Ryde would keep us from going to much 
higher frequencies. Absorption affects us in two dif- 
ferent ways. In the case of widespread rain, even of 
moderate intensitv. there is enough absorption between 
the set and the echo source to reduce our effective range 
considerably. Where there is no widespread rain but 
the rain tliat we want to see is heavy and concentrated, 
the absorption of high-frequency radiation by heavy 
rain can be so great that hardly any of the radiation 
impinging on the storm makes its way back out to be 
reflected. We could actually fail to detect a storm in 
this way, because Die storm was too intense. The fre- 
quency we are using ( S-hand ) is safe against both these 
effects, but incronsing it by a factor 3 would lead us well 
into them. 

Ultimate Range— Greater Range 
of a Production Set 

The performajice of the prototype set we have used 
has been specified in tiie previous section by its range 
for aircraft. The performance of the same design of 
set, constructed and installed to the final production 
specification, is known to be better : the range for air- 
craft is approximately twice as great, and some calcula- 
tions show that very roughly the range of a produc- 
tion aet for storms will be twice that of our proto* 
type set. 

The full account of this work is published os: Sum- 
mer Storm Echoes on Radar MEW, Report No. 18 
of the Canadian Army Operational Research Group. 
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Fiauni 1. Typical S»band PPl display of snow echoes. 


S.BAND RADAR ECHOES FROM SNOW*> 

Since June 11)44, the Canadian Army Operational 
Research Oroup has been studying the nature and ap- 
plication of 8-band radar echoes from storms. During 
the past winter we studied echoes from snow, obtained 
on occasions when snow was present and rain definitely 
was not. 

Heavy snow has been detected on five occasions, 
with maximum ranges varying from 30 to 65 milea 
One moderate snowfall which kept all aircraft 
grounded was not detected at all, even at the minimum 
range of 10 miles. 

Roughly, rain and snow of the same intensity, ex- 
pressed in inches of liquid water per hour, produce 
about the same echo and are detectable to the same 
range. Further, there seems to be no useful difference 
in pattern between echoes from the two sources. Fig- 
ure 1 shows a iypical PPl picture of snow echoes made 
during the course of the study. 

Theoretically, this equality is not directly signifi- 
cant ; in the case of snow there is a much greater bulk 
of lighter material, falling more slowly and reflecting 
less well. 

Qperatio naily, there are two reasons why radar 
J. 8. ManhiU, Canadian Army Operational Research 

Oioup* 


storm detection is less useful in winter (in Canada). 
A given intensity of precipitation in the form of snow, 
say 0.1 in. of water per hour, is much more hazardous 
to flying and to ground activities than the same inten- 
sity in the form of rain. Further, great intensities of 
preoinitatioii auch as lend to long-range echoes in 
summer are almost nonexistent in winter in this 
region; therefore, detection at great ranges is not 
achieved. Thus S-band radar in summer can detect 
important storm areas to a radius of about 100 miles; 
in winter it detects hardly .any weather beyond 50 
miles and misses some important snow even at 10 to 20 
miles. 

For the greatest total contribution of radar to fly- 
ing it is a good thing that echoes from snow are weak. 
This is important, for while the cumulo-nimbus ac- 
tivity detected in summer must always be avoided by 
aircraft because of violent air currents, flying in mod- 
erate snow can be safe with good blind-flying control. 
It is fortunate, therefore, that echoes from snow are 
probably not strong enough to interfere with any radar 
elements of this control. 

This work has been done with the cooperation of 
the National Research Council of Canada, the Ca- 
nadian Meteovological Service, and the Royal Canadian 
AirForcA. 
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FLUCTUATIONS OF RADAR ECHOES* 

S INCE JUNE, 1943, the Propagation Group of the 
Radiation Laboratory has had a project under way 
to investigate the nature and origin of fluctuations 
from dose targets. This work has been done in the 
microwave region using the mobile S- and X«band 
sets belonging to the group. Most of the work has been 
on S band. We have restricted ourselves to targets 
sufliciently close to the radar that the more usual 
effects of atmospheric refraction can be neglected. 
We have not paid much attention to moving targets 
such as ships or planes, as their echoes are easily ac- 
counted for by the changing aspect of the target, 
propeller modulation, etc. 

One of the obvious sources of signal fluctuation is 
instability in the system. In our case system instabil- 
ity was (^iefly due to ripple in tlie receiver, and sen- 
sitivity to changes in line voltage affecting the modu- 
lator, receiver, and indicator units. After considerable 
effort these forms of instability have been reduced but 
not completely eliminated. The transmitted pulse 
shows an average fluctuation about the mean of 
db with a maximum deviation about 0.5 db. Pulse-to- 
pulse frequency changes are not greater than 0.1 or 
0.2 me, and frequency modulation inside the pulse is 
less than 0.2 to 0.3 me. These figures are for the S- 
band set, and instability is somewhat greater on X. 
The r-f signal intensity is measured by comparison 
with a pulse from a calibrated signal generator. This 
pulse shows a fluctuation as large as the transmitted 
pulse, i.e., about db0.12 db. It is believed that this 
apparent change is not in the signal generator but 
rather in the receiver and indicator units. 

Some radar signals show almost as little fluctuation. 
These are large man-made targets in isolated posi- 
tions viewed over land. Some examples that we have 
found are the Provincetown standpipe as viewed fronv 
Race Point in Provincetown and ^e Winthrop stand- 
pipe in Boston viewed from Deer Island. In these 
cases the average pulse to pulse deviation from ihe 
mean is ±0.14 db* Such steady signals are the rare 
exception. Most echoes show changes that are much 
larger than can be accounted for by instability in the 
igrstMn tests. 

Hie Interference Concept 

When this research was started, it seemed to be a 
common idea that changes in atmosidierio refraction 

*By H. Qoldstiin, Badhtioa lahotatoiy, MIT. 


in the path between the target and set could account 
for the observed variations. We have found little evi- 
dence for this belief. If the targets are closer than 10 
miles, the effects due to the atmosphere, if there are 
any, must be small compared to the more important 
phenomena shown by the echoes. The behavior of the 
radar echo is determined by the fact that a radar signal 
is usually not the return from a single target but rather 
the sum of returns from all targets within the area 
illuminated by the set. Since the radar beam is co- 
herent, the individual signals must be added in am- 
plitude taking into account the relative phase of the 
echoes. The total signal is the result of the interference 
between these component echoes. In the case of the 
standpipes mentioned above there were intervening 
hills so that only the top portions of the targets were 
seen by the radar, but in most other cases there is 
more than one target present, and the interference 
between these targets will determine the nature of 
the total echo. 

In the Boston region, we have found one very simple 
dual target consisting of two radio towers 500 ft high 
and 00 yd apart in range. Both constructive and de- 
structive interference has been observed in this case. 

The changes in the phase between the component 
signals might be due to several causes. If the index of 
refraction in the path between the two towers changes, 
then the optical path length would change. However, 
the deviation of the index from 1 would have to double 
in order to produce sufficient phase change. A change 
in the frequency of the transmitter could also account 
for the phase change. To produce the observed effect 
it would have to be greater than Vi me, which is larger 
than the frequency instability of the system. Finally, 
the towers themselves could physically move relative to 
each other and produce the phase change in a manner 
similar to that in the Michelson interferometer. To 
produce a phase change of v the targets need only move 
A/4 relative to each other. At S band this amounts to 
1 in. It does not seem unnatural that such tall struc- 
tures might sway in the wind by even a greater amount 
To test this conclusion the signal from these towers 
was measured over a period of 4 days. The amount of 
fluctuation was estimated visually every half hour. 
These results showed a definite correlation with the 
•peed of the wind. Large fluctuations ocentred only 
with high winds. It was oalculated that if t^ fluctua- 
tion had indeed been independent of wind the 
odds against getting the of readings obtained by 
Hum measureniente would be 10,000,000 to 1. 
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Aedemblies of Random Scatterers 

In a more common type of radar target the entire 
illuminated area contains a large number of independ- 
ent targets with random phases. If we represent the 
signal from each target by a vector showing amplitudes 
and phase, then the total signal is found by adding 
up all these vectors. If the phase of the individual 
vector is changed slightly (for instance, by relative 
motion) this vector diagram would be rearranged and 
the total signal changed. Some practical examples are 
precipitation echoes, where the individual targets are 
the drops ; window, where the echo arises from many 
strips of tin foil ; and sea echo, where the individual 
targets are probably areas of reflection from the sur- 
face of the sea. 

The theory of this type of target has been extensively 
worked out.^** One of the questions that can be an- 
swered by the theory is to determine the probability 
P{I) that a given signal from the target will be of 
intensity I in range dl. Or equivalently, one can find 
the fraction of returned pulses having intensity 1 in 
range dL [P{I) has been called the first probability 
distribution.] Tlie result is simply 

P(I)dI 

io 

where is the average intensity of the echo. The con- 
tinuous curve in Figure 1 is a plot of this experi- 
mental formula. 

The equation for P(I) is independent of the dis- 
tribution of the individual amplitudes, nor is it re- 
quired that the individual amplitudes be constant 
with time, only that the distribution shall be station- 
ary with time. The only other conditions that must be 
satisfied arc that there shall be a large number of scat- 
terers and that they shall be independent of each other 
with phase random both in space and time. It will be 
seen from the formula that the most probable signal is 
always zero. Furthermore the distribution is indepen- 
dent of the number of targets. The rapidity of the fluc- 
tuations is determined essentially by the echo changes 
and the relative velocity of the scatterers. The detailed 
relation has been worked out between the frequency 
spectrum of the fluctuations and the velocity distribu- 
tion of the particles.* The frequency of fluctuations 
should increase linearly with r-f frequency. 

In order to investigate experimentally this type of 
radar signal, it is necessary to get some method of 
measuring the intensify of the individual pulses. In 
our case this was obtained by photography of the single 
sweeps on the A scope. For this purpose a special A 
scope was used with a blue screen tube operated at 6 
kv. Commercial 16-mm movie cameras were used in 
which the shutter and claw had been removed and to 
whicha high*speed motor drive had been added. 

By photographing a calibrated r4 signal generator ^ 
pulse at the same receiver gain but at dijierent r-f 


levels, one can obtain a curve for the deflection in 
centimeters against r-f intensity. By means of this 
curve the measured deflections from the pulse-to-pulse 
films can be converted into measurements of r-f in- 
tensity. From these experimental data it is possible 
to compute an experimental first probability distribu- 
tion. 

Figure 1 is an example of such an experimental dis- 
tribution obtained by measuring a thousand pulses of 
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Figurb 1. The fint probability distribution, P (/) of 
the intensity of cloud echoes. Curve: 

Histogram: experimental results. Film 00, S band, 
1,000 pulses. 

precipitation echo on S band. The continuous curve in 
that figure shows the theoretical formula given above. 
The agreement is good. 

By what is essentially a Fourier analysis of these 
data, one can also determine the frequency spectrum 
of the video signal. Figure 2 shows such an experi- 
mentally determined frequency spectrum for sea echo 
m both S and X bands. The spectrum extends to 
120 c on X band and about 50 c on S. The rdtio be- 
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Figurb 2. Experimentally determined froquetiey spec- 
trum for sea echo. 


tween the width of tlie specti‘a is 2.4 compared to 
2.88 for the ratio of wavelengths. This discrepancy is 
probably due to the crudity of the measurements on 
X band. 
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Ground Clutter 

The ordinary ground clutter consists of echoes from 
a variety of types of targets: earth, rocks, trees, 
branches, bushes, leaves, grass. Our present conception 
is that the fluctuation in ordinary ground clutter arises 
from the motion of leaves and branches in the wind, 
changing the phase patterns in a manner somewhat 
similar to that for random scattcrers. There will in 
addition be a relatively steady signal from fixed ob- 
jects such as rocks and tree trunks. 

We have obtained much qualitative evidence for 
this picture, but it is difficult to obtain quantitative 
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FXouu 3. fluctuation in signal from Blue Hills versus 
wind qieed. S band, 10 a.m. April 24, 1044 to 11 a.m. 
April 26, 1044. 



Fiomsa 4. First probability distribution, Baker Hill, 
Maine. Wind spe^ 25 mph. Curve: theoretiSal, fixed 
to random signal 1 db. average intensity. 
Histogram: experimental results. Film 103, 3,000 
pulses, 8 band. 

data because the wind speed at tlie target is not usually 
known. Fortunately, in the Boston area the largest 
ground signal is due to the Great Blue Hills, which 
is the site of the Blue Hill Observatory. It is thus 
possible to obtain data on the wind speed at the target 
We monitored the signal from Blue Hills for a 34-hr 
period in April of 1944. Movies were taken of the 
A scope at regular intervals. During the period of 
observation the wind speed varied between 80 mph 
and dead calm. To interpret the data a somewhat crude 


parameter was defined as a measure of the amount of 
fluctuation. Tlie change in the signal strength from 
one frame to the next (0.06 sec) was measured and 
averaged over 200 frames. 
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FiauBB 5. First probability distribution, Mt. Penobscot, 
Maine. Wind speed 10 mph. Curve: theoretical, fixed 
to random signal » -f 7.2 db. /« average intensity. 
Histogram: experimental results. Film 82 (16 fr per sec), 
400 frames, 8 band. 


Tliis parameter was then plotted against the wind 
speed as shown in Figure 3. Tliere is a quite good 
correlation between the amount of fluctuation as meas- 
ured by tliis parameter and the speed of tlie wind. The 
fluctuation is of the order of 0.2 db at 0 mph, which 
is almost as good as our steadiest signals. At the other 
extreme the fluctuation is about 3.4 db at 30 mph. 
There appears to be a rather sudden jump in the fluc- 
tuation at a wind speed in the neighborhood of 20 
mph. This jump has been observed at other seasons of 
the year and is believed to be rather general. It is sig- 
nificant that the wind speed at which the jump occurs is 
roughly that at which large branches and small trees 
begin to move as a whole. 

The theoretical description for a simple picture of 
ground clutter consisting of an assembly of random 
scatterers (leaves, grass, etc.) plus a fixed signal 
(rocks, trees, trunks) is not difficult to work out. When 
the proportion of steady signal is small, Hie first prob- 
ability distribution closely resembles that for purely 
random scatterers. For a large ratio of fixed-to- 
random signal the amount of fluctuation is greatly 
reduced, and the first probability distribution tends 
to a Gaussian curve about the average intensity. This 
is illustrated in Figures 4 and 5. Figure 4 is a plot of 
the experimentally determined first probability dis- 
tribution for a signal from heavily wo^ed terrain on 
S band at 25-mph wind speed. This has been fitted 
by a theoretical curve for a ratio oi fixed to random 
signal of --*0.1 db. 

Figure 5 riiows the distribution lor a aimflar type 
tomin but for a wind speed of 10 mpln Hare fhe 
results are fitted to a curve for a ratio of fixed io 
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Figure 6 . Pulse-to-pulse record of the signal from Block Woods, Bar Harbor. Film 87, July 9, 1944. 
S-band, prf 333 Hi per sec, wind speed 22 mph. 
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FtGUBB 7. Video frequency spectrum for ground clutter, 
Baker Hill, Maine. Film 103, wind spe^ 25 mph, prf 
333 H per sec, wavelength S band. 


random signal of + 5 db. The most probable intensify 
is no longer at zero, and the amount of fluctuation is 
considerably reduced. 

Figure 6 is a plot of the intensity of some ground 
clutter at high wind over a period of seconds as 
obtained from a pulsc-to-pulse film. While the signal 
changes quite rapidly, it is not nearly so fast as sea 
return, for example (see Figure 7). 

The frequency spectrum can Ikj obtained from these 
data as in the previous case. Figure 7 shows the video 
frequency spectrum obtained under the same condi- 
tions as Figure 4 for higli winds. The spectrum ex- 
tends as high as 12 c. Figure 8 is a plot of the fre- 
quency spectrum obtained from the same film as in 
Figure 6. Here at a wind speed of 10 mph the fre- 
quency spectrum docs not extend beyond 3 c. 



FluuRS 8. Video frequency q^trum for ground clutter. 
Mt. Fenobeoot, Mt. Desert lidi^. Film 62, wind 
speed 10 mph, wavelength 8 band, prf 833H. 


Targets Viewed over Water 

In addition to the sources of fiuctuation described 
above, echoes from targets viewed over water will 
change due to the varying reflection from the surface 
of the sea. Some English investigations have shown 
that at high angles of incidence the amount of reflec- 
tion can often change quite rapidly. However, there 
is another effect due to reflection from the sea surface 
which is of a much longer period, namely, tidal varia- 
tions. 

Some of our earliest work consisted of monitoring 
the signal from a number of isolated targets viewed 
over water over a period of many tidal cycles. It was 
found that quite a large number of echoes showed a 
definite correlation with the tide. One very striking 
^ example is the case of two standpipes on Strawberry 
Hill on Nantasket Peninsula, which when viewed 
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from Deer Island in Boston Harbor showed a 15<*db 
variation with tide. Their range is 10>000 yd, and the 
targets are about 60 ft high. Under these conditions 
ilio targets subicjid inoic than two lobes of the inter- 
ference pattern at S band. Since the effect of the tidal 
change is to move this lobe structure up and down by 
10 ft, it is difficult to believe that a change as large as 
15 db could be thus produced. However, one can break 
up the returned signal into a number of separate sig- 
nals differing as to whether they suffer two reflections 
on the surface of the sea or one reflection or go directly 
to and from the target. While the amplitude of each 
of these signals does not vary much with tide, their 
relative phases do, and the total signal can still change 
considerably in amplitude because of the interference. 
A similar set of measurements was made on a comer 
reflector mounted on a small island in Boston Harbor. 
Here the corner reflector although only 6,000 yd away 
acts essentially as a point target. The agreement with 
the theoi 7 for a point target is quite good. 

Our results emphasize the extreme caution that must 
be employed in the use of standard targets to monitor 
radar performance. They are just the type of targets 
which are normally chosen in the field, and obviously 
their variations with the tide make them entirely un- 
suitable for the purpose. It may be possible to find tar- 
gets whose echoes are sufficiently steady so that they 
can be used for monitoring. However, they cannot be 
found without the use of such test equipment as would 
obviate the need for standard targets. 


THE FREQUENCY DEPENDENCE 
OF SEA ECHO^ 

As the power and frequency of radar sets continue 
to increase, and the size of the target to be detected 
decreases, the presence of sea echo becomes of ever 
greater operational significance. It acts as a built-in 
jammer, blanketing and obscuring the desired signals. 
Despite this growing practical importance the basic 
phenomena of sea echo have not yet been established. 
Certainly, the fundamental mechanism responsible 
for the signal is not yet known. Various conflicting 
theories have been proposed. It has been suggested 
that scattering from drops of spray is the cause of 
the eclio. Another hypothesis is that of reflection or 
diffraction from the large surfaces of the waves them- 
selves. Still other theories have been advanced at one 
time or another. 

Whatever the size of the scatterers, the power re- 
ceived at the radar can be described by a common 
formula. Consider some particular scatterer, say the 
yth one. Then the returned signal from this particular 
taiget is 

p .Pion* 


H. Qokbtdn, Radiation lAbomtofy, MIT. 


where cr^ is the radar cross section of the yth scatterer, 
Pt the power transmitted, G the gain, X the wave- 
length, and it the range, aj differs from the customary 
croedi section in tliat it incorporates the propagation 
factor and hence may depend on the height of target 
and the glancing angle of the incident ray. In consid- 
ering the time average of the total power received by 
the radar wc can take the seatteiing to be incoherent. 
Hence the a\ crage radar signal is the sum of Prj over 
all the j scatterers lying within the area illuminated 
by the beam width and pulse length : 




It is assumed that uie illuminated area is sufficiently 
large that the sum contains many scatterers and is 
proportional to the size of the area. In that case this 
formula can be written 


(4ir)* ^2 


where ^ is the azimuthal beam width, r the pulse 
length in seconds, c the speed of light, and a is defined 
as the radar cross section of sea echo per unit area of 
the sea surface and hence is dimensionless. This quan- 
tity or is a function of many parameters: the state 
of the sea, the glancing angle of the incident beam 
(and therefore the range), the polarization, and tlie 
wavelength. A comprehensive program is under way 
in the Radiation Laboratory to check the assumptions 
underlying this formula and to determine the cross 
section <r as a function of these parameters. 

Uhlenbeck has pointed out that the dependence of 
(T on wavelength should be an especially sensitive 
function of the scattering mechanism assumed. For 
drops whose circumference is small compared to the 
wavelength, the scattering should be of the Rayleigh 
type, i.e., varying as 1/X*. If one takes into account 
the lobe pattern of the incident field due to reflection 
on the water surface, the dependence is even faster, 
possibly as 1/X®. On the other hand, if we are dealing 
with reflection or diffraction from large curved sur- 
faces, then cr should be substantially independent of 
wavelength or even increase with X. By measuring <r 
simultaneously on two or more frequencies, it should 
be possible to decide between these mechanisms. 

Accordingly, such incatiurenicnls wore made in the 
summer of VM4 ut Bar Harbor, using the calibrated 
B- and X-baud mobile radars belonging to the Wave 
Propagation Group of the Radiation Laboratory. The 
site elevation was 1,500 ft, and the ranges about 
10,000 yd, so that the incident angles were quite small. 
The constants in the formula for Pr were determined 
as accurately as possible. In addition, the power, pulse 
lengtl^ and beam width were made comparable in 
both systems. For relatively stormy sea conditions the 
ratio ^ w on the two wavelengths was found to be; 
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— « +5=b4db 

<1^8 

for both polarizations. If the Rayleigh 1/A* law holds, 
the ratio should be +18.6 db, which would seem to 
exclude spray drops as the scatterers. 

One of the difficulties of this type of nieasuremcut 
is to determine the average level of a signal that 
fluctuates as rapidly as does sea echo. To remove this 
source of trouble, a device has been developed that 
reads the average power directly. It might be de- 
scribed as a gated noise meter. AVith the aid of this 
instrument we have again begun making measure- 
ments of <r on S and X bands^ tliis time from Doer 
Island in Boston Harbor. The elevation is only 120 
ft, and the ranges are correspondingly small. 

The results obtained so far do not agree in all re- 
spects with the previous data obtained at Bar Harbor. 
When the sea is fairly calm (Beaufort 3 or less), the 
ratio of to trs is reprodiidbly gi\on by : 

— ss +12 db 2db horizontal 

on horizontal polarization. The scatter is much greater 
on vertical polarization, and the ratio is much smaller : 

trx 

— +4 db vertical. 

<^8 

One set of worth-while measurements has been made 
with a sea that was considerably rougher (Beaufort 
4-5). The ratio was significantly smaller for both 
polarizations: 

^ » +5 =fc 2db horizontal 
e’8 

— « +2db vertical. 

O'S 

At the time these data were obtained the first 
measurements were made with a calibrated experi- 
mental K-band set recently constructed. Only hori- 
zontal polarization was available. It was found that 

— -3to6db. 

Hence under these sea conditions the increase in a 
on going frotn S to X is about the same as when going 
from X to K. 

An interesting by-product of these measurements 
was the comparison of polarizations, keeping the wave* 
length the same. This ratio was quite variable, rang- 
ing from 

— --9db Xbaad 
on X b«nd nader stomj condition!, to 
^ > +36db Sbuul 

9a 

on S band with a calm sea. In general the ratio de- 
creases as sea becomes rougher and is almost always 


less on X than on S band. 

It is too early in the investigation to attempt a de- 
tailed interpretation of the results. It does seem that 
scattering from small spray drops is not the sole 
mechanism, despite the popular observation that sea 
echo seems to increase rapidly with the appearance 
of whiiecaps. Other evidence also seems to confirm 
this. Under favorable conditions sea echo appears as 
discrete signals, moving with the wind, that can be 
tracked for 15 to 20 sec. This seems longer than one 
would expect from a breaking wave. On the other 
hand, reflection from large wave surfaces cannot be 
the whole story cither. This is indicated by the fairly 
rapid increase of a with frequency and by the com- 
plicated changes with polarization. It is probable 
that we are dealing with a combination of mech- 
anisms, and it will be a difiicult task to unscramble 
the contribution of each to the total signal. 

It should be emphasized that these measurements 
were taken near the coast, though outside the break- 
ers. (Auditions on the high seas might conceivably be 
quite different. 

Discussion 

It was stated that individual sea echoes which 
persist for many seconds cannot be caused either by 
specular reflection from an inclined water-air inter- 
face or by random (Rayleigh) scattering from in- 
dividual drops of spray. Instead, an aerated surface 
lay^r created by a breaking whitecap may persist for 
many seconds and may be responsible for persistent 
echoes. Such a layer constitutes an irregular network 
of air-watur interfaces and may give rise to consider- 
able scatter of microwaves. The actual mechanism by 
which snrli a layer gives rise to a sea echo is likely to 
be different at different sea states. If a large area is 
covered with foam, then in the presence of strong 
swell the chief return should be expected from a wave 
crest, and the radar signal would appear to travel 
slowly on the radar screen as the wave crest pro- 
gresses. 

The author stated that so far no consideration had 
been given to such involved mechanisms as the one 
suggested, but added that data already collected might 
well lead to such an investigation. 

It was suggested that soeral mechanisms, includ- 
ing scattering from droplets, were probably respon- 
sible for sea echo in rough weatlier. Experiments in 
Britain reported by the British Army Operational 
Research Group showed that echoes from sliell splashes 
viewed on an S-band gunnery radar could be resolved 
into two parts. One was from the "boil,” a solid wall 
of water with enclosed air bubbles, which could be 
readily distinguished from the superimposed response 
from tlie larger portion of the splash called tlie 
"plume,” which is a region of isolated water drop- 
Ms. Edioes from tlie droplets in the "plume” region 
were of many seconds duration, and it seemed likely 
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that an investigation of the frequency dependence of 
such scatterers would produce useful results. 

THE DEPENDENCE OF SIGNAL 
THRESHOLD POWER ON RECEIVER 
PARAMETERS^ 

This paper deals with the effect on tlie signal thres- 
hold power of various parameters in the receiving 
systems of radar sets, i.e,, with the minimum signal 
power necessary for visibility. Although this is a diflS- 
cult problem and all the important factors entering it 
are not known, it is felt that at least qualitatively, 
and sometimes quantitatively, a fairly good answer 
can be given at present. First of all it is necessary to 
define some of the parameters involved in ordinary 
radar reception. When a signal is reflected from a 
target the power entering the receiving system may 
be written in the following form : 

P|g»X«cr 

(4ir)»«" 

where G, A, and a are the antenna gain, radar wave- 
length, and target echoing area or cross section, re- 
spectively. Pt is the transmitted power and R the 
target range. This is, of course, the free space formula. 
The propagation conditions can be conveniently lump- 
ed into a multiplicative factor, which in the follow- 
ing arguments is of little concern. To determine the 
maximum range capability of the radar set, it is nec- 
essary to determine how large Pr must be in order to 
be detectable. It is then possible to calculate the maxi- 
mum range capability of the radar set from the above 
formula, on writing it ; 

/ fifflxv y 

\(4T)*P,«ta/ ■ 

It has been common practice to assume that Pr min; 
or the signal thresliold power, is of the order of magni- 
tude of the noise power in the radar receiver. This is 
certainly true ; it is of the order of magnitude of that 
noise power but is not generally equal to it. This 
paper deals with the various factors in the receiving 
system and display system which affect Pr ma* . 

A few of the things that affect Pr nm are 

1. The capabilities of the human observer. 

2. The properties of the display system on which 
the signal is presented to the observer. 

8. The type of interference which prevents the de- 
tection of an extremely small signal. 

This interference is not always receiver noise. There 
are storm cloud echoes and similar interferences, but 
tins discussion will deal only with tlie case in which 
receiver noise is the limiting factor. 

It is useful to define the signal threshold power. 
A good deal of work has been done on this question, 

^By J. L. lAwson, Ksdiaticii Lsbof«loiy, Ml T. 


both theoretical and experimental, and in the course 
of events a satisfactory criterion has been developed. 
There is not a defined minimum threshold power 
above which the signal is always seen and below which 
it is never seen. One finds experimentally that if the 
signal power 8 is plotted against the percentage of 
cases in which the signal is correctly identified, a 
^^betting curve^' is obtained. It takes several times as 
much signal power to obtain a correlation of 90 per 
cent as it does to obtain a correlation of 10 per cent. 
In this paper the signal power which permits a cor- 
relation of 90 per cent will be considered the thres- 
hold signal. 

Two main types of displays are used in radar 
sets, the A-scope display and the plan position 
indicator [PPl] or intensity-modulated display. 
In the A-scope disnlay there is presented a trace 
in which the apparent range of the target appears 
ns abscissa and the amplitude of the received echo 
as ordinate. Along the trace the ever present 
receiver noise appears; where the target is there 
will be a larger average deflection. In experiments 
on the A scope an artificial echo of controlled am- 
plitude and range was introduced into the receiving 
system. This artificial echo was so introduced 
that it could fall into any one of several fixed 
range positions. Usually six fixed lange positions were 
used. The observer then attempted to call the position 
occupied by the signal. “Betting'' curves were then 
drawn and 8^^^ (90 per cent signal threshold power) 
determined. Tins is the signal power, usually meas- 
ured ill terms of noise power in the receiver. Between 
zero correlation and 90 per cent correlation a change 
in signal power of perhaps 5 db is usually required. 
This is quite a large spiend, and it is very difficult 
to determine 8^ accurately because of the statistical 
fluctuations. Ordinarily in running such a curve a 
single threshold power measurement requires 50 to 
100 observations. This laborious and lengthy process 
of obtaining signal threshold is necessary to remove 
the subjective element. The results obtained in this 
way are remarkably constant and consistent among 
different observers. They do depend on other factors, 
however. They depend both experimentally and theo- 
retically on the number of range positions, and it 
becomes necessary to indicate the type of variations 
which obtain. A “6 position, 90 per cent point'' has 
already been defined for this experiment. This is taken 
as the standard of reference denoted by 0 db. 8^ 
for a “1 position" experiment is -f-O.S db experi- 
mentally and +1*5 db theoietically. 8^ for an 
position" experiment is -f-1.0 db both experimentally 
and theoretically. 8^ for the “2 position" experiment 
is —2 4b experimentally and db theoretically. 
In 4bis last case the experimental improvement is due 
in part to tiie statistical difference and in part to 
greater ease with which the observer can con- 
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centrate on the range poaitione. 

In spite of these variations it is felt that any one 
of these definitions is representatively good. For con* 
venience the for the "6 position” experiment has 
been chosen^ since it gives a suflRcient number of posi- 
tions so that statistical determination of 8^ can be 
obtained with reasonable ease. It is possible to make 
the same correlation trials for the intensity-modulated 
PPl as for the A scope. The signal is put at any of 
a number of range positions which are fixed in azi- 
muth. Scanning conditions may be included if de- 
sired. Some factors which affect the signal threshold 
power will now be enumerated^ and the magnitude of 
their effects described. 

The first such factor is the noise figure of the re- 
ceiver. In brief, this is simply a multiplicative factor 
which would go with any of the other determinations 
made. The noise figure of the receiver specifically 
measures the amount by which that receiver is noisier 
than the beet theoretical receiver. Ordinarily this noise 
figure runs to the order of 10 db, which means that 
the receiver is something like 10 times as noisy as 
the theoretically perfect receiver. As we are dealing 
with signal tlireshold power in terms of the receiver 
noise power (the latter being a universal parameter) 
it is only necessary to determine the noise figure of a 
given receiver in the field to determine what sort of 
input signal power is necessary. 

The second factor affecting the signal threshold is 
the intermediate frequency or the radio frequency 
bandwidth B of the receiving system. B represents 
specifically the narrower of the two. This bandwidth 
will affect the signal visibility in a way which will be 
discussed presently. The third quantity is the video 
bandwidth h of the receiver. At one time it was thought 
that the video bandwidth and the i-f bandwidth were 
equivalent, but this is not at all true. Between the 
i-f and the video systems there is a second detector 
which is a nonlinear element, which causes frequency 
conversion to take place. This causes the video band- 
width to have an entirely different action from that of 
the i-f bandwidth. A third factor is the sweep speed 
of the scope, denoted by small s. The sweep speed has 
an important effect which is nearly equivalent to that 
of video bandwidth. Anotlier parameter is the time 
interval during which the signal is actually presented 
to the observer. This quantity will be represented by 
the letter T and called the signal presentation time. 
In addition to these there are several other factors 
connected with contrast effects in the presentation 
and the scanning variables. 

The first four variables mentioned apply to the 
geometry of the eygtem, and geometrical scaling argu- 
ments oan be applied to these quantities. One of these 
variables can thus be eliminate at the start by using 
not the pulse length r, but the product a X r as a 
variable. Similarly, the other variables are B X r. 


b X T, and N X r. These quantities have a definite 
physical significance. The sweep speed multiplied by 
the pulse length is simply the length of the signal on 
the sioj^ie and can be expressed in millimeters if de- 
sired. B X T is the i-f bandwidth times the pulse 
length and turns out to be a simple number. This is 
a number which will affect the signal visibility curves. 
Similarly the video bandwidth & X r is another num- 
ber. The signal power multiplied by the pulse length 
is simply the energy of the signal per pulse, and so 
on. These variables are essentially geometrical para- 
meters. The pulse repetition frequency and the signal 
presentation time are statistical parameters and must 
be treated in a statistical way as will be shown. 

The first geometrical factor to be considered is the 
i-f bandwidth. The interesting factor is the behavior 
of signal and noise. Independently, these are known 
quite well. With respect to noise the power response 
is proportional to the bandwidth. However, the re- 
sponse to a signal of a particular length, once there 
has been obtained a bandwidth which is adequate for 
the transmission of the pulse, will be essentially in- 
dependent of the bandwidth. When tlie bandwidth is 
very narrow the voltage of the output pulse is propor- 
tional to the bandwidth of the receiver. A curve can 
be drawn which is essentially the signal-to-noise power 
response curve, which for wide bandwidth will be 
proportional to the signal threshold power, while for 
narrow bandwidth it will be inversely proportional to 
the bandwidth. This is exactly* the form of curve ob- 
tained experimentally. The optimum bandwidth is 
found to be approximately ^,2 times tlie reciprocal of 
tlie pulse length. The noise power in the receiver is a 
very poor single criterion as to how small a signal can 
be seen. For example, with a bandwidth of 1 me for 
l-/isec pulse a signal about 2 db below the noise 
can be seen. But if the i-f bandwidth is 10 me for a 
l-fAsec pulse, a signal is visible 7 db below noise. If 
the i-f bandwidth is too small, even a signal equal to 
noise power is invisible. In general, therefore, signal 
threshold power is rated in decibels above the receiver 
noise power for a particular value of B (usually B 
= 1/r), since this provides a universal scale. 

For tlie video bandwidth the situation is more com- 
plicated. A good deal of theoretical work can be done 
on this problem, but the experimental data do not 
confirm the theory. The reason is that the video band- 
width is already effectively narrowed by the effect of 
sweep speed. Video bandwidth effects can be observed 
when the sweep speed is very fast, where a X r (the 
pulse length on the scope) is of the order of a milli- 
meter or so. Under these conditions video bandwidth 
narrowing always reduces the signal visibility and in- 
creases the signal threshold power. There is a real 
difference between the video bandwidth and the i-f 
bandwidth in the following respect. Decreasing or 
increasing the i-f bandwidth causes the components of 
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low-frequency noise in the video to change proportion- 
ally* Video narrowing, however, does not change the 
low-frequency video noise components. Therefore, the 
reduction in signal visibility with video narrowing is 
less pronounced than with i-f narrowing. 

The human eye cannot distinguish between two ob- 
jects which are closer together than about 1 minute of 
arc. If the light intensity contrast is limited, two ob- 
jects cannot be resolved even at a much greater angular 
separation. When the separation approaches approxi- 
mately % of a ^degree, the best visibility will be ob- 
tained for the smallest contrast. Thus, the action of 
the human eye can be regarded as that of a filter which 
preferentially selects those frequencies having a period 
of the order of % of a degree on the scope. At normal 
viewing distances this value of angular separation is 
of the order of 1 mm linear separation. Since the 
screen behaves like a linear transformation between 
the video signal and the light transmitted to the eye. 
this filter action of the eye is exactly equivalent to a 
video, filter whose maximum pass frequency corre- 
sponds to 1 mm divided by the sweep speed a. For most 
presentations, where the pulse length is considerably 
shorter than 1 mm on the scope, this effective video 
narrowing action of the eye is usually much more im- 
portant than the effect of video bandwidth in the re- 
ceiver. It is to be noted, however, that video bandwidth 
effects in the receiver can be observed when the sweep 
speed is sufficiently fast for proper delineation of the 
pulse. There is now a considerable amount of experi- 
mental evidence to support this rather simple picture 
of the combined effect of video bandwidth and the 
resolution properties of the eye. 

Because of this property of the eye, if the viewing 
distance is maintained constant, a large diameter PFI 
will be more sensitive in the detection of signals than 
a small one. A magnifying glass will produce an effec- 
tive increase in sensitivity on the small scope at the 
expense, however, of a restricted searching area. 

The focus on the PFI or A scope also acts like a 
video narrowing device. If the tube is defocused along 
the range scale, equival^t video narrowing will take 
place by an amount which is dependent upon the spot 
size. However, because of the effect on the human eye 
a loss in signal visibility will not occur until the de- 
focused spot is larger than approximately 1 mm. 
Defocusing to this extent is certainly disadvantageous 
in the ultimate discrimination^ of two close radar tar- 
gets, and for this reason good spot focus must be 
maintained. 

In signal detection it is clearly necessary that the 
average signal deflection voltage be as large as the 
average noise fluctuation in the absence of signal. This 
is a purely statistical problem susceptible to theoretical 
analysis. Calculations show that the quantities which 
determine signal visibility, apart from the geometrical 
factors just described, are the total number of sweeps 


on which the signal is visible and the total number of 
sweeps on which only noise is visible. It is assumed 
that for these sweeps integration or averaging takes 
place. This result is confirmed experimentally with 
two restrictions. The total number of signal pulses is 
given by T X PRF (pulse repetition frequency), and 
the signal threshold power, is found to vary inversely 
with both PRF and T. While this holds for all values 
of PRF under investigation (12.5 to 3,200 c) it holds 
only for a limited region in T (approximately 0.05 to 
3 sec). The reason why the integration is not satis- 
factory outside these limits of T are related to the 
maximum flicker frequency detectable by the eye. For 
times shorter than perhaps 0.05 sec additional sweeps 
(containing only noise will be integrated. Likewise, for 
T greater than 3 aec the eye and brain do not appear 
to integrate properly all the individual voltages. In 
other words, the system has incomplete memory. It 
has been found that the maximum system integration 
time (usually of the order of 6 sec) can be increased 
appreciably by operator practice. With a considerable 
amount of experience a good radar operator can effec- 
tively integrate for times as long as V 2 min. It is to 
be noticed that because of this integration in the eye 
and brain of a radar operator oth**r methods for pro- 
viding integration, such as P-7 screens or photographic 
integration, will fail to provide substantial benefit 
unless their effective integration time exceeds several 
seconds. This conclusion is borne out experimentally. 

In the radar scanning problem the same factors 
must be considered as have already been discussed, 
but, in addition, one must investigate factors peculiar 
to scanning. Among these are the rotation speed of the 
antenna, the beam width of the set, etc. It has been 
found, however, that the statisical problem met with 
in scanning is quite similar to that encountered in the 
absence of scanning. The complete system integration 
depends on two factors: the number of pulses inter- 
cepted by the radar beam during one traversal of the 
target, and scan-to-scan integration. If the scanning 
rate is sufficiently rapid (faster than 10 rpm) the 
signal visibility will be independent of the antenna 
rotation rate. Faster rotation rates intercept a smaller 
number of pulses for each revolution, ‘but there are a 
greater number of scan-to-scan integrations which just 
make up for the deficit. However, below the critical 
speed of about 10 rpm, scan-to-scan integration will 
not take place, and the signal threshold power will be 
proportional to the square root of the antenna rotation 
rate. This improvement in signal visibility at slower 
scan rates will continue until the antenna is on the 
target, during each revolution for Approximately B 
sec, whereupon the visibility is eaaentially that of a 
‘^searchlighting’’ aet. Thus the total scanning loss is 
given by the rather simple formula 
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where Ft is the fraction of time that the system is on 
target during the scanning procedure. Ordinarily this 
scanning loss amounts to approximately 10 db in an 
average radar system, requiring a signal perhaps 10 
times as large as the necessary amount for det^tion 
wliile searchlighting. It is important that this formula 
be used only where scan-to-scan integration takes 
place. 

Discussion 

Wliile this paper has specifically been limited to 
noise considerations, it seemed reasonable to hope that 
the same general considerations could be applied in 
determining the visibility of signals in various types 
of clutter, in particular the simpler types which are 
echoes from rain and snow. If the mechanisms involved 
were more thoroughly understood, the fundamentals 
of the problem would be understood too and could be 
put together in a coherent form. 

The shape of the response curve has been considered 
by the author and is known to have some effect, but 
the experimental approach to various shape factors 
has been rather limited. In the work presented here 
the response curve of the receivers involved has been 
that of a so-called double-tuned circuit, whose ampli- 
tude response is proportional to 



where <0 is the frequency difference between the fre- 
quency under measurement and the center of the band. 
a>o is the V 2 bandwidth. The difference between this 
response curve’s performance and that of a multiply 
narrowed, synchronously tuned, intermediate ampli- 
fier, which has Gaussian response, was not observable 
experimentally. Theoretically also, there is little dif- 
ference. It is felt that the considerations may not apply 
in extreme cases of sharp-edged amplifiers or in single 
single-tuned circuits but that in other cases the same 
answers do apply. 

The question was raised as to the dependence of 
signal threshold on pulse recurrence rate. In all the 
other parameters the visibility of the signal is pro- 
portional to the signal energy. The author found that 
for a given average power the visibility is distinctly 
better if you concentrate more energy into each pulse 
and separate the pulses by longer intervals. In other 
words, the threshold is proportional to the energy per 
pulse but inversely proportional to the square root 
of the repetition frequency. This settles a disagree- 
ment between two groups, one of which believes visi* 
biliiy would be found independent of pulse repetition 
rate and the other that it depends on average energy. 
The answer lies between the two views. In this matter 
of visibility it is interesting to recall that the first suc- 
eessful radar, which was giving ranges up to 25 miles 
in 1996, had a reoeiver bandwidth of about 200 kc and 
a pulse length of 5 peec. a combination which lies on 


the peak of the maximum visibility curve. The pulse 
length on the radar screen ^as about 3 mm. The curve 
for optimum visibility peaks at 1 mm and does not 
decline very rapidly for longer pulses, so that, too, was 
near the optimum value. The first production radar for 
use in the fleet had a pulse length of about 3 /iusec and 
a bandwidth of about 300 kc, which is again .on the 
peak of the visibility curve, and its visible pulse was 
about 2 mm long on the screen. This was of course not 
entirely accidental but was fortunate, nevertheless. 
The preproduction model of this radar was built in 
1938. 

The author discussed the effect of fluctuating sig- 
nals in scanning as distinct from the steady signals 
which had been employed in the experiments described. 
In the case of signal fluctuation, it is necessary first to 
define the signal amplitude in such a way that analy- 
sis is applicable. Employing the average value as a 
criterion, the visibility of fluctuating signals may ac- 
tually prove greater than for steady signals. If the 
peak value of a fluctuating signal is taken as the signal 
threshold power, the visibility is probably poorer than 
for a steady echo, but it is felt that the result would 
be again essentially independent of the scanning speed, 
as long as it is high enough to cause pulse-to-pulse and 
8can-to-8can integration. The limit, however, may 
occur at 20 rpin instead of 10 rpm. 

One variable has been omitted which has proven 
puzzling. This is the target speed. What really con- 
stitutes a scan-to-seau integration ? If the target moves 
the distance of one spot diameter in a scanning period, 
is it still integrated ? It would seem to be so integrated 
provided the observer is able to perform as an aided 
tracker, i.e., can appreciate a change in linear motion. 
If it is not integrated, one would expect to find a 
difference in signal threshold depending on the target 
speed, probably in direct proportion to the square root 
of target speed. Some experiments have been made on 
simulated echoes of this variety, and there was some 
indication that targets of higher velocity are definitely 
harder to see, but this cannot be considered quantita- 
tively established. Signal fluctuation, however, is im- 
portant, and it is felt that, in general fluctuating tar- 
gets with cross sections defined on the basis given in 
the following paper are harder to see by perhaps 2 db 
but that this estimate is not affected by any arguments 
about scanning. 

There was another inquiry concerning the explana- 
tion of the Watson effect observed occasionally at very 
close ranges when the background noise was so large 
the normal signal could not be detected. This con- 
sisted of an inverted signal smaller in amplitude than 
the background noise which could be observed to a 
range of almost 100 yd in sets which had a direct wave 
extending to 3,000 to 4,000 yd* In these cases the signal, 
instead of appearing as a small inverted V, showed up 
as a small upright Y, approximately Vi the amplitude 
of the initial noise. This effect had been often reported 
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Oil diort-rasige targets* The author considered this to 
be a lonn of receiver saturation* Another group had 
bem troubled by the same phenomenon and had at- 
tributed it to receiver saturation in which there was 
blocking of the i-f amplifier during a portion of the 
time. 

RADAR SCATTERING OVER 
CROSS^ECTION AREA- 

It is of great interest to determine the cross-section 
values of aircraft, not only in order to attempt predic- 
tion of ranges on these aircraft, but also to make pos- 
sible the design of radar equipment which will utilize 
these factors a little better. The instantaneous pattern 
of reflection properties of an airplane is very complex. 
It depends upon the frequency, t}’pe of aircraft, and 
certain other factors, such as propeller rotation. The 
pattern has an extremely complex lobe structure which 
depends essentially upon the lengths of the plane’s 
structure in terms of wavelength and upon the areas 
of specular reflection, that is, reflection from fairly 
large, flat, mirror-like surfaces found in most aircraft, 
such as the sides, bottoms, or wing surfaces. 

It would be possible to define the instimtaneous 
cross-section area as a function of the angle from the 
airplane, but this kind of thing would be purely aca- 
demic, since actually the airplane is moving. In the 
early part of this work an attempt was made to derive 
a cross-section number which would apply to the actual 
radar performance on an airplane in flight. The scat- 
tering cross section may be calculated from the re- 
lation 

(4r)VrB- 

where the quantities are measured in free space. The 
symbols are defined on pp.31? -316 .They are all easily 
measurable excqit Pry the received power. This was 
measured by injecting into the system, with a signal 
generator, an artificial echo which was matched to the 
size of the airplane echo. 

In pratice, ir is necessarily a function of time, and 
for lack of a better criterion the following procedure 
was adopted. The signal generator reading was con- 
tinuously matched to the size of the aircraft echo and 
recorded for successive 8-sec intervals. The signal 
measured in decibels above receiver noise power was 
plotted against range. On a logarithmic scale such a 
plot should be a straight line whose variation Is 40 db 
for a factor 10 in range. This is actually found, pro- 
vided one draws a line through the average of the 8-sec 
intorval points. From moment to moment the fluctua- 
tion is rather hii^, but neverthdess a good average 
line can be drawn. 

It is now possible to define a cross section by the 
condition that its value is exceeded in one-half of 
these 8-see intervals, and this appears to be an eaey 
Ummm, Radiation Lsboialsvyi MIT. 


operational way of obtaining cross sections. However, 
this still does not represent what could be called the 
average value for each 3-sec interval. It was found very 
early that it was very difficult to adjust a signal gen- 
erator to the average value of the signal. It is much 
easier to adjust to the top value that has occurred dur- 
ing an interval. The reason for this is that the signal 
is quite often fuzzy and filled in by propeller modula- 
tion. Therefore, the figures represented here are in 
general the highest values that occur during the 3-sec 
interval. For this reason we have attempted to see how 
the value of <r depends upon the interval timing and 
whether or not it is permissible to put this value into 
range formulas in the usual way. A rough working 
model is the following: If these cross-section values 
are reduced to 60 per cent, they may be used in the 
range formula presented in the previous paper to ob- 
tain the correct operational radar range. The cross 
section averaged over the lobe structure in the front 
aspec^t or tail aspect of a plane would be lower than 
these values by probably 50 per cent. 

Some representative figuies are as follows: Fighter 
aircraft usually vary from 1 to 200 sq ft; medium 
bombers, B-18, Beaufighter and similar aircraft range 
from 4 to 600 sq ft; and heavy bombers, B-17, 800 
sq ft. The larger bombers such as the B-29 have not 
been measured but are estimated to be of the order 
of 1,200 sq ft. 

Discussion 

To a question regarding the wavelength dependence 
of an craft cross sections, the reply was that such a 
dependence was a function of the structure of the air- 
craft. Outside surfaces having rounded structures such 
as wings, wires, and similar members have a cross 
section which is essentially independent of wavelength 
and produce random scattering, provided the frequen- 
cy is high enough. As the frequency is lowered, reso- 
nances in the structure of the airplane and differences 
in the wings may appear. This might possibly cause 
differences with regard to polarization. At S-band and 
higher frequencies there seems to be little dependence 
upon frequency. These figures have been checked at 
S and X bands with essentially the same results. No 
sensible dependence on polarization was observed, in- 
dicating that at S-band or higher frequencies, this sort 
of cross-section value will apply. 

Ohio State University is conducting an extensive 
program of cross-section measurements on various 
types of aircraft for a variety of frequencies up to 600 
me. Measurements are made for all aspects of the air- 
craft and for both vertical and horizontal polarization. 
The procedure used is to scale the aircraft down to a 
convenient model size and to use a corresponduigly 
higher frequency. 

The results of these measurements exhibit a confus- 
ing lobe structure. In order to give an ov^all descrip- 
tion of the hdiavior of the cross section^ a reasonable 
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procedure must be found for aiwraging the data. This 
has been attempted. At 100 me, the specular reflections 
are not particularly marked, though the cross section 
does increase in directions perpendicular to the axis 
of the aircraft There is still fairly strong scattering 
in all directions. At 500 me the echoes are almost en- 
tirely due to specular reflection. The dependence on 
polarisation is stronger at the lower frequencies. 

The author commented that simultaneous measure- 
ments of average values for different polarizations 
showed them to be about the same but that instan- 
taneous pulse-to-pulse photographs of a single target 
with two different polarisations showed them to be 
quite different at a given instant. 

An inquiry was made as to whether any correlation 
had been made between radar cross section and iype 
and dimensions of aircraft. A report was mentioned 
which attempted to show that scattering cross section 
was proportional to wingspread. The results of the 
author’s group did not appear to correlate with wing- 
spread, but the fuselage is important, and both factors 
must be signiflcani Experiments had been made with 
controlled flights in which the aircraft was flown 
straight toward or away from the radar site. It was 
believed that, because of normal wind conditions and 
such factors as yawing in flight, the results obtained 
represented an average over ou angle of about 10^ for 
boHi front and rear aspects. Some measurements at 
45^ aspects were made which showed a drop of about 
1 or 2 db for most aircraft. Some aircraft showed a dif- 
ference between average head and average tail aspect 
of about 1.5 to 1. and the figures previously quoted 


represented an average between the two aspects. When 
the aircraft in turning presents a broadside, specular 
reflection occurs, and this side flash often exceeds the 
ordinary signal by 100 times or more. 

The comment was made that the measurements de- 
scribed seemed to have been made entirely with track- 
ing radars using A-scope presentation. What would be 
the probable effects of such fluctuations on radars with 
search type presentation? The author believed that 
such fluctuations would affect search-type radars 
when scanning slowly but that no serious effect had 
been observed at scanning speeds as low as 2 rpm. 
When the cross-section figures given were used with 
a 2-db reduction for average values, the predicted 
ranges were in agreement with the observed ranges 
even on scanning or search type radars. This is prob- 
ably not true at certain longer wavelengths for which 
the lobe structure is such that an aircraft can ^^ride” 
a null for an appreciable time interval. At micro wave- 
lengths, the lob^ are so close together that it becomes 
practically impossible for an aircraft to remain in a 
null for an appreciable time. 

It was inquired whether drops of more than 2 db 
were to be expected for other aspects, such as 45 
degrees. While a complete series of measurements had 
not yet been made by the author’s group, measure- 
ments on three or four aircraft in various aspects had 
revealed no drops below 2 db. Although the calibration 
had been carried out entirely with signal generators, 
standard targets consisting of corner reflectors and 
spheres later produced results in substantial agree 
ment with the theoretically predicted values. 
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ANGLE-OF-ARRIVAL MEASUREMENTS 
IN THE X BAND* 

T jiE puiiPOSK of this work Was to observe the varia- 
tion in angle of arrival of waves in the X baud. No 
simultaneous air sounding data were taken although 
general weather observations were made. 

The method of measuring the angle of arrival makes 
use of a very sharp-beamed antenna (Figure 1) 
mounted so that it may be mechanically tilted back 

e mcHCS wioe («* horizontal kam) 
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FiGtJBB 1. Sharp-beamed antenna used for measuring 
the angle of arrival. 

and forth about its center thus sweeping the beam of 
the antenna through an arc which may be set to include 
the expected angle of arrival of the incoming signal. 

The sharp-beamed antenna has been used to measure 
the angle of arrival of waves from a distant trans- 
mitter over an optical path where both a direct wave 
and a water-reflected wave are present. If the output 
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FiouBa 2. Variation in signal intensity during scan. 
A, direct ray only. direct and reflected rays super- 


of the receiving antenna is fed to a receiver and this 
receiver is fitted with a recording type output meter, 
records of the type shown in Figure 2 will be obtained 
as the antenna scans. Record 1 will be obtained if only 
a single, direct wave is arriving at an angle correspond- 
ing to the mid-point of the antenna swing. The dis- 
tances between peaks of maximum amplitude along 
the record will tiien be equal. A shift in the angle of 
arrival of the wave would appear on the record as a 
change in the spacing between the peaks. If two 
separate waves, direct and reflected, are arriving 

«By W. M. Sbarpleis, Bdl Tdsphone Istoatories. 


simultaneously, the record will appear something 
like i*ecord 2. 

The actual antenna used for the measurement is a 
section of a parabolic cylinder arranged so that its 
beam at the center of swing is pointed directly at tlie 
transmitter. This is also the angle at which waves 
arrive on a normal day. A normal day has been taken 
as one when the angle of arrival is the same (within 
the accuracy of the measurements) as that calculated 
from actual eaith geometry and when free space field 
is received from the direct wave. 

The physical position of the antenna may be held to 
approximately 1/100 degree by the use of a plum-bob 
line dropped from the top of the 20-ft antenna to the 
base. Possible errors in reading the recorda, however, 
limit the expected relative accuracy to about 1/60 
degree. Slight errors in the actual building of the 
antennas and in the locating of the feed limit the 
final accuracy to what is believed to be 1/25 degree. 

The horizontal angle of arrival is measured with a 
duplicate antenna turned 90 degrees from the vertical 
with its flat side toward the ground. The accuracy of 
measurement is the same as in the vertical plane case. 

The entire equipment, including the two scanning 
antennas, other reference antennas, the receiving 
equipment, and the receiver building are located on 
a rotatable platform which is 25 ft in diameter. This 
equipment, located on top of Beer^s Hill, New Jersey, 
may thus be pointed toward any of several transmitters 
and comparisons made of the angle of arrival 
each transmitter. 

Observations during the summer of 1944 have been 
made on two optical paths shown in Figure 3 : (a) A 
24.1-mile path partly over land and partly over water 
between New York City and Beer^s Hill, New Jersey. 
The normal reflecting point for the reflected ray on 
this path is in the salt water of Raritan Bay; (b) a 
12.6-mile path between Beer's Hill and D^l, New 
Jersey. This path is all over gently rolling land. The 
transmitters at both Deal and New York radiate waves 
polarized at 45 degrees so that either vertical or hori- 
zontal polarization may be used at the receivers. 

Results of angle-of-arrival measurements made dur- 
ing the summer of 1944 indicate that on both the Deal 
and New York circuits the greatest variation of angle 
of arrival in the horizontal plane was ±1/10 degree. 
Times were found when the angle of arrival remained 
»s much as 1/10 degree east for short periods on the 
New York circuit, but for the most part the horizontal 
angle of arrival normally fluctuated ±1/10 degree 
from the normal day direction on both the Deal and 
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FiuvnE 3. Propagation paths, (top) I^eer’s Hill to New York and (Iwttoni) Beer’s Hill to Deal. 


New York circuiia. The maximum variation in the 
vertical angle of arrival on the diTect wave on the 
New York path has been 0.46 degree above that ob- 
served on a normal day, while the reflected wave has 
conic in as low as 0.17 degree below the normal re- 
flected wave. (On a normal day the reflected wave on 
the New York path should be, by calculations, 0.33 
degree lower than the direct wave.) 

There does not seem to be any correlation between 
the variation in angle of arrival on the direct wave 
and the reflected wave. These variations do not as a 
rule occur together. At the time when the greatest 
deviation in the reflected wave was present the direct 
wave was coming in normally. Also, when the direct 
wave was up 0,46 degree, it was apparently being 
trapped, and at that time no reflected wave was re- 
ceived. The greatest spread observed between the 
direct and reflected wave was 0.76 degree (normal 
0.33 degree). At this time the direct wave was 0.35 
degree above normal while the reflected wave was 0.07 
degree below normal. The near proximity of Staten 
Island to the path normally taken by the reflected 
wave on the New York path has probably contributed 
to complexities of the results obtained on this circuit 

The vertical angle of arrival on the Deal circuit has 
not varied ns greatly as on the New York circuit. The 
degree in the direct wave angle of arrival. The reflected 
wave is not of sufficient magnitude to be observed on 
the Deal circuit. 

Height run experiments were conducted to obtain a 
value for the effective coefficient of reflection for the 
Deal path. An oscillator was hoisted up and down the 
175-ft tower at Deal and the resulting received field 
recorded at Beer^s Hill. The field was found to vary 
3.6 db from maximum to minimum (3 maximum val- 
ues and 2 minimum values) as the oscillator changed 
height, which indicates an effective coefficient of reflec- 
tion of 0.2. This means that the received reflected wave 
is 5 times weaker than the direct or 14 db down. The 
distance above ground at which the maximum and 
minimum were obtained were noted on the receiver 
raeoird, and from fliese the height of the effective reflec- 
tion layer was obtained. This height was found to be 


approx i mutely 100 ft al) 0 \e average ground level. 

This experiment is to be repeated when leaves have 
fallen from the trees to determine if the effective re- 
flection coefficient or the height of the reflecting layer 
has changed. 

Rain has been found to influence the X-band cir- 
cuits in a manner such as to cause a lowering of the 
received fields. During very heavy downpours, we have 
experienced as much as 0.8-db attenuation per mile 
of path length on both the paths. We have no way of 
knowing how much rain was falling over an entire 
path, but the figure of 0.8 db per mile represents the 
maximum value of rain attenuation so far recorded on 
our circuits. 

Only part-time observations have been made on this 
project, and the results reported are based on such 
observations. It is not known, therefore, if more ex- 
treme conditions than those reported have existed at 
times when no observations were being made. 

METEOROLOGICAL ANALYSIS OF 
ANGLE-OF-ARRIVAL MEASUREMENTS** 

Purpose 

Recent experiments on propagation in the X band 
conducted by Bell Telephone Laboratories [BTL] 
have indicated that the angle of arrival of microwaves 
may be considerably at variance with that computed 
on the basis of rectilinear propagation. Deviations as 
large as 0.46 degree from true bearing^ were measured 
during the summer season over a 24-mile path, partly 
over land and partly over water. The deviations found 
experimentally exceed considerably the tolerances spec- 
ified on angle of elevation, azimuth, and height deter- 
mination in present military characteristics on fire- 
control radar equipment. 

An analysis of propagation from the meteorological 
point of view has been undertaken to determine 
whether deviations from rectilinear propagation can 

^By Qeorge D. Lukes, Signal Corps Ground Signal Ageney. 

"The term ''true bear^** as used in this paper rMern to ^ 
vertical ani^ between the horisontal and a tine perpwMfieidar 
to the wave front at the receiving point. 



330 


RADIO WAVE PROTAGAHON EXPERIMENTS 


be explained by, and predicted from, meteorological 
data and whether observed extreme deviations can be 
realized from plausible meteorological stratification. 
The Bell Laboratories' experimental angle-of-arrival 
measurements made during the summer of 1944 have 
been compared with deviations evaluated from mete- 
orological data obtained concurrently by the Signal 
Corps though not coordinated at the time with these 
experiments. The current paper is intended to report 
the results of this study and the procedure utilized in 
the analysis and, in turn, to establish a framework 
for interpreting further propagation experiments of 
this type. 


Theory 


The equations of propagation can be written in a 
form such that the angle of departure of the radiation 
at the transmitter (the direction of the normal to the 
wave front) and the angle of arrival at the receiver 
can be written as functions of the meteorological 
stratification and the constants of the installation (dis- 
tance between and heights of transmitter and re- 
ceiver). The solution of the equations of motion is 
given below by the use of an electromagnetic wave 
velocity profile obeying a radial power law. The re- 
lation of the exponent m in this power law to the 
excess modified refractive index M is then deduced. 
The power m in the velocity profile equation is as- 
signed the definition of ^^meteorological stratification 
parameter," since it determines the change of modi- 
fied index of refraction with height. 

From Figure 4, 


df ds 

rtan/3 b 


( 1 ) 


Introduce the dectromagnetic wave velocity profile 



Hence, 


1 — m 



( 2 ) 

(3) 


where 
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Snell's law states that 



So V 

(5) 


5 cos a rcoeff 

Then, 

(1 — m)dr » rtBXifidfi 

(6) 

and 

da dfi 

(7) 


b 1 — w 

Now 

r * 5 + h, 

(8) 

where 

h<h. 


The excess modifed refractive index M is given by 


njb 

If now the relation for the distance s is solved simul- 
taneously with the equation stating Snell's law of 
refraction, we have the angle of arrival a as a function 
of the excess modified refractive index M, uniquely 
relating the angular deviation from true bearing to 
the distribution of modified refractive index required 
to produce that deviation. 


Analysis of the BTL New York- 
to-Beer^s Hill Circuit 

The results obtained by Bell Telephone Laboratories, 
Inc., on measurements of the angle of arrival of micro- 
waves in the X band are contained in two BTL re- 
ports.*** The New York-to-Beer's Hill propagation 
circuit proved to be the more suitable for the meteor- 
ological analysis of angle of arrival. On this path the 
transmitter was located on the New York Telephone 
building at an elevation of 499 ft above mean sea levd; 
the receiver was erected on top of Beer's Hill at an 
elevation of 353 ft. The propagation path had a length 
of 94.08 miles and ran several degrees east of north 
from Beer’s Hill to New York. The bearing from re- 
odver to transmitter on this circuit on the basis of 
true earth geometry is 0.11 degree below zero eleva- 
tion angle of Beer's Hill. 

During the summer of 1944 a limited number of 
vertical temperature and humidity soundings were 
secured by personnel of Wave Propagation Studies, 
BvaziS Signal Laboratory, at a 400-ft radar tower in 
Oakhurst, New Jersey. The location of the tower is 
shown on the map in Figure 5. The tower stands on a 
hUl 198 ft above mean sea levd. The limit of observa^ 
tion is B75 ft above the base of the tower; Hff ct the 
absolute devation was 598 ft It follows that sonndingt 
over the height of the tower sample the atmosphave 



ANGLE^F.ABRIVAL MEASUREMENTS 


mm YORK RITY 
140 RBtT OT 



FiotnuD 5. Flail view of propagation paths. 

between approximately 11 ft above the transmitter and 
225 ft below the receiver. 


The Angle of Arrival Deduced from 
Type Cases of Atmospheric Stratification 

When the path ia confined to a layer between receiver 
and transmitter, there are two limiting paths, as illus- 
trated in Figure 6A: Path A leaving the transmitter 
at some angle fi <0 and arriving at the receiver with 
a = 0; Path B leaving the transmitter at an angle 
P ^ 0 and arriving at the receiver with a > 0. By 
applying the equations deduced from theory and ex- 
pressed by data in Table 1, the necessary and sufficient 


Tabu 1 


Path 

a at 
receiver 
(dugiaea) 

/I at 

transmitter 

(dttitm) 

Deviation 
of at and A 
from true 
bearing 

m 

A 

0 

-0.125 

+ 0.111 

0.64 

Intervening path 

+ 0.0626 

-0.0625 

+ 0.1786 

1.00 

B 

+ 0.125 

0 

+ 0.286 

1.86 


modified refractive index distributionB with heij^t in 
the layer can be etaluaied for the limitiiig paths A 
and B and for all intervening paths. TaUe 2 shows the 
value of the stratification parameter m required. We 
therefore conclude that, for a path confii^ to the 
layer between transiRitter and receiver, the deviation 
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from true bearing must be confined to the interval 
+0.111 to +0.236°, and the change in the modified 
refractive index between receiver and transmitter 
must be in range — 2,4 to +2.4 M units. These 
limits hold for an approximately linear variation of 
index between receiver and transmitter. 

Radiation along paths of type C, which penetrates 
tlio layer below the receiver height (see Figure 6B), 
arrives at the receiver at an angle a < 0 ; therefore, M 
will of necessity increase by more than 2.4 units from 
receiver to transmitter. We Consider threp stratifica- 
tions producing paths of this category. 

1. The so-called ^‘standard” atmosphere utilized 
for the purposes of representing "normaP propagation 
by rectilinear fays on an earth distorted to a radius 
4/3 that of the true earth. The increase of Jf is at a 
rate of 3.6 units per 100 ft. 

2. Adiabatic equilibrium for an unsaturated at- 
mospheric layer, representing the condition of a com- 
pletely stirred or mixed stratum of air. The increase 
of M is 4.0 units per 100 ft. 

3. Rectilinear propagation on js true earth. For this 
condition there is no variation of electromagnetic 
velocity with height^ and M increases by 4.76 units 
per 100 ft, equal to the rate of curvature of the earth. 

The computed deviations of the angles a and p at 
the receiver and transmitter, respectively, are given in 
Table 2. It will be noted that the condition of recti- 
linear propagation on a true earth produces an angle 

A 



c 



FtGUiB 6. Types of vertical variatioii in ray paths. 
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Table 2 


Deviation 


Typaof 

atmoapborio 

•tmtifioation 

a at 
receiver 
(degrees) 

transmitter 

(degrees) 

ofaand6 
from true 
bearing 

m 

^'StaiidaixT' 

atmosphere 

-0.069 

-0.194 

-f 0.042 

2.44 

Adiabatic 

equilibrium 

-0.083 

-0.208 

+ 0.028 

0.16 

Rectilinear 
propagation on 
a true earth 

1 

p 

- 0.236 

0 

0 


« = — 0.11®, which is the true bearing from receiver 
to transmitter. From the data of Table 1 it follows 
that a ^^standard^' atmosphere and an atmosphere 
vertically mixed so as to be in adiabatic equilibrium 
both provide a variation of modified refractive index 
with height of a magnitude such that the angle of 
arrival measured at the Beer's Hill receiver under 
these conditions is within 0.04^ of true geometric 
bearing. In view of the fact that the instrumental ac- 
curacy of the Beer's Hill antenna system is ±0.04®, 
it follows further that the differences among these 
three meteorological stratifications will not be evident 
in the measurements. 

Consider now a case in which the radiation path 
penetrates the layer above the transmitter. The oc- 
currence of an angle of arrival at the Beei-'s Hill re- 
ceiver in excess of 0.236® above true bearing will re- 
quire a path of propagation rising to some level above 
the New York City transmitter. The variation of M 
with height within the layer immediately above the 
transmitter will be critical in determining the magni- 
tude of the signal received and its angle of arrival. 
The analysis following is limited to one particular 
case of this category producing an extreme deviation 
from true bearing in the angle of arrival. 

For the paths shown in Figure 6C, the M distribu- 
tion between 353 and 492 ft above mean sea level is 
that computed from the observed meteorological data 
on the 400-ft tower at 0800 on July 7, 1944. Using 
only this portion of the actual sounding, the variation 
of modified index of refraction in the layer immedi- 
ately above the transmitter has been computed as a 
function of the angle a ai the receiver. In the case of 
tlie angle ot = 0.355® (deviation from true bearing 
equal to +0.466®), the calculated index at the level 
of total refraction, which computes as 505 ft, is very 
closely tliat observed at the uppermost level of mete- 
orological sounding (503 ft). Thus an angle of ar- 
rival deviating by as much as 0.47® from true geo- 
metric bearing is entirely possible for the meteoro- 
logical situation of 0800, July 7, 1944 and for the 
positions of the New York transmitter and Beer's 
Hill receiver and could have been predicted from the 
observed meteorological sounding. 

A second significant conclnsion can be readily de- 
duced by considering the modified refractive index 


distributions required in the layer immediately above 
the transmitter for different values of «. It is ap- 
parent tliat the lapse of modified index required for 
any of the angles considered in this example is not 
substantially different among all four angles; the 
primary requisite for the larger fit's is that the lapse 
continue to greater heights. Thus relatively small 
fiiictuations in the meteorological elements can cause 
a time change of 0.1® in the angle of arrival measured 
at the Beer's Hill receiver. Furthermore, a particu- 
larly unfavorable combination of small changes in the 
meteorological elements in this layer may cause the 
signal at the receiver to fall to a very low level. A 
similar conclusion is not valid for the case of propaga- 
tion confined to the layer between transmitter and re- 
ceiver and the case of path penetration below the re- 
ef ivt*r, since anotiier slightly different path can al- 
ways be found along which energy can reach the re- 
ceiver directly. 

A third significant conclusion can be deduced by 
inspecting the computed deviations from true bear- 
ing of the angles at the receiver and the transmitter, 
as given in Table 3. It will be noted that the devia- 
tion from true bearing of thd angle of arrival at the 
receiver is not the same as the deviation from true 
bearing of the angle of departure at the transmitter. 
Til fact the data of Table 3 indicate that, under the 
meteoiologicul situation of 0800 on July 7, 1944, the 
angle of arrival at the receiver would have been 


Tables 


a at 
receiver 
(degrees) 

0at 

transmitter 

(degrees) 

Deviation from 
true bearing 
a 0 

m 

+ 0.356 

+ 0.038 

+ 0.406 

+ 0.274 

1.366 

+ 0.372 

+ 0.119 

+ 0.483 

+ 0.354 

1.972 

+ 0.401 

+ 0.190 

+ 0.612 

+ 0.426 

2.436 

0.468 

+ 0.292 

+ 0.669 

+ 0.628 

3.052 
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Figueb 7. Corralatioii of deviatbns. 
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-f-0.27® above true bearing in place of +0*46®, were 0.1® for the particular meteorological situation of 

the receiver and transmitter interchanged at the end 0800 on July 7, 1944. 

points of the path. On the other hand, for both cases It therefore follows, in summary, that the deviation 

1 and 2 treated above, the meteorological stratification from true bearing measured at the position of the re- 
was such that the angular deviations from true bear- ceiver depends not only on the range between trans- 

ing at both receiver and transmitter were the same. mitter and receiver and on the meteorological condi- 

The relations of the angular deviations from true tions but also and equally well on the relative differ- 

bearing at the end points of the path are summarized ence in heights of transmitter and receiver and the 

in Figure 7. position in height of the receiver with respect to the 

A fourth conclusion can be deduced by considering transmitter 
the curve in Figure 7 based on the computations tab- 

ulated in Table 3. It will be recalled that a fluctuation Comparieon of Computed to 

of 0.1° in angle of arrival at tlie receiver was con- Measured Anale of Arrival 

eluded as possible as a result of relatively small flue- Measurea Angle oi Amvai 

tuatious in the meteorological elements in the layer 'I’be experimental measurements of angle of ar- 

immediately above the transmitter. But it should now ri\a! MH'iirud by Bell Telephone Latoratories and the 
be noted that fluctuation of angle of departure at the meteorological data obtained on the 400-ft tower in 
New York transmitter is approximately 0.25® when Oakhursi, have been analyzed to determine whether 

the Beer^s Hill angle of arrival varies approximately any bignificant correlations exist between the meas- 
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RADIO WAVE PROPAGATION EXPERIMENTS 


WbA angles of arrival at the Beer’s Hill receiver and 
ike angles of arrival computed from meteorological 
data. A grand synthesis is presented in Figure 8 of 
all days for which both BTL propagation measure- 
ments and Signal Corps tower meteorological sound- 
ings were available for comparison. Since simultaneity 
in radio and meteorological measurements was a rare 
occurrence, tlie angle of arrival evaluations from both 
sources of data are plotted along a time scale (in 
hours) for each day of the period. The angle evalua- 
tions from radio data are represented by circles; 
angles calculated from the meteorological data are 
represented by crosses of time length equal to the 
duration of sampling of the layer between transmitter 
and receiver (including botli ascent and descent of 
the tower). Equipment limitations set the accuracy 
of BTL angle of arrival measurements at zt:0.04°. 

It is believed that generalized, overall conclusions 
for the entire period of comparison can be made as 
follows : 

1. That occasions of true bearing and ^^near true 
bearing” (say — 0.11 to 0®) could have been pre- 
dicted from the meteorological data. 

2. That the occurrence of extreme deviations from 
true bearing would have been predicted from mete- 
orological data nearest in time to the radio measure- 
ments. 

3. That the magnitude of the most extreme meas- 
ured deviation (0.46®) from true bearing can also be 
calculated from observed meteorological data, though 
not simultaneously observed. 

Concluaiona 

The propagation path of microwave radiation can 
be fairly well specified, given only a knowledge of the 


temperature and water vapor pressure distribution 
in the lower atmosphere and the positions in space of 
transmitter and receiver. The equations of motion of 
the propagation of the individual wave fronts have 
been written in a form such that the angles of de- 
parture from the transmitter and the angles of arrival 
at the receiver can be evaluated directly from the 
meteorological stratification. Application of the theory 
to certain angle-of-arrival radio propagation experi- 
ments conducted by Bell Telephone Laboratories dur- 
ing the summer of 1944 has resulted in the following 
conclusions : 

1. A surprisingly good correlation exists betw^n 
angles of arrival computed from meteorological and 
survey data only and the angles of arrival deter- 
mined experimentally. 

2. The extreme deviations (0.46®) from rectilinear 
propagation measured experimentally by BTL are con- 
firmedi as plausible on the basis of observed meteoro- 
logical stratification. 

3. The meteorological analysis indicates that de- 
viations from rectilinear propagation and the fluctua- 
tion of the deviations about a mean value are as much 
a function of position of transmitter and receiver 
as they are a function of the existing meteorological 
structure. 

It is strongly recommended that low-level meteoro- 
logical soundings be considered an indispensable part 
of any experimental angle-of-arrival measurements. 
The good correlations secured between evaluation of 
angles of arrival from meteorological data and angles 
of arrival measured experimentally suggest that de- 
viations from, rectilinear propagation can be ac- 
counted for by measurable atmospheric conditions 
and that, further, these deviations can be reasonably 
well predicted. 



THE PROPAGATION 
OF RADIO WAVES THROUGH 
THE STANDARD ATMOSPHERE 

VOLUME m 




Chapter 1 

PROPAGATION OF RADIO WAVES: 
INTRODUCTION AND OBJECTIVES 


FACTORS INFLUENCING PROPAGATION 

T H£ propagation of radio waves through the 
atmosphere and around the curve of the earth, 
at frequencies above 30 me, is influenced by so many 
factors that it is desirable to give first an overall 
survey of the problem. This chapter presents the 
problem of propagation in broad perspective in 
contrast with many of the later chapters which are 
devoted to detailed consideration of special phases 
and methods of calculation. 

Our purpose has beon to provide information de- 
signed for men with college training in radio, physics, 
or electrical engineering, which: 

1. States the basic laws of propagation, that is, 
shows how the characteristics of the earth and the 
atmosphere control the propagation of radio waves; 

2. Gives the fundamental properties of the basic 
types of antenna systems, particularly their direc- 
tivity and gain; 

3. Gives the reflecting properties of targets such 
as airplanes for use in detection by radar; 

4. Teaches the reader how to calculate field 
strength or obtain the coverage diagrams, given a 
particular set, power, and site; 

5. Gives the fundamental information required in 
the above calculations for application to the radar 
and communication sets used in operational theaters; 

6. Provides illustrative material and sample cal- 
culations which show how the laws of propagation 
may advantageously be used in the location and 
operation of radar systems, communication sets, and 
countermeasure equipment designed to deceive the 
enemy and to prevent jamming of equipment by 
enemy action or by mutual interaction of our own 
sets. 

FUNDAMENTAL PROBLEMS 
AND LIMITATIONS 

Meaning of Propagation 

By propagation is meant the movement of radio 
waves through the atmosphere, and the transfer, by a 
wave mechanism, of radiemt energy from a transmit- 
ting antenna to a receiving antenna. The problem 
of propagation requires an understanding of the 
manner in which the wave energy is emitted and 
received as well as of the manner in vdiich it flows 
through the atmosphere. The radio engineer must 
undeietand this general mechanism, be able to eval- ^ 


uate the factors which play contributory roles, and, 
for a given amount of power emitted from a given 
transmitter, be able to compute the strength of the 
radiation field at any point in space or to locate all 
the points in space where a^ven field strength 
occurs. 

The problem divides naturally into two parts, (1) 
the one-way transmission or communication problem, 
and (2) the two-^ay transmission or radar problem. 
In the former the prime requisite is to calculate the 
amount by which the wave and its field strength are 
attenuated in passing from the transmitter to a 
receiver and yet permit a field at the receiver suflS- 
cient at least to produce the minimum detectable 
signal. In the latter problem the attenuation must 
be calculable for the two-way journey from trans- 
mitter to the target and back to the receiver, which 
frequently uses the same antenna as the transmitter. 
In this type of problem, due account must also be 
taken of the reflecting and reradiating properties of 
the target. 

Knowledge of these factors is indispensable for the 
design, installation, and successful operation of both 
communioation and radar systems. 

Atmospheric Layers 

The atmosphere from one point of view is com- 
posed of two layers, the troposphere and the strato- 
sphere. The former is a layer adjacent to the earth 
which extends upward approximately 10 km, in 
which the temperature decreases about 6.5 C per 
kilometer with increasing altitude to a value, at the 
upper boundary, of about — 60 C. Above this is 
the stratosphere in which the temperature remains 
approximately constant at — 60 C. 

The ionosphere, as its name implies, is a layer (or 
series of layers) composed of ions and free electrons 
lying at an elevation of approximately 100 km. See 
Figure 1. These layers play an important role in the 
transmission of waves at frequencies below 30 me 
and are responsible for transmission over very long 
distances. At the higher frequencies, which are the 
concern of this volume, the portion of the waves 
which penetrate the ionosphere is not useful for 
transmission. 

From this it follows that propagation at the higlmr 
frequencies (above 30 me), to be useful, must occur 
entirely in the troposphere. This volume therefore 
is ccmcemed only with tropospheric propagation. 
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Fxgubb 1. TVansmiflBioQ along and reflection from the ionosphere occurs primarily -with frequencies below 30 mo. 
At higher frequencies useful transmission is primarily concerned with the nearly horisontal rays in the troposphere; 
higher ani^e r^iation passes through the ionosphere and is lost. 


Standard Atmosphere 

Propagation of radio waves in the troposphere is 
mateiially influenced by the distributions of tem- 
perature, pressure, and water vapor. The condition 
most nearly approximated in the Temperate Zone has 
been accepted as the so-called standard atmosphere, 
and propagation under this condition has been stud- 
ied and calculations made thereon. 

In the standard atmosphere specified by the 
National Advisory Committee on Aeronautics 
[NACA] the temperature is assumed to decrease with 
altitude at the rate of 6.5 C per kilometer, starting 
from 15 C at sea level, with a sea leyel dry air 
pressure of 1013.2 millibars, which is equivalent to 
760 mm Hg pressure (see Table 11. 

To simulate the actual atmosphere of the temper- 
ate sones it is necessary further to specify a water 
vapor pressure. The value chosen is 10 millibars at 


sea level, decreasing with altitude at the rate of 
1 millibar per 1,000 ft up to 10,000 ft. With this 
addition the conditions for a moist standard atmos- 
phere are specified in Table 1. This value of water 
vapor pressure yields a value of relative humidity 
approximating 60 per cent. 

Listed also in Table 1 is the index of refraction n. 
The gradient of this quantity, dn/dh, controls the 
curvature of the rays for a wave moving in the ap- 
proximately horizontal direction; n is given by the 
formula 

/ IMA. 79/ , 4800e\ 

( 1 ) 

where T is the absolute temperature, p and e are 
the total pressure and moisture vapor pressure, re- 
spectively, in millibars, at height h above sea level. 
In the moist standard athiosphere, n decreases lin- 
early with hei^t h the approximate rate of 


Tabud 1. Properties of the atmosphere. 


NACA standard dry atmosphere 


Moist standard atmosphere 


h 

Altitude 

t 

Temp 

C 

p-s 

Dry air 
pressure 
xnilUbars 

Index of 
refraetion 
(n - 1)10« 

s 

Water vapor 
pressure 
millibars 

Saturated 
water vapor 
pressure 
millibars 

Per cent 
relative 
humidity 

Index of 
refraetion 
(n - 1)10» 

Feet 

Meters 

0 

0 

15.0 

1,013.2 

278 

10 


58.5 

318 

500 

152 

14.0 

995 

274 

9.5 


59.4 

312.4 

1,000 

305 

13.0 

977.1 


9 


60.0 


1,500 

457 

12.0 


206 

8.5 


60.7 


■ ViVB 

610 

11.0 

942.1 

262 

8 


61 

295.6 


.915 

9.1 

908.1 

254 

7 

11.6 

60.3 

284 


1,220 

7.1 

875.1 

247 

6 

10.1 

59.4 

273 

5,000 

1,525 

5.1 

848 

240 

5 

8.8 

57 

262 
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0,039 X 10** units per meter. 

There are several reasons why this book concerns 
propagation in the moist standard atmosphere. 

1 . The atmosphere in certain places (particularly 
the temperate sones) and over considerable periods 
of time is substantially standard in character. 

2. Calculations based on the standard atmosphere 
serve as a standard against which propagation in 
nonstandard atmospheres may be compared. 

3. A great deal of propagation information now 
avmlable in the held is based on propagation cal- 
culated for standard conditions. 


Propagation in the Moist 
Standard Atmosphere 

The radiation energy emitted by a transmitter is 
a wave spreading out in three dimensions, which 
may be represented by a series of concentric spherical 
wave fronts or by a system of lines called rays. The 
velocity at any point on the wave front is given by 

s A « ? 19 - meters per second. ( 2 ) 

n n 

Since n decreases with height, the upper portions of 
the wave front move with higher velocities than the 
lower portions, and the wave paths as represented 
by the rays are curved slightly downward, as shown 
in Figure 2. 

The radius of curvature of the rays p is given by 

JL ^ « -I- 0.039 X 10 -* units per meter (3) 

p dh 

and p, therefore, is equal to 26.5 X 10* meters, which 
is approximately four times the radius of the earth 
fp s 4a). As a result the distance to the radio horizon 
is some 15 per cent greater than the geometrical line- 
of-sight distance from the transmitter to the horizon. 
This curvature of the rays by the atmosphere is 
called refraction. 



For the purpose of calculating wave propagation, 
only relative curvature of the earth and the rays is 
qI interest. Compensation is made for the effects 
of refraction hy replacing the actual earth witii a i 
radius a by an equivalent earth with a radius ha 


and replacing the actual atmosphere (in which the 
mdex of refraction n decreases with height) by a 
homogeneous atmosphere (constant n) in which the 
rays are straight lines. Since 1 /a is the curvature 
of the earth and 1 /p the curvature of the rays, we 
may set their difference equal to 1 /ka, the curvature 
of the equivalent earth. Thus 

1 - 2 J- 

a p ka 

and (4) 

k « 1 ^ 1 

”l-(a/p) + 

Since p — k » 4 / 3 ^ and ka, the radius of the 
equivalent earth, equals 8.49 X 10* meters. See 
Figures 4 and 6 in Chapter 4. 


Propagation in Nonstandard 
Atmospheres 

Though this subject is beyond the scope of this 
volume it is desirable to present a brief discussion 
of the salient features. 

Not infrequently the lower atmosphere is stratified 
in horizontal layers in which the variations with 
height of the temperature and moisture content 
are nonstandard. Of particular interest is a sharp 
rise in temperature with increasing height (tempera- 
ture inversion), or a sharp decrease in water vapor 
content, or a combination of the two. If these variar 
tions from the standard distribution are sufficiently 
great, horizontal radio ducts may be formed in the 
atmosphere. In this event an appreciable fraction 
of the wave energy (only that fraction moving in the 
nearly horizontal direction) may be constrained to 
propagate along the duct to distances far beyond 
the horizon and the field strength may be large 
compared with that obtainable under standard 
conditions. This phenomenon produces a marked 
bending of the wave paths or rays and is known as 
super-refraction. To take fullest advantage of this 
phenomenon the antennas should be located in the 
duct. 

Ducts are of various types; 

1 . Overland, These are surface ducts formed at 
night by the radiation cooling of the earth. 

2. Oversea, In the trade-wind belt there appears 
to be a continuous duct of the order of 50 ft thick 
starting at sea level. 

3. Land to eea. Warm dry air flowing from land 
out over cooler water often yields surface ducts 
100 or more feet thick. 

4. Elevated, Caused by subsidence of large air 
masses, these ducts may be found at elevations of 
perhaps 1,000 to 5,000 ft and may vary in thickness 
from a few feet to 1,000 ft. They are common in 
Southern California and certain areas in the Pacific. 
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Depending upon the*8trength and the thickness 

tile duct^ there is a limiting frequency below 
which the duct cannot trap the wave energy. 
Thou£^ trapping does at times occur at 200 mC| 
it is more likely to occur at the higher frequencies 
such as 3,000 me. 

Ability to calculate performance under standard 
conditions is necessary if performance under non- 
standard conditions is to be evaluated. 

Radio Gain 

The basic problem to be solved is that of com- 
puting the radiq gain of a transmitting-receiving 
system. 

The radio gain of a transmitting-receiving S3rstem 
is defined as the ratio of received power delivered 
to a load matched to the receiving antenna, to 
poTOr Pi, supplied to the transmitting antenna, with 
both antennas adjusted for maximum power transfer 
Thus 

p 

Radio gain * (5) 

Pi 

which is equal, in the decibel scale, to 

p 

10 logio ~ *» radio gain in decibels (6) 

Pi 

The attenuation is the reciprocal of the gain. Since 
Pf/Pi < 1, the gain in decibels is necessarily a nega- 
tive quantity. The attenuation in decibels is a 
positive quantity equal in magnitude to the gain in 
decibels. 

The radio gain can be taken a^ the product of 
physically significant factors. Among these are the 
gains (7i and (7i of the transmitting and receiving 
antennas respectively; and A* which accounts for all 
other influences modifying the transmission of power. 
A is called the gain factor. 

Radio gain * § * GiG%AK (7a) 
Pi 

The radar problem involves double transmission 
over the path as well as the reradiating properties of 
the target, 16r^/9Xl 

Radar gab - , (7b) 


where a is the radar cross section of the target and X 
is the wavelength. 

The gain factor, A, may also be split into two 
factors, so that 

A - AoA^. (8) 

Here Ao is the fi'ee-space gain factor for doublet 
antennas (see next section and pp 338» 339 >379) 
adjusted for maximum power transfer. A© « 3X/8ird 
where d is the distance between doublets. Ap is the 
path gain factor which includes all additional influ- 
ences modifying the transmission of power. 

These factors may also be related to the field 
strength, P, at any point in space by 


Eo^RfxAp 

(9) 

E 

A’oVG, ' 

(10) 


Here P© is the free-space field at a point in space 
set up by a doublet transmitter and P©V(7i is the 
free-space field of a transmitter with antenna 
gain Gi. 

The primary function of this book is to show how 
the factors A and Ap may be calculated, taking into 
account all contributory influences which modify 
their magnitudes. 


Radio Gain of Doublet Antennas 
in Free Space 

This is the fundamental and simplest case of 
transmission of radiant energy, against which other 
transmitting combinations may be compared. Two 
doublet antennas (for which the gains, by definition, 
are unity) are set up in free space in a manner which 
insures the maximum transfer of power to the re- 
ceiver circuit, i.e., the doublets are parallel to each 
other, have a common equatorial plane, and the 
receiver circuit impedance is matched to that of the 
receiving antenna (see Figure 3). Then for free 
space, 

Free-space gain « ^ » A©* ** 
and the free-space field strength at distance d from 



Fiouaaa. Doublst aateopas k space. 
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the transmitter is 

Eo 


3V6V^ 

d 


( 12 ) 


Pi is tile power radiated by the doublet transmitting 
antenna (seepage 336i 337). 


SURVEY OF PROPAGATION 



Figubb 4. Antenna radiation patterns. 


Outline 

We will first consider those factors which are 
instrumental in modifying the transmission or the 
attenuation that arises from the presence of the 
earth) then give typical curves of both vertical and 
horizontal variation of field strength) and lastly) 
consider the problem of coverage. 

Factors Modifying Transmission 

The important factors which affect the distribli- 
tion of field strength are the following: 

1. Antenna characteristics. For many applications 
the most important feature is the gain which is a 
measure of the directivity 6f the antenna. From a 
value of 1.09 for the half-wave dipolC) the gain may 
increase to several thousand for the highly directive 
parabolic antennas used m the microwave range. 

Antennas with high gains which concentrate the 
radiated energy into beams of small angles require 
less power to produce a detectable signal. This is 
particularly important in radar where the attenua- 
tion of the two-way path is pronounced. 

Qualitative radiation patterns for the doublet 
antenna and an antenna with high directivity are 
illustrated in Figure 4. The radial distance to the 
pattern gives the relative amount ot power per unit 
area radiated in that direction. 

2. Polarization. The wave is smd to be polarized 
horizontally or vertically according to whether the 
electric vector E is parallel to the earth’s surface or 
is in a plane perpendicular thereto. A horizontal 
electric doublet (axis parallel to the earth’s surface) 
radiates horizontally polarized waves, whereas a 
vertical doublet radiates vertically polarized waves. 

Too many factors are involved to make it possible 


to state in general which type of polarization should 
be used in a particular case. 

3. Refraction. As explained m text on page 329, 
refraction in the stand^d atmosphere can be taken 
into account by using an equivalent earth with a 
radius equal to Va that of the actual earth and a 
homogeneous atmosphere in which the rays traverse 
straight line paths. 

4. Reflection. Well above the line of sight (see 
Figure 6) the field at the receiver R is.the vector sum 
of the fields radiated along the paths of the direct 
and reflected rays. The contribution from the 
reflected ray path depends primarily on the manner 
in which the earth (or sea) acts as a reflecting body. 

Upon reflection) the angle of incidence (90*’ ^) 

is equal to the angle of reflection, irrespective of the 
polarization of the wave, but the strength of the 
field in the reflected ray relative to that in the inci- 
dent ray depends upon (a) the grazing angle 
(b) the type of polarization, (c) the reflecting proper- 
ties of the earth or sea, and (d) the divergence factor. 

The incident beam or bundle of rays, in general, is 
partially absorbed by the earth, while the reflected 
portion is reduced in strength and suffers a phase 
shift relative to the incident beam. (In the case of 
sea water with horizontal polarization, the earth 
acts substantially as a perfect reflector, for which 
the reflection is 100 per cent complete and the phase 
shift is 180 degrees for all grazing angles. This is 
true for vertical polarization only at zero grazing 
angle.) 

The divergence factor is introduced to account for 
the fact that an incident bundle of rays striking a 
spherical surface diverges upon reflection and pro- 
duces a further decrease in strength of the reflected 
beam. 

Reflection from hills, trees, and other obstacles 
must frequently be taken into account, particularly 
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bi thb sitmg of very hi^ frequency [VHF] oom- 
mtnueation sets. 

5* Diffradian. The mechanism by which radio 
waves curve around edges and penetrate into the 
dkodow region behind an opaque obstacle is called 
diffraction. The explanation usually given is based 
on Huyghens’ principle. This, in effect, states that 
every elementary area on a wavefront (see P in 
Figure 6) is a center which radiates in all directions 



on the forward side of the wavefront; the intensity 
of radiation is a maximum in the direction per- 
pendicular to the wavefront and depends on angle 
0 according to the function (1 + cos $), The field at 
any point, either inside or outside the shadow zone, is 
obtained by summing the contributions from all the 
elementary areas compiiang the wavefront. 

As A result of these calculations, the field along the 
line AA* in Figure 6 varies approximately as indi- 
cated in the curve. Unity represents the field value 
if the obstacle were removed. It is seen that the 
field strength rises from a minimum at point A to 0.5 
at the edge of the shadow sone and thereafter oscil- 
lates about unity. The field outside the shadow sone, 
therefore, at certain points is stronger and at other 
points is weaker than it would be if there were no 
obstacle. The curve, of course, varies with the 
position of the line AA^ the size and shape of the 
obstacle, the wavelength of the radiation, and the 
type of polarization. The diffraction of radiant 
energy into the shadow zone increases with increas- 
ing wavelength. 

Of prime importance for propagation of radio 
waves is the diffraction of these waves into the 
diffraction region below the line of sight (see Figure 
5). But it should be noted that the influence of 
diffraction is not confined to this region but extends 
well above the line of sight. [In general, the influ- 
ence extends upward far enou^ to affect the shape 
of the lower part of the first lobe in a coverage 
diagram (see F^ures 25 and 26 of Chapter 5). In 
this region the diffraction contributioii must be 
added to the contributions of the direct and reflected 
rays to give the correct value of the field strength 
at in Figure 5.] 


Of importance in communication problems is 
diffraction of waves around obstacles such as hills, 
trees, houses, etc. This is illustrated in Figure 6. 
Again diffraction is important in problems involving 
propagation above two different earth conditions. 
An especially important case is that of a radar set 
well inland and searching far out over the sea. Here 
the shore line is treated as a diffracting edge for the 
radiation from the image antenna. 

6. Absorption apd scattering. No account is taken 
in this book of the absorption and scattering of radio 
waves by the various constituents of the atmos- 
phere. Oxygen, water vapor, water droplets, and 
rain all contribute to absorption. Their influence, 
however, is important only in the microwave range 
and in general tends to increase with frequency. 

General Nature 
of the Radiation Field 

In the last section » reference was made to the 
role of reflection by the earth. The resultant of the 
direct and indirect rays at points in the region above 
the line of sight gives rise to the lobes of an inteiv 
ference pattern (see Figures 9 to 12). The maximum 
number of lobes is the largest integral number of 
times that the quarter wavelength is contained in the 
transmitter height. 

In the case of horizontal polarization over a 
smooth surface, e.g., a calm sea, the reflected and 
direct rays are comparable in strength, so that at 
certain points (on lines for which the points corre- 
spond to a path difference of a half wavelength) 
where the reinforcement is a maximum, the field 
may be as much as twice the free-space field. More 
exactly, the free-space field is multiplied at points of 
maxima by (1 -f FD), where D is the value of the 
divergence factor for the point and F gives the rela- 
tive strength of the reflected and direct rays attribut- 
able to the antenna beam pattern. At points of 
minima (the nulls) the field is (1 — FD) times the 
free-space field. 

In general the magnitude of the reflected wave is 
reduced both by the increased divergence resulting 
from reflection from the convex surface of the earth 
but also because the electrical properties of the 
earth are such that only part of the incident energy 
is reflected. The magnitude of the reflection coeffi- 
cient is then pD instead of the D used in the preced- 
ing paragraph, where p is the magnitude of the 
reflection coefficient for plane waves impinging on 
a plane surface. The field strength, then, lies be- 
tween (1 + pFD) and (1 — pFD), As a result of 
the smaller value of pFD for vertical polarization 
the maxima of the interference pattern are reduced 
and the nulls strengthened. 

At low faeii^ts (see Figure 3 of Chapter 5) the 
effect of diffriuitiem is important, so that when refer- 
ence is made to the optical interference iegion> it 
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diould be undentood that the portion of the optical 
region near earth is not included. It must be 
considered instead as part of the diffraction region. 

The diffraction region, accordingly, designates a 
layer in the optical region as well as the region below 
the line of sight (see Figure 3 in Chapter 5). Below 
the line of sight the held falls off exponentially. 
Within the diffraction region, fields are strengthened 
by ralsmg the receiver or transmitter antennas. 

Typical Radio Gain Curves 

Three types of graphical representation of radio 
gain in a vertical plane through the transmitter 
antenna are possible, namely, (1) at a specified 
distance, radio gain against height; (2) at a specified 
height, radio gain against distance; and (3) a set of 
contour lines representing constant radio gain. 

In Figure 7, curves of type (1) are exhibited for 
various frequencies. The transmission is over sea 
water with horizontally polarized waves. It may be 
observed that the higher the frequency the lower the 
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Figubb 8 . Radio gain vs receiver height for vertical 
polarisation. 

first maximum and the narrou'er the lobe. Figure 8 
gives similar information for vertically polarized 
waves. Note that the minima are not so deep with 
vertical polarization. Curves of t 3 rpe (2) exhibit 
similar characteristics (see Figure 6 of Chapter 5). 

In Figures 9 to 12^, vertical coverage diagrams of 
type (3) are given. These illustrate the effects of 
frequency, polarization, and transmitter height. 

A comparison of Figures 9 and 10 shows the effect 
of frequency. As the frequency increases, the lobes 
become more numerous, narrower, and lower. 
Another effect is exhibited along the surface. For 
the higher frequency the corresponding decibel lines 
come in closer to the transmitter. This illustrates the 
fact that for the higher frequency the shadow effect 
is more pronounced along the surface of the earth. 

A comparison of Figures 10 and 11 shows that 
for horizontal polarization the nulls are deeper but 
the lobes extend out farther. Along the line of sight. 


FmuBB 7. Radio gain V6 receiver height for horiiontal * Figurei 7 to 12 have been adapted from Radiation Lab> 

polarisation. oratory Report 06. 
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Vertical polarisation gives the higher field strength, greater the frequency the less difference in the 
while well within the diffraction region the field diffraction region between the two polarizations, 
strength is about the same. The last observation A comparison of Figures 9 and 12 shows the effect 
holds for all frequencies greater than 300 me, the of the height of the transmitting antenna. As the 



Figure 10. Contours of constant radio gain factor for horizontal polarization on 3000 me over sea water. 



Fiquiib ll. Contours of constant radio gain factor for vertical polarization on 3000 me over sea water. 



Fioubb 12. Contours of constant radio gain laottn* for horisemtai polarisation on 100 me om sea water. 
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antenna height is increased, the lobes are narrower 
and depressed toward the horizon. The range is 
improved. However, there are broad nulls for the 
higher antenna in which detection will fail. Below 
the horizon, the corresponding decibel contours are 
pushed to the right so that point-to-point com- 
munication is improved. It should be observed that 
the effect of height upon the lobe structure is similar 
to that of frequency. 

Which contour actually represents the limit of 
detection for a given radar depends on the power 
output of the transmitter, the minimum power 
detectable by the receiver, the antenna gains, and 
the radar cross section of the target. For com- 
munication sets, the same quantities, except the 
target cross section, apply. 

UNITS AND FREQUENCY RANGES 
Units 

In this book the units used are those of the mks 
rationalized system, in which distances are ex- 
pressed in meters, masses in kilograms, and time in 
seconds; and the formulas have been rationalized 
so that the factor 4ir appears in equations involving 
point sources, 2w in equations involving line sources, 
and is generally absent froiH equations for uniform 
or unidirectional fields. 

The Coulomb formula, for illustration, for point 
sources in classical electrostatic units, 

(13) 

er 

with / in dynes, qi and in statcoulombs, r in centi- 
meters and € referred to unity in free space, is 
transformed to 


with mi and nh in unit poles in the electromagnetic 
system and /i equal to the permeability, transforms to 


mims 
4flrAio/ifr* * 


(16) 


where mi and mt are now given in webers, Mr the 
permeability relative to that of free space mo- 
In the mks rationalized system, the free-space 
values of co and mo must carry the burden of the 
change of units and the inclusion of 4ir, and thus 
take on the values 


€0 


8.864 . 10'*® S — 
36*- 


10"® farads per meter, (17) 


Mo « 4ir- 10'^ = 1.257 • 10"® henries per meter. (18) 


With these values, c, the velocity of light in free 
space, is equal to 


1 

^ ooMo 


2.998 • 10® S 3 • 10® meters per second 

(19) 


and the impedance of free space is 


« 376.7 ohms. (20) 

^ *0 

This system of units has been chosen because it is 
unified, free from numerical factors required in 
equations using arbitrary choices of units, and has 
been adopted by the International Electrotechnical 
Commission. Since the various Armed Services 
use differing sets of units for their operational 
instructions, it would have been impossible to choose 
any one that would have been satisfactory to all; 
hence the choice of using the only system which is 
generally recognized and scientifically sound. 


Symbols for Frequency Ranges 

The following symbolism has been adopted for 
various ranges of frequency. 


Mt 

4ir€oM^ * 


(14) 


Here force / is pven in newtons (1 newton * 1(F 
dynes), qi and qt in coulombs, r in meters, Cr is the 
dielectric constant relative to that of free space <o. 
Similarly, the Coulomb formula for magnetic poles, 


/ 


mimt . 

Mr* 


(15) 


Table* 2. Symbols for frequency ranges. 


Symbol 

Frequency 

name 

Frequency 

mo 

Wavelength 

meters 

LF 

IX)W 

0.03^.3 

10,000-1,000 

MF 

Medium 

0.3-^ 

1,000-100 

HF 

High 

3-30 

100-10 short waves 

VHF 

Very high 

30-300 

10-1 \ ultra<siiort 

UHF 

Ultra-high 

300-3,000 

1-0.1 / waves 

SHF 

Super-high 

>3,000 

<.l microwaves 



Chapter 2 

FUNDAMENTAL RELATIONS 


THE ELECTRIC DOUBLET 
IN FREE SPACE 

Radiation of an Electric Doublet 

I T 18 CONVENIENT to present the baeic relation- 
ships of radiation and reception by antennas in 
their simplest form, that of the radiation and recep- 
tion of electric doublets in free space. The resulting 
formulas will later be generalized to include other 
types of antennas and their positions relative to the 
earth. 

An electric doublet is a rectilinear antenna, which 
is symmetrical about the point or points of connec- 
tion thereto and is so short that its directive proper- 
ties are independent of its length. The held of such 
an antenna does not depend on the distribution of 
current along the wire, because the wire is so short 



FfOURE 1. Polar coordinate system. 


that there is no phase difference between waves 
reaching a point in space from different portions of 
the wire. In symbols, I « X where 1 is the length 
of the antenna and X is the wavelength of the radia- 
tion. 

To facilitate the analysis of the field of the doublet 
antenna, the sphericid polar coordinate system 
shown in Figure 1 is introduced. The upper half 
of the doublet is shown in the figure. The distance 
from the center of the antenna to a point in space 
is here denoted by r. Elsewhere in this volume 
this quantity is written d. 

Let dt be an infinitesimal portion of I, the length of 
the doublet, and let the current in this portion be 
the real pait of Let dEf, dE$, dE^ and dHt, 

dH$, dH^ be the components of the electric and 
magnetic field strengths at any point P(r, due 
to the current in dl. A straii^tforward solution of 
the fundamental equations of dectromagnetic tiieoiy 


gives the following values for these components, 
valid at distances large compared with the length of 
the doublet: 

dJE, - eojf— - 

Lr® 2irr* J 

volte per meter, 

dE, - 00*-7 + 

LXr 2iri^ 4»Vj 

volts per meter, (1) 

dE^ - 0, dHr - 0, dH, - 0, 

dH^ « Ifi. + _L1 disintf 

2 LXr 2 »t*J amperes per meter, 

w^here 

c = velocity of light »» 3 X 10® meters per second 
j - 

and all distances are measured in meters. Electric 
field strengths are in volts per meter and magnetic 
field strengths are in amperes per meter. Unless 
otherwise explicitly staled, the mks rationalized 
units are used throughout this volume. 

Equation (1) can be simplified at once. Since the 
time variation of the field is assumed sinusoidal, 
^( 2 irc*A) ^ omitted. The term gives the 

phase, and it too can be omitted when only the 
amplitude is required. From here on, unless other- 
wise stated, it is understood that root-mean-square 
(rms) values will be used for dEr, dE#, dH^, and /. 

The* field in the neighborhood of the doublet is 
called the induction field and is given by the terms 
in equation (1) which include the highest powers of 
r in the denominators. This field is important when 
mutual effects between closely spaced anteimas, or 
antennas and reflectors or directors, are involved. 

The radiation field, of greater interest for most of 
the purposes of this volume and the only important 
field at large distances (r»X), is given by the 
terms in equation (1) contmning Thus the 
radiation field for the element dl of the doublet may 
be written: 

dEf volts per meter, 

Xr (2) 

IdlmnB _ dE$ 

* iiOir meter. 

The other components are relatively ne^igible 
except near the antenna or near ground for low 
antennas. The electric field dE§ is perpmidioular 
to the radius vector r and fies in the f,f ^ane, and 
ibe magnetio fieM dH^ is perpendicular to r and to 
dE#. It will be noted that B/H « 120ir ^ 876.7 


886 
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ohms. This is the impedance of free space in the 
mks rationalised system of units, the ohms of the 
electrical engineer. 

Equation (2) describes the radiation field of a 
differential element of the doublet. To get the 
radiation field of the whole doublet, these equations 
must be integrated over the length L This gives 
ri /2 

60irsin9 / Idl 

E$ « volts per meter, (3) 

Xr 

« E«/120ir amperes per meter. 

Equation (3) may be written in exactly the form 
of equation (2) by introducing the effective lengthy L, 
of an antenna, which is defined as the length that a 
straight wire carrying current Constant over its 
length would have if it produced the same field as 
the antenna in question. Calling the current meas- 
ured at the input point /<, 


ri/2 

/ Idl 

I, tm — meters. 


(4) 


and hence 


E. 


GOrliL sin 6 
Xr 


volts per meter, 


amperes per meter, 


(5) 


so that equations (5) are the same as equations (2) 

with liL replacing J Idl For a short dipole or 

doublet the current varies linearly from at the 
midpoint to sero at each end so that from equation (4) 
L » 1/2 for a doublet. 

The power per unit area, W (that is, the power 
flowing through a unit area normal to the direction 
of propagation), is represented by Poynting^s 
vector and is given by the product E^H^ times the 
sine of the angle between E# and This angle is 
90 degrees. Consequently, 


W 


W 


EH 


watts per square meter, 
watts per square meter, 


( 6 ) 


E •• Vl20irlF volts per meter. 


To find P, the power output of the doublet, W is 
integrated over a large sphere concentric with the 
source. Using equations (5), 

P “TT* watts 
45 

and _ _ 

d ' 

where d is written in place of r. The subscripts F and 
^ have been dropp^ at this point because tilie 
S and H referred to in equarions (7) are the fields 
in the equatorial {dane, where rin F « 1. 


As the antenna is part of a circuit, it is often con« 
venient to think of the radiated power as bring 
dissipated in a fictitious resistance called the radich 
turn reeislance^ defined by 


Rf ■■ 


P 

1 } 


ohms. 


( 8 ) 


where P is the radiated power and U the rms input 
current. For the doublet. 


Rf « 80ir* 



ohms. 


(9) 


where L is the effective length given by equation (4). 


Reception by an Electric Doublet 


When an electromagnetic wave fails upon an 
antenna, a current is induced in the antenna and 
power is abstracted from the wave. If the antenna 
is connected to a load, the power abstracted is 
dissipated in two ways: (1) by absorption in the 
load (reception), and (2) by reradiation from the 
antenna (scattering). 

In this classification, the power dissipated by the 
antenna itself (due to its ohmic resistance) is ignored 
because this loss is likely to be negligible compared 
with the power dissipated through reradiation. 
Hereafter, po\ver absorbed by the load will be called 
received power and power reradiated by the antenna 
will be called scaUered power. The sum of these is 
equal to the power abstracted from the wave. 

The calculation of the received and scattered 
power may be carried out by means of the equivalent 
circuit of Figure 2. In this figure, is the impedance 



Fiourb 2. Equivalent circuit of antenna and load. 


of the doublet and Zi is the impedance of the load, 
that is, the impedance connected across the terminals 
of the antenna when it is acting as a receiver. V is 
the voltage generated in the antenna. 

The load is supposed to be tuned, which means that 
the reactance part of Z| is set equal and opposite 
to the reactance part of so that Z« + Zj » 

+ Ri, that is, the total impedance is simply the 
sum of the resistance parts of the impedances of the 
antenna and the load. Hence 


Im 


( 10 ) 


Eg| + 

I the current. But Pf ^ RiP is the power alh 
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•orbed by the load and hence is equal to 
P - 

' (Ha +«,)•' 


( 11 ) 


where P, is called the received power. In the same 
way 


P.~-I^ 
(B. + B.)* 


( 12 ) 


is the power scattered by the doublet. 

It is easy to show that the maximum power is 
delivered to the load if Ra ^ Ei. In this, the matched 
load case, 


Pr 




JP 

4Ra 


IL 

422/ 


(13) 


Now the resistance of the doublet, neglecting its 
low ohmic resistance, is only the radiation resistance 
[equation (9)] and the potential or voltage across 
the terminals is equal to BoL, where Bo is the field 
strength of the incident plane wave and L is the 
effective length of the doublet. Inserting these 
quantities into equation (13), 


Pr»P, 


Bq^ . 3X* 
120ir ' Sir * 


(14) 


In these equations it has been assumed that the line 
of the doublet has been oriented parallel to the 
electric vector of the incident wave in order to obtain 
maximum power absorption. 

The factor ^oVl20r will be recognised from 
equation (6) as the power per unit area of the inci- 
dent wave. The formula thus says that all the power 
crossing an area SXVSs* is received, and that ill the 
power crossing an equal area is scattered. The 
area 3XV8r is therefore called the absorption cross 
section or scattering cross section of the matched 
doublet. Since the antenna has been placed parallel 
to the polarization of the incident wave, this is the 


maximum absorption cross section. Moreover, this 
formula holds only when the doublet has been 
matched to its load, and consequently 3XV8ir is the 
maximum absorption cross section. 

It will be noted, however, that 3XV8ir is not the 
maximum scattering cross section. This maximum 
is achieved by shorting out the load, that is, setting 
Bi « 0. In this case, 


and 


Eo^ . 3X* 
120ir ’ 2ir ’ 


( 15 ) 


Hence the scattering cross section of the shorted 
(dummy) doublet is four times the scattering cross 
section of the matched load doublet. 


Transmission between Doublets 
in Free Space 


Assume that two doublets, one to function as a 
transmitter and the other as a receiver, a distance 
d » X apart, are adjusted for maximum power 
transfer. This means that the axes of the doublets 
are parallel and lie in their common equatorial plane 
and that each is matched to its connected circuit. 
Then the power radiated by the transmitting doublet, 
from equation (7), is equal to 

Pi - watts, (16) 

45 


and from equation (14) the power delivered to the 
load circuit of the receiving doublet is given by 


Pi 


120t 


Sit 


watts. 


(17) 


Hence the ratio of the received power (to the load 
circuit) to the output power for maximum power 
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transfer is 



The ratio P%/Pi * (as used here) is called the 
freenipaoe radio gain for matched doublets or for 
diort the /ree-spoce gai% since all objects, including 
the earth, are supposed remote from both doublets. 
This freenspaoe gain, Ao - 3X/8ird. On the decibel 
scale, it takes the form 

10 logio ^ « 20 log Ao 
Pi 

« — 18.46 — 20 logio — decibels. (19) 
X 

The nomogram. Figure 3, gives a convenient 
means of calculating the radio gain for doublets 
adjusted for maximiun power transfer. 


POWER TRANSMISSION. RECIPROCITY 

Radio Gain 


Preceding formulas (16- 19) apply to doublets in 
free space. This section considers the modifications 
that must be made in the formulas when the re- 
striction of free space is removed. In actual trans- 
mission problems, ground reflection, reflection from 
elevated layers of the atmosphere, diffraction by 
earth curvature and by obstacles, and refraction by 
the atmosphere must be considered. In Chapters 5, 
6, and 7 special forms of gain are discussed and 
separate gain factors are introduced to take care of 
each effect. For the present a factor that will be 
called the path-gain factor, Ap, representing the 
product of all these special factors will be used. 
A^ is defined by 

E « Jg^oA^, (20) 


where E is the absolute value of the actual field 
strength and Eo is the absolute value of the free- 
space field strength that would exist at the same 
distance d from the doublet transmitter in free space. 

Replacing Eo with EoA^, equation (17) for the 
received power, becomes 

p _ . §i* (21) 

120» 8t ^ ' 


while the power output as given by equation (16) 
remains unchanged, so that 

replaces equation (18) as the ratio of received 
power to output power for maximum power transfer 
between doublets. The quantity defined by (22) 
is the frefHQ>ao6 gain and A is the gain factor. 
The gener^ relation between the input volt age at 

the teodver and the received power is Vi >• VjPiRi, 
where JBt is the remstance of the receiver load circuit 
(which is equal to the radiation resistance for maxi- 


mum power transfer) and Vt is the input voltage. 
Hence, using equation (14), 

V, - 0.0178£:oXVfit volts (23) 


1 

8tV5 


JJoXV/?, 


2 


Antenna Gain. Polarization 

Theequations given before (1-19) may be further 
generalized to apply to any type of antenna through 
the introduction of a quantity called the antenna 
gain. The term gain, as applied to an antenna, is a 
measure of the efficiency of the antenna as a radiator 
or receiver as compared with that of a doublet 
antenna, with all antennas located in free space. 

Quantitatively, the gain, Gi, of a directive trans- 
mitting antenna is the ratio of the power Pi radiated 
by a doublet antenna to the power Px radiated by the 
antenna in question to give the same response in a 
distant receiver, with both transmitting antennas 
adjusted for maximum transfer of power. Hence 

(7, - (24) 

Pi 

The gain Gj of a directive receiving antenna is the 
ratio of the power Pi" radiated by a transmitting 
antenna, which produces a certain response in the 
matched load circuit of a distant doublet receiving 
antenna, to the power Pi radiated by the same 
transmitting antenna to produce the same response 
in the matched load circuit of the receiving antenna 
in question, with both receiving antennas adjusted 
for maximum transfer of power. Hence 

Pi" 

G, (25) 

Pi 

From the definitions given above it follows that 
for a transmitting and receiving antenna combina- 
tion in free space, with gains Gi and Gs and adjusted 
for maximum power transfer, the power ratio is 
equal to 

§ - Gjftfey - ( 26 ) 

Pi \8ird/ 

where Pi, Gi are the power output and gain of the 
transmitter and P% is the power delivered to the 
matched load of a receiving antenna of gain G%, 

If the antennas are not in free space, equation (26) 
becomes 

where A is the gain factor and Ap is the path-gain 
factor. Note that for hiid^y directive antennas Ap 
may depend upon the directivity characteristic <k 
the antennas, e.g. when the antenna discriminates 
^ between the direct and reflected waves. 

Since power is proportional to the square of field 
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strength, equation (20), for any transmitting an- 
tenna, becomes 

E » Eo^GlAp- (28) 

In defining gain, the electric doublet is selected 
here as the comparison antenna in place of the iso- 
tropic radiator (that is, a hypothetical antenna 
which radiates equally in all directions) which is 
sometimes used in the literature. Since the gain of 
an isotropic radiator relative to a doublet is the 
gain of any antenna referred to an isotropic radiator 
is 3 2 the value referred to a doublet antenna. 

G^(iaoCro|>io) » 1.5(7(<l<Miblet}. (29) 

The chief objections to the isotropic radiator are 
that it does not occur in practice and cannot be 
produced experimentally, even approximately. 

In experimentally measuring the gain of an an- 
tenna, a half-wave dipole is often used as a reference 
antenna. While the gain of a half-wave dipole rela- 
tive to a doublet is approximately unity, being 1.09 
for a very thin dipole, it depends somewhat on its 
actual dimensions so that it is better to express the 
experimental gain in terms of the doublet antenna 
even though a longer antenna is used as a reference 
antenna in making the measurements. 

When antennas are oriented so that the directions 
of polarization make an angle y with each other 
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FfouRK 4. Relation of antenna axes and wave polariza- 
tion. 

(while the maxima of their angular patterns still 
pc^t toward each other), the formulas for power 
transfer, equations (18), ^), and (27), are multi- 
plied by a factor cos* y (see Rgure 4). 

The Reciprocity Principle 

So far in this chapter the radiation and reception 
of power by antennas have been treated separately. 

^ Actually, many of the properties of an antenna are 
the same for either reception or radiation; in partic- 
ular, the current distribution, the effective length, 
and the gam are unchanged. The reciprocity prin- 
ciple, from which these propositions may be proved, 
may be stated as follows: If an electromotive force 
V, inserted in antenna 1 at a point Xu causes a cur- 
rent 7 to flow at a point x% in antenna 2, then the 
voltage V applied at x% will produce the same cur- 
rent 7 at xi, 

BVom this principle the statement of the equiva- 
lence of oufrent distribution, effective length, and 
gain follow readily. 

Hus theorem does not hold when the propagation 
of a wave takes place in an imiiied me^um in the 


presence of a magnetic field (the ionosphere), but it 
does hold for all cases of transmission discussed in 
this volume. 


RECEIVER SENSITIVITY 

The sensitivity of a radio receiver is that charac- 
teristic which detemiines the minimum strength of 
signal input capable of causing a desired value of 
signal output. In high-frequency receivers the 
limiting factor for reception is usually set noise, 
that is, noise produced in the tubes or other ele- 
ments, such as crystals, of the receiver itself. At 
frequencies below about 100 me, atmospheric dis- 
turbances sometimes exceed the set noise in intensity, 
but at higher frequencies atmospheric static is 
negligible. Man-made noise (automobiles, etc.) 
may be a source of serious trouble, but such inter- 
ference can often be eliminated by proper siting. 
Consequently, for high-frequency receivers, sensi- 
tivity may be expressed, at least approximately, in 
terms of set noise only. 

Although set noise has an important bearing on 
sensitivity of radar receivers, there are other factors 
which must be considered for this type of equipment. 

There are several types of set noise. Though all 
noise sources in a well-designed receiver are mini- 
mized with the exception of the thermal noise whose 
magnitude is independent of equipment construction, 
the total set noise is usually several times the purely 
thermal noise. 


Thermal Noise 

Thermal noise is generated by the random 
(temperature) motion of electrons in a conductor; 
it is, therefore, a universal property of matter and 
independent of the design features of the receiver. 
The rms thermal-noise voltage that appears across 
the terminals of any circuit element is a fimction of 
the frequency interval (receiver bandwidth) over 
which the noise is averaged; it is given by 

r. - ^AkTAf.H, (30) 

where R is the resistance across which the ndse 
voltage is iiaeasured, A/ the bandwidth in cycles 
per second, T the absolute temperature, and k, 
the Boltzmann constant, is equal to 1.38 X KT^ 
watt-.second per degree. The noise voltage is inde- 
pendent of tlae reactance compements in the circuit. 

Conrider now, for the purpose of de&iition, a 
receiver ¥dthout internal noise, that is, let all the 
ndee be generated in the receiving antenna of re- 
sistance If Bi designates tiie load redstanoe 
(that is, the mistsDiee of the receiver exclusive of itc 
antenna), the average noise power delivered to the 
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(31) 


where ie the rnut value of the noise generated in 
the antenna. 

The noise power is maximum when the receiver is 
matched to its input; this maximum is 

Pn « kTAf watts (32) 

4Ra 

by equation (30). Assuming equivalent temperature 
T 290 degrees absolute, and measuring Af in 
megacycles, 

- 4 X IQT^^Af watt. (33) 

This result means that in an idealized receiver, 
noise is the thermal noise of an antenna of equivalent 
temperature T 290 degrees absolute, and the 
minimum detectable signal would be approximately 
equal to 4 X IQT^^Af watt. 


Noise Figure 


Receiver Sensitivity 

Frequently receiver sensitivity is defined by the 
assumption that a received signal can be discrim-* 
inated when its output power is equal to the noise 
output power. This assumption, while true for a 
large class of receivers, is too rough for radar re- 
ceivers. The method given here will explain the 
procedure used for calculating the minimum dis- 
cernible power of receivers for which the assumption 
is true. The sensitivity of radar receivers is con- 
sidered on page 342 . 

Referring to equation (34), the assumption that 
signal output power is equal to noise output power 
means that Pm- Hence 

(36) 

But Pgi is, on the assumption discussed above, just 
the minimum discernible signal power, Padn> at 
the receiver input, that is, before amplification. 
Hence, using equations (32) and (33), 


The sensitivity of a set cannot be described in 
terms of the thermal noise alone, because the set 
noise is usually several times the purely thermal 
noise. For this purpose another quantity called the 
noise figure is used. The noise figure of a ^tem 
(taken here to be a receiver, for definiteness) is 
defined as 


Fn 


Pn./Pni 

P.JPh 


(34) 


where Pm noise power (kTAf) from the antenna 
which is being delivered to the receiver. 

Pn 0 * noise power at the output of the re- 
ceiver, that is, the noise after the 
amplifications and additions arising in 
the receiver circuit. 

Pti -• signal power from the antenna which is 
being delivered to the receiver. 

Pm * signal power at the output of the 
receiver, that is, the signal power after 
detection and amplification have taken 
place. 

The ratio Pm/Pw is called the receiver gain. This 
quantity is cidled g and must not be confused with 
antenna gain G. Using equation (32), equation (34) 
may be written 


« Pno 1 


( 86 ) 


The bandwidth Aj is measured by finding the area 
mider a eurve of power^idn versus frequency and 
equating this area to the area of a reotani^ whose 
widih is interpreted as Af and whose height corre- 
qKmds to the gain at the frequency at which the 
gain is a maaoinuia. 


Pmin - kTAf . F. S 4 X 10‘^*A/ . F, watt. (37) 


A^eaaurement of the Noise Figure 


Remembering that the cases under discussion arei 
those for which the minimum discernible signal is 
equal to the noise output power, equation (37) gives 
an estimate of the minimum detectable power from 
a measurement of the noise figure F« which may be 
obtained as follows. 

An antenna (or other signal generator) whose 
impedance is matched to the receiver is connected 
to the receiver. With the signal output reduced to 
zero (so that the antenna furnishes only noise power 
to the receiver), the receiver gain is increased until 
the noise gives a measurable output and the output 
noise power is measured with a power meter. Now 
a signal is impressed on the antenna and increased 
to a point where the receiver output power is doubled, 
and the input signal power is measured. Thus, 
referring to equation (34), 


Pm 


Pn$ and F» 


Pny Ph 

Pm kTAf* 


so that the measurement of the impressed signal 
power indicated here gives F„. 

If the receiver consists of several elements in 
cascade, including attenuators, amplifiers, ahd con- 
verters, the overall noise figure can be compounded 
from the noise figures and gains of the individual 
components by means of the following equation: 


F. 


9t 


F^-l 

FiFt 


9 


(38) 
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where F* overall noise figure, 

Fnk ”* noise figure of the A;th element, 

9k ** gcun of the A;th element. 

In using this equation it is understood that the sue* 
oessive stages are matched. 

It is clear from equation (38) that most of tne 
noise comes from the early stages of reception; in 
high-frequency radar sets, it comes from the crystal 
mixer and the first intermediate-frequency (i-f) 
stage. This means of course that noise picked up at 
later stages is much less amplified by the system 
than the noise from the early stages. 

In equipment specifications, the noise figure is 
usually expressed in the decibel scale as decibels 
above thermal noise. Actual noise figures vary from 
a few decibels above thermal noise in the very high- 
frequency [VHF] region (receivers built a few years 
ago often have appreciably higher noise figures) to 
larger values for microwave receivers. 

Sensitivity of Radar Receivers 

It is by no means true for radar receivers that 
Fmto* F*#; as a matter of fact, Pnin»Pm 0 - That 
is, the minimum discernible power considerably 
exceeds the noise level. 

The largest single additional loss in radar recep- 
tion is scanning loss which is related to the rotation 
of the antenna (one or several revolutions per 
minute). As an example, for one particular radar 
which has a bandwidth ^ » 2 me, this loss is from 
10dbtol2db. 

In case the antenna does not rotate, there is no 
scanning loss. This fact would seem to be of limited 
operational importance, since it would usually be 
necessary to locate the target (a plane, for example) 
by scanning. 

Another loss, closely connected with scanning 
loss, is sweejhspeed loss. This loss is due to the fact 
that practical targets, such as airplanes, reflect 
rapidly varying amounts of power to the radar 
receiver, these amounts depending on the precise 
orientation of the target at the moment when the 
radar beam sweeps over it. Consequently, sweep- 
speed loss will depend on the speed of rotation of the 
antenna, on the distance of the target from the 
antenna, and, to some extent, on the beamwidth 
and the nature of the target. The overall figure 
for this loss on the same radar used to illustrate 
scaiming loss is about 4 db for targets 200 miles 
from the radar. 

In addition to these losses, careful experiments 
with the radar used as an example above have 
indicated that there is an operaior loss of about 
4 db for even experienced operator. This might be 
thottiht of as a loss due to the difference between 
laboratory and field conditions. 


Statistical consideration about the extent of noise 
fluctuation and about the fact that a target need 
not be seen on every sweep lead to further small 
losses which total, for the radar under discussion, 
2db. 

Summarizing for the case of the radar of the above 
example, the minimum detectable power is about 
34 db above kTAf or about 8 X 10"“® watt, not 
12 db above kTAf or 8 X 10"^*® watt, as would be 
indicated from the noise level alone. This amounts 
to 22 db or a factor of 166; that is, the actual min- 
imum discernible power is 166 times that calculated 
rom noise alone. It will be seen in the results of 
the next section that the maximum range of a radar 
set varies with the inverse fourth root of the min- 
imum discernible power. Consequently, a calcula- 
tion of the maximum range of the radar of the 
example, which assumed that the minimum dis- 
cernible power was equal to the noise power, would 
give a range too great by a factor of V 166 * 3.59. 
Since this would be a serious error, it shows the 
importance of a very careful consideration of radar 
receiver sensitivity in calculations of this type. 


RADAR CROSS SECTION AND GAIN 
Radar Cross Section 

The total scattering of a target may be described 
by the use of a parameter (having the dimensions 
of an area) called a scattering cross section. This 
concept has already been presented in subject mat- 
ter on page 338, where both scattering and absorp- 
tion cross sections of doublets were discussed. 

It should be noted in passing that the cross sections 
introduced here should not be confused with the 
radar cross section discussed before 

The scattering cross section S is defined by 

s (89) 

Wi 

where is the total power scattered by the target 
irrespective of its angular distribution and Wt is 
the incident power per unit area. 

The scattering cross section S, which gives in- 
formation about the total scattered energy, is not 
directly useful in radar work because in such applicar 
tions one- is interested only in that fraction oi the 
total scattered power which is scattered in the direc- 
tion of the ra^; that is, one wants a parameter 
involving the scattered power per unit area at the 
receiver instead of the total scattered power. If 
the target is an isotropic scatterer. 



where W, is the scattered power peat unit atea at file 
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receiver, d the diRtanoe from the target to the 
receiver, and P, the to^^^l scattered power. This 
gives, using eq\iation (39), 

S = (40) 

as a formula for the scattering cross section of an 
isotropic scatterer which involves scattered power 
per unit area at the receiver Wf instead of total 
scattered power P,. 

For targets other than isotropic scatterers, how- 
ever, this procedure fails since one cannot say that 
Wf ■■ P,/4ird*. Nevertheless, it is useful to define a 
parameter c which is called the radar cross section, by 

(41) 

Wi 

in analogy with equation (40). Here Wr is the actual 
power per unit area at the receiver. From the pre- 
ceding discussion it is apparent that tr may be 
thought of as the scattering cross section which the 
target in question would have if it scattered as much 
energy in all directions as it actually does scatter 
in the direction of the radar receiver. For a target 
scattering isotropically, ^ <S, but for any other 

type of target c does not, in general, equal iS. 

A radar gain formula analogous to the radio gain 
but applicable to two-way transmission can be de^t 
velop^ from equation (41) by replacing Wf and TF, 
with the directly measurable quantities Pi (power 
output) and P% (received power). From equation 
(6), Tf , * j&*/120ir in which E is the field strength 
incident on the target. Substituting this value of E 
into equation (7) gives Wf « 3Pi/8t<P for a doublet 
transmitter in free space. Including the gain of any 
type of transmitting antenna, this takes the foim 


Further, the power received by a doublet with a 
matched load, equation (17), may be written 

P. - ^ w„ (43) 

OlT 

if F*/120ir is replaced by where here E is the 

field at the receiver. If the receiver is not a doublet, 

equation (43) may be replaced by 

p, « ^ Wfit (44) 

OlT 

where Cf is the gain of the receiver. Substituting the 
values for Wi and Wr, given by equations (42) and 
(43), into equation (41) yields 



(4fi) 


ranges. Generalising equation (46) we have 



where Ap is the path gain factor (see page 339 )• 

It may be observed here that some writers call 
crA/, not cr, the radar cross section. These writers 
call their a, for the case Ap « 1 (free space), the free- 
space radar cross section iro. Since, in this volume, 
the complicated terms appearing in Ap are treated 
separately and not as part of the croas section, thi« 
distinction is not made here. 

For some simple targets, cr may he calculated. 
The following are a few of the values. 


Targets 

Condition 

Radar 
oroBS 
section a* 

Conducting sphere, radius a 

a >> \ 

ro* 

Metallic plate, area — ab 

a>> X,6 >> X 

4t<A*/X‘ 

Cylinder, diameter » d, 
length « 1 

Axis of cylinder 
parallel to field 
and d > > X, 

/>> X 

rdfi/X 

Matched load doublet 

Oriented parallel 
to field 

9\*/16r 

Shorted doublet (dummy) 

Oriented parallel 
to field 

»XV4ir 


Objects of tactical interest (ships, airplanes) have 
very complicated radar cross sections. In particular, 
a strong dependence on the aspect of these unsym- 
metrical targets is observed. For ships the situation 
is still further complicated by the variability of the 
incident field over the target area. 

Some writers on the subject of targets use a 
characterislic length L (sometimes also called a 
ecattering coefficient) which is related to c by 

(T » 4tL*. (47) 

Radar Gain 

It is possible to write equations for two-way 
transmission which bear a formal resemblance to 
corresponding equations for one-way transmission by 
introducing a quantity G^, called the gain of the 
target. Gr is the gam of a target in the direction 
of the radar receiver relative to a shorted (dummy) 
doublet. 

By writing formulas connecting the radar gain 
with the power per square meter incident on the 
target and the power per square meter scattered 
back to the receiver, it is possible to establish a 
connection between radar gain and the radar cross 
section defined in the last paragraph, and from this 
to calculate a gain formula involyingGii instead of a. 

Applying equaticms (15) and (6), 



This is the radar gain for two-way transmission in 
free space* Bymeansof it, sipay be measured, or if 
e and P%/Pi are known, it may teused to calculate 


( 48 ) 



m 


PROPAGATION THROUGH THE STANDARD ATMOSPHERE 


for the earn vAten tin tai^ is a shmted doublet. 

h the total scattered power aud Wt is the power 
per square meter inddent on the target. For a 
target with a radar gain Gg it follows that 

P.^Wi^Gg. (49) 

2ir 


In a similar way a formula for Wf, the scattered 
power per unit area at the receiver, can be developed. 
A target which scattered equaUy in all directions 
would scatter an amount 

(50) 

But 

p/ - I OgP„ (61) 

where Pg is the amount scattered by an actual 
target with gain 0^- (The factor 3/2 appears be- 
cause the gain of the target relative to an isotropic 
radiator is (3/2)(7 a.] Hence 

4wdFW, - - OgP,. 

2 

Eliminating P, from equations (49) and (52), 

W, WGg* 

TFi"' 

Putting this value of W,IWi in equation (41), 


which is tile required general formula connecting 


( 62 ) 

(63) 

(64) 


target gain and radar cross section. It will be noted 
that the factor 9XV4r is just the radar cross sectim 
of the shorted doublet. 

Inserting the value of a given by equation (54) 
into equation (45), 

which is the radar gain formula for free space in 
terms of the gain of the target relative to a diunmy 
doublet. 

The reasonableness of the factor 4 in the above 
equation may be made apparent by the following 
analogy. Compare the doublet antenna with a 
generator whose internal resistance corresponds 
to the radiation resistance of the antenna. When the 
generator is shorted all the power is dissipated in 
the internal resistance. When the doublet is shorted 
all the power is reradiated. The maximum power 
that can be extracted from either the generator or 
the antenna occurs when the load resistance equals 
the internal generator, or antenna radiation, re- 
sistance. It is ^ the above short-circuit power. 
This is the 4 that occurs in the above equation. 

Equation (55), in the nonfree-space case, takes the 
form 


where is the path gtun factor defined by equation 

( 20 ). 
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FUNDAMENTALS 

Function of Antennas 

A TRANSMITTING ANTENNA converts the power 
delivered to it into electromagnetic rad^tion 
(neglecting losses); a receiving antenna abstracts 
power from an incident electromagnetic wave and 
delivers to the receiver that part which is not re- 
radiated or lost in the antenna. In the short and 
microwave region the power conversion is effected 
with a very small loss so that for most practical 
purposes the power loss inside the antenna may be 
disregarded. Apparent losses caused by reflection 
owing to mismatch between the antenna and its 
input circuit are of a different nature and are not 
included herein. 

For many purposes it is desirable to concentrate 
the power radiated into a beam of comparatively 
small angle as in this way the field strength in the 
preferred direction is enhanced. The gain of a 
directional antenna is defined by means of a com- 
parison of the pven antenna radiation pattern with 
that of an electric doublet. 

The gain of an antenna is the ratio of power that 
must be supplied to a doublet to the power that must 
be supplied to the antenna considered in order that, 
at a given large distanoei the electric field at the 
maximum of the antenna pattern is equal to the 
field at the same distance in the equatorial plane of 
the doublet. From the reciprocity principle it is 
found that the gain of a receiving antenna is equal 
to the gain of the same antenna used as a transmitter. 
A discussion of antenna gain and reciprocity is given 
m Chapter 2, p-339* 


is called the mwn lobe. Commonly there are a num- 
ber of secondary maxima (side lobes) much smaller 
than the main lobe. The width of the main lobe is 
measured by the angle between half-power points. 
Half-power points are those points in the polar 
diagram of the antenna pattern where the power 
per unit area is equal to one-half that at the maxi- 
mum, the field strength being 1/V2 « Q.707 times 
that at the maximum. This angle is also referred 
to as the beam width. The beam width varies from a 
degree or less for some specialized radar antennas to 
very large angles such as 50 to 60 degrees, depending 
on the design and purpose of the antenna. The 
larger the beam width the smaller the gain. 

It should be noted that an antenna radiation 
pattern may have high directivity with respect to 
one plane going through the antenna and little or 
no directivity in another plane Thus a doublet 
antenna (for definition see textonp.336)is directive 
in a plane which contains the antenna itself but is 
nondirective in the equatorial plane perpendicular 
to the antenna (see Figure 11). 



Fxoubb 1. Antenna radiation patterns. 


Directive Antennas 

Polar plots of antenna radiation patterns are of 
two kin^: either the relative magnitude of the 
Poynting vector (power per unit area) is plotted 
along the radius vector, or the relative magnitude of 
the radiation electric Md strength is plotted in the 
same way. Usually the value of the radius vector at 
the maximum 01 the pattern is taken equal to unity. 
The Pojmting vector plot is obtained from the field 
strength jdot by squaring the radial distances 
(Figure 1). 

If an antenna system is designed so that most of its 
power is concentrated into a comparatively small 
cone, the corresponding part of the radiation pattern 


Antenna Pattern Factors 
in Ground Reflection 

With highly directive antennas the magnitude 
of the direct wave may differ appreciably from that 
of the ground-refiected wave owing to their differ- 
ence in angle of emergence from the antenna (Fig- 
ure 2). This must be taken into account by using the 


Fiotrns 2. Antenna pattern factors. 
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Riiteiiiia pattern factors Fi and Ft in computing the 
intefference pattern above the line of sight. This 
subjeet is dealt with on pages 3S4- R85 . 

Standing-Wave Antennas 

An important class of antennas is that in which 
standing waves of the currents and the voltages are 
aet up. In a transmitting antenna of this type, for 
instance, a progressive or traveling wave is supplied 
from the connected source of power. This is re- 
flected from the end of the antenna and the inter- 
action of the two sets of waves moving in opposite 
directions results in a standing-wave system. 

In this event the current amplitude is sero at the 
ends of the antenna and assumes differing values 
at the other positions on the antenna. The dis- 
tribution of current amplitudes is usually assumed 
to vary sinusoidally with the distance from the end 
of the antenna. This is a good approximation where 
the diameter of the antenna wire is small compared 
with the length, but may be seriously in error for 
ihicMnre antennas. 

The simplest, and one of the most commonly 
used, standing-wave antennas is the half-wave 
dipole antenna, discussedon pag|e4 347- ’34*9 


Resonant Antennas 

Many antennas are operated at or near resonance, 
which means that the reactive component of their 
impedance vanishes or is very small. 

Two types of resonant antenna may be dis- 
tinguished: either (1) the radiating element as a 
whole is resonant, as in the case of the half-wave 
dipole, shortened the right amount; or (2) the an- 
tenna system is made resonant by adding suitable 
reactive components to the radiative elements. To 
illustrate, the center-fed half-wave dipole of exactly 
half-wavelength, assuming sine distribution of cur- 
rent, has an inductive reactance;- it may be made 
resonant by the addition in series of a capacitive 
reactance. This is known as antenna loading and is 
common at the longer wavelengths where half-wave 
dipoles would be too cumbersome. Another example 
is that of a dipole radiator shorter than the half- 
wave dipole and having the form of a metallic tube; 
this is combined with a tunable cavity resonator 
inside the tube that acts as a shunt impedance, the 
whole aystem being tuned to resonance (Figure 3). 


^l£3S THAN RESONANT LENGTH 


7 

TUBE 




INNCR OO 


COAXIAL LINE 


INPUT |*«-METAL SUPPORT 
F^ocaB 8. Aatsnna toned to leeoaaaee by a ekunt 


Although the actual antenna impedance is made 
up m a complicated way of distributed capacitances 
and inductances, the input impedance of the simpler 
types of antennas for a limited frequency band 
containing the resonance frequency is essentially 
that of an ordinary series resonant circuit [the resist- 
ance at resonance being essentially the radiation 
resistance of the antenna (see text below )]. The 
input impedance of certain other anteimas is essen- 
tially that of parallel-resonant circuits with very 
large shunt resistances at resonance (see text on 
p- 347). For illustration, see Figure 6. 


Traveling-Wave Antennas 

In this type of antenna there is no standing-wave 
system set up since the progressive or traveling 
wave of current fed into the antenna is absorbed, 
without reflection, by a terminal resistance placed 
at the end of the antenna, which is equal to the 
characteristic impedance of the antenna regarded 
as a transmission line. Such antennas are necessarily 
nonresonant. 

The traveling-wave antenna radiates most strongly 
in the general direction of the wave motion. The 
major lobe makes an angle a < 90 degrees with this 
direction as indicated in Figure 20. Here we have a 
long-wire antenna with the input at the left and the 
characteristic impedance (resistance) at the right. 

A traveling-wave V antenna uses two of these 
elements (see text on p 353) and a rhombic is com- 
posed of four elements (see text on p 354), \vith the 
elements arranged at angles which produce maximum 
directivity of the combinations. 

Antennas of the nonresonant or traveling-wave 
types are used both for longer and for very short 
waves. (However, there is an intermediate fre- 
quency region extending from about 100 to 3,000 me 
where the half-wave dipole is of such convenient 
size that standing-wave dipoles or dipole arrays are 
most frequently employed.) 

In the microwave band where transmission is 
effected by wave guides it is possible to terminate a 
wave guide with a horn which “matches the imped- 
ance of the wave guide to that of free spaoe“ and 
acts as a directive antenna (seepage 363). A slot 
or a series of slots in the side of a wave guide may 
also act as an antenna at these frequencies. 


Radiation Resiatance 

The radiation resistanoe it, of an antenna ia the 
ratio /*, or the total power radiated in dl direetiona 
to the aquare of the currant at the point of meaaura- 
ment. Tte power may be oomput^ by integrating 
the radial oompment of the iPnynthig vaotcr om a 
Bitoioal anifaee auraounding the anthnna. 
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R, 


if is the effective value of the input current, 

P 

' U' 

The radiation remstance of the doublet antenna is 
stated in equation (0) in Chapter 2 to be 


( 1 ) 


fZ," 80** 




ohms. 


( 2 ) 


In0uence of Near-by 
Conducting Bodies 



END FED 

ALTERNATE CURRENTS 



CENTER FED 
CC-PHASEO bURREITTS 


The impedance of an antenna is affected by the 
presence of conductors in the vicinity and depends 
upon the mutual impedances between the conductors 
and the antenna. The mutual impedance decreases 
with increasing distance so that for conducting 
bodies of comparable size the effect is negligible for 
distances greater than, perhaps, 2 to 3 wavelengths. 

But for conductors set less than a wavelength 
apart, such as an antenna and reflector (or director) 
combination or as antenna arrays, the mutuaJ 
effect plays an important role and modifies the 
input impedance of the antenna. 

For an antenna set near a large conducting body, 
such as a large metallic sheet or the earth, the mutual 
effect is cared for in a different way. If the earth, for 
instance, is assumed plane and perfectly conducting, 
its effect is the same as that of the mirror image 
of the antenna in the groimd. As shown in Figure 4, 

^ ||l ANTENNA 

^ PLANE EARTH 

rrrrr/^T T TTr?/ 7? / r/y ' /rrr/ r / 

H ^ PERFECT CONDUCTOR 

•E |b image 

|l 

VERTICAL HORIZONTAL 

Figure 4. Method of images. 


Figure 5. Distribution of current amplitudes with 
linear antennas. 

at the open end whue tne amount at the input point 
depends on the position of the input connection. For 
thin wires, compared with the length, the distribu- 
tion of amplitudes is approximately sinusoidal. 

Half-Wave Antennas 

Figure 6 illustrates two types of half-wave dipole 
or center-fed antennas and one end-fed antenna, 
together with their lumped-circuit analogues. The 



A 


scHCMATtc ciacuir 



B 



the image of a vertical antenna is a similar antenna 
with current in the 6ame direction, while the current 
is reversed for a horizontal antenna. The radiation 
field at any point above ground is obtained by 
summing the radiation fields of antenna and image. 

STANDING-WAVE ANTENNAS 


LUMPIO-CiRCUir ANAtjOOUS 

d} \ I f 

MRALtEL MnONANCK 

Figure 6. Three methods of exciting half-wave an- 
tennas and their analogues in lumped-constant resonant 
circuits. 


Wn^ONANU 


Linear Antennas 

A linear antenna is a strai^t thin rod supplied 
with alternating current. According to whether the 
connection to the antenna is maH<» at the middle or 
at the end| center-fed and end-fed antennas are 
distinguished. Center-fed linear antennas are also 
oaDed dipole antennas. 

Typical current amiditude distributions are illus^^ 
teaM in Figure 5^ The amplitude is always lero^ 


input current required varies with the position of 
the input point. The voltage distribution in general 
has a maximum at the points of current zero and 
has a minimum where the current is maximum. 

Half-Wave Dipole 

The half-wave dipede, shown in A and B of 
Figure 6 and in Figure 7, is the type most frequently 
used in the 100 to 3)000 me range. In tluB range the 
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bnctb X/2 lies between 1.5 and 0.05 meters. In this 
SBcUon it is assumed that the current distribution 

is 

1. Radviiion field. The radiation field at point P, 
Rgure 7, where d > > X, is obtained by dividing 
the half-wave current distribution into an infinite 


P 



number of infinitesimal doublets^ using equation (2) 
in Chapter 2 and taking into account the differences 
in phase at P introduced by the differences in the 
distances which the radiation from the various 
douUets must travel. The net result, using d in 
place of r, is 


E. 


601, coa [(t/ 2) * cos S)] 
d sin 9 


volts per meter, 


(3) 




11 . 

laor 


amperes per meter. 


(4) 


The normal part of the field, E$ (difference), pre- 
scribes the antenna pattern factor (measured in 
relative field strength) and is plotted in Figure 11. 
The corresponding pattern for a doublet la 
which is a circle in polar coordinates. These patterns 
are circularly symmetric about the antenna axis. 
Squaring the radial lengths in the above patterns 
gives the pattern in terms of relative power per unit 
area in the same angular direcUon. 

The radial component of radiated power per square 
meter (Poynting’s vector) is given by 



watts per square meter. 
In the equatmial plane, 



( 5 ) 


( 6 ) 


2. Gain of half-wave dipole. The gain of the dipole 
relative to a doublet is the ratio of the power supplied 
to the doublet to the power supplied to the dipole to 
produce the same field strength at the s ame distanow 


in the direction of maximum radiation (here the 
equatorial plane, ^ » 90 degrees). ^ 

For equal maximum fields, comparing equations 
(3) in Chapter 2 and (6) in this chapter, 

Jldlmh,. (7) 


The power per unit area for the doublet, using 
equation (3), in Chapter 2, is 


^ 4oubl«( 


E* ^ 307/ sm* e 

I20ir " T(P ' 


( 8 ) 


and for the dipole the power per unit area is given 
by equation (5). 

The dipole gain is then 


G> 


/ 

7 




W^dlpole dA 


Power radiated by doublet 
Power radiated by dipole 


where the integration is carried out over spheres 
surrounding the antennas. Carrying out this opera- 
tion, 

^7dipoie “ 1.09 (or0.4db). (9) 


3. Radiation Resistance. The radiation resistance 
of the half-wave dipole is 

R,- j-f Wi^dA = 73.1 ohms. (lO) 
i, J 

4. Impedance of an Infinitely Thin Dipole. The 
formulas given here are valid only for a half-wave 



dipole composed of wire of vanishing thickness. 
For wire of finite dimensions, see pages 351- 353. 

Here (type A in Figure 6) it is necessary to calcu- 
late the voltage F, required at the input to establirii 
a current distribution cos ((2ir/X)s], as shown in 
Figure 8. To do this, ^e total field of the dipole 
must be known, including the induction fiM which is 
rignificantly large at short distances as well as the 
radiation fiM, In cylindrical coordinates, the total 
field is given by 



( 11 ) 
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-R- + (M) 

+ „3, 

By the reciprocity theorem a small cuiTent length 
Jgrf* * li COB [(2ir/X)«]* fib induces a voltage (— dV^ 
at the input point which is equal to the voltage 
d7s » induced in ds by a small current length 
taken at the input point. Hence 


- dVi 



and the total input voltage is 

Vi - 22*"* * - coe (y 

Carrying out the operation indicated and dividing 
by li gives the impedance of the half-wave dipole as 

73.1 +>42.5 ohms. (14) 

The dipole thus has an inductive reactance of 42.5 
ohms if a sine distribution of current amplitudes is 
assumed. 

The reactance can be altered by changing the 
length of the wire. Increasing thef length increases 
the inductance; decreasmg the length decreases the 
inductance, €r8t to zero for resonance, and then 
for still shorter lengths to a capacitive reactance. 
Changes in length of only 4 to 5 per cent will pro- 
duce large changes in the reactance. 


Modifications of the 
Half-Wave Dipole 

Two modifications will be given. 

1. Qmrter’^wave dipole with artificial ground. A 
convenient device for doublinsf the effective length 


of a dipole is to use an artificial ground plane. It 
usually takes the form of a number of grounded 
rods spreading radially from the base of the antenna 
(Figure 9). If the antenna is a quarter-wave dipole 
the effect of the artificial ground is to produce an 
image quarter-wave dipole; the radiation resistance 
and the radiation pattern of the system are those of a 
half- wave dipole. 



Figure 9. Quarter-wave dipole with artificial ground. 


2. Folded dipole. Another variant of the dipole 
antenna is the /ok/ed dipole^ shown in Figure 10. 
It is essentially a center-fed half-wave dipole with a 
parasitic counterpart “dummy^^ (see page 360 ) 
in its immediate neighborhood and connected to the 
latter at the ends of the dipole. The induced current 
in the dummy has the same distribution as, and is in 
phase with, that of the primary dipole. Hence the 
radiation pattern is essentially that of a simple half- 
wave dipole. The radiation resistance is four times 
that of the ordinary dipole. 



Figure 10. Folded dipole. 






Fioutwll. Anteima radiatbo patterns <1^^ 
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Multiple Half-Wave 
Long Antennas 

For an antenna of length equal to on integral 
number, n, of half wavelengths, the radiation field is 
given by: 


1. n is odd: 



where d is the radial distance to a field point and 
li is the input current at the center of one of the 
half-wave elements. 

Hie radiation patterns are illustrated in Figure 11 
for the doublet, n ^ I (the half-wave dipole), and 
n » 2, 3, 4. 

The radiation resistance, both for integral and 


nonintegral numbers of half wavelengths, is plotted 
in Figure 12. 



In Table 1 the radiation resistances and the power 
gains for integral half-wavelength antennas are 
listed. 


Cophased Half-Wave Dipoles 

The directivity and gain of linear antennas may be 
increased considerably by the suppression of alter- 
nate current loops, leaving therefore only loops in 
which the currents are all cophased. The suppressed 
loops are contained in either (1) quarter-wave stubs 


Tabls 1. Compariaon of alternate and cophased hslf«wsve dipoles. 


n 

Half 

waves 

Rn 1 

Radiation 
resistafioe-ohms 

Relative major lobe amplitudes 
for same current input 

On 

Gain (power) 

AHemate 

currents 

Cophased 

currents 

Alternate 

currents 

Cophased 

currents 

Alternate 

currents 

O^phased 

currents 

1 

78.1 

78.1 

1.0 

1 

1.09 

1.09 

2 

98 

109 

1.28 

2 

1.10 

1.47 

8 

105 

817 

1.88 

8 

1.82 

2.09 

4 

118 

439 

1.5 

4 

1.46 

2.67 

5 

121 

560 

1.62 

5 

1.58 

8.26 


* / ^<loqbk>t Y ^ Sdottblat / y 

** S„ \ /„ / Sm \Sdottbl«t/ 




FmuBS 13. Coi^iiieed half-w«v« dipolss. 
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FiauBB 14. Cophased half-wave dipoles (relative fields). 


or (2) short inductive elements, as indicated in 
Figure 13. The suppressed loops are practically 
nonradiative. 

The radiation field at distance d is the vector sum 
of the fields from the n half-wave elements. The 
contribution from each element lags that of the next 
element above by an angle 

X 2ir 

a“““C 08 d--~-vcos firadiansi (17) 
2 X 

determined by the extra distance [(X/2) cos $] 
which it must travel. The radiation ^Id is then 
equal to the radiation field of one half-wave element 
(as a function of angle B) multiplied bv the vector 
resultant for the n elements. Thus 






The radiation patterns for various values of n are 
plotted in Figure 14. Table 1 gives the radiation 
resistances, relative lengths of major lobes, and the 
gains, with comparative figures for the doublet and 
the multi-half-wave antennas discussed on page 350- 

Effects of Finite Diameter 
on Center- Fed Linear Antennas 

Figure 15 shows the input reactance, and Figure 16 
the input resistance of a center-fed antezma of 
arbitrary length. The input impedance is a series 
combination of the two components. The important 
regions of the curves correspond to antenna half- 
lengths near X/4 and near X/2. The former repre- 
sents a center-fed half-wave antenna, whereas the 
latter represents a pair of end-fed half-wave antennas 
excited in phase. The half-length of the antenna was 
used in plotting, because in these terms the reactance 
curves resemble those for an open-ended trans- 
mission line. 

In the regions of principal interest the reactance 
curves are nearly straight lines whose slopes depend 
on the diameter of the antennas expressed in wave- 
lengths. The slopes of the reactance curves decrease 
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Fiourb 16 Henifitance at input of a center-fed antenna of arbitrary lenKth. 


as the antenna diameter increases. This feature is 
important in radar antennas which need to be in- 
s^Mitive to small changes in frequency. The curves 
show that antennas of large diameter present less 
than a specified amount of reactance, say one ohm, 
over a greater range of antenna leng^ than slender 
antennas do. In terms of frequency, this means 
that a given length of antenna has less than one-ohm 
reactance over a wider range of frequency when the 
antenna has a large diameter than when it has a 
small diameter. Radar antennas are commonly 
made of tubing and frequently have diameters in 
excess of X/20. 

Figure 16 shows that the input resistance also 
depends on antenna diameter. This dependence is 
more pronounced when the half-length ie about \/2 
than when the half-length approximates X/4, as it 
does for a single center-fed antenna. The values for 
an antenna whose half-length is X/4 is not readable 
on the curve, but the component representing radia- 
tion ranges from 73 ohms for infinitely thin antennas, 
through 64 ohms for a diameter of 0.0001 X, 55 ohms 
for a diameter of 0.01 X, to less than 50 ohms for 
certain large-diameter radar antennas. The change 
is mainly due to a deciease in the resonant length of 
the thicker antennas* 

A feature of Figure 15 %^ich is not easily readable 
is that the lengths at which the reactance is aero are 
less than X/2 and X. The amount by which an m- 
t^nna with aero reactance is shorter than these 



III COAXIAL Line 

17. Non-eylinclrtcal halfwave antenna. 


lengths depends on the antenna diameter. For very 
slender antennas the shortemng is slight, but for 
large-diameter antennas or for special shapes as 
8ho\vn in Figure 17, a resonant length may be as 
much as 20 per cent shorter than X/2. Special shapes, 
such as the one shown in Figure 17, have the ad- 

AVIS 

DiRccTiON or maJimum radiation 



for n » 4 half-wav«len|ths). 
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IN PLANE or THE V IN PLANE X TO V 

n=i6 I <r=i7.tf n=i6|tf=i7.5* 


FiouBB 19. Power distribution for standing-wave V antenna. (Courtesy of IRE ) 


vantage of being insensitive to small changes in 
frequency and at the same time are not so subject to 
corona (breakdown of the air because of large poten- 
tial gradients) as slender antennas are. 


opposite the input point in the characteristic imped- 
ance. See Figure 20. 

The equation of the radiation field, neglecting 
wire losses, is 


Standing-Wave V Antennas 

This type of antenna (Figure 18) utilizes the 
directive properties of the multi-half-wave antenna. 
Two such elements are combined in a V arrange- 
ment so that the major lobe of each (at angle a with 
each element) is parallel to the axis of the V. By 
feeding the two halves of the V with currents 
180 degrees out of phase the lobe structure is reversed 
to produce maxima, forward and backward, along 
the axial direction, while the field in the plane 
perpendicular to the axis is greatly reduced. The 
value for angle a is equal to the angle between each 
element and its maximum lobe (see Figure 11). 
Figure 19 gives the (power) radiation pattern for 
n 16 half-wavelengths. 

The directivity of this antenna system may be 
improved by adding one or more reflectors (see 
textonp.d58) The reflector is a V antenna of 
identical type. The legs of the reflector are placed 
parallel to those of the primary V and lie in the same 
plane as the original V. The reflector is set approxi- 
mately X/4 behind the primary V. 


TRAVEUNG-WAVE ANTENNAS 


„ 60/, sin^ . rrL.. ..1 

Ff » — ’ sm — (1 “ cosi^) . (19) 

a 1 - cos^ LX J 

The major lobes given by this equation are plotted 
in Figure 21, and the major lol^ angles with the 
wire dm are plotted in Figure 22. Angle it will be 
noted, decreases with increasing wire length. 

Traveling-Wave V Antenna 

As in the case of the standing-wave antenna a 
pair of lines arranged at a suitable angle with each 



Ff ouBX 20. Lobe structure for L » 2X traveling-wave 
antenna in free space. 


Field and Pattern 

A traveUng-wave antenna is one in which only 
progresdve (or traveling) waves are allowed. 
^eotMl waves are efiminatsd by terminating the end 


other, and carrying traveling waves, can be made to 
produce a directional pattern with fairly high gain. 

The traveling-wave V antenna can be designed 
so that the plane of the V is horisontal and the 
maximum lies in the direction of the asds of eym- 
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FtouHB 21. Major lofaea (relative field strength) for travelmg<wave antenna. 


metry, as in Figure 18. In this case the radiation is 
horisontally polarized. It can also be used as an 
inverted V in a vertical plane with the point of the 
V directed upwards; the radiation is then vertically 
polarized. Iliis antenna, also called a semi-rhombic, 
is represented by the upper half of Figure 20. 



FiouBjB 22. Angles for major lobes for traveling-wave 
antenna. 


Rhombic Antenna 

This t 3 rpe of antenna is based on the same prin- 
cifde as the traveling-wave V antenna. The rhombic 
antenna consists of four wires arranged in the form 
of a rhomboid or diamond (Figure 23). The reflec- 



tionless termination of the wires is achieved by 
connecting the two wires at the end opposite the 
input to a resistance equal to their characteristic 
impedance. 

As in the case of the V antenna, the rhombic 
antenna can be used both horizontally and vertically; 
at the longer waves the horizontal arrangement is 
usually more practical. The optimum tilt angle of 
the rhombic (angle ^ of Figure 23) is not very 
critical provided the legs are not less than two wave- 
lengths long. The radiation pattern is not very 
sensitive to frequency and the rhombic antenna can 
therefore be used over a fairly wide frequency range 
(of the order of 2 to 1). Rhombic antennas have 
appreciably higher gains than V antennas. 

The field in the axial direction is equal to 

- --r- ; — (1 - sm 0) . (20) 

a 1 — sm 9 LX J 

Effect of Perfectly Conducting Oround, If the 
rhombic is placed in a horizontal plane,* height H 
above ground, the effect of the image rhombic 
must also be considered. The net result is that the 
direction of the lesultanlr lobe maximum is tilted 
up by an angle c. It can be shown that, for a given 
a^e f and wavelength X, to point the major lobe 
at vertical angle c the following relations for 
L, and^musthold: 


4stn<* 
, 0.371X 

sin* < ' 

0 


Ftovaa 28. Bhombie antenna. 
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Figure 24 illustratefi the radiation* pattern (relative 
field strength) for a particular case. 


AN0l£ IN SCONCES 



Figure 24. Rhombic antenna above ground (relative 
field strength). (Courtesy of Bell System Technical 
Journal.) 


ANTENNA ARRAYS 

Principle of Arrays 

An antenna array is a combination of several 
amtennas, usually of equal strength and equally 
spaced in any one given direction. One-, two-, and 
three-dimensional arrays may be distinguished. The 
spacings in different directions may be different for 
two- or thi*ee-dimensional arrays. The use of arrays 
permits great increases in the amount of power 
radiated, in directivity, and gain. 

Although the most common array element is a 
half-wave dipole, the elements of an array may be 
radiators of any type; in particular, the elements 
may themselves be arrays. In this way it is possible 
to interpret a two-dimensional array as an array of 
arrays. A vertical curtain may be considered either 
as a horizontal array of elements which, themselves, 
are vertical, or it may be considered a vertical array 
of elements which, themselves, are hoiizontal arrays; 
similarly for three-dimensional arrays. 

In most arrays the elements radiate very nearly 
equal power, but in the binomial array the elements, 
although identical in structure, differ in the amount 
of power radiated because of differing current dis- 
tributions. In most arrays there is a constant phase 
shift (which might be zero) between adjacent ele- 
ments. By suitable phasing a great variety of an- 
tenna patterns can be produced. 

Basic Types of Dipole Arrays 

There are three basic types of dipole arrays. 

1. Broadside array. The centers of the elements 
are arranged in a line, with the axes of the elementfk 


parallel to each and perpendicular to the line. With 
the currents adjusted all in phase, the maximum 
radiation is broadside to the plane of the elements. 

2. End^fire array. The geometric arrangement is 
the same as in the broadside array, but through 
appropriate phasing of the currents in the elements 
the maximum radiation can be directed primarily 
along the line joining the centers. 

3. CoKnear array. Here the axes of the antenna 
elements are arranged along the line of centers with 
the currents all in phase. The radiation is a max- 
imum in the equatorial plane perpendicular to the 
line of centers. 

To illustrate the principles most simply, two half- 
wave dipole elements are considered first, and later 
extension is made to arrays composed of a larger 
number of elements. 

Two-Dipole Side-by-Side Array 

Two half-wave dipoles are placed side by side with 
spacing s and the currents h and 1% are equal but 
differ in phase by angle ^ (see Figure 25). If It lags 
1 1 by time angle the field of the second element 
at P lags that of the first by angle a where a is 



composed of ^ and the time delay caused by the 
extra distance traveled, (2v/\)8 cos sin 

a 4f+ (2ir/X) 8 cos ^ sin $. (21) 

For equal currents, /i = I* « /, the field is equal 
to 


Et 
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r ir 
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( 22 ) 


The first bracket gives the directional characteristic 
of an array of two elements, while the second bracket 
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Sivos the directional characteristic of the element 
itself. 



eaOAOSIK CND-riRE UNt*OIRECTIONAL 
•>X/2 ••X/d 

f* 0* ♦.ISO* f •tO*C la LAGS I, I 

EQUATORIAL PLANE ^>90* 

Fioubb 26. Radiation patterns Oeld strength) for two 

dipole side-by-eide anay. 

Three special cases are particularly to be noted. 
The field patterns for the equatorial plane (0 90*^) 

and I Is I » I Ji I are plotted in Figure 26. 

1. Broadside. Here 8 » X/2, the currents are in 
phase » 0^). The maximum field is broadside and 
tT^-ice that of each dipole. 

2. End^fire, Again 8 » X/2, but the currents are 
out of phase « 180®). The maximum field is 
found in both directions along the line of centers. 

3. Umdirectional coupHet. Here s » X/4 and It 

lags /i by ^ 90®, The result of this combination 

is to produce a maximum field along the line of 
centers in the direction looking from the leading to 
the lagging current and zero field in the reverse 
direction. 

Two-Dipole 
Colinear Array 


For two equal currents in time phase (see Figure 
27), the field is equal to 



I 


Fiouaife 27. Two halfwave dbofe ooliaear array. 


The field is circularly symmetrical about the axis. 
Its variation with 6 is plotted in Figure 28. This is, 
of course, equivalent to a vertical antenna with 
center height at distance s/2 above a perfectly 
conducting flat earth. 



s=(l/2)X 



s=(3/2)X 



ss2X 

Fiqurb 28. Two half-wave dipole colinear array. 

One-Dimensional Array 

Two geometrical arrangements will be consideied. 
1. Broadside, Consider n elements with equal co- 
phased currents equally spaced (see Figure 29). 

sin^ 

L, (25) 

a 

sm 

where 

2ir 

a » ~ « 008 


(26) 
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Fioure 29. Broadside array, elements perpendicular 
to paper. 



n«9 

n«is 
f»»l7 

Figure 30A. Effect of array length for broadside with 
element spacing 8 X/2. (From Radio Engineers' 

Handbook by Terman.) 



For center-fed half-wave dipoles, from equation (3) 



The patterns for the equatorial plane are illustrated 
in Figures 30A and 30B. Figure 30A shows the in- 
crease in directivity with increasing number of 
elements. Figure 30B illustrates the effect of element 
spacing on the production of side lobes. Figure 31 
gives the gain for various spacings and array lengths. 
From this it appears that a « 5>\/S is approximately 
the optimum spacing. 

2. Broadaide: paUem factor and beam width. For 
illustration, suppose that the antenna consists of a 
vertical array of m horisontal center-fed dipoles 
spaced a apart with all fed in phase to give a broad- 
side beam strongly directive in the vertical plane. 
For this arrangement the field strength in the 
horisontal plane is given by m times equation (27), 
that is, 

cos(JcoeS) 

r (28) 

d sin 9 


with angle B measured from the dipole axis. See also 
equation (15) and Figure 11 (for n » 1). 

In the vertical plane, the beam is much narrower. 
If ^ is the angle from the vertical and « 90® - ^ 
is the angle from the (horisontal) broadside direc- 
tion, the field in the 'vertical plane (6 ■« 90®) is given 



Figure SOB. Effect of element spacing for broadside 
for array length L ■■ SX. (From Radio Engineers' 
Handbook bv Terman.) 
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Arroy Length In Wove Lengthe 

Figure 81. Gain for broadside array of doublets as a 
function of array length and spacing. (From Radio 
Engineers’ Handbook by Terman.) 
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by 


E, 


mtio4l ’ 


. ma 
sin— 

50/. 2^ 

d , a 
sin 
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C29) 


with 


— 8 cos ^ < sin p. 

X X 


The maximum value of equation (29), corFespondiiig 
to ^ « 90® and /? *■ 0®, is equal to 

- —■»» axD 

d 


The relative field strength is then 


EmMz 


(31) 


m sin - 


The beam width in the vertical plane is determined 
by the angle between the half-power points, or the 
angle between the points where the field strength is 
0.707 of the maximum. Thus, equation (31) is set 
equal to 0.707 and fi determined. The beam width is 
equal to 2^®. 

To illustrate, let a « X/2. For m « 2,3,4,8,12,16 
dipoles in the array, the corresponding beam widths 
are 60®, 36.4®, 26.4®, 12.8®, 8.5® and 6.3®. A few field 
patterns are illustrated in Ffgure 30A and gains are 
shown in Figure 31. 

3. CoUnear array (see Figure 32). For n equal 
cophased currents, equally spaced. 


where 


E0 « E01 {$f 4 i) 


2r 

a wm _ 9 cos 9 . 


(32) 


(33) 



For centei^fed half-wave dipoles, from equation (3)i 
^ cos i -coed) 

U \2 / . 


E.i 


607, 

d 


(34) 


The patterns for various array lengths and spacings 
are given in Figure 33. 

If 8 » X/2, equation (32) for half-wave dipoles 
leduces to equation (18). 



Spcicing>X 

n*4 




Midpcfnl Spodag ••X/2 * 
ilfsct of Array Length 

Array Length^^X j 
Effect ef Element Speeing 

FiqubbBS Cophsaed coiinear half-wave dipoles. (Fiom 
Radio Engineen’ Kaiidbook by Tennaa. ) 


Unidinctioiial Broadside 
and CoUnear Arrays 

If an array is becked up with a similar array, the 
latter may serve to conceiitrate the radiation in one 
direction, provided the currents in the arrays are 
properly a^usted in magidtude and phase. Patterns 
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for the uiudirectioaal broadside and colmear aiTa 3 r 6 
are given in figure 34. 

The broadside array is a collection of unidirec- 
tional couplets of the type illustrated in Figure 26. 
Increasing the number of couplets n appreciably 
naonrows the beam width. 

A similar improvement is obtained in the colinear 
combination. 




B 



(B)Cot1mar 


Fiourb 84. Unidirectional broadside and colinear array. 


Multidimensional Arrays 

Enough has already been given to show that it is 
not difficult to extend the principles of summation 
of fields from elements to cover two- and three- 
dimensional arrays. 

Binomial Arrays 

Most array patterns show, in addition to the main 
maximum, secondary maxima (side lobes) which are 
inconvenient in radar work. Side lobes are practi- 
cally eliminated in the binomial array. 

Consider first a two-element half-wave dipole 
broadside array with equal cophased currents and 
elements spaced a half wavelen^ apart. See equa- 
tions (21) and (22). Then^ « 0, a X/2, a ir cos^. 
Then with 



Tins gives the broadside fieM in Figure 26 which has 
only two equal major lobes. There are no side lobes. 


Now consider the equation 

E-Erf(a^+a-^)*, (36) 

* (1 + 2c-^ + la-^). 

This represents three half-wave dipoles in broadside, 
spacing a » X/2, currents in phase but with relative 
magnitudes 1:2:1. The pattern has no side lobes. 
Again, for five similar dipoles, 

- (1 -f 4a“^ + -f 4a-^ + le*^). 

Here the cophased current magnitudes are 1 : 4 : 
6:4:1, and there are no side lobes. 

The scheme is to follow the pattern of binomial 
coefficients in adjusting the relative current values. 
m« 1 11 

2 12 1 
S 13 3 1 

4 14641 

5 1 5 10 10 5 1 

lOach number is the sum of the two immediately 
above. 


Ring Arrays 

A set of radiating elements can be arranged on the 
perimeter of a circle with equal angular distances and 
equal phase shift between the elements; the diameter 
of the ring must be properly chosen; the resulting 
radiation pattern can be made very nearly uniform, 
i.e., circular, in the plane of the ring, while the 



directivity of the pattern obtained in a plane per- 
pendicular to that of the ring is increased compared 
to that of the single element. 

If a number of such rings are stacked on top of each 
other with a common vertical axis, a linear array is 
formed whose elements are the rings. A radiation 
pattern is thus produced that has pronounced direc- 
uvity in ekvation while it is nearly uniform in 
asimuth. This is often used in mierowave beaecms. 
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Th6 most common form of the ring antcnnft is the 
triidc dipole shown in Figure 36. The elements are 
three half-wave dipoles spaced 120 degrees apart. 

PARASITIC REFLECTORS 
AND DIRECTORS 


where Jo is the center-fed input current to ^e an- 
tenna, Ji is the center value of the current in the 
parasite, and fi is the angle by which h leads Jo. 
The relation between Ji and Jo is given by 

(89) 

1 I 


Parasitic Anteimas 

A parasitic antenna or ^^dummy’’ is an antenna 
which is not connected to the antenna input termi- 
nals; if placed in the vicinity of a driven antenna a 
current is induced in the former which modifbs the 
radiation field. Parasitic antennas provide a ample 
means of producing a moderate increase of directiv- 
ity. Depending on the relative phase of the currents 
in the two antennas, the maximum of the radiation 
pattern either is foimd in the direction of the parasite 
and the latter is then called a director; or it is found 
in the direction of the primary element and the para- 
site is then called a reflector. In order to obtain good 
directive action the two dipoles must be close to- 
gether, that is, a fraction of a wavelength. 

Half-Wave Dipole and Parasite 

The geometrical arrangement corresponding to 
the following discussion is illustrated in Figure 36. 
The radiation field at any point in the equatorial 
plane (6 * 90®) is equal to 

E, - (3g) 

d d 


where Zoi is the vector mutual impedance of antenna 
and parasite, and Zn, the vector self-impedance of 
the parasitic antenna, is equal to Rn -f jXn * 

I Zii I i IB the phase angle of the parasite self- 
impedance. 

The field pattern in the equatorial plane is de- 
pendent directly on the spacing and indirectly also, 
since the spacing controls the mutual impedance and 
thus the voltage induced in the parasite. The current 
in the parasite is further dependent on its self- 
impedance, which can be changed by altering the 
length of the parasite. Cut to a length of just X/2, 
the self-impedance is inductive, Zn » 73.1 -f j42.5 
ohms; if longer, the inductive reactance is increased; 
if shorter, it becomes at first less' inductive, then 
resonant with Xn « 0, and finally, capacitatively 
reactive. Field patterns for e/X » 0.1 and s/X « 0.25, 
and for 6 = -4-22.5®, 0®, and —22.5®, are plotted 
in Figure 37. These illustrate that, by controlling 
the spacing and length of parasite, it is possible to 
direct the pattern maximum into either ihe R or D 
direction, so that the parasite acts primarily either 
as a reflector (Er > Er) or as a director (Ed > Er). 

1. Paraeite as a reflector. For good reflector per- 
formance. the spacing s/X should lie betvreen 0.15 
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and 0.25 with th^ parasitic element made slightly 
longer (perhaps 5 per cent) than X/2 in order to 
increase its inductive reactance. A few of the 
equatorial field patterns are shown in the lower row 
of Figure 37. To obtain the strongest field in the 





Figure 37. Relative field of half-wave antenna and 
parasite. (Courtesy of I. R. E.) 

R direction, it is necessary to lengthen the parasite 
to a particular length (obtained by trial). If this is 
done, Figure 38 indicates that the field Er is a 
maximum for «/X = 0.15 and that the ratio of 
Er to E for the antenna alone is 1.83; for s/X « 0.25 
it is 1.65. This does not, however, give the best 
frorU-Uhhack ratio. 

2. Parasite as a diredot . Good director perform- 
ance is obtained when s/X » 0.1 and the parasitic 
element is cut slightly shorter (perhaps 4 per cent) 
than X/2 to produce a capacitative reactance. See 
Figure 37, upper row, for the field patterns and 
Figure 38 for the best ratio of Ej) to E for the antenna 
alone. The latter, again, does not give the best 
front-to-back ratio. 

Multiple ParasiteSf 
Yagi Anteanas 


By using several parasites, rather pronounced 
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Fiouii 88. Adjustment of pamsite for strongest 
fields JVg sad ifi). (r’outrtety T. R, E.) 
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Figure 80. Antenna with three parasite elements. 
(From Radio Engineers* Handbook by Terman.) 


directive effects can be achieved. Figure 39 shows a 
typical example. This antenna uses three parasitic 
dipoles arranged in a triangle or parabolic curtain. 
In order to obtain the most favorable pattern in 
such cases, careful timing of the parasites is required. 

The most commonly used of the multiparasitic 
arrays of half-wave dipoles is the Yagi antenna 
(Figure 40). It has one reflector and several (usually 
2 to 5) directors. Since the voltage at the center of a 
dipole is always zero, it is possible to weld all the 



Figure 40. Yagi antenna with three directors. 

parasites to a central sustaining rod, as shown. By 
increasing the number of directors, it is possible to 
obtain highly directive patterns. 

The spacings between the elements of a Yagi 
array are not uniform. They are determined so that 
the phase difference of the currents in adjacent ele- 
ments is equal to their distance expressed in wave- 
lengths. If this condition is fulfilled, the elements 
are in phase with respect to radiation in the D 
direction. In practice, the spacing is determined 
experimentally rather than by calculations, which 
become very cumbersome when several directors 
are employed. 


Reflecting Screens 

A plane-conducting screen placed behind a radiat- 
ing diipole has a similar effect in the forward direction 
as an image dipole whose distance s from the primary 
dipole is twice that of the screen and which has a 
phase shift of 180^ from the primary dipole. Radia- 
tion in the backward direction is confined to the 
weak fields leaking around the edges of the screen. 
The pattern in the forward direction is pven by the 
array formula of equation (22), and end-fire array 
with ^ 180^ and a -> X/2. Good results are 
achieved when the distance from the screen to the 
dipole is small (less than X/4) but larger spacings 
are also used. The change in input impedance of the 
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prbxuury dement caused by the presence of the screen 
is appmeiabie. 

lUfleoting screens are used primarily in connection 
mih broadside arrays (curtains) to eliminate one 
of the two rnidn lobcs in opposite directions. An 
idequate screening effect is produced by a set of 
wires parallel to the direction of the radiating dipole 
with spadngs somewhat less than a tenth of a 
wavelength. 


Comer^Reflector Antenna 


A simple directional device that gives an appre- 
ciable power gain (of the order of 10 to 20) is a 
comer reflector, which is essentially a combination 
of two reflecting sheets and a dipole. In the case 
shown in Figure 41 where the angle subtended by 


e OIPOUE 

e IMARES 



CROSS SECTION 


Fiquiob 41. Comer reflector entenna. 

the comer is 90^, the comer is equivalent to the 
combined radiation of three image antennas. The 
reflector can also be made of wires parallel to- the 
direction of the radiating dipole. The reflecting 
wires do not, however, act as parasitic antennas 
but are taken so 1<^ that they are practically 
equivalent to conductors of infinite length. 

These should not be confused with comer re- 
flectors which are extensively used as targets and 
consist then of three mutually perpendicular con- 
ducting planes (see page 47St} 


PARABOUC ELEMENTS 


Psurabolic Reflectors 


These reflectors are the devices most commonly 
used to produce highly directive radiation patterns 
in the microwave recpon. The three main types are 
riiown in Figure 42; they are the parabolic cylinder, 
the paraboloid of revolution, and the truncated 
pan^oid, the latter being a rectangular section 
cut from a parabdoid of revolution. If the parabolic 
cylinder is relatively short and provided uith fiat 
metallic covers at the top and bottom, its shape and 



tMm42. lypsiofpaialwlieisfisotcif. 


its electrical properties resemble those of a sectoral 
hom (see page 363)- 

The dimtivs action of Ihe parabolic reflector 
depends on two geometrical properties of the parab- 
ola (Figure 43). A ray coming from the focus is 
reflected into a direction parallel to the axis of the 
parabola, and the distance from any point P on the 
parabola to the line called the directrix is equal to 
the distance from P to the focus. Consequently, the 
effect of the parabola in the forward direction is 
equivalent to that of a distribution of sources in the 
directrix that all oscillate in phase (but usually have 
varying intensities over the directrix). 



Fioubb 43. Properties of a parabola. 


The parabolic cylinder produces a directive pattern 
only in a plane perpendicular to the generating line 
of the cylinder (horisontal plane in A of Figure 42). 
In order to concentrate the beam in a plane parallel 
to the generating line of the cylinder (vertic^ plane 
in Figure 42), an additional directive device must be 
employed. Usually this is a colinear array of dipoles, 
as shown; the direction of polarisation is parallel 
to the focal axis. In microvrave work this t 3 rpe of 
antenna offers advantages over the two-dimensionai 
curtain of dipoles employed in VHF directional 
antennas. 

For the paraboloid of revolution or the truncated 
paraboloid, a fdmpie source of radiation at the focus 
is used. Often this is a half-wave dipole, sometimes 
combined with a parasitic dipole which acts as a 
reflector ( page 300). 

In other types, the energy is brou^t to the focal 
point by a wave guide and is then reflected back onto 
the parabolic surface. 

If the wavelength is small compared with the 
dimensions of the paraboiio reflector, the following 
approximate formula holds for the radiation pattern 
pr^uced by a parabola: 


M m constant 


sinf ^ sin - 

’‘Jd 


+ ooBtf), (40) 


rDm$/\ 

vbete Z> ia the epertura ct the refleotor end $ the 
eagle from the axis. The half-power points cone- 
spocKl approadmetely to 




D ’ 


( 41 ) 
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These formulas correspond to the case of nearly 
uniform illumination of the reflector from the source 
at the focus. In practice a source that concentrates 
the fleld toward the center of the parabola is used 
in order to reduce the magnitude of the side lobes. 
The half-power angle is then more nearly equal to 
e m 0.6X/D. 

The maximum gain of a parabolic reflector is 



For D * 2 meters and X «« 0.1 meter, the gain is 
approximately 1,000. 

HORNS 

Types of Homs 

Many of the antennas previously described are 
used in the high-frequency [HFJ and very high- 
frequency [VHF] bands of frequencies. Homs cannot 
readily be used at these frequencies because the sizes 
required would be excessive. 

But at the microwave frequencies, the size of the 
horn is small and it is easy to feed energy to it 
through a wave guide. In this arrangement the 
horn acts as transition between the impedance of 
the wave guide and the 377 ohms impedance of 
free space and thus reduces to a minimum the 
reflection of energy backward into the guide (such 
as would occur if the wave guide ended in an open 
pipe). 

Common types of horns are sectoral (discussed 
in next section ), pyramidal, conical, biconical, etc. 
Only the first type is discussed in this section. 

Sectoral Horn with TEi^o Wave 

For this case the horn is flared only in width and 
is an extension of the wave guide of width h and 
depth a. For the TEia wave the electric field is 
parallel to the dimension a and varies in strength 
cosinusoidally across the wave guide and horn open- 
ing, as shown in Figure 44. The length of the Horn 
is R and the flare angle is 



Figure 46 illustrates the pattern shapes in the 
plane parallel to dimension & for various flare angles. 

For this type of wave, the cutoff frequency of the 
wave guide is 


> 8 X 10« 

/. — 


( 48 ) 


with h in meters. The operating frequency should 
be near but not greater than twice this value. 

The gain depends upon the length R and the flare 
angle 0, and is plotted in Figure 46. 



Fioubb 45. Radiation pattern for a aeetoral horn hav- 
ing various flare angles. 




Fiodbs 46. Gain of aeotoial horn with TSuo wm. 
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Chapter 4 

FACTORS INFLUENCING TRANSMISSION 


REFRACTION 

Survey 

R efraction is caused by the variation of the 
. dielectric constant (square of refractive index) 
of the atmosphere. Although the atmosphere is 
tenuous and the variations of refractive index 
are small, the effect of refraction upon the field- 
strength distribution of waves is considerable. As 
will be shown, refraction under average conditions 
may be taken into account by using an earth with a 
modified radius. A representative average value of 
modified earth radius commonly used is ka with 
k «« 4/3, Under certain conditions, especially in 
warmer climates, a slightly higher value of k might 
be preferable. 

The case where a is replaced by 4a/3 is referred to 
as standard refraction. It corresponds to a linear 
variation of refractive index with height in the 
atmosphere. In recent years, more complicated 
variations of refractive index in the atmosphere 
have received considerable attention and have 
proved to be of great operational interest. This 
volume, however, is restricted to consideration of 
standard atmosphere propagation. 

Snell’s Law 

Let no and ni denote the refractive indices of two 
media separated by a plane boundary. The ordinary 
law of refraction known as SnelFs law is then usually 
stated (see Figure 1), as 

no sin » ni sin jSi, 

where /So and A are the angles which the ray makes 
with the perpendicular to the boundary. It is con- 
venient to use the complementary angle a, so that 

no cos CKO ** ^1 cos ax. 


I 



For several plane-pai’allel boundaries, SnelFs law 
generalizes to 

no cos ao =» ni cos cki « n* cos «!«»•••. 

In the atmosphere, the refractive index is a con- 
tinuous function of the height. Again, it is usually 
legitimate to consider the atmosphere as horizon- 
tally stratified, so that the refractive index is a 
function of height only. The case of a continuously 
variable refractive index is readily obtained b> 
passing to the limit of an infinity of parallel bound- 
aries infinitely close together, Snell’s law remaining 
the same; thus 

n{h) • cos a « no cos oo, 

where now n and a are continuous functions of the 
height. In place of a discontinuous change in direc- 
tion, there will now occur a bending of the rays 
(Figure 2). 


Fioube 2. Refraction in the atmosphere with variable 

n(h). 

If the boundaries are not plane but spherical, 
Snell’s law must be modified. Analysis shows that 
over a spherical earth surrounded by an atmosphere 
in which the refractive index n is a function of the 
distance r from the earth’s center, the law of re- 
fraction becomes 

n(r) • r cos a » noTo cos oo, (1) 

where a is the angle between a ray and the horizontal 
(see Figure 3). 

Refraction is of practical importance onli/ when 
the angle between the rays and the horizontal is 
small. In the determination of gain as given in later 
chapters, the effect of refraction becomes com- 
pletely negligible when a is more than a few degrees. 

For small anises, cos a may be replaced by 
1 - a*/2. In this case equation (1) is well approx- 
imated by 

i(a»- V) - (2) 

4 a 

where is the hei|^t above the ground, so that 
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TO CCNTCfl or CAIITH 

Fiourb 3. Refraction over curved earth. 


fp » o and r * a + h. This is the practical form of 
Snell’s law for the atmosphere above a curved earth. 
The reference level (see Figure 3) is here taken at 
the surface of the earth where np is the index of 
refraction. 


equation (4) 

KT® 

a 

and in the standard linear case, by equation (a). 

da ■» dhikaa 1.2 • 10“^ dh/a 

for k » 4/3. Taking a » 0.05 radians (3**) and 
dA » 100 meters, one finds da 0.00024 radians 
(50 seconds of arc), a very small change in angle. 
This is the standard deflection which is accounted 
for by replacing a by Aa. The deviations from this 
value experienced with nonstandard refraction are 
even sm^er. The larger the angle a with the hori- 
zontal at which a ray issues from the transmitter, the 
less the angular deviation. In communication work 
and for certain radar problems, however, angles of 
less than one degree are of importance, and da 
may then become comparable to a. 


Modified Refractive Index 

In place of the sum(n — np-f- A/a) appear ingin 
equation (2), it is customary to define and use a 
quantity M given by 

M - [^(n - 1) + 10*. (3) 

M is called the modified refractive index. It gives a 
unit that is convenient for practical use. The modi- 
fied index is then said to he expressed in M units, 
values of which commonly lie in the range of 300 to 
500. Using this definition, equation (2) becomes 

1 (a* - «o’) - (3f - Af.) . 10** . (4) 

2 

An important special case is that in which the 
refractive index decreases linearly with height, 
n — np » constant X A. Then equation (2) may be 
written in the form 

(5) 

where k is the factor mentioned in text on p. 364 
which determines the modified earth’s radius ka. 
Comparing the above expression with equation (2), 
and differentiating, it follows that 

jba “ dA ^ 

or (6) 

.. dn a dM 

Plroof of the fact that refraction is nec^ij^ble unless 
the angle is very small may readily be deduced from 
the pieeeding formulas. Thus, on differentiating 


Graphical Representation 

Figures 4 to 6 show three different ways of repre- 
senting rays subject to refraction. Figure 4 gives a 
true picture apart from the exaggeration of heights. 
In the case of standard refraction, the curvature 
of the rays is always concave downwards, the center 
of curvature being below the surface of the earth. 
The middle ray shown is the horizon ray and to. the 
lower right is the diffraction region mto which rays 
do not penetrate. Figure 5 shows a diagram with 
modified earth’s radius, Aa, in which the rays are 
straight lines. Figure 6, finally, is a plane earth 
diagram; the rays are here curved upwards. 

These diagrams may be considered as resulting 



Fioubb 4. Ray curvature over earth with radius a. 
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from each other by changing the earth’s curvature 
by an arbitrary factor. From this viewpoint Figure 6 



Figubb 6. Rays in a plane earth diagram. (Radius 
of curvature of rays is — ka.) 

h’l 

I 



Figurb 7. Equivalent parabolic earth diagram. 

represents the limiting case of an infinite earth’s 
ra^us. The plane earth diagram is widely used for 
problems of nonstandard propagation. 

In drawing diagrams for a curved earth of equiva- 
lent radius ka^ it is customary to replace the spher- 
ical earth outline by an equivalent parabola (see 
Figure 7). The equation for the surface reduces from 
the circular form, 

x,^+{h, + kay«(Jca)\ 
to the parabolic form, 



for ^<< Xg, The height h measured from the 
surface of the earth, instead of from the x axis, is 
given by 

h ^ ^ hg wm -j-. 

2ka ’ 

in which k is laid off perpeiidicular to the x axis and 
not to the earth’s surface. For clarity in drawing 
rays or field-strength diagrams, the vertical scale 
is expanded by an arbitrary factor p, whence 



Ibis distortion of vertical distances, it can be shown, 
does not distort angles. The parabolic representa- 
tion to be reasonably accurate must be restricted to 
heights in the atmosphere small compared with the 
extent of the horiaontal scale. 

Curvature RdUitiousliipa 

Ibe curvature of a ray is defined as the reciprocal 
of the radius of curvature p. Let ^ be the angle 
between the ray and a nearly horiaontal x axis. 
By Figure 8, p - - d«/d^, and smoe ^ is a small 



Fiouas 8. Angular relationships of rays. 


angle we may, to a sufiScient approximation, put 
ds n dx, 80 that 

-1 — — 
p dx 

Here the curvature has been defined so that it is 
positive when the ray curves in the same direction 
as the earth, with this system the curvature of the 
earth itself is positive. Referring to Figure 8B, 

p dx dx'^ dx' ^ ^ 

But d4>/dx » 1/a, and since a is a small angle 
da __ da ^ ^ ^ ^ ^ d(a*) 

dx dh dx dh 2 dh * 


Consequently, by equation (2) 

Jias — 1 d(a^) , 1 _ dn 
p 2 dh a dh' 

From this, the curvature of the ray is equal to the 
vertical rate of decrease of the refractive index. 
Notice that dn/dh is usually negative, so that the 
true curvature of a ray is usually concave downwards. 

A simple relationship exists between m « p/a, 
the ratio of the radius of curvature of a ray to the 
radius of the earth, and k. Combining equations (6) 
and (9) gives 



Consider again the special case where dn/dh « 
constant, so that n is a linear function of the height 
(standard refraction). Consider the plane earth 
diagram of Figure 6. The angles between corre- 
sponding curves are the same as in the true diagram, 
Figure 4. Hence, for the plane earth diagram, 
equation (8) becomes 1/p' « - da/dx, where pf is 
the radius of curvature of the ray m the plane earth 
representation. It is readily found that 


1 1 


p' P 



1 d(«*) ^ 

2 dfc “ 
dM 
dh 


10 





tU) 


Knee M usually increases with heif^t, the curvature 
of rsys is concave upwards in this diagram. Again, 
equation ill) shows that when the modified eattVs 
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radius ka is introduced (Figure 5)^ this amount of 
upward curvature is just canceled and the rays 
appear as straight lines. 


humidity: 

(n - 1) . 10® 



4,800s\ 
T ) 


( 12 ) 


Alternate Method 

Instead of taking account of refraction by chang- 
ing the earth’s curvature, another method is some- 
times more convenient. It may be shown that the 
ratio of the field E to the free-space field Ea trans- 
forms in the same way, whether (1) radius a is 
replaced by ka, or (2) the horizontal distance x is 
replaced by xh” and at the same time all elevations 
h are replaced by An angle a must then be 

replaced by Method (2) is usually less con- 

venient than method (1) because it involves a change 
of horizontal distance which makes it necessary to 
transform the ratio E/E^s rather than the field itself. 
In method (1) where only curvatures are changed, 
this difficulty does not appear as the distance x 
and hence remains unaltered. 

Method (2) may be used to advantage to account 
for deviations of k from the standard value of 
k « 4/3. Coverage diagrams are usually drawn 
for this value; the deviations owing to a change in 
k may then be estimated by multiplying distances, 
heights, or angles with the appropriate powers of 
V(4/3). 

Computation of Refractive Index 

The following equation gives the dependence of 
the refractive index on temperature, pressure, and 


where T is the absolute temperature, p is the total 
pressure, and e the water-vapor pressure, both the 
latter in millibars. 

Introducing M from equation (3), the modified 
refractive index, for use on a plane earth diagram, 
is equal to 

M~j(p + + 0.167A, (13) 

where the height h is in meters. If k is in feet, the 
last term is 0.048k. 

Tables have been prepared by means of which M 
can be computed rapidly from meteorological data, 
namely temperature, humidity, and pressure given 
as a function of height. For this purpose M is the 
sum of three terms which are computed independ- 
ently: 

+ + (14) 

The dry term is obtained from Table 1 as a 
function of temperature and height in meters above 
the ground. (If the pressure at the ground po is 
substantially different from 1,000 millibars all 
values of Mi should be multiplied by po/l}000. In 
general this correction may safely be neglected un- 
less the difference between po and 1,000 is quite 
large, corresponding to an elevation of the ground 
level of several thousand feet above sea level.) 

The wet term M* is obtained from Table 2 as a 
function of temperature and relative humidity. 
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20 

811.5 

800.0 

306.6 

304.2 

801.9 
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80 
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40 
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131.2 

50 

310.2 

807.8 

805.4 

303.0 

300.7 

298.4 

296.2 

294.0 

291.8 

289.7 

287.6 

164.0 

75 

309.2 

306.8 

804.4 

802.1 

299.8 

297.5 

295.2 

293.0 

290.8 

288.7 

286.6 

248.1 

100 

808.1 
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268.5 

1,969.0 

700 
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266.9 

265.1 

2,297.0 

800 

28a8 

27aa 

276.4 

274.5 

272.6 

270.7 

268.9 

267.1 

265.8 

263.6 

261.8 

2,625.0 

900 

276.5 

274.6 

272.7 

270.9 

269.0 

267.2 

265 .U 

263.7 

262.0 

260.8 

258.6 

2,953.0 

1,000 

272.8 

271.0 

269.1 

267.8 

265.6 

268.8 

262.1 

260.4 

258.7 

257.0 

255.3 

3,281.0 

1,500 

255.0 

258.4 

251.8 

250.2 

248.7 

247.2 

245.7 

244.2 

242.8 

241.3 

289.9 

4,921.0 

2,000 

288.8 

287.0 

285.7 

284.8 

233.0 

281.7 

230.4 

229.1 

227.8 

226.5 

225.3 

6,562.0 
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Taxlb 1 (CotUinuei) 


A ( bX ^ 

tCQ 

±0 

2 

4 

6 

8 

10 

12 

14 

16 

18 

20 

/ m) 

0 

289.4 

287.8 

285.2 

283.2 

281.1 

279.2 

277.2 

275.3 

273.4 

271.5 

269.6 

0.0 

10 

289.0 

286.9 

284.8 

282.8 

280.8 

278.9 

276.9 

274.9 

273.1 

271.2 

269.3 

82.8 

20 

288.7 

286.6 

284.5 

282.5 

280.5 

278.5 

276.6 

274.6 

272.8 

270.9 

269.0 

65.6 

80 

288.8 

286.2 

284.1 

282.1 

280.1 

278.2 

276.2 

274.3 

272.4 

270.5 

268.7 

98.4 

40 

288.0 

285.9 

283.8 

281.8 

279.8 

277.8 

275.9 

274.0 

272.1 

270.2 

268.4 

131.2 

50 

287.6 

285.5 

283.4 

281.4 

279.5 

277.5 

275.6 

273.7 

271 J 8 

269.9 

268.1 

164.0 

75 

286.6 

284.7 

282.6 

280.6 

278.7 

276.7 

274.8 

272.8 

271.0 

269.1 

267.8 

248.1 

100 

285.8 

283.8 

281.7 

279.7 

277.8 

275.8 

273.9 

272.0 

270.2 

268.3 

266.5 

328.1 

150 

284.0 

282.0 

280.0 

278.0 

276.1 

274.2 

272.3 

270.4 

268.6 

266.8 

265.0 

492.1 

200 

282.2 

280.2 

278.3 

276.3 

274.4 

272.5 

270.7 

268.8 

267.0 

265.2 

263.4 

656.2 

250 

280.5 

278.6 

276.6 

274.7 

272.8 

270.9 

269.1 

267.2 

265.4 

263.7 

261.9 

820.2 

800 

278.7 

276.8 

274.9 

273.0 

271.1 

269.2 

267.4 

265.6 

263.8 

262.1 

260.8 

984.3 

350 

277.0 

275.1 

273.2 

271.3 

269.4 

267.6 

265.8 

264.0 

?62.2 

260.5 

258.8 

1,148.0 

400 

275.3 

273.4 

271.5 

269.6 

267.8 

266.0 

264.2 

262.5 

260.7 

259.0 

257.3 

1,312.0 

450 

273.5 

271.7 

269.8 

268.0 

266.2 

264.4 

2 C 2.6 

260.9 

259.2 

257.5 

255.8 

1,476.0 

500 

271.8 

270.0 

268.1 

266.3 

264.6 

262.8 

261.1 

259.4 

257.7 

256.0 

254.4 

1,640.0 

m 

268.5 

266.7 

264.9 

263.1 

261.4 

259.6 

258 0 

256.3 

254.7 

253.0 

251.4 

1,969.0 

700 

265.1 

263.4 

261.7 

259.9 

258.2 

256.5 

254.9 

253.2 

251.6 

250.1 

248.5 

2,297.0 

800 

261.8 

260.1 

258.4 

2.56.7 

255.0 

253.4 

251.8 

250.3 

248.7 

247.2 

245.6 

2,625.0 

900 

258.6 

256.9 

255.2 

253.6 

252.0 

250.4 

248.8 

247.3 

245.8 

244.8 

242.8 

2,953.0 

1,000 

255.3 

253.7 

252.1 

250.5 

249.0 

247.4 

245.9 

244.4 

242.9 

241,4 

239.9 

3,281.0 

1,500 

239.9 

238.5 

237.0 

235.6 

234.3 

232.9 

231.6 

230.3 

228.9 

227.6 

226.3 

4,921.0 

2,000 

225.3 

224.1 

222.9 

221.7 

220.5 

219.3 

218.1 

217.0 

215.8 

214.7 

213.5 

6,562.0 



Tablc 1 (Continued) 



Finally, 0.167A, if A is in meten, or Jlf( o 0.048A| 

if A b in feet, m«y readily be computed by means of a 
elide rale, is then obtained by addition. 

Atmoqrhcvk! Stratification 

Oivhnaiy weatiier data pve omnparativeiy Bttie 


infoimati<m about the atmoq>heric stratification 
near ground level. Radiosonde data are too widely 
spaced (vertical distancea of the wder of 100 meters 
between sttcceasive readingi) for teliaUie determina- 
tion of the variation d U with heif^t at low ieveia. 
Spedal inatromenta have tbwefoie been developed 
in recent years for low-levd soundings. Suehinatru- 







1.2 

1.8 

2.5 

3.1 

1.5 

2.2 

2.9 

3.7 

1.7 

2.6 

3.5 

4.3 

2.1 

3.1 

4.1 

5.1 

2.4 

3.6 

4.8 

6.1 


7 4 

4 5 

2 6 


6.2 


mentfi contidn temperature and humidity measuring 
elements that are relatively free of lag; they are 
attached to airplanes or diri^bles or they are carried 
aloft l^y means of captive balloons or kites. The 
above tables are for use in connection with such 
measurements. 


Two main cases must be distinguished. First, the 
refractive index or Af is very nearly a linear function 
of the height in the loSver layers (at heights above 
about 500 to 800 meters the variation of refractive 
index with height will deviate from linearity only in 
very exceptional instances). This is the standard 
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case where dM/dh is independent of h, and by using 
equation (6), k is conveniently obtamed from the 
dope of the JIf — A curve. It is found that the 
vertical temperature gradient has a comparatively 
small influence on A, while fairly small variations 
of the humidity gradient mil affect k appreciably. 

The other case is that of nonstandard refraction. 
Here M is not a linear function of the height. The 
most important special case is that of superrefrac- 
tion, which occurs when, in certain height intervals, 
M decreases with height instead of following the 
usual increase with elevation. Such a decrease of Af 
in certain layers of the atmosphere is caused by a 
steep negative moisture gradient or steep positive 
temperature gradient, or even more by a combina- 
tion of both influences. 

With superrefraction, propagation conditions are 
greatly different from those encountered with 
standard refraction and the methods to be given 
later for the determination of the transmitted power 
do not apply. This is especially true for the field 
near or below the optical horizon. The discussion of 
nonstandard propagation is beyond the scope of this 
volume. 

High-angle coverage is generally independent of 
refraction and is therefore also unaffected by the 
variations of Min the lowest layers of the atmosphere. 

Direct Determination of k 

In Figure 9 the reciprocal of k is plotted as ordinate 


against the vertical gradient of relative humidity as 
abscissa. The values shown refer to a standard 
temperature gradient of — 0.65 degrees Centigrade 
per 100 meters; unless the temperature gradient 
differs greatly from this value, the corresponding 
values of k will not be much affected. The curves 
given refer to 100 per cent relative humidity at 
ground level, and an auxiliary table is provided 
at the top of the graph which gives figures to be 
added for other values of the relative humidity. 
The sensitivity of k to moisture gradients in warm 
climates is obvious from these data. 

GROUND REFLECTION 

Ground Reflection and Coverage 

The reinforcement of the direct ray by the ground- 
reflected ray is of great importance both in radar 
and in communication work. In favorable cases, 
the reflected ray may be of comparable intensity 
to the direct ray and thus the received intensity 
may be approximately doubled in places where the 
two rays have the same phase. This means, in many 
cases, the possibility of an appreciable increase in 
range relative to that in free space. 

Complexity of Reflection Problem 

In order to facilitate the discussion of the problems 
encountered in reflection, it is necessary to analyze 
the complex phenomena into simpler constituents. 



Fiouxs 9. Graph l/k ventis RH (relative humidity) gradient and (amparatuia for 100 per cent EH at grmsiid* Add 
eorrection tabulated to obtain l/k for RH at ground leei than lOQ per 


FACTORS INFLUENaNC TRANSMISSION 


371 


First of all, the incident radiation field is resolved 
into nearly plane wave components, each forming a 
narrow pencil of rays striking the reflecting surface 
within a small area which we shall call the reflection 
point. There are two types of such rays depending 
on their state of polarisation. If the electric vector 
is parallel to the reflecting plane, the rays are said 
to be horizontally polarized and if the electric vector 
is parallel to a vertical plane through the rays, they 
arc said to be vertically polarized. When consider- 
ing a very irregular surface, the reflected field may 
show extreme complexity even though the incident 
wave is linearly polarized. Increasing roughness 
may result in diffuse reflection which is ineffective 
in reinforcing the direct wave. The existence of 
diffuse reflection depends primarily on the size of the 
irregularities of the surface in comparison with the 
wavelength of the incident radiation and on the 
grazing angle of the incident field. This problem 
will be discussed in more detail later. 

Plane Reflecting Surface 

Consider first the simplest case, when a plane 
wave strikes a plane surface such as that of an 
absolutely calm sea. The incident ray is then split 
into two parts. One is the reflected ray, which is 
returned to the atmosphere, and the other is the 
refracted ray, which is absorbed by the sea. At the 
point of reflection, the ratio of any scalar quantity 
m the reflected wave to the same quantity in the 
incident wave is defined as the reflection coefficient 
of the sea for plane waves of given frequency. Thus 
defined, the reflection coefficient can and will be 
different for the various components of the field. 

For simplicity, let us assume the reflecting plane 
to be the xy plane of a rectangular coordinate system, 
the xt plane to coincide with the plane of incidence, 
and the reflection point to be the origin of the 
coordinate system. 



For horizontal polarization, the electric vector for 
the incident wave then is 

Ei ■■ da *)] 

where ^ is the grazing ang^e, / the frequency of the 
radiatiion and c the velocity of light in free space. 
The electric vector of the corresponding reflected 


field is given by the similar expression 

Er (16) 

where p and <l> are real constants. The ratio of the 
reflected to the incident field at the reflection point 
(s « a: « 0) is seen to be 

R = pe-^. (17) 

By definition this is the reflection coefficient for 
horizontally polarized waves. Thus the reflection 
coefficient is a complex quantity, the amplitude of 
which is the reflection coefficient of the wave 
amplitude and the phase is the lag in phase of the 
reflected wave with respect to the incident wave at 
the point of reflection. 

The reflection coefficient for vertically polarized 
radiation is defined in the same way. It is found, 
however, that the expression of p and in terms of 
the grazing angle ^ and the ground constants 
are quite different for thc*two types of polarization. 
For an arbitrary position of the plane of polariza- 
tion, the wave must be separated into its vertically 
and horizontally polarized components, and the 
proper reflection coefficient applied to each compo- 
nent separately. 

The quantities p and 0 are determined by the 
boundary conditions for the electric vector at the 
reflecting surface, namely, that the tangential 
components of the electric vector on the two sides 
of the boundary surface shall be equal. This brings 
in the ground constants, that is, the conductivity 
and dielectric constant of the reflecting body. How 
these boundary conditions are applied may be 
illustrated Jby the simple example of horizontally 
polarized rays reflected from a surface of infinite 
conductivity. In the surface itself, the sum of the 
incident and reflected field strength must always 
be such that the currents set up in the body just 
suffice to produce the reflected field. Within a 
reflecting body of infinite conductivity, an infinitely 
weak field is sufficient, and hence iJie boundary 
condition is such that the reflected field, at the 
reflection point, shall be equal in magnitude and 
opposite in phase to the incident field, so that the 
resultant field is zero. Hence for infinite conduc- 
tivity and horizontal polarization 

180®. (18) 

FresneFs Formulas 

For finite conductivity, the reflection coefficient 
may assume a variety of values. The general formu- 
las, as derived from electromagnetic theory, are 
gpven in equations (19) and (20). For horizontal 

pdarization 

R « coflV ( 19 ) 

anrlt + — cobV* ' 
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and for vertical polarisation 

R « - C08»^ (20) 

€c8m^ + Vce — COS*^' 

where c« is the complex relative dielectric constant of 
the reflecting ground which is given by 

( 21 ) 

A mateiial that acts like a good conductor for 
low-frequency waves may act aa an approximately 
pure dielectric for microwaves. The case » 0 is 
therefore of considerable practical importance. When 
» 0) and R consequently is real, the phase lag is 
180^ for horizontal polarization. For vertical polar- 
ization the phase change is 180" from ^ » 0 up 
to an angle determined by tan ^o*l/Vf^. 
Here, the coefficient is zero. For larger angles the 
phase change is zero. As ^ increases indefinitely, 
^0 approaches zero and for infinite cr the phase shift 
is zero everywhere, except for ^ 0 where it is 

indeterminate. The angle is called the Brewster 
angle. For ^ 0 the amplitude is unity, and for 


1 

V^+l 


( 22 ) 


for both cases of polarization. When << is no longer 
zero, the amplitude p unll show a deep minimum 
for a certain value of ^ instead of the aero found for 
The an^e oorresponding to the minimum is 


called the pseudo-Brewster angle. These various 
points are illustrated by examples in Figure 16. 


The Complex Dielectric Constant 
of Water 

As much of the available radar and communica- 
tion equipment is either shipbome or erected along 
the coast, reflection from sea water is one of the 
principal problems to be discussed here. For micro- 
waves the salt content in sea water makes little 
difference, so that it may be assumed that the dielec- 
tric constant and conductivity are the same over all 
oceans at the same temperature. With increasing 
temperature, the real part of the dielectric constant 
diminishes roughly by one unit per 5" C. Figure 11 
gives the dielectric constant ^ of ordinary sea 
water at 17 C as a function of frequency. 

The dielectric constant also diminii^es with in- 
creasing salinity, but in the UHF-SHF region, normal 
variations of salinity have much smaller influence 
than changes in temperature and frequency. The 
imaginary part of the dielectric constant is, for 
frequencies less than say 1,000 mo, related to the 
conductivity ^ as follows: 

i, - + eOcrX (28) 

(tr in mhos per meter and X in meters). At 25 C the 
average conductivity of sea water is usually given as 
4*8 mhos per meter. Tim tempemture d^mdei^ 
given by 
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Figure 12. Amplitude of the reflection coefficient p 
versus angle of reflection ^ for sea water. (From 
Radiation Laboratory Report C-11.) 


where t is temperature in degrees centigrade. 

The conductivity of fresh water is much smaller. 
An average for inland lakes is » 10’^ mho per 
meter. For wavelengths shorter than about 10 cm, 
the dielectric constant is influenced by the fact that 
water is built up of polar molecules. The maximum 
effect is found for wavelengths of the order of 1 cm. 
For this region, there is no appreciable difference 
between salt and fresh water. 

The probable run of for sea water is shown in 



F)ra»inul8. lliaseoftheieflectkmooeflkient^ verau^ 
inibof for Ma water. Reflected wave 

lags incident wave Bk by (Fttm Radiation Labora- 
tory Report Oil.) 



Figure 14. Amplitude p of the reflection coefficient 
versus reflection angle 'P from » 0 to ST 5.5® for 
sea water. 


Figure 11. The part of the €,• curve extending from 
6,000 me to 30,000 me corresponds essentially to 
results obtained at Clarendon Laboratory, Oxford. 
Other investigators give results which are markedly 
different. This curve is thus affected by consider- 
able uncertainties and should be used with caution. 

In Figures 12 to 16 are shown amplitude and 
phase of the reflection coefficient for a smooth sea for 
various frequencies. Figure 12 gives the amplitude 
p of the reflection coefficient for both kinds of 
polarization, for reflection angles up to 90 degrees, 
and for 100 and 3,000 me. Figure 13 gives the 
phase ^ under the same conditions. The next two 



Figure 15. Phase of the reflection coefficient versus 
refleetionaaiide'8'from^ » Oto^ 6.5® lor sea water. 
Sr lap £»* by (From Radiation Laboratory Report 
C-ll.) 
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figures p and ^ on a greatly enlarged scale of 
in the interval ^ 0 to ^ 5.5^, which embraces 

all cases df practical interest. 

Overland Transmission 

Conditions over land are very different from those 
found over the sea. Land as a reflecting surface has 
larger irregularities and their effect is more pro- 
nounced. Therefore in selecting a radar site, it is 
preferable to choose a location which is surrounded 
by relatively smooth ground. The electrical proper- 
ties of the earth vary considerably for different 
localities, so that it is necessary to study the ground 
conditions for each particular case. Experimental 
data concerning reflection of very short waves from 
ice- or snow-covered ground seem to be lacking. 
Precise information might be of operational interest, 
particularly in Arctic regions. Laboratory exper- 
iments indicate that ground covered by ice or snow 
will influence the propagation of short waves some- 
what in the same way as very dry ground. 

Conductivity of Soil 

Extensive investigations have been made on the 
conductivity of different types of soil, particularly 
on low and medium frequencies. For 10 me, the 
observed values range from 6 • 10*’* mhos per meter 
for chalk to 0.13 mhos per meter for blue clay. The 
conductivity increases with increasing moisture 



Fiouiti 16. Amplitude of the reflection coeflSieient for 
moist and dry soU. 


content, so that marked seasonal changes may be 
anticipated for a given locality. It also varies with 
frequency. Under field conditiems it will not be 
possible to measure the oonductivity in individual 
cases and one will have to assume a value of about 


10"* mhos per meter for poorly conducting ground 
like chalk or very dry soil and take a value of about 
10"*' for good conductors like blue clay or water- 
bogged marshy land. Fortunately, the amplitude 
of tibe reflection coefficient Is not very sensitive to 
minor changes in conductivity when the frequency is 
sufficiently high, say 200 me or higher. Then the 
real part of the dielectric constant is the most 
important factor. 

Dielectric Constant of Soil 

It is not possible to give a standard table of 
dielectric constants o* various types of soil, because 
the variation witl the moisture content is consider- 
able. For very dry ground ^ is likely to be about 4, 
but this value may rise to 25 when the ground is 
thoroughly soaked with water. The dielectric con- 
stant of ground will normally decrease with increas- 
ing frequency. 

Above 200 me, the dielectric constant will dom- 
inate the conductivity term, and for field conditions 
the ground may be assumed to be a pure dielectric. 
This is illustrated in Figure 16 for « 7; «, = 3 
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Fiourb 17. Phase of the reflection coefficient for 
moist and dry soil 

and Cj 0; and for Cr » 25, 19*and e; «« 0. 
Except for values close to the Brewster anj^e, the 
flero conductivity curves give a usable approxima- 
tion. 

In Plgure 17, the phase, of the reflection ooeffip 
cient corresponding to the above values of and 
is also given. 

Hie DlToremee Feeler 

The pieoediiig oonridamtiene ii>pfy only to 
r^eotitm &am piaiie sinfMwe. for vribeljon {fooi • 
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Fioubk 18. Geometry for divergence factor. 


sphere like the earth, the divergence of a bundle of 
rays is increased when it suffers reflection, and the 
plane earth reflection coefflcient, R, must be multi- 
plied by a divergence factor denoted by D, which 
accounts for the earth curvature. This factor ranges 
from unity at close range where the earth can be 
considered plane to zero at points just above the 
tangent line. [Note: When the divergence factor 
approaches zero at grazing angles less than the last 
minimum, other components of the wave must be 
considered.] To a sufficient approximation D is 
given by the expression 


D « 



2hX "[-* 

dA;atan*\^ J 


(24) 


where (see Figure 18), 

hi\ ha = heights of transmitter and receiver above 
tangent plane at reflection point. 
d « distance between transmitter and re- 
ceiver measured along the surface of 
the earth. 

» grazing angle above tangent plane. 
ha » equivalent earth radius. 


Irregularity of Ground 

The formulas for reflection from a plane or a 
spherical earth can only be applied with confidence 
granting a certain smoothness of the reflecting 
surface, depending on the w'-avelength. A rule of 
thumb for the applicability of the reflection formulas 
is that the vertical height of the irregularities should 
not exceed X/16f , where X is the wavelength and ^ 
the grazing angle in radians. Suppose, for instance, 
that the wavelength is 1 meter and the grazing angle, 
1 degree. Ihe limit of tolerance is then 66/16 «« 3.6 
meters. Hence, on this wavelength one may expect 
specular refiectimi over sea in most cases. For 
X«> 10 cm, on the other hand, the limit is only 36 cm, 
and for X « 3 cm it is 11 cm. For larger grazing 
the limit of tderanoe will be correspondingly 


DIFFRACTION (GENERAL SURVEY) 
D^nition 

The term diffraction will be understood to apply 
to those modifications of the field produced by 
material bodies outside the transmitter that cannot 
be described by the ray methods of geometrical 
optics. 

With this limitation of the term diffraction, there 
are three main topics to be considered: 

1. Diffraction by the earth^s curvature. 

2. Diffraction by irregular features of the terrain, 
such as hills, houses, etc. 

3. Diffraction by objects, primarily metallic 
(targets) in two-way transmission (radar echoes). 
Also scattering by raindrops. 


Diffraction by Earth’s Curvature 

The diffraction field in this case is the field appear- 
ing below the line of sight determined by use of the 
equivalent value of the earth’s radius ha. The case 
of an idealized earth with smooth surface and given 
electrical properties can be treated mathematically, 
and the field obtained is often designated as the 
standard field (see Chapter 5). If one moves away 
from the transmitter horizontally, at a fixed height 
above the earth, the field strength decreases expo- 
nentially with distance once the line of sight is 
passed. Similarly the field strength decreases expo- 
nentially with height above the ground on going 
vertically downwards from the line of sight. In 
many instances, the variation in the field strength, 
in the diffraction region is independent of the electric 
properties of the ground. The main exception occurs 
in a comparatively shallow layer near the ground. 
Only for the important case of propagation over sea 
water and for frequencies below 100 megacycles 
does this layer become high enough to cover an 
appreciable part of the whole diffraction region. 

Diffraction by Terrain 

The problem of diffraction by terrain features 
requires special treatment. Frequently a field of 
appreciable magnitude is found behind hills, houses, 
etc. Diffraction is also important when there is a 
sudden change in ground properties, as for instance 
in a transition from land to sea. In this case the 
shore line acts as a diffracting edge. Only a limited 
number of cases lend themselves to eviduation by 
simple formulas. The cases are those which can be 
treated by the Fresnel-Kirchhoff method of optics 
which leads to a somewhat intricate but straight- 
forward mathematical formula for the diffracted 
field strength. In spite of its apparent limitations, 
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the Fresnel-Kirchhoff formula is often applicable 
to short-wave propagation problems. It is treated 
m Chapter 8. 

Difl&action by Targets 

This problem can be dealt with theoretically by 
methods similar to those used in computing diffrac- 
tion by terrain features, the main difference being 
that the angle of scattering is nearly 180 degrees 



Figxtrb 19. Reflecting pattern of an airplane. 


instead of approximately 0 degrees. 

In the case of target diffraction, theory is less 
useful than in many other problems of wave propa- 
gation. This is due to the fact that radar targets 
such as airplanes or ehipsHiave an extremely complex 
structure; the scattered intensity will therefore 
often change by many decibels as a result of only a 
small tilt of the target. Figure 19 shows a typical 
reradiating or reflecting pattern for an airplane. 
Numerous measurements of the average radar cross 
section of planes and ships have been made. 

A phenomenon of great importance in the micro- 
wave region is the scattering of radiation by water 
drops in the atmosphere. Small droplets such as are 
found in fogs and most types of clouds do not give 
reflection visible on the scopes. Only drops large 
enough to produce actual precipitation give appre- 
ciable radar echoes. However, this does not neces- 
sarily mean that rain is falling at the locality indi- 
cated by the scope; frequently vertical updrafts of 
air will maintain drops afloat that in still air would 
fall to the ground; moreover, drops falling from a 
comparatively high cloud can evaporate before 
reaching the ground. Especially in tropical regions, 
the last-named phenomenon is more common than 
is ordinarily thought. 
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INTRODUCTION 

Objectives 


where Gi and Ga are the gains of the transmitting and 
receiving antennas, respectively, and A, the gain 
factor, is equal to 


T his chapter is devoted to the definition and 
calculation of the various factors which enter 
into a computation of the field strength of radio 
waves propagated in the standard atmosphere above 
the earth. 

In Chapter 2, particularly in text on pp. 336-340, 
are given the basic definitions of path-gain factor 
and radio gain for transmission between doublets 
and other antenna types in free space. The present 
chapter shows how these quantities must be modified 
to account for the influences introduced by the 
curvature and electrical properties of the earth. 

The methods of computation are presented in 
considerable detail to enable the interested reader to 
apply them to his particular problem, and sample 
calculations are given which should assist in reducing 
to a minimum the time required for obtaining the 
answers in a given case. 

DeRnitions Relative to Radio Gain 


The radio gain is defined as the ratio of received 
power Pa, delivered to a load matched to the receiver 
antenna, to transmitted power Pi, mth both an- 
tennas adjusted for maximum power transfer. For 
doublet antennas in fi’ee space this ratio is given by 
(3X/8Td)*Rnd is denoted by do®, that is, 



and the free-space gain factor is given b} 


do 


3X 

8ird 


( 2 ) 


in which d denotes the distance from the transmitter 
to the receiver measured in the same units as the 
wavelength X. 

When the radiation is emitted and received by 
directive antennas and the propagation takes place 
through a refracting and absorbing atmosphere, and 
reflection and diffraction effects of the ground are 
taken into account, the expression for the radio gain 
becomeB a very complicated affair. 

For the general case of one-way transmission, the 
radio gain is given by 

(3) 


d * d(4p (4) 

with dp equal to the path-gain factor. [See equation 
(27) in Chapter 2.] 

For radar or two-way transmission, the radar gwn 
is decreased because the energy traverses the path 
both ways and is influenced by the radiating proper- 
ties of the target as given by the radar cross section cr. 
Combining equations (46) in Chapter 2 and (2) in 
this chapter, the radar gain equals 

Comparing equations (3) and (5), it is seen that the 
gain factor d may be used also for two-way trans- 
mission, provided the additional term 16T<r/9X* is 
included in the formula. 

Later on it will be shown how to split up d and dp 
into a product of various factors, represented by 
graphs which make it possible to carry out computa- 
tions in specific cases. 

The gain factor d may also be expressed in terms 
of the field strength E and free-space field strength of 
a doublet transmitter Ep. From equation (28) in 
Chapter 2, 

( 6 ) 


Combining this equation with equation (4) 
A_E 1 

do J^oVCri 


(7) 


where Eq^/Gi is the free-space field of the trans* 
mitting antenna with gain Gi, 

The free-space field, in terms of the transmitted 
power Pi, is given by 

( 8 ) 

d 

for a point in the direction of maximum radiation. 
In terms of the power Pa delivered to the load circuit 
of a receiving antenna, with matched load and 
oriented for maximum pickup, the field at any point in 
space is equal, from equation (17) in Chapter 2, to 



It is sometimes convenient to express E in terms of 
the (radiation) field at one meter from the trans- 
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mitter, whence Ea '■ Ei/d and, from equation (6), 

( 10 ) 

Factors Affecting Attenuation 
and Gain 

The above definitions are quite g.eneral. In the 
absence of the earth, there remains only the free- 
space attenuation which results from the spreading 
out of the radiated energy as it moves away from 
the transmitter. At a distance which is several times 
larger than the wavelength, the field strength varies 
inversely as the distance from the antenna. 

The presence of the earth affects the field through 
two sets of quantities. One set is geometric and 
includes the heights of the antennas and their dis- 
tance apart, the curvature of the earth, and shape 
of terrain features. The other set is electromagnetic 
and depends on the dielectric constant and con- 
ductivity of the earth and of its atmosphere, the 
polarization and the wavelength of the radiation. 

Simplifying Assumptions 

The present chapter is mainly concerned with the 
computation of the field-strength distribution of a 
transmitter for certain idealized standard condi- 
tions, so chosen as to give a fair average picture 
of propagation conditions for very high-frequency 
radiation. The reasons for this limitation are stated 
in Chapter 1. In substance, the limitations are 
imposed by the great complexity of the general 
problem, which makes it necessary to proceed in 
successive steps. The first step is to consider propa- 
gation under standard conditions, which will be 
defined farther on. Successive steps take into 
account diffraction by terrain, that is, by trees, 
hills, mountain ranges, or shore lines, or by non- 
standard propagation effects in the atmosphere. 

The fundamental importance of a knowledge of 
propagation under standard conditions is first of all 
due to the fact that in a large number of cases condi- 
tions do not differ significantly from standard. On the 
other hand, when they do deviate significantly, the 
standard solution sets up a criterion for the discov- 
ery of deviations and the evaluation of the infiuence 
of the nonstandard conditions upon propagation. 

The basic assumptions which define what we have 
been calling standard propagation conditions will 
now be given. 

1. Standard atmosphere. It is assumed that the 
index of refraction of the atmosphere has a uniform 
negative gradient with increasing elevation. As has 
been pointed out in C^Apter 4, the infiuence of such 
an atmosphere upon propagation is equivalent to 
that of a homogeneous atmosj^ere over an earth of 
radius ka, where k is a constant that usually is taken 


equal to 4/3. 

2. Smooth earth. The earth is assumed to be 
perfectly smooth. It can be considered sufficiently 
smooth if Rayleigh’s criterion is satisfied, that is 
when the height of surface irregularities times the 
grazing angle (in radians) is less than X/16 (see 
page 376). 

3. Ground constants. The dielectric constant and 
conductivity of the earth are assumed uniform. For 
wavelengths less than one meter this assumption is 
particularly valid since in this case propagation is 
largely independent of the ground constants. In 
the VHF (1 to 10 m) range, the same is true with the 
hnportant exception of vertically polarized radiation 
over sea water. For the VHF range, the assumption 
of uniform earth constants is unsatisfactory for 
paths partly over land and partly over sea water, or 
over aea water with large land masses near-by (see 
Chapteis 8 and 10). 

4. Doublet antenna and antenna gain. For the 
formulas of this chapter, the radiating system is 
assumed to be a doublet antenna (i.e., a straight 
wire, short compared to the wavelength). Actual 
antennas have radiation patterns different from 
that of a doublet, usually having greater directivity. 
The antenna gain of a half-wave dipole is 1.09 times 
(or 0.4 db greater than) that of s doublet, the field 
maximum being the same in the two cases. This 
gain is insignificant in practice. For other types of 
antenna systems and for microwave frequencies, the 
gain may be many times larger. 

The propagation problem, thus limited, has been 
solved mathematically; but the explicit mathematical 
formulas are far too complicated to be of much use to 
the practical computer. Much additional w'ork has 
been done, however, to bring the solution into a 
form suitable for practical use. This involves 
reducing the computations to the use of graphs, 
nomograms, and tables, and it is this final stage of 
the problem which is the subject of subsequent 
parts of this chapter as well as of Chapter 6. 

Curved-Earth Geometrical 
Relationships 

Let hi and hi denote the heights of transmitter 
and receiver above the earth’s surface, respectively, 
and let d denote the distance from the biuse of the 
transmitter to the base of the receiver, measured 
along the earth’s surface. For a number of cases 
concerned with high-frequency radiation over the 
earth’s surface, it is sufficient to identify the straight* 
line distance from transmitter to receiver with the 
distance d between the bases measured along tiie 
curved earth. But when path differences are of 
importance, as they am in interference problems of 
reflection and in diffraction, it is necessary to com- 
pute distances to a hi|^r order of accuracy* 
Throughout this chapter, theeaiih will be assumed 
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to have the equivalent radius ka^ and the atmosphere 
to be homogeneous, and radiation to travel along 
straight liPes. 

The straight line from the transmitting antenna 
and tangent to the earth’s surface (the so-called 
line of sight) touches the earth along a circle which 
constitutes the radio horizon of the transmitter. 
The distance measured along the earth from the 
transmitter to the radio horizon will be denoted by 
dr] and the horizon distance of the receiver by 
These geometrical relations are illustrated in 
Figure 1. 

From this figure, it follows that 

ka+hi- . ( 11 ) 

COS (dr/ka) 

Inasmuch as 

S - ^ka + l^. 

cosidr/ka) 2 fca 

equation (11) assumes the form 

( 12 ) 


df^^2kahi, (13) 

Similarly, the horizon distance of the receiver is 

dR-^2kah. (14) 

The sum of the two horizon distances is given by 
dx,, where 

di = dy + d^, (15) 


Optical and Difiraction Regions 

I'he points visible from the transmitting antenna 
(on an earth of equivalent radius fca), i.e., the points 
above the line of sight, constitute the optical region 
(Figure 1). The rest of space lies beyond the trans- 
mitter horizon and below the line of sight and is 
called the shadow or diffraction region. 

oericAL hguon 



FteuBii 1 . Oeometry for radio wave propagation over 
curved earth. 

It is frequently necessary to know whether a 


receiving antenna lies in tne optical region or the 
diffraction region of a given transmitter. This 
evidently is equivalent to knowing whether the 
distance d of the receiver from the transmitter is 
smaller or larger than the combined horizon distance 
di. By equations (13), (14), and (15), it follows 
that in the optical region 

d < V2)ka (VAi -f- ^ht), (16) 

and in the shadow region 

d > (17) 

A graphical representation ot the equation 

di, = -^Tka (Va^ + ( 18 ) 

is given in Figure 2. For fc - 4/3, a «* 6.37 X 10* m, 
this takes the form 

dx, » 4120 (VAi -j- ^lk^ meters, (19) 
where Ai, As are given in meters and di in meters. 





FiO0ica2. Sum of transmitter and receiver horison 
distances for standard refraction. To change scale: 
BivideAt and As by 100, and divide di by 10. 
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Nature of the Radiation Field 
in the Standard Atmosphere 

The mathematical solution for the radiation field 
takes various forms for particular cases. The treat- 
ment for low antennas, for instance, differs from 
that for high antennas, and similarly the equations 
must be handled differently for the two t3rpes of 
polarization. These and related problems are dis- 
cussed in general in the following. 

1. General form of field variation. The mathemat- 
ical expression for the radio gain of the radiation 
field of a doublet under standard conditions is given 
as the sum of an infinite number of complex terms or 
modes. (See pp.4 21-428.) Disregarding the phase 
factor, a representative term (mode) of this series 
has the form 

m-/i(/ii) •/*(«. (20) 

These modes are attenuated unequally. Well within 
the diffraction region, the first mode contributes 
practically all of the field so that the effects of dis- 
tance and height are separable. In this region, the 
problem of numerical computation is simplified^ 
since it is possible to use separate graphs for the 
dependence on height and distance. As the receiver 
is moved toward the transmitter, the number of 
modes required for a good approximation increases. 
For low antennas, the addition of the modes is 
practicable and the graphical aids are useful for 
short distances. These conditions are illustrated in 
Figure 3 for horizontal polarization or ultra-short 
waves. 

In the optical region, the methods of geometrical 
optics give a result equivalent to that of the rigor- 
ous solution at points which are not close to the line 
of sight. The field is then the sum of a direct and a 
reflected wave, resulting in an interference pattern. 

The preceding discussion is illustrated by Figure 4 
which shows the variation of field strength with 
distance for fixed antenna heights, for propagation 
over dry soil with a wavelength of 0.7 meter on 
vertical polarization. The numbers refer to the 
number of modes required for a better than 99 per 
cent approximation. The interference pattern is 
illustrated by the oscillatory nature of the curve. It 
will be observed that beyond the first maximum, 
the points found by geometric optics give a value 
of the field which is slightly too low. (See dots in 
Figure 4.) In f<ust^ as the line cf sight is approached, 
the optical fomttla approachee.eero whereas the exact 
sohi^on does not. The geometric-optical method 
breaks down in the optical region as the line of 
sight is approached. It may be noted that I^lgure 4 
has been drawn for k ^ 1 rather th i^n for the cus- 
tomary value of fc » 4/3 corresponding to standard 
atmo^ihere conditions and is for a hypothetical 
isotropic radiator. 


If the earth were flat and perfectly reflecting, the 
envelope of the maxima of the cun'^e in Figure 4 
would coincide with the line 2Eo, twice the free- 
space field, corresponding to the in-phase addition 
of the direct and reflected waves. An envelope of the 
minimum points would be .F 0, corresponding 
to the destructive interference of the direct and 
reflected waves. The curvature of the earth, resulting 
in increased divergence of the waves (see text on 
p.384\and the lack of perfect reflection (see text on 
p.383) cause the maximal and minimal envelopes to 
differ from 2Fo and 0, respectively. In the neighbor- 
hood of the first maximum in Figure 4 (i.e., when the 
direct ray makes small angles with the earth), the 
reflection coefficient tends to be unity in magnitude 
for both polarizations except for the increase in diver- 
gence which results in the deviation of the maxi- 
mal and minimal lines from 2E and 0, respectively 
At a smaller distance, for vertical polarization, as 
shown in Figure 4, the deviation is caused principally 
by the smaller magnitude of the reflection coeffi- 
cient. The virtual meeting of the maximal and 
minimal lines corresponds to the minimum value 
of the reflection coefficient at the pseudo-Brewster 
angle. (For horizontal polarization at small dis- 
tances, the envelope of maxima would virtually 
coincide wdth 2Eo and the minima would be closer to 
zero. As the distance is increased, the difference 
between the envelopes for vertical and horizontal 
polarization gradually decreases.) 

2. Both antennas low; h < he. In a discussion of 
the height function, it is convenient to distinguish 
between high and low antennas. The critical height 
separating the two cases for horizontal polarization 
or ultra-short waves is given by 

h,^ « 30X*'^ meters (21) 

where X is expressed in meters. For X « 0.1 meter, 
he * 6.46 meters, and for X « 10 meters, h^ » 139.5 
meters. If both antennas are at elevations less than 
X*, the height-gain functions /(X), to a first approx- 
imation, are the same for all the modes, so that the 
complete solution 

/i(Xx) • /i(X,) . Fi(d) + A(Xi) . U(M ) . F,(d) + -h + 

can be written in the form 

f{h)-f%)^{Fy + Ft + ---), (22) 

or 

(23) 

where /(Xi) replaces /i(Xi), /(X») replaces fi(jh%), etc., 
while F(d) stands for the sum Fi + Ft + ** • , 

The* distance function F(d) can be calculated for 
particular cases. This has been done for high fre* 
quencies and is represented graphically on pp.403« 
432, the results being valid for low antennas for all 
distaaces in the optical as well as in the diffraction 
region such that 2XiXt < < Xd (see Figure 3). The 
condition 2X}Xt < < Xd assures that the antennas are 
below the interference pattern. 
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Fxoubb 3. Field regions as related to transmitter heights for horisontal polarisation or ultranihort waves. Low antenna 
region ■■ Xd > 2hih%\ Ai, A* < SOX®/^ 



Fioubb 4. Variation of field strength with distance for ];nx)pagation on vertical polariMtion with a wavelength of 70 cm 
over dry soil. The point **due to minimum" results from minimum in reflection coefficient at the pseudo-Breweter angle. 


At the ground, /(A) » 1, so that if both antennas 
are elose ta the ground, the distance dependence is 
given by F(d) only. 

3. One or hath arUennaa elevated; k > 30X*''* 

For elevated antennas, h> he and the height-|;ain 
functions of /(A) vary with the modes. Conse- 
quently, it is not possible to separate the hei^t and 
distance effects as in the previous paragraph. 

In the optical*interferenoe region, it is more ad- 
vantageous to .use the method of combining tiie 
dheot and reflected waves. This is equivalent to 


the rigorouB solution which is illustrated by the dots 
in Figure 4. 

Simple graphical aids can be given for points well 
within the diffraction region where the first mode 
predominates. The range of usefulness of the first 
mode can be extended by plotting the field strength 
given by the first mode as a function of height (or 
distance) and plotting a similar curve by using the 
ray method as far as the lowest (or first) maximum 
(see Figure 7). Then by joining these partial curves 
into a smooth overall curve, a fairly good value of 
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the field can be obtained for intermediate points. 

There is a further possibility occurring with the 
transmitting antenna elevated, the receiver low and 
lying below the interference pattern, and the dis- 
tance short. In this event, none of the previous 
methods apply. However, the reciprocity principle 
(see Chapter 2) can be applied to find the ra^o 
gain at the receiver by interchanging the role of 
receiver and transmitter. Suppose the original 
transmitter height is 100 meters, the original re- 
ceiver height 16 meters, and the wavelength 1 meter. 
Now let the transmitter height be 15 meters. If the 
receiver height is low < 30 meters), values of 
the gain can be found ( page 405 ) ; if the receiver 
height is in the interference region, the gain can be 
found by the ray method. Now suppose a curve be 
drawn ^r thei^ results, giving the attenuation 
versus receiver height. From this graph, the value 
of the gain factor A kth%^ 100 meters can be read. 
This value of A by the principle of reciprocity is the 
gain factor for the original heights. 

4, UUrorBhort waves in the diffraction region. 
Dielectric earth. For X < 10 meters (/ > 30 me) and 
for either polarisation, land acts as a dielectric earth 
or absorbing earth in contradistinction to a conducting 
earth. Propagation over a dielectric earth is practi- 



Fiourb 5. Field strength ratio versus distance for 
vertical polarisation over dry soil for hj 100 meters 
and Xs ** 0. 



cally independent of earth constants. For a given 
type of polarisation, the chief variables affecting 
gain are then the heights of the antennas, their 
distance apart, and the wavelength. Within the 
diffraction region, the effect of increasing wavelength 
is to increase the field strength. This is illustrated 
by the curves in Figures 5 and 6. The dielectric earth 
is characterized by a value of $ > > 1. 5 is given 
by equation (193). 

While sea water has a relatively high conductivity, 
radio wave propagation over it is the same as that 
over a dielectric earth in the case of horizontal polar- 
ization for X < 10 meters, and in the case of vertical 
polarization for X < 1 meter. Consequently, verti- 
cally polarized radiation of wavelength range 1 to 10 
meters over sea water is given special treatment on 
pages 416-419. 

In the same range, 1 to 10 meters, for vertically 
polarized radiation and for distances less than those 
given in Table 3, propagation conditions over land 
also deviate slightly from those corresponding to a 
dielectric earth. 

5. Optical region. In the optical-interference 
region, the lobes for the shorter waves are more 
numerous, narrower, and lower, as can be seen from 
the oscillatory part of the field strength versus 
distance curves of Figure 6. 

The dependence of reflection coefficients upon 
polarization, wavelength, and ground constants is 
discussed on pp. 370-375. 

6. Horizontal versus vertical polarization. In the 
optical region, for rays at small grazing angles, there 
is not much difference between the two types of 
polarization. For larger grazing angles, the differ- 
ence is more marked (see the section on reflection 
coefficients. 
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It has been pointed out in the previous paragraph 
that within the diffraction region for X < 10 meters 
and propagation over land, there is practically no 
difference in intensity between a horizontally and a 
vertically polarized radiation field. For X < 1 meter 
there is, similarly, no difference for propagation over 
sea water. When there is a difference, as for low 
antennas, horizontal polarization gives a smaller 
gain; but as the antennas are raised, the two cases 
approach equality. 

PROPAGATION FACTORS 
IN THE INTERFERENCE REGION 

Propagation Factors 

factors affecting gain in the region where the 
methods of geometrical optics may be applied are 
discussed in this and the next three sections. 

Spreading Effect 

From the formula of equation (1) in Chapter 2, 
for the field intensity components of the radiation 
field, it follows that for distances from the transmit- 
ter large in comparison to the wavelength, the domi- 
nant term falls off inversely as the distance from the 
transmitter, or 

(24) 

w’-here Ei is the field strength at unit distance. This 
means that the power per unit area in the radiation 
field varies inversely as the square of the distance. 
This spreading effect is the consequence of the fact 
that the energy of the wave is distributed over larger 
and larger areas as the wave progresses away from 
the transmitter. 

Interference 

When a wave travels over a conducting surface, 
constructive and destructive interference occurs 
between the direct wave from the transmitter and 
the wave reflected by the surface. This is illustrated 
in Figure 8, which is drawn for a plane earth. If 
there is no energy lost in reflection, the direct and 



FiouiubB. Qeomeliy for radio propagation over a plane 
earth* 


reflected \iaves are of equal intensity, and their 
resultant varies from zero to twice the free-space 
value, depending upon the phase difference between 
the two components. The reflected wave lags the 
direct wave by an angle 5 + (^, where 5 is the phase 
retardation caused by the greater path length 
traversed by the reflected wave and <f> is the phase lag 
occurring at reflection. 

Figure 9 shows the vector diagram for the case 
w'here the phase shift at reflection is ^ » 180 degrees. 


Er 



Fiqurk 0. Vector diagram Bhowing the addition of 
the direct and reflected wavefi foT<t> •" 180*’ and p 1. 

This condition holds for horizontally polarized 
radiation of frequency above 100 megacycles, re- 
flected from sea water at grazing angles ot less than 
10 degrees. The resultant electric field is equal to 

^ EJ‘ + Er^ - 2EoEr cos 6 

— (Eb — E,y + 4EaE, sin’ . (26) 

If the reflection is complete, as from a conductor of 
infinite conductivity, 

E, = J5«, £ = 250 sin-. (26) 

2 


Imperfect Reflection 

In general, the strength of the reflected wave Ef 
is less than that of the incident wave Ei, partly be- 
cause of diffuse reflection and partly because some 
energy is refracted into the surface and absorbed. 
Furthermore, the phase lag usually differs from 
180 degrees, depending upon the frequency and 
grazing angle. This is especially true for vertical 
pohrizaiion where the reflection coefficient is a 
critical function of both the grazing angle and fre- 
quency. The ratio 

(27) 

is a complex number and defines the reflection co- 
efficient R, which has an absolute value p and a 
phase angle 

In equation (27), a lagging angle is considered 
positive. Writing ^ * t + 0', equation (27) may 
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be expressed as 

« - ^ = pc"'''* +♦'>- - pe'^*' (28) 

Ei 

In equation (27), the lag angle 4> measured with 
respect to zero-degree phase shift at reflection. For 
horizontal polarization, 0 varies from 180 degrees to 
183 degrees, and from 180 degrees to 3 degrees for 
vertical polarization at 3,000 me over sea water. 
In equation (38), lag angle 0' is measured with 
respect to a 180-degree phase shift (that is, from 
Ei reversed), and varies from 0 degree to 3 degrees 
for horizontal polarization and from 0 degree to 
— 177 degrees for vertical polarization. 

The resultant field intensity is 


E - iPo + p£?oe’^<‘+*> 


+ piEoe 
£o(l-pe 


(29) 


where 

The absolute value of the received field \E\ is 
given by 


|®|-£.^(l-pe+'“)(l-pe-»“) 

1 ® I - ^ 1 + p‘ - 2p cos 0 

mEo^d- pY + 4p sin'l . (30) 


Equation (30) shows that the received field intensity 
has a maximum of 2Eo when 


P “ 1, 

0 » (2n + l)ir. 


(31) 


The value of E is & zero when 


P “ 1, 
tt « 2nr. 


(32) 


In equations (31) and (32), n includes all integral 
values and zero. Equation (30) may be written as 


^-y-^(l-p)» + 4p8in‘|. (33) 


where E is the field at distance d from the trans- 
mitter, and El is the field strength at unit distance. 
From equation (33), 

‘*-f-Ja-p)* + 4p8m*|. (34) 

In free space where there is no reflecting earth, 
fimO, and 

( 88 ) 


where do is the equivalent free-spaoe distanoe from 
the transmitter at which the field strength B would 
be found. Hence equation (34) may be written in 


the form 

d =» do ^(1 ^ p)* + 4p 8in*-| • (33) 


Divergence 

The divergence factor D is introduced to account 
for the decreased gain produced by the spreading 



Figure 10. Increased divergence resulting from re- 
flection by a sphere. 


of a wave reflected from a splierical sui*face. Re- 
ferring to Figure 10, 



In calculating the field intensity reflected from a 
spherical earth, the inverse distance attenuation 
factor 1/u used for the direct wave must be multi- 
plied by the divergence factor i>, which is alwa3n3 
less than unity. 

As a result of this divergence the reflection 
coefficient for a spherical surface is less than that 
for a plane surface as given by 

pD « p' (38) 


where p' is the spherical earth reflection coefficient. 
Equations (30) and (36) may then be written as 


I E I * Ep ^(1 - p')s+ 4p' 

and 

d-do^(l_p')i + 4p'Bin«|. 


(39) 

(40) 


Anteniui Gaia aad Directivily 

The effects of antenna gm and directivity are 
expressed by means of the gain factor 0, defined in 
text m p.839, aad the antenna pattern faetm Ft 
aad Ft, which are the fractions (rf the mAvlmum nufi. 
atioB amplitude in the direction of the direct and 
reflected ntys reqieotiveiy. The maximam ampli. 
tilde for a transmitting aatenaa witii gain Ot is 
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Ei VCri JSfo, where Eo is the freenspaoe field 
streogth radiated by a doublet. 

When the antenna pattern factors are taken into 
account, the resultant field intensity, following 
equation (30), is 

E V(7i Eq^ F^p*D^ — 2F iF^pD cos Q. (41) 



The factors Fi and Ft are functions of the angles 
7 i — a and p + a which the direct and reflected 
rays make with the axis of the beam. Figure 11 is a 
typical antenna pattern. 

GENERAL SOLUTION 

Generalized Reflection Coefficient 

Equation (41) may be simplified by introducing a 
generalized coefficient which includes the effects of 
reflection, divergence, and directivity. The ampli- 
tude of this coefficient will be denoted by K and is 
given by 

K^^pD. (42) 

F\ 

Substituting Ft FiK/pD in equation (41) gives 

E « VftFiEo Vl + JK* - 2Xcos fi (43) 
or 

E - ^G^FiEoyj (1 - X)* + 4A: sin* | . (44) 



Fiqube 12. “ F)* + aa a function of 

K and Q. 


be found from the antenna specifications for a given 
set. The free-space field Eo at distance d from a 
transmitting doublet with power output JPi is equal to 


Eo 


3V5 VK" 

d 


(47) 



Figijbe 13. Free-apace range d aa a function of field 
strength E 9 and transmitter power Pi. 


If the transmitting antenna is pointed so that the 
direct ray lies in the direction of maximum gain, 

Fi » 1, and 

E - J (1 - K)*‘+ 4K ma* - (46) 

2 

d - yl(l-K)* + 4Kdn* |. (46) 

Elgure 12dKmB 

J(l-K)* + 4Km* 5 

2 

as a function of K for various values of sb 0/2 and 
Biaiir be used to calculate 

The value of to be used in equatifm (46) may " 


Figure 13 shows Eo in decibels above 1 microvolt 
per meter as a function of d for various values of 
transmitted power. The free-space field at distance 
of d meters expressed in decibels above 1 microvolt 
per meter for Pi watts radiated is 

Decibels - 20 log™ . (48) 


PLANE EARTH 

Use of Plane Earth Formula 

Hie following section will show that under oer 
tain conditions calculations based upon the assump- 
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tion of a plane earth yield satisfactory results. Cal- 
for propagation over a plane earth are 
pmm in this section. 

Path Difference 


It fdlows from equation (29) that when p = 1 
and ^ - 180 degrees, the received field depends 
only upon the phase lag caused by path difference. 
Referring to Figure 8, 


r< - 'vfi + (fci - •dyjl + (— ) 

( 49 ; 

r - + (hi + hs)* “ d'^l + ^ , 

(50 

j r 2hihi kiha(hi* ■+* W) j_ "] 

+.-J. 

2Aift» r. _ hi* + 111 * 1 (51 

“ d L 2 d‘ 


+ (hi - h,)* - di 


hi* + ht* 


<< 1 , 


THE STANDARD ATMOSPHERE 

The phase lag caused by the path difference A is 
equal to 

j__^2£/2^\ 4^ (53) 

\\ d / Xd 

where X is the wavelength of the radiation. 

Field Strength Equations 

When p » 1 and 0 » 180®, equation (26) may be 
used. Substituting equation (63) for B into equation 
(26) gives 

E ~2Eo^(^^y (54) 

If «/2 < 10®, sin (S/2) -» S/2 and 

(55) 

Xd 

When hi or ht equals 0, equation (55) indicates that 
the received field intensity is equal to zero, which is 
contrary to fact. Foi this case the diffraction field 
must therefore be calculated and included as ex- 
plained on page 380 . 

In the general case (p < 1), equation (44) may 
be applied with K « {F%/Fi) pD, A refinement may 
be added to the calculation by taki^ into account 
the fact that the image source (Figure 8) of the 
reflected wave is at a distance r -f A from the re- 
ceiver. The reflected wave is attenuated more than 
the direct wave, according to the free-space attenua- 
tion ratio (r -f A)/r. If this is taken into account 



Fiouhb 14. Oeometry lor radio wave propagaiioii over a ephoHcal earth, (Vertiaal d i we in i oB e ffreatiy exaggerated*) 
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as? 


the ordinary reflection coefflciont is replaced by 



The correction is not necessary when 2hihi << (P 
[see equation (52)]. 

SPHERICAL EARTH 

Measurement of Distance 

The difference between the slant range u nnd the 
distance measured along the surface of the earth and 
designated by d in Figure 14 is usually negligible. 
For a transmitter height of 1,500 meters, the error 
in assuming « d is 0.04 per cent at a distance of 
161 km and height of 6,900 meters, and 1 per cent 
at the same distance but at a height of 22,500 meters. 
As the transmitter height is increased, the error is 
increased. 


Equivalent Heights 


In order to express the slant range in terms of the 
curved distance d to a higher order of accuracy, the 
cosine law is applied to the triangle, transmitter- 
receiver-earth center. This gives the equation 
as (fco hi)* 4" {kOL 4“ h^* 

- 2{ka 4- ^i) {ka 4- ht) cos ^ . 

Selecting the relatively important terms of the order 
and d^Qii + hi ) well as powers of d higher 
than the fourth, the above equation reduces to 

r<‘ - + (^ - w* + P(h+ht- (57) 

ka \ I2ka/ 


Solving equations (13) and (14) for hi and ht gives 
h 

^ 2ka* 




2ka* 


These results may also be expressed by saying that 
the distance from the surface of the earth to a plane 
which is tangent at a distance dt from the trans- 
mitter is diV2ka. 

Hence for a transmitter of height hi above the 
ground the height above the tangent plane at the 
reflection point, the so-called equivalent height Jib, to a 
first approximation. 





( 68 ) 


and for the receiver the equivalent heij^t is 


V 




2ka' 


(59) 


The equivalent heii^ts are shown in Figure 14, 
which illustrates the geometry of the spherical earth 
having an effective radius of ka. 


Angles 

Referring to Figure 14 and remembering that the 
angles are greatly exaggerated in the figure, it is 
seen that 


tan ^ , 

di da, 


(60) 

i. ^ ki d 

tan 7 ^ , 

d2ka 


(61) 

d 

d 

2ka ’ 

(62) 

V +p. 

ka 


(63) 


Angle ^ must be evaluated in order to determine the 
reflection coefficient. Angles and v determine the 
antenna pattern factors Fi and F 2 , which are shown 
in Figure 1 1 . The angle y is significant in coverage 
calculations and angular approximations. 

Determination of Reflection 
Point (di) 

Since several equations of the two preceding 
sections depend upon di, it is necessary to be able 
to determine this distance when the transmitter 
and receiver heights are given and the distance 
between them is known. Let 




(64) 

and 


A,. (*• + **) (I + C), 

(66) 

so that 


*«^(l-b), 

(66) 

and 

A,-^> + ^(l-c), 

(67) 

where 

di + di 

(68) 

and 

4- Aa 

(69) 


Assume hy > and di > da, so that b and c will 
always be positive. This is always possible because 
of the principle of reciprocity. From equation (60), 


iL„ V 

di df 

^ ^ A 

di 2ka dt 2ka * 
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Substituting for dt and dt from equations (64) and 

( 66 ), 

^ /I + c\ ^ d(l + 6) 
d \1 -f 4fco 

d \l-^b) 4ka 

Simplifying, 

hi + hi 2(c — 6) _ W 

1-6* “2ifca‘ 


Solving for c, 

c«6 + 6m(l-6*), (71) 

where 

m ■» ^ ^ • (72) 

Akaihi^h) 

To determine di, equation (71) must be solved 
for 6. This is a cubic equation, which is easily solved 
when rn is small in comparison to unity. However, 
for m values comparable to unity, or larger, it is 
easier to plot a series of curves showing c as a func- 
tion of m for assigned values of 6 ranging from 
0 to 1. These are straight lines with a slope of 
6(1 — 6*) and are given in Figure 15. 


The procedure for calculating di when hi, and 
d are given is as follows: 


1. Compute c »» 

2. Compute tn 

ika(hi + h^) 

3. Read 6 from Figure 15. 


hzJa. 

hi + hi 

d* 


4. Calculate di — (1 + 6). 
2 


It should be noted that ht may be the height of 
either the transmitter or receiver. The only re- 
strictions are that hi > ht and di represents the 
distance from hi. 

Another method ivill now be given for calculating 
di. This method will be particularly useful when 
di/d < < 1 and will be applied in Section 5.5.8 on 
generalised coordinates. Let 


di » sd, 8< 1. (73) 

Hence 

d, « (1 - «)d. 

From equation (70) 

6^ 5^ ^ ht _ (1 — s)d 

sd (1 — «)d 2ka 



PiouioDlS, Qmi^lorobtaiiiing6lw#mvMusBof eaadm (Marooai, lid.) 


Smpiifying, 


calculation or radio gain 


,_|,-.[fe(fc + w-l]+^. 0.(74) 


If « < < 1, the terms s* and s* may be neglected 
to a first appro5dmation, and 


a 


(h, + h,) 


eP 

2ka 


(75) 


U d << dz, f hf 18 well above the line of sight and e 
reduces to 


hi ^ A ^ 
hi + hi d 


(76) 


Equation (76) is the plane earth formula. 

Curves showing a as a function of hs/hi and 
d/df are given in Figures 19 and 20. These may be 
used for the direct calculation of di » ad within the 
limits of interpolation. 


Path Difference 


and where 


550 

hi*'* 


A (A,) 


is given in Figure 16, plotted against 

A. JL 1 

4 “ VSfca ‘ V]^+ Vhi 


If ht < hi, interchange ha and hi on the curves and 
ordinate of Figure 16. 

The maximum value of A (Ap) is 

A(V-.-578X.(r‘5=^- <“) 

If the plane earth correction factor is negligible for 
the wavelength under consideration, the plane earth 
formula may be used throughout the whole range 
within the optical region, not only for the given value 
of ha/hi but for all lower values of ha/hi with the 
same hi. 

When hi > > hi, so that the reflection point is 
much closer to the transmitter than to the receiver, 
a good approximation to A is obtained by replacing 
hi by hi and hi' by hi - d?/2ha in equation (78). 


Referring to Figure 14, the path difference A 
for a spherical earth is equal to 

» r — Vd* + (hi' -f hi')* 

-Vd» + (V-Ai')*. (77) 

It is usually sufficient to expand the square roots 
and neglect powers and products of hi and hi' 
beyond the second. This gives 


A 



(78) 


which is the same as the plane earth formula when 
hi and h% are written instead of hi and hi. Equation 
(78) is accurate to within 1 per cent for values of y 
(the angle at the base of the transmitter) less than 
about 8 degrees. The error is less than 10 per cent 
for values of 7 less than about 24 degrees. When 
equation (78) is not sufficiently accurate, the follow- 
ing may be used: 


2hi%' 


(79) 


provided 


2 cP 


All the above equations for the path difference 
depend upon the distance to the reflection point di. 
However, the calculation of di may be eliminated 
by first computing the path difference from the 
]^e earth formula and then subtracting the correc- 
tion term A(Ap). Thus 

A-Ap-A(Ap), (80) 


An- 




FxauBS 16. Plane earth correction factor versus^ 
(Radiation Laboratory.) "Xr 


Then 



which, to the same approximation, means that 

A ^ 2^1 tan 7 . (82) 

In general, equation (82) is an improvement over 
the plane earth approximation except close to the 
transmitter and at low heights where ht is not much 
greater than Ai. 


where 
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The dependence of path difference upon distance 
and height may be seen by considering the path 
iBfference parameter 


and if ^ is small, so that tan 

1 

^ V 1 + 2hi*/ka4^ 


Since V hid^/di^ it follows from equations (78) 
and (59) that 


2A.V_2(W^2A 

d ddi d 


ll-idi/drY? 
® 7^ djdi— 

Hence, using dr* ■» 2kahu 


(i - JL\ 

\ 2kah\/ . 


Parameters p and q 

Useful expressions for the divergence factor, path 
difference, and receiver height may be obtained by 
use of the dimensionless parameters, 

p - -7^ - ^ (83) 

VakaAi dr 




2VM\U-(V‘*r)*]* 


df \d/ dildf> 

^ A ^ [l-(di/dr)*]* (85) 

\ d/dr/ dx/dr ‘ 

The form of this expression suggests the introduction 
of two new dimensionless parameters 

p wm h. and V » ~ . (86) 

dr dr 

In terms of these parameters, equation (85) for R 
assumes the form 




and in terms of a and v 
«-(l-s) 


(1-p*)* 




IMvergance Factor 

The reflection of a beam of radiation from the 
q>herical earth increases the divergence of the beam 
and reduces the intensity of the reflected wave by 
spreading, as explained in preceding text. This is 
taken into account by introducing a divergence 
factor D, less than unity, whichappearsin the formu- 
las as a multiplier of the i^ane earth reflection coeffi- 
cient. Bxpresdons for Z> are 

D - , . (89) 

Vl + Vki%'/hai itxf^ 

Udng equation (GO), D becomes 

(90) 


V 1 + 2di*it/hahi‘d 


If ♦d, 


j)^~, i (^<8^ (91) 

Vl + 2ktVkatan*^ 


di « (1 - g)d-8d. (95) 

The divergence factor may be expressed directly 
in terms of p and g by modifying equation (90) as 
follows: 


Vl + 2dM/kaWd 

_ 1 

" .17 . ^(d,/d)W/2my 

^ 1 “ W/2kaki) 

where hi' has been replaced by its equivalent ex- 
pression, given in equation (58). The above form 
of D shows that it can be expressed in terms of 
p and g only: 

D - -====L=_= . (96) 

Vl+4p*?/(l-p*) 

Figure 17 shows contours of constant jD as a function 
of p and g. 

The path difference A may be written in terms of 
p and g by substituting into equation (78): 

^ ^ 2hx%' _ 2(V)*d, ^ 2d, ^ , (l--dxV2feafei)« 
d ddi d di 

Hence, on using equations (93), (94), and (95), 

(97) 

dr p 

Figure 18 shows (1 — p*)*/p as a function of p. 

The receiver height hg may also be expressed in 
terms of hu p, and g. This be found useful in 
drawing coverage diagrams in which both ht and d 
are unknowns. From equation (GO) 

di di 

* 2ka 
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Figure 17. Divergence factor D as a function of p and qorp and s. (Radiation Laboratory.) (p ■■ 1 is the line of sight 
where D » 0.) Note: S « 1 — g ■■ di/d. 



Hence it follows that 

L\ 2kahJ di 2kahiJ 

Since 

<k _ dt _ q 
di {l-q)d I -q* 

Generalized Coordinates 

The distance from the transmitter to the reflection 
point di and the ratio p may be eliminated by using 
the dimensionless coordinates 







divcrccncc and path orrcwsNcc contours 

OWCWCCMCC 6 

— DirrcwMCC n 
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1 


(103) 


dt d — di , di 

d d d 

Since « is a function of u and v only, it follows that D 
may be plotted in w , v coordinates. This may be 
accomplished by solving equation (96) with respect 
to Qt which gives 

4p»I>» 

Equation (103) gives s « 1 - g; t; « p/s, and u 
may be read from Figure 19 or 20. Contours of 
constant D are shown in Figures 21, 22, and 23. 

The grazing angle ^ is important in calculations 
for vertical polarization since it determines the 
magnitude and phase of the reflection coefficient 
for a particular frequency and reflecting surface. 
The grazing angle ^ may be expressed in terms of 
s, tt, and V, as follows. From equation (60), 


Hence 
tan^ = 


hi 


or 




tan^ 




(1 - «»»») « xf- - «») 

df / 

(«» ~ 


(106) 


and for k « 4/3, 


tan ^ 

-7=? « 2.4 X lO-- 
Shi 




(107) 


From Figure 24, ^ may be obtained for given values 
of h\ and av ^ p. 

The generalized coordinates described in this 
section will be found highly useful both in field 
strength and coverage calculations. 


ILLUSTRATIVE CALCULATIONS FOR 
THE OPTICAL-INTERFERENCE REGION 

Introduetion 

The general expression for the gain factor A in the 
interference region is obtained by combining equa> 
tions (44) and (7). Then 

A - il.f’i ^ (1 _ X)« + I . (108) 

The value of the radio gain is then given by equa- 
tion (3) and the value of radar gain is given by equa- 
lion (5). The value of the radical which defines the 
interference pattern has a range of values between 
0 and 2. The extreme values can occur only when 
iC»l(p**l, Z)-»l, F%/Fi » 1); the value 0 
(nulls) is then given by sin* (0/2) 0 and the value 
2 (maxima) is given by sin* (0/2) 1. 


In general, the value of A lies between the two 
extremes 

A « AqFi (1 db K)f 

the positive sign giving a maximum and the negative 
giving a minimum. At any other point, the value 
lies between these two extremes. For range calcula- 
tions (w’hich involve maxima), the variation in A 
is from 1 to 2 times the free-space value, according 
to the value of AT, so that in practice a quick rule of 
thumb for range may be devised. Assume (1 -f K) 
equal to 1.9 for favorable conditions (sea water, 
horizontal polarization, or, in the case of vertical 
polarization, small grazing angles) down to (1 + AT) 
« 1 or AT » 0 for propagation over rough terrain. 
The problem of finding the range is thus reduced 
to a problem for free space. In range calculations, 
Pi/Pi is given by the ratio of minimum detectable 
power to power output. A is then determined by 
equations (3) or (5), and the range is given by find- 
ing d from the relation (writing Ao « 3X/8ipd) 

More detailed calculations are presented in this 
section. However, the assumption is made generally 
that the reflection coefficient is equal to —1 (i.e., 
p “ 1 and 180 degrees) and that the direct and 
reflected rays do not differ appreciably on account 
of the shape of the antenna beam pattern (Fa = Fi). 
For large distances over sea water, these assumptions 
are approximately realized. For most of the calcula- 
tions it offers no inherent difficulty to consider the 
effect of directivity or of a reflection coefficient 
different from — 1 but may require considerable 
additional calculation. 

For convenience, the formulas required in me 
calculations are recapitulated here. Putting p » Fi 
« Fa =* 1, equation (108) takes the form 


A as Ao*^(l — Dy + 4Z) sin*-— (110) 
or, in decibels, 

20 log A - 20 log + 10 log ^(1 - O)* + 4D sin‘ | j. 


The reflection point variable 


d\ d\ 
yl^kahi 


(in) 


» - — ^ 7 =^ (when k - 4/S) 

(4120 

will be used extensively* It has been found that the 
interference pattern is very sensitive to slight changes 
in p, so that an accuracy to the fourth sigaificaiit 
figure is genendly required. 
ThepathdifferencevariaikRkxdiB^ « dt/dr 
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FiauRE 24. ^ as a function of hi and [See 

equation (107).] (See Figure 14 for definition of lengths.) 

and V s d/dr by the equation 

( 112 ) 

\p v/ 


Resolved with respect to 1/a, this equation assumes 
the form 


>V (1-pOV 


(113) 


^ izi 

V p\ (l-p*)*y p 
Another convenient expression for B is obtained by 
replacing, in equation (83), the path difference A 
by nX/2, vdiere n (see be low) m ay assume any posi- 
tive value. Substituting i/2kahi for dr, equation (83) 
assumes the form 

where 


R «■ nr, 

(114) 

1 

*2^ 

Ika X 

(115) 


or r» 1030-^j (for*: « 4/3). 

hi 

k graphical representation of r is given in Figure 15 
in Chapter 6. 

Then for a reflection coeflScient of p « 1, 180 

degrees (i.e.,<^' = 0), equation (29) gives 

= (116) 

If r is fixed, a complete pattern of contour lines 
(along which A is constant) is determined. Take as 
independent variables p and n (rather than u and v), 
A given choice of p and n determines R by equation 
(114), Q by equation (116), v by equation (113), 
s by equation (118), u by equation (121), D by 
equation (117), and finally 20 log A by equation 
(110). By varying r, new patterns are obtained. 
Accordingly, r may be called a pattern or chart 
parameter (see page c4 46 ) ..3) . 

The lobes on the charts depend on n, in accordance 
with equation (116). Accordingly, for p * 1, 
<l> 180 degrees, n is the lobe variable. For the 

first (lowest) lobe, n « 0 gives the first null, n « 1 
gives the first maximum and n » 2 the second null. 
For the second lobe, n varies from 2 to 4, with a 
maximum at n * 3, and so on. It should he remem- 
bered that if n < 1, corresporiding to the lower side 
of the lowest lobe, the value of the field (or of A) given 
by the optical formula is too low. A more accurate 
value can be obtained by joining the curves found 
in the optical and diffraction regions into a smooth 
overall curve. 

Combining equations (102), (103), and (113) gives 
the divergence factor />, 


L a-prJ L i-,> 


1/2 


The variable s * di/d is 

a = p/v, 

and, repeating equation (101), 


+ - 0 . 

2 2\ ii> 12^ 


(117) 

(118) 

(119) 


In terms of p, equation (119) becomes 

2p» - 3p*!; + p(i;* - u - 1) + v « 0. (120) 

Equation (120), resolved for v and gives 


li * 2p* — Zpv -b - — 1 + »*. 
V 


( 121 ) 


Some useful approximations : 
For V large, q 

proaches the value 


For V large, g — > 1 and - (1 ~ p*)* ap- 

V 


2p, 

V 


( 122 ) 



m 
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'Whiehi solved for p, becomes 



-B+ VlP + 8 
^ 4 

(123) 


1 

n ^ — . 

R 

(124) 

If fi < 2, 



3-R 

P~ 4 • 

(125) 

For R >3, 

Z)~ 1. 

(126) 


The calculations will be divided into four t3rpes. 

Type I. The direct calculation of the radio gain 
(or field) when the heights and distance apart of the 
antennas and the wavelength are given. 

Type II. The calculation of the radio gain as a 
function of the receiver height Aj when the trans- 
mitter antenna height hi, distance d, and wavelength 
X are given. 

Type III. The calculation of the radio gain as a 
function of the distance d when the transmitter 
antenna height hi, receiver height ht, and wavelength 
are given. 

Type IV. The calculation of the possible positions 
of the receiver in space {h»,d) when the radio gain 
will have the given value for given values of the 
gain factor d, the transmitter antenna height hi, and 
the wavelength X. Special cases, such as the re- 
ceiver antenna height, hi for given d, or d for given ht, 
can be solved by use of the curves in Type II and 
Type III. 

This type of problem is of importance in estimat- 
ing the range of a set when the minimum detectable 
power of the receiver and power output of the trans- 
mitter are known. 


Problem of Type I. Radio Gain 
for Fixed Heignts and Distance 


The radio gain at a given receiver is to be found, 
their heights, as well as the wavelength being given. 

The polarization is assumed horizontal, the 
effective earth’s radius 4a/3. 

The following data are assumed. 

Transmitter height: Ai 50 meters 
Receiver height: hi » 1,500 meters 
Distance apart: d » 100 kilometers 

Wavelength: X « 1 meter (/ 300 me) 

Gains (over doublet): « 100 (20 db) 


Onr-Wat Transmission 


I. di 188 kilometers (Figure 2). d <di, so 
that the recover is in the optical region. 


2. The u,v coordinates of the receiver are 


u 


h m ii*?? * 30 , 
hi 50 


df «» yiTkahi 29,100 meters 


d _ 100 
dr “ 29.1 


3.43. 


3. Referring to Figure 19, s ( * p/v) is estimated to 
be 0.05. Since the result is very sensitive to slight 
changes in s, it is desirable to improve the value of s. 
In Newdx)n’s method, the next approximation, using 
equations (101) or (119), is 



«' « 0.04794. 

The next approximation gives the same result. 


4. Using the above value of s' and the relation 
p ^ 8v(v ^ 3.43), p is equal to 

p « 0.1645. 

With the value of p * 0.1645, equation (117) and 
Figure 22 give the value 

D « 0.95. 


5. The path difference variable R is obtained from 
equation (112) or Figures 21, 22, 23, as 

E « 5.477. 


6. The number r, from equation (115), is 2.91, so 
that the lobe number n is 

n - ? » 1.88. 

r 

Hence the receiver is on the upper part of the first 
lobe close to a null. 

7 0 * nir « 5.9 [see equation (1 16)], 



Bin*- - 0.0353. 

2 

8. To use equation (110), the value of the free- 
space gain factor Ao is needed. Figure 3 in Chapter 2 
gives 

20 log Ao - - 118. 

Substituting in equation (110), 

20 log A ^ 20 log Ao + 10 log (0.0025 + 0.1342) 

- -118-8.649^-127 


By equation (3), using gains of 20 db, 

10 log 5 127 -f 40 - -87. 

Pi 

Accordingly the radio gain u -87 db and the received 
power is given by 

ft - ftlO*^ 

Suppoee the receiver haa a nunimum detectable 
power of lO'"’ watt, th en t^ reouired minimiim 
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power output under the pven conditicms would be 

Pi - P, X 10*-" 

* watts. 

Radab 

Suppose that, instead of a receiver, there is a taii^et 
at the same position with a radar cross section of 
4 r • 60 square meters. The value of Pi/Pi at the 
radar receiver can be found from equation (5) using 
the value of A found above and the given values 
of and X. If the radar uses the same antenna for 
transmitting and receiving, Gi » Gt, which in this 
case is 100 or 20 db, and the radar gain 

lOlog^ “ 201og(?, + lOlog^^ + 101og<r 
Jtx y 

+ 40logA — 201ogX, 
*40 + 7.6+ 17 - 264 - 0, 

« - 189.5 db 

This gives Pi * 10®*® watts, which obviously is unat- 
#tainable. 



on*- -0.086. 

2 

The fact that N <n signifies that the lobe for 
vertical polarisation (other things being equal) has a 
greater angle of elevation t\ian the lobe for hori- 
zontal polarization. 

K • pD -- 0.76 X 0.96 - 0.722 

The value of 10 log j^(l — KY + sin*^ J 

* 10 log 0.322 « -5. 

Therefore, for vertical polarization, 

201ogil « -118 - 5 * -123, 

which may be compared with the value 20 log A 
* —127, obtained for horizontal polarization with 

p * 1. 


Effect of Vertical Polarization 

The general value for K in equation (108), when 
the reflection coefficient p differs from — 1 and 
Ft/Fi « 1 is 

K * pD. (128) 

U in equation (108) is no longer given by equation 
(116) but is the sum of two phase shifts, one caused 
by path difference, {R/r)r * nir, while the other is 
= 0 — T, the difference between the phase of the 
reflection coefficient and that for perfect reflection. 
Hence 

+ (129) 

r 

The lobe variable (for imperfect reflection) is 
now AT, defined by 

D *» Nr (130) 

rather than n * R/r, The relation between N and n 
is derivable from equation (129), giving 

(131) 

IT 

The propagation is assumed to take place over 
sea water. The angle between the reflected wave 
and the earth is given by equation (107) or Figure 24, 
and is 

^ * 0.582®. 

From Figures 14 and 15 in Chapter 4, 


Type II. Radio Gain Versus 
Receiver Height for Given Distance 

Radio gain versus receiver antenna height are 
to be found, while transmitter antenna height, 
wavelength, and distance are given. 

Suppose that a radar set has an antenna height 
of 30 meters, and an antenna gain of 13.5 db. Polari- 
zation is horizontal and the wavelength is 1.6 meters. 
Assume also a receiver with a gain of G 2 * 1 (or 0 db) 
at a distance of 100 km. 

The following calculations are made: 

1. The variation of the radio gain P*/Pi, with 
receiver antenna height Xj is to be found. 

2. Instead of a receiver assume a target with 
cross section of 50 square meters. The value of the 
radar gain P 2 /P 1 at the radar receiver is to be found 
as a function of target height X 2 . 

The diffraction part of the calculation is given on 
pp.4l3-4l6 ; the optical part in this section. The 
results are represented in Hgure 26, the two partial 
curves for one-way transmission having been com- 
bined into a smooth overall curve which makes pos- 
sible the estimation of 10 log Pt/Pi in the transition 
region near the line of sight. The radar gain varies as 
40 log A [equation (6)] rather than as 20 log A and 
contains a constant shift 10 log [Gi‘(16T<f/9X*)] 
rather than 10 log GA. 

Rapio Gain: One-Way Transmission 


0 - 168®, p - 0.76. 


The lobe variable AT, in terms of the old bbe variable 
(for p •• 1', - 180®), by equation (131), is 


N 



1.81, 


The calculation is most readily performed by using 
p * di/df as the independent variable and then 
finding the correspondi^ values of the receiver 
bright, and A. 

^ 1. From Figure 15 in Chapter 6 or equation (115), 

f « 9.403. 
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For n 1, corresponding to the first maximum, 
p is approximately 1/r, since =■ nr > 2. Accord- 
ingly, we begin’with p « 0.1. 


2. df » 22.5 km (from Figure 2), and 

d 100 ... 

f) sa 8CS » 4.46. 

dr 22.5 

3. From equation (112), 

R - 9.58. 

4. From equation (121), 

62.028 


and hence 


hi 


1,861 meters. 


5. At d * 100 km, the freo-space attenuation 
(Figure 3 in Chapter 2) is 

201ogAo « - 115. 



6. Compute the factor 

J(1 -!))* + 4D sin*-. 

^ 2 

From equation (117) 

D « 0.980, 

n = ? - 1.019, 
r 

0 « nir « (1.019) • (3.1416) - 3.19 radians, 

- * 1.60 radians, 

2 

sin*- - 0.9992. 

2 

From Figure 12, 

I ^ 

20 log \| (1 - D)* + 4D sin* - - 6 db. 

2 

Hence 

20 log A « — 115db + 6db « — 109db, and 

101og§ - - 109db+ lOlogffiG, - - 96.6 db. 
Pi 

7. The foregoing values, together with results 
obtained with other values of p, are listed in Table 1. 
The value of P%/Pi [equation (3)] is represented 
graphically in Figure 25. 

Rabak Gain: Two-Way Transmibbion 

Knowing the values of 20 log A, the corresponding 
values of Pt/Pi are given by equation (5). Taking 
ft « Gf « 13.6 db, 16ir/9 * 6.68, X « 1.5, 

101og§ - 27 + 7.6 + 17 + 40log.d - 20 log 1.6, 

Pi 

- +401ogil+48. 


Type III. Radio Gain Versus 
Distance for Given Antenna Heights 

A radar used over the sea has a wavelength of 
1.6 meters. The transmitter is 30 meters above 
sea level and the target is at an altitude of 1,000 
meters above the sea. The power gain of the trans- 
mitting antenna is 13.6 db, the polarisation hori- 
sontal. The one-way radio gain is to be found as a 
function of distance. Also, the radar gain at the 


Tabus !• 


p 

R 

• 

At 

n 

s 

2 

D 

t 

Radio Gain 

10 leg 

Radar Qab 

10 leg 

ai5 

6.16 


1,896 

0.655 

HHITSI 

0.96 

5 

-96.5 

-172 

0.1 

9.58 


1,861 

1.019 

1.60 

0.98 

6 

-95.5 

-170 

0.05 

19:68 


3,216 

2.09 

8.29 

0.995 

-U 

-112.5 

-204 

0.04 



8,885 

2.68 

4.18 

0.997 

4 

-97.5 

-174 

0.03 



5,005 

8.51 

5.52 

0.998 

8 

-98.5 

-176 

0.02 

49.74 


7,285 

5.29 

&81 

0.999 

5 

-96.5 

-172 

0.01 

99.76 


18,917 

10.61 

16.67 

■SSI 

4 

-97.5 

-174 


t SOIoiVo^i’)*<h40aia*(0/t). 
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Fioujub 26. Radio gain (in db) versus distance. 


radar set by echo from the target of cross section 
^ B 10 square meters is to be calculated. 

IUdioOaik:On£-Way Transmission (see Figure 26). 

1. The number r from Figure 15 in Chapter 6 or 
equation (115) is found to be 9.403. 

2. w B ht/hi B 33.8. 

3. For r > 2 and n b i, p is approximately equal 
to 1/r. Hence we start with p b o.l. 

4. Equation (121), with p b o.l and u « 33 . 3 , 
gives B 2.76* 

5 . From equation (112), ft b 9 , 445 , 

8* n B ft/r B 1,006. Hmice the target is on the 


first (i.e., lowest) lobe. Moving in the direction of 
increasing distance, the target soon approaches the 
first maximum. To get points beyond, i.e., n < 1, 
we need greater values of p but it is not necessary or 
desirable to go below about n b q.s, since the curve 
beyond n b 0.8 is generally in the transition region 
in which the curve is more easily and more accurately 
obtained by joining the optical and diffractive curves. 
The diffractive part of the calculation is given on 
pp. 404-432.Accordingly, in Table 2, the values of p 
are taken only slightly above p » 0.1 (correspond- 
* ing to n B 1 ) and are diminished to find points at 
the nearer distances. 
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Tabus 2. iO log Gi - 13.5 db; 10 log 0;«-0.0db; X • 1.5 metow; - 30 meters; Xt -• 1,000 meten; flr««lOm*, 


RadioGatn RacUrOiin 


p 

r 

<i(km) 

R 

n 

ai 2 

3.098 

70.49 


0.88 

0.11 

2.934 

66.75 

8.54 

0.91 

0.10 

2.755 

62.68 

9.45 

1.005 

0.09 

2.561 

58.25 

10.55 

1.22 

0.08 

2.349 

58.45 

11.92 

1.27 

0.07 

2.119 

48.21 

18.68 

1.45 

0.06 

1.870 

42.54 

16.02 

1.70 

0.055 

1.738 

39.22 

17.50 

1.86 

0.05 

1.600 

36.4 

19.28 

2.05 

0.045 

1.457 

82.89 

21.45 

2.28 

0.04 

1.811 

29.59 

24.16 

2.57 

0.035 

1.158 

26.14 

27.64 

2.94 

0.03 

1.002 

22.62 

32.28 

3.43 

0.025 

0.841 

18.96 

38.67 

4.12 

0.02 

0.678 

16.80 

48.49 

5.16 

0.01 

0.845 

7.79 

97.08 

10.33 



* Lobe pattern faotor ■■ 30 log V^(l — JW* + 4I> »in* (il/3). 


7. To find ii, we need first the free-space value 

which is given in Figure ^in Chapter 2 as a function 
of d. Since dr « 4.12 VSO * 22.6 km, the value of 
d corresponding to t; « 2.76 is d « vdr » 62.3 km, 
and 201ogiio =* 111. 

8. To find the value of 

10 log ^ B , 

z 

we need P. Since n is practically unity, correspond- 
ing to the first maximum, sin^ ( 0/2) may be taken as 
unity. Hence the radical reduces to 1 + P. Calcula- 
tion using equation (103) and Figure 17 gives 
P 0.98, and hence 

1 + P = 1.98, 

201og(l + P) «6. 

Since the transmitting antenna gain G\ is 13.5 db, 
and assuming the receiving antenna gain to be 0 db, 
10 log (P*/Pi) has the value 20 log A + 13.5 or 

10 log ^ 

- -Ao’ -^(1 - D)* + 4Dmn*| GiG, + O.Odb 

- Ill db + 6 db + 13.5 db 

- -105+13.6- -91.6db. 

Repeating the process for other values of p, a 
table of 10 log (Pi/Pi) versus d is obtained. These 
points have been plotted in Figure 26, together with 
the pmnts in the diffraction region obtained with the 
data given on pp.413 • 416 . For sketching in the 
optical part, tht value of n is kept in mind, since 
t^ indicates on which lobe and where on the lobe 
the point lies. 

Radar Qaik: Twg-Wat Teakbmxsbion 
To change from 20 log A -- 105tol01og(P|/JPi) 


at the radar receiver, using equation (5) and Gi « G| 
« 13.5 db, 

10 log (Pa/Px) « 27 + 7.5 + 10 log (T - 20 log 1.5 
+ 40 log A, 

« 27 + 7.5 +10 - 3.5 + 40 log A, 

* 41 + 401ogA » — 169db. 

Type IV. Determination of Con- 
tours Along which the Gain Factor id 
Has a Given Value, the Transmitter 
Height and Wavelength Being Given 

This is the so-called coverage problem which is 
treated in greater detail in Chapter 6. While the 
usual coverage diagram is derived on the basis of 
one-way or communication formulas, the diagram is 
still useful for radar since a target will return more or 
less energy to the receiver according to its position 
on the coverage diagram. The contour gain factor A 
is readily converted to Pt/Pi for either one-way 
or radar by means of equations (3) and (5). 

The method described here is more accurate than 
the graphical methods given in Chapter 6. It is best 
suited for finding maximum lobe ranges correspond* 
ing to a given radar gain. If A is given, and At for a 
given distance d is wanted, a curve can be drawn as 
that for Type Hand then h% found for the given 
value of A. 

Problems 

A radar set operating over the sea has a trans- 
mitter with antenna height of 30 meters and a wave- 
length of 1.5 meters. As in the previous problems, a 
receiver with an antenna of 0 db gain is assumed in 
place of a target and the gain of the transmitter is 
agmn assumed as 13.5 db. The poliurisation is hori- 
sontal. The gain factor A, for illustration, is chocen 
as — 130db. Portions (tf the recdiver are to be 
found at which the gmn factor takes that value. 
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In Chapter 6^ purely graphical methods of de<- 
termining the contours Oobes) are given. Here we 
are concerned with finding individual* points on the 
contour. Thus, for example, n 1 if the tip of the 
lowest contour is wanted (as in range determination). 
Points near the tip require values of n near 1, such as 
n •* 1.2 or n » 0.9. For the next hi^er lobe, the 
tip of the lobe corresponds to n » 3 and so on. The 
nulls are at n » 0, 2, 4, ... . However, while the 
optical formula gives a null at n » 0, that is, nea'r 
the line of sight, the true value of the field, or of A, 
is greater. To obtain the correct result, the contours 
for the diffraction field (pp 413** 416) and those 
obtained for the optical region should be merged 
into smooth overall curves. 

For values of r > 3, R « nr > 3, the tip and upper 
part of the lowest lobe, and the higher lobes, by 
equation (126), have a value of D close to 1. Con- 
sequently, equation (110) reduces to 

i4»2Aosin-. (132) 

2 

If n is given, sin Q/2 is determined and the calcula- 
tion can be performed as a free-space calculation. 
In terms of d, the equivalent free-space distance 
do, corresponding to A is given by Figure 3 in Chapter 
2 and is equal to 

d~2doAn-. (133) 

2 

In the stated problem r > 3, so that the free-space 
calculation suffices. This is given in paragraph (1). 
In paragraph (2), the method including the diver- 
gence is given. 

1. Free space. In the given problem, r « 9.4, so 
that the simplified calculations should be sufficient. 
The value of d^ corresponding to 20 log A » —130 
is found from Figure 3 in Chapter 2 to be 566 km. 
Hence by equation (133) for n 1, the true distance 
d for complete reinforcement by the reflected wave 
is twice as much and 

d» 2*(566) » 1,132 km. 

For n « 1.2, 0/2 « 0.6 t [from equation (116)], gi^^ng 
d- 2.(566)8in(0.6ir), 

- 1,076 km, 

To find the corresponding hei^t As, a curve of the 
type on paga 397 is needed for —20 log A versus 
height. From this, the height corresponding to 
20 log A » —130 can be read. Alternatively, the 
calculation given later in (2) will determine both 
d and Af. 

If mstead of A, either the radio gain or radar gain 
is given, A is first found from equations (3) or (5), 

2. CakuuUum indvding divergence, n « 1, As in 
the previous problem, r » 9.4 (from Figure 15 in 
CSmpterfi). A convenient value of p, approximately 
equal to 1/r, is selected. In this case, we take 
p 0,1. This value is then improved by applying 


Newton's method Pi p - to the equation 
f'(p) 

_;>). + 4Z)8in«J, (134) 
Vo V ^ 2 

remembering that D is a function of p as given in 
equation (1 17), where vo is the value of v which corre- 
sponds to the distance do at which the given value of 
A would occur in free space. 

If n •* 1, equation (134) reduces to 

1 - 1 (1 + D). (135) 

Vo V 

The correction formula corresponding to equation 
(134), denoting by pi the improved value of p, is 


Pi*p-“ 


» - «0 -^(1 - .D)* -f 4D sin* (n/2) 

ipD L J\i -pv 

(136) 


The correction formula corresponding to equation 
(135) (n- l)i8 

1 (14-D) 


Pi 


P- 


Vo V 

i-hi) . 3i)/ r-f pA 
p*D* 2pv\l-pV 


(1 - D*) 


. (137) 


Taking n = 1, do from A « 
in Chapter 2) is 566 km, and 
566 566 

Dp ae » 

dr 22.5 


3X/8irdi (or Figure 3 
-25.1. 


Taking p » 0.1 as an initial value as explained above, 
then D is found to be 0.9788 [equation (117)]. 
Using 72 B nr s 9.4 and equation (113), 

V B 165.6. 

Substituting these values in equation (135) gives 
Pi « 0.10385. 

Repetition of this procedure requires no change in 
these five figures. Accordingly, for n » 1 and 
A B -130db, p » 0.10385. The corresponding 
values of D and v are 

D B 0.9789 

V B 49 . 38 ,dB 1,110 km. 

In (1) d was found to be 1,132 km. Now s * p/v 
B 0.0021. From equation (121), 



Af B 86,940 meters. 


For n B 1.2, the calculation proceeds as forn b i 
except that equation (134) rather than equation (135) 
isus^: 

B B 11.283. 


The value of p by successive approximations in 
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Fiorai 27. Manmum t$ag» vmm noeivw bright Ih for givan valoei of tnuwmittor bright hi. 


equatiim (136) is found to be 
p - 0.06127 
tf - 47.35, d- 1,065 km 
D » 0.9851 
• > 0.00184 

^ - 2,772 
»» 

8^460 meters 


3. Vertical pokaizatum, p Ij (f> 180* (sea 

water). The procedure given here is first to find 
the position d the point for a given n assunnng the 
reflection coefficient to equal and then find the 
shift caused by the chan^ m the reflection eoeffi* 
dent. For the meet important case^ n ^ 1, the new 
maximum distance is ^ven by 

d-<fc(i+#o), m> 


CALCULATION OF RADIO CAIN 


403 


where do is the free«space distance corresponding to 
the given value of A. p is found from the value of 
the grazing angle at the reflection point given by p* 
found above in the calculation for p * 1 and 
0 » 180®. For the new contour tip p changes, but 
the angle ^ does not change sharply, so that p and 0 
as found for the p obtained by the simplified calcula- 
tion is a close approximation. 

For p 1, 0 5^ 180®, H « 5 -h 0 — IT [see equa- 
tion (29)1 consists of two parts. 5 = rR/r « (A/X) 2t 
= 3 nir and — tt. Writing D =» iVir, the lol>e 

number for the case p 5 ^ 1, ^ 5 ?^ 180®, the require- 
ment for the new lobe tip is iV « 1; for the first 
maximum 12 == ir = Rir/r + — ir where R is the 

path difference variable at the new lobe tip. Hence 
the value of R at the new tip is given by 

i2 * r (2 - 4)/ir). (139) 

Using the results in (2), 

p = 0.10385, 

D * 0.9788, 
r = 9.4, 
do = 506, 

we find from Figure 24 or equation ( 107) , ^ = 0.725® ; 
from Figures 14 and 15 in Chapter 4, p = 0.76, 
<l> « 170®. Substituting in equation (138), 
d = 566(1.744) = 987 km, 

From equation (139), 

R * (9.4) (1.056) * 9.92. 

Also 


(i>c 22.5 

The above value of p can now be improved by 
substitution in equation (137) with D replaced by 
pD which gives 

p » 0.0985. 

In the calculation just made, p has been assumed 
constant. Thi.s can be checked by finding ^ as de- 
termined by the new value of p. The result is 


^ » 0.766® and the corresponding values are p « 0.74 
(as against 0,76 previously) and 0 « 169® (as against 
170®), which is good enough. We now find 


» £ - - 0.00224 

V 43.9 


^ - 2,369 


hi «« 70,770 meters. 

Hence the new maximum point of the lobe is at a 
distance of 987 km and at an elevation of 70,700 
meters, as compared with a distance of 1,110 km 
and height 86,900 meters for perfect reflection. 


Muidmum Range Veraus Receiver 
(or Target) Height 

If th6 value of A has been determined by using 
thi minimum detectable power in equation (8) 


or (5), the corresponding contour is a curve of 
maximum range versus receiver height for com- 
mtmication or maximum range versus target height 
for radar. Generally, the lower part of the lowest 
curve (n < 1) is of greatest interest. If A is suffi- 
ciently small (i.e., 20 log A numerically large and 
negative), the complete contour has points below 
the line of sight. If the transmitter antenna is low 
(hi < 30X^^^ meters), the lower points are likewise 
given by the diffraction formula, discussed in text 
on pages 380- 4 13. Several such curves, the lower 
part of the lowest lobe corresponding to various 
transmitter heights for X « 1 meter and 20 log A 
— — 130, are given in Figure 27. 

Consider, for example, the curve for Ai *« 2 meters. 
The uppermost points of the curve correspond to 
the tip of the lowest lobe and were found by the 
procedure used on pp. 400-402, putting n » 1. 
The lowest points w’ere found from the diffraction 
formula by the method ‘presented before, with the 
aid of Figures 31 to 36. It has been pointed out 
that for n < 1, the optical interference formula is 
inadequate. 

To locate a point between the upper extreme 
(n a» 1) and the diffraction points, a curve of A 
versus h for some distance is constructed. In 
Figure 28, a set of such curves is given for the dis- 
tance 100 km and for various transmitter heights. 
By taking the intersection of 20 log A equal to — 130 
with the curve Ai « 2, a value of A* is obtained. 
This value A* == 3,300 and d «= 100 km represent 
the coordinates of a point on the contour Ai « 2 in 
Figure 27. 

It is of some interest to observe the shortening 
of the lobe for hi « 100 meters on account of the 
divergence which is close to unity at the tips of the 
lobes corresponding to the low transmitter heights 
but drops to 0.65 at the tip of the lobe for hi » 100. 
Since for hi =« lOO, the formula for both antennas 
low (A < SOX*'^®) is not applicable, the lowest points 
on the curve hi « lOO in Figure 27 were obtained 
by applying the reciprocity principle to the curves 



Figvrb 28. Radio gain versus receiver height for 
given values of tranemitter height hi. 
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alrea4y obtained. The distance at which » 100 
on the At «<• 2 curve is the same as that at which 
A) 2 on the Ai * lOOcuive. 

BELOW THE INTERFERENCE REGION 
Analysis of the First Mode 

Except for the numerical constants involved, the 
discussion for one mode applies to all the other modes. 
Each mode is of the form ^(d) • /(At) • /(A*), i.e., the 
product of a distance function ^ by two antenna 
height-gain functions /. 

Distance 

^(d), the distance function of the first mode, can 
be represented as the product of tw’o physically 
significant factors, one for free space and one for 
the earth effect. The latter may be divided into a 
plane earth factor and a shadow factor. 

1. Free space. It has been shown in equation (18) 
in Chapter 2 that for doublet antennas, with matched 
load at the receiver and adjusted for maximum 
power transfer, the free-space gain factor Aq is 
given by 



For other types of antennas in free space, this takes 
the form 



(Tni«cr actual conditions when earth and atmos- 
phw ♦''^ects are of importance, each mode will be 
cor ^ .i.r^d to have Ao as one factor. 

It may also be recalled that for given power Ft 
delivered to the load, the corresponding electric- 
field strength, under matched conditions, is given by 



<jombining equations (140) and (141) gives the 
fi^e-space value of the electric field strength E, in 
terms of transmitted powrer 

j?-?^Vp;v?a, (142) 

a 

which is the same as equation (7) in Chapter 2 with 
the addition of the transmitter gain (7j. 

2. Plane earth. The earth modifies the field by 
absorbing and reflecting radiation. If the eartii 
were plane and perfectly conducting, the value of 
the gain factor would be 2Ao and the electric Add 
2Eo lor vertical antennas several waveleiigthB above 
the ground and at distances suAfeientty large. The 
imperfect conductivity of the earth produces a 
change in the gain. Representing this effect by the 


factor di (where < 1), 

A « 2 A 0 A 1 . (143) 

The plane earth factor Ai depends on distance and 
on the electrical properties of the earth. Fortunately 
the earth constants enter the problem in an intrinsi- 
cally simple way, as the main effect is taken into 
account by multiplying the distance d by a certain 
factor which wq shall denote by p', so that Ai is. 
mainly a function of p*d. The new parameter p' is 
different for the two states of polarization. For 
vertically polarized radiation, 



where e<, is the complex dielectric constant j60<rX, 


or 


2x 'l{tr- 1)»+ (60(rX)« 
X + (60<rX)* 


(144) 


For horizontal polarization, 


P' - ^ I - 1 I - ^ V(., - 1)« + (60<rX)». (146) 

A A 

Ai depends also on the phase of the complex di- 
electric constant. The phase is determined by the 
parameter 



(146) 


For ultra-short waves, with the exception of 
vertically polarized waves over sea water at distances 
less than W/p' (see text p- 416 and Figure 45) and 
a wavelength greater than 1 meter, A\ is inde- 
pendent of Q and, to a sufficient approximation, is 
given by 



(147) 


Ai as a function of p'd is plotted in Figure 56. 

In the case excepted above, Ai deviates substan- 
tially from 1/p'd (see Figure 45) for distances less 
than 50/p'. Table 3 gives 50/p' as a function of X. 
It appears that the deviations are immaterial for 
practical purposes as long as the wavelength is 
smaller than 3 meters, since we are usually con- 
cerned with ranges larger than 7 km. It should 
further be mentioned that, in the above case. At 
depends to a small degree on 'Q. However, the 
variations are less than 1 db and may be neglected 
for wavelengths less than 10 meters. 

The condition that the earth may be considered 
plane is that the shadow factor [see equations 
(149) and (207)] shall be approximately unity. For 
Ft 0.9, which is approximately 1 db below unity, 
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^ m {/(a) 0.4 from Figure 68; /(a) in Figure 67 

is approximately unity, so that «« ^ 0.4. 

Since from equation (160) for k » 4/3, is given by 
4.43 X lO*"* it follows that (2, for the plane-earth 

approximation to hold, must be less tl^n lO^X^^, 

d < lO^X^^* (plane earth). (147a) 

3. Curved earth. The screening effect of the earth 
curvature results in a further decrease in gain. Well 
within the diffraction region, the shadow effect pro- 
duces an exponential drop in field strength with dis- 
tance, which is much greater for higher modes than 
it is for the first mode. 

Denoting the screening or shadow factor by F, 
and the distance gain factor by <&i, we have 

#1 « 2AoAiF.. (148) 

For the dielectric case 5 > > 1 and for distances 
greater than 1.6/s, tlie shadow factor is 

F, - 2.607(«d)*^^ (149) 

where 



Equation (149) gives the value of the shadow 
factor for the first mode only. In Figure 32, the 
curve marked ^'dielectric earth” is a plot of the 
shadow factor evaluated by using all terms or modes. 
However for sd > 1.6 only the first mode is impor- 
tant. Consequently, equation (149) represents this 
curve accurately for all values of ed larger than 1.6. 

Height-Gain 

For antennas at zero height, the height-gain 
functions / are equal to unity, so that equation (148) 
represents the actual value of the first mode for 
both antennas at zero height. 

When the antennas are raised above the ground, 
it is convenient to distinguish between low and high 
antennas, the diviaon between the two cases being 
given by the critical height ■■ 30X*^. 

1. Low antenna; X < A* « 30X^^*. For a low 
antenna, / is a function of Ih and of Q, where fis a 
quantity that depends on the complex dielectric 
constant and is ipven by 

(161) 

in viiich p' is the distanoe coefficient given by 
equations (144) and (146). Let the value of / for 
alow antenna be denoted by Hi. 

The magnitude of is i^ven by 


and is plotted in Figure 47. 

For height h larger than 4/2, the two first terms 
under the squaie root may be neglected in comparison 
to the third term, and Hl becomes approximately 

(163) 

In order to show more clearly when this approxima- 
tion is justified, Table 4 gives values of 4/2 for differ- 
ent wavelengths and vertical polarization. For 
horizontal polarization, 4/2 is quite small. 



FiQums 29. Height-gain as a function of height. (See 
Figures 7, 26, and 47.) 


Inspection of Table 4 shows that, except for the 
case of sea water at wavelengths above 1 meter, 
the approximate equation (163) is good for heights 
above about 60 meters. 


Table 4. Values of 4// for different wavelengths 
(vertical polarization). 


X in meters 

0.1 1 

2 

3 

4 

5 

6 

7 

8 

9 

10 

Sea water 

0.06 10 

28 

50 

80 

115 

133 

160 

235 

285 

300 

Fresh water 

6 

11 

17 

22 

30 

33 

40 

44 

53 

57 

Moist soil 

3 

7 

11 

15 

18 

21 

25 

28 

33 

36 

Fertile ground 

3 

5 

8 

10 

13 

16 

17 

20 

25 

27 

Very dry ground 

2 

3 

4 

6 

8 

9 

10 

12 

15 

16 


To a first approximation, the value of / for low 
antennas is the same for all modes, so that the height- 
gain functions may be factored out, as was pointed 
out in text on p.380« The gain factor for the case 
when both antennas are low can then be represented 
by 

(164) 

where is sum of the shadow factors of all the 
modes. Fg has been plotted in Figure 32. Equation 
(164) is also valid in the optical region, provide’d 

(165) 

This condition is added to insure that the point is 
well below the center of the lowest lobe. 

2. Elevated antenna; h > 30X^^^. In this case the 
hei^t-gain function / increases exponentially. Rep* 
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Figure 30 

Values of (3 ik/4)*. 



resenting the increase over Ih by g, we have 

/ * glh, (166) 

For the dielectric case 3 > > refer to equation 
(193) to define 3. 

where 

VxW 

-lx"" (1 

60 \3fc 

( 

T- < 

g - 0.1356 (efc)-* *>« 10 “ V3 

See Figures 35 and 36. 
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ftamni 82, Suulow ikotor F«, 20 log F, (ovalnating all modes), or 20 log F,/(td)* versus ti. Currs for dielietris earth, 
20 log Fg , is the same as ourvs O in Figure 68. 


For the case of sea tnter, vertical polaiuatioa and 
waveleogth in the VHF (1 to 10 meters) range, 
g leqniies a oorreotion factor g' which depends on X. 
A table of is given witii the graph of F in Figure 36. 

'nie change of / with hdg^ h is represented 
sdwmatioally in ligura 39 (aiso Figures 7, 25,47). 


Fobmula for the Dielbctuc Eabth. 

«>> 1 . 

The first mode has the form ^(d) • /(Ai) • f{h^. 
If the value of the gain is pven substantially by the 
first mode, and substitution fnmi equation (148) k 
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Figure 33. Shadow factor for dielectric earth, 
made; it is found that 

A - [2AodiF.,)/(hO-/(W. (160) 

For the dielectric case equation (160), using equa- 
tions (140), (147), (161), and (156), becomes 

A~^^(gA)i(gh)u ( 161 ) 

2 d* 

The same formula holds for sea water, vertical 
polarisation, wavelengths in VHF range, d > 50/p^ 
and h > 4/i, as described above, except that F, or 
is represented by various curves in Figure 32, 


according to the value of X, and g is modified slightly 
by a correction factor g\ 

Formula for Ska Water. Vertical Polariza- 
noN. VHF. 

Equation (160), the general formula for the first 
mode, in the VHF (1 to 10 meters) range, becomes 

A « l2Ao Ar F.^]iH^,g')^{Hugg% (162) 

where Hi is the low antenna height-gain function 
whose formula is given by equation (152), and 
gg' =>= 1 for low antennas. As pointed out above, 
if ^ > 4/1 and d > 50/p', equation (162) reduces to 
equation (161). g\ the correction factor for g, is 
given in Figure 36. For a more extended discuarion, 
see page 416. 

Effect of Changing the Value of k 

In the optical region, the effect of a linear gradient 
of refractive index has been shown to be equivalent 
to replacing the radiua of the earth a by an effective 
radius ka and then treating the atmosphere as 
homogeneous (see Chapter 4). 

In view of the equivalence of the sum of modes to 
the optical formula in the optical region, it follows 
that the modes should be changed in the same way 
In the optical region, i.e., a should be replaced by ka. 
These same modes supply the solution of the wave 
equation in the diffraction region, so that in both 
regions the substitution of ka for a will take care of 
an atmosphere with a linear variation of refractive 
index with height for all values of k. 

For given transmitter and receiver antenna heights, 
hi and hi, the first maximum of the field-strength 
versus distance curve (see Figure 4) mil frequently 
represent the limit of detection. The first maximum 
occurs not far from the line of sight which, for a 
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standard atmosphere {k == 4/3), is given by 

4 = 2 (I) a {<h + VAi). (163) 

If 4/3 is changed to ky the more general form is 

dj = Vafeo (Va, + Viii). (164) 

The first maximum mil now be near 

^ 4 

Suppose next that the point at distance djJ for the 
given heights was originally well mthin the diffrac- 
tive region. The exponential part of the gain due to 
change of k from 4/3 is equal to 


or 

g-l607(V3*74>-l)«rf/,. 

The above formula is obtained by combining equa- 
tion (149) for and s is obtained from Figure 31 
{k *■ 4/3). This corresponding gain in decibels is 

- 2o[- 1.607 X .434 - l) , 

- db, 

below the free-space value. Since a maximum is now 
near di' as a result of chang^g 4/3 to k, i.e., the 
field has a value of 6 db above the free-epace value. 
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Fioitbb S7. ifci fiu vaniis td gf, Pointi lying to rii^t of dotted line cxNMponding to for a given trane- 
mitter indicate that the pointe lie in the diRraction legion of the tranamitteri or d > di. Diffraction region dieleetric earth 
curve parameter: 20 log A • 201ogA - 201ogAi - 201ogpi. 


the gain is approximately the exponential value 

-“"‘Wt-')’ 

as a consequence of refraction giving a value A; 
greater than 4/3. ForJb « 12, andsdi^ » 5, the gain 
would be about 140 db at some point near dj;,' ^ 


at heights hi and As such that 

dj/ - Vito (vr, + 

and such that ht ia wall within tiie dilfoactioa mgion. 

For given trmmitt«r height and dietanoe d, the 
effect of increasing is to lower the lowest Ic^ 
roughly by the amount by whidi tiie iin<M)f<s^t 
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BOTH ANTCNNAS LOW MoOX*^* 
h,) 

20l0fl AS 20 log A-20 log h, 



elevation at the distance d is lowered in changing 
from 4a/3 to ka. At this distance the height of the 
line of sight is hi, and 

VfcT - (for k - 4/3) (166) 

becomes 



so that there is a downward shift of approximately 

^ ■ > 1 ^- 

(167) 


If hi 18 small compared with hi and the result is 
approximately 

(108) 

Receivers situated between hi and hi were formerly 
• below the line of sight but are now above it (assum- 
ing A; > 4/3), >vith a consequent substantial gain in 
signal strength at some points and loss at others. 
The chances of detection in the region, however, have 
improved. 

If both arUenms are laWf a change of 4a/3 to ka 
gives a field strength change such that the field 
which was formerly at a point d ivell within the 
diffraction region will now' be found at a distance of 
approximately 



except for the decrease in free-space gain (20/3) log 
Zk/4f occasioned by the increase in distance. If, for 
instance, k » 12, the free-space gain is equal 
approximately to —7 db, and the ratio of the new 


distance to the old is equal to (3it/4)^^ ^ ^ 4. 

More generally, if A/Ao is Imown at a point 
(jhtfd) for a transmitter height hi and for k » 4 / 3 , 
the same value of A/Ao will be found at hi*, h%, d 
where 

(189) 


d'-d 


/SfcV*'* 

\4/ ’ 


(170) 
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X(m) 
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A 

.3 
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jOR' 
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E ond d 


I*- 


Fiaim 40. Ralatioii of X, id [npreienting id/(4)], and d. 
See Pigufe 31. f(i) » 1 for 3 > > 1. 
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-35 
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-25 
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FiauRB41. 0^(repreeentingeft0(d)],2O]og0 verausX. See 
Figufw 36 and 42. 


where k may now have any value. A itself will 
change to where 


V 4 / 


(171) 


Figure 30 illustrates the vidues ctf (3il;/4)* for varioue 


values of A; and n used in equations (169), (170), and 
(171). Figure 43 gives the same infonoation in 
nomographic form. 

Hence if a coverage diagram is known for As - 4/8, 
thmi the same diagram can be used for A; ^ 4/3 if tibe 
diagram is interpreted in tenns of k’, d', and A'. 
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Graphs for the Case 
of the Dielectric Earth (8»1) 

1. FundarnsrMfimnv^ Thisfonnula 

is 

(172) 

where (7*1 when h < 30X®''®. 

For the dielectric earth, 5 > > 1. See equation (,193) 
If both antennas are low {h < 30X*^®) equation (172) 
and the accompanying figures (Figures 31 to 41) are 
valid for all distances d such that 


d >>?^. 
X 


(173) 


If one or both antennas are elevated^ equation (172) 
is valid only well mthin the diffraction region of the 
transmitter, i.e., for 

d > > dL‘ (174) 


The following quantities required to find 20 log A 
are given in Figures 31 to 41 : 


by the method of Chapter 6, “Coverage Diagrams/’ 
By joining the two curves into a smooth ovendl 
curve, it is possible to estimate A in the transition 
region near the line of sight. 

For the case of short distances and receiver below 
the interference region, see page 380. 

2. For h < 4/1. Vertical pdkirizatum. A more 
accurate result can be obtained by replacing the 
height-gain {gK) by Hi/l or in decibels by 20 log Hi 
— 20 log 1. Hi is given by Figure 47 and I by 
Figure 46 (see Table 3). 

3. Graphical aids (continued). 

A. Definition of A. Figures 31 to 36 can be com- 
bined into a form more convenient for numerical 
computation. In Figure 37, a curve parameter A is 
introduced, defined by 



where is a function of ehi. This may also be ex- 
pressed in the form 

20 log A = 20 log A — 201ogXij7i. (176) 


« as a function of X is given m Figure 31. 

20 log F* Venus ad in Figures 32 and 33. 

20 log d can be found by using Figure 34. 
a as a function of X by Figure 35. 

20 log g venus eh is given by Figures 36 and 41. 

When one antenna is low^ h < 30X^^®, and the other 
quite eJ^atedf h > 1,200X^''^, a result valid for hj near 
the line of sight can be found from the formula and 
graphs on page 419, obtained by summing several 
modes. 

A more general method of finding the gain near 
the line of sight is to use equation (172) well below 
the line of sight to obtain a curve of A versus hi and 
by constructing a similar curve for the optical region 



(For/ii<4/I,201ogi - 201ogA - 201ogHi + 20 
log I.) 

Equation (172) can be written as 

i = 1.77 X (177) 

(« 0 » 

or 

20 logi » - 136 + 20 log + 20 log^, (177a) 
(««)* 

where 

^ « (eh2)gif 

with g% a function of ehi. Note that F,/(sd)^ is a 
function of sd only and is independent of height. 
While hi usually represents the transmitter antenna 
height and hi that of the receiver, the role of hi and 
As in equations (176) and (177) may be interchanged. 

To facilitate the use of Figure 37, three nomograms 
have been added (Figure 40 gives sd when X and d 
are given. Figure 41 gives eAi, 20 log A and 20 log g 
when X and A are known. Figure 43 gives the modi- 
fied height A' and distance d^ for given A, d, and k.) 
To find sd for a value of d which is not on the nomo- 
gram, say 120 km, find sd corresponding to a distance 
100 times smaller (i.e., 1.2 km) and multiply result- 
ing sd by 100. Proceed similarly for eh. 

B. Both antennas low. In the case of both an- 
tennas low, hi and As < 30 X^^, the contours 20 log 
are given by Figure 39. If both antennas are so low, 
say, Ai and At < 4/1 (see Table 4) that it is desired 
to use Hi for greater accuracy for vertical polarisa- 
tion (Figure 47), then for 20 log A we take 20 log A 
-h 20 log I 20 log (see text above ) and 
insteadofeAi in Figure 39, we use as ordinate eHig/l. 
Then for given sd, Figure 39 would give the value 
of sHjjgfl. If the frequency is given, e/l is known 
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(Figures 35 and 46), and we must find the value of 
Uh which conresponds to a known value of H 12 (Fig- 
ure 47) for the appropriate value of Q * €,/60aX. 
From UkihfiB found by dividing by I. 

If only one antenna height is less than 4/2, then de- 
fine 20 log as 20 log A + 20 log 2 — 20 log Hi for 
that antenna and As then refers to the other antenna. 

C. Non-standard atmosphere, k ^ 4/3. The pre- 
ceding graphs are all based on fc * 4/3. Ifk^ 4/3, 
hi, As, d, and A should be replaced by A/, As', d\ and 
A \ where 

or 

j) (178) 

The change of h,d, A to the primed values can be 
made with the aid of Figure 43, i.e., if h,d are known, 
change to W,d*, then Figure 37 will give A\ which 
in turn will give A', and this with the aid of Figure 43 
wiU give A, 

D. Change to dimensiordeas (xmdinate^ In the op- 
tical region, convenient coordinates are (see Section 
6 . 6 ) 

d £ 

^2kaht 



For these coordinates, equation (175) becomes 




(179) 


Aig(e) 

Writing 

e “ ehi, 
s sV2AaA|, 

(180) 

it foOows tiiat 




cAs » eu, 
w ^ sd, 

and, using equations (150) and (159), 

^ - 2g. 

CkxQsequently, Figure 37 can be used with so 
replacing sd, eu replacing eAt, and A is defined in 
equation (179). 

CaiuUon: In using the graphs, care must be exercised 
vshsn one or both antennas are elevaied to see that the 
receiver antenna is mO within (Ae diffraction region, 
is., 

d>>di. (181) 



FicrtnuB 48. Relation of h,d to h%d* as a function of k, 

£. lUustratm problems; diffraction formula; di- 
dectric earth. Previously , four types of problems 
were considered for the optical-interference region. 
The same four types are given here, for a receiver 
below the optacal^interference region. A dielectric 
earth is aasiuned so that the figures on pp.413* 410 
are i^ifiicaUe. These require su^dementing by 
equations (3) and (5). 
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For oiie*way transmission the radio gain is 

10 log § - 20 log A + 10 log (182) 

For two-way trimsmission the radar gain is 

10 log ~ « 40 log A + 10 log (GiGt) 

+7.6+10iogir-20logX. (183) 

Type I The heights and distance apart of the 
transmitter and receiver antennas and the wave- 
length are known. The radio gain is to be found. 

An early-warning set has a horisontal antenna, 
located 118 meters above sea level A receiver is 
located in an airplane 1,520 meters above sea level, 
at a distance of 300 km. The wavelength is 3 meters. 
The gain of the radar antenna is 96 db and its power 
output 100 kw. (a) The power received by the air- 
plane receiver, assuming a gain of 10 db, is to be 
found, (b) The power returned to the radar by the 
airplane, assuming that the airplane has a radar 
cross section cr of 40 square meters, is to be found. 

One-way: From Figure 2, dj, « 205 km. Hence 
the receiver may be assumed well within the diffrac- 
tion region. 

From Figure 40, ed ** 9.3, with/(5)“l. 

From Figure 41, eh% * 12.3, with g{h) « L 
From Figure 37, 20 log — 213. 

To converti 20 log A to 20 log A by equation (175), 
we need 20 log hi and 20 log flfi, which are given 
by Figure 41 : 

201og/ii » 41.3, 

20 log ^ 1 * 1.5. 

Hence 

20 log A « -170, 
and by equation (182) 

lOlog— - -170 + 90+ 10 - -64. 

Pi 

Since Pi is 10® watts, 

Pa«10®X10”®^-10-'Sv. 

Radar: Substituting in equation (183), the radar 
gain is given by 

10 log (Pi/Pi) - -340 + 2(96) + 7.5 -h 16 - 9.5, 
« -134db 
or 

Pi - Pi X 10-^* \ 

The power output Pi is 10® watts, so that the max- 
imum received power 

Pa • 10-®‘^w. 

The minimum detectable power of the set is given as 
1.6 X lO”* - watt, so that under the given 
conditions the power returned by the target would 
be digbtly below the threshold of detection. 

Type II. Qain versus receiver (or target) hei^t 
is to be found for given distance, given wavelength, 
and giv«a transmitter hei^t : A radar has an antenna 
helf^t of fti « 80 meters, a wavelength of X « 1.5 


meters and a distance from a receiver (or target) of 
d ^ 100 km. Assuming a receiver antenna gain 
Gi » 1, the variation of Ps/Pi at the receiver with 
receiver height is to be found. Also, assuming a 
target of cross section * 50 sq meters, the varia- 
tion of Pi/Pi at the radar receiver with target height 
is to be found. The radar antenna has a gain of 
13.5 db. 

One-way: 

ed *s 3,9 (from Figure 40). 

From Figure 37, for the fixed value of sd = 3.9, we 
find a con*espondence between values of 20 log A and 
cXi, listed in Table 5 below. By means of Figure 41 
or equation (159), eht is changed to ht and by means 
of equation (176), A to A. From Figure 41, it is seen 
that 20 log hi » 29.5 and 20 log gi « 0. To change A 
to Pj/Pi, the transmitter gain of 13.5 db and the 
receiver gain of 0 db must be taken into account, 
according to equation (182). The result is given in 
Table 5. The values of 10 log (P 2 /P 1 ) are plotted in 
Figure 25, together with the results found with the 
same data in text on p 397 for the optical-inter- 
ference region. 

Table 5* 


ht 

Meters 

elh 

20 log A 

20 log A 

Radio 
Gain 
in db 

Radar 

Gain 

indb 

63 

0.8 

-190 

-160.5 

-147 

-273 

142 

1.8 

-180 

-150.5 

-137 

-268 

259 

8.3 

-170 

-140.5 

-127 

-283 

417 

5.3 

-160 

-124.5 

-117 

-208 


* Seo also Table 1 and Fiiure 25. 


Radar: 

10 log.— = 40 log A + 27 + 7.5 + lOlog <r 
-20 log 1.6, 

- 40 log A + 27 + 7.6 + 17 - 3.5, 

» 40 log A -f 48. 

Type III. Gain versus distance is to be found, 
with antenna heights and wavelength given: Using 
the same data given in text on p.398,the gain as a 
function of distance m the diffraction region is to be 
found. The result has been plotted in Figure 26. 
The polarization is horizontal. 
hi «■ 30 meters Gi •* 22.4 (13.5 db) 

hi » 1000 meters Gt (one-way) « 1 (Odb) 

X « 1.5 meters Gt (radar) -■ 22.4 (13.5 db) 

9 « 10 square meters 

From Figure 41, 

eXt - 12.5. 

Referring to Figure 37, we find a correspondence 
between A and sd. Values of A are to be assumed. 
To change ad to d, use Figure 40. To change A to A, 
use equation (176). From Figure 41, 

20 log 30 - 29.5, 

201og(^i *0, 

20 log A -201ogi + 29.5 + 0. 
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The radio gain is then given by: 

One-w^; 

10 log ^ - 20 log A + 18.6 + 0 ; 

Pi 

The radar gain is then given by; 

Radar: 

10 log§ - 40 log A + 7.5 + 27 + 10 - 3.5 
Px 

« 40logAl + 41. 

These equations are evaluated in Table 6 and the 
one-way values are plotted in Figure 26. 


From Figure 41, 

20 log gi » 18.5, 

20 log hi » 40. 

Therefore 

20 log i - -229 - 40 - 18.5, 

« -287.5 db. 

Referring to Figure 37, the paire of values of sd and 
eh% along the contour 20 log A » —287 are given 
in Table 7. By means of Figures 40 and 41, ad and 
eh% are changed to d and hi. The points found are 
to the right of the curve for ehi « 7.3, so that they 
conrespond to points in the diffraction region. 


Tabls 6 


20k>gj| 

ad 

d 

201og4 

Radio Gain 
in db 

Radar Gain 
in db 

-170 

6.2 

159 

-140 

-127 

-230 

-180 

6.0 

177 

-150 

-137 

-259 

-190 

7.6 

193 

-160 

-147 

-279 

-900 

8.3 

213 

-170 

-157 

-299 

-210 

9.0 

231 

-180 

-167 

-319 

-390 

9.7 

249 

-190 

-177 

-339 

-2S0 

10.8 

263 

-200 

-187 

-359 

-9«0 

11.0 

282 

-210 

-197 

-379 

-360 

11.8 

805 

-220 

-207 

-399 

-960 

12.5 

320 

-280 

-217 

-419 

-370 

13.2 

340 

-240 

-227 

-439 

-980 

13.8 

357 

-250 

-237 

-459 


Type IV. The determination of contours along 
which the radio gain (or A) is constant (the coverage 
problem): A radar has a wavelength of 0.107 meter 
and a power output of 750 kw. Assume a receiver in 
space with a minimum detectable power of 10 ~‘^ 
watt. The maximum possible distance between the 
radar transmitter whose elevation is 100 meters and 
the receiver for varying heights of the receiver is to 
be found. The gain of the radar antenna is 10,000 
(or 40 decibels), the gain of the receiver will be 
assumed to be ^ decibels. 

For the radar problem, a target of radar cross 
section <r 50 square meters is assumed to take the 
place of the receiver. The minimum detectable 
power of the radar is taken as 10 ’^^ watt; the range 
of the set for varying altitudes of the target will be 
calculated. 

OnoADay: Tbe radio gain sought is the ratio 
of the minimum detectable power to the power 
output, or 


P%_ 10 "*^ 

Pi “ 750 X 10» 



16 

9 


101og(P|/Pi) - -100+1 - ~159db. 


Table 7 


djfcm 

id 


At meters 

118 

11 

1.3 

18 

129 

12 

3.5 

48 

140 

13 

7.0 

96 

161 

14 

11.5 

158 

161 

15 

16.5 

226 


Radar: The value of 10 log (P%/Pi) is the same as 
for the one-way calculation, — 159 db. This must 
be changed to 2 M) log A by equation (5), 

20 log A * -141 db, 
and, as above, 

201ogi = -141 - 40 - 18.5, 

- - 199.5 db. 

Referring to Figure 37, we see that the contour 
20 log A * — 199.5 is to the left of ehi = 7.3 [see 
caution in equation (181)]. Therefore it is not possible 
to get the necessary power return Pi from the given 
target so long as it is below the line of sight. The 
desired contour would lie above the line of sight. 
The determination of the contour is discussed on 
page 400. 


Sea Water, VHF, 

Vertical Polarization 

1 . Graphical Aida, Graphical aids are given in 
this section, which, as in text onp.413,are valid for 
all practical distances when both antennas are low 
[A < he (see Figure 35)] and 2AiAt < < Xd. If one 
or both antennas are elevated, they will give the 
value of the radio gain for the first mode, which is a 
good approximation for the result found by summing 
an the modes when the receiver is well within the 
diffraction region, i.e., when d> di. [If one antenna 
is low (A < he) and one toeO elevated (A > 4 OA 0 ), 
the result found by using several modes is given in 


Vnm equation (3), 

201ogA - - 169 - 40 - 80, 
« -229db. 


Referring to equation (162) and Section 5.7.1, 

A ^ 2A^iFe{H^^i{Bm% (184) 

with yy' «• 1 for A < A,. 
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A« is given by Figure 35, 

20 log gg* is given by Figure 36, 

20 log An is given by Figure 3 in Chapter 2, 

F, is given by Figures 31, 32, and 33. 

2. Plane earth factor A i. This has been discussed in 
Section 5.7.1. is a function of p'd; p* is given in 
Figure 44 and 20 log Ai in Figure 45. The curve 
shift of Ai with X in the YHF band is less than 1 db. 
When p*d >50, Ai«» \/p*d^ as in the dielectric 
case. 

3. Ths low heighJtrgain is a function of Vi (see 
text onp.404J. I is given by Figure 46, or 20 log Hi, 
by Figure 47. Hi, depends on the curve parameter 
Q B «^/60(rX which for sea water is 1 / 3X Since 
Hi^lh for Ui > 4f 20 log Hi can be found from 
Figure 34. 

4. Ai, hi > 4/1 and d > 60/p'. As in text onpL405 
[noting especially equations (161) and (153)], 
equation (184) reduces, when h > 4/1 and d > 50/p', 
to 

^ (185) 

Equation (185) may be used generally, provided 
(gg^h) is replaced by Hi/l when h < 4/i, and the 
right-hand member is multiplied by Aip'd or, in 
decibels, 20 log Ai 4- 20 log p'd are added, when 
d < 50/p'. In this formula d < 50/p' is given in 
meters. 


5. Horizontal versus vertical polarization. It is of 
interest to compare the gain of vertically and hori- 



ti«m. 


Tabub 8. Values of 4/1 and 50/p' for various wavnlengths. 


X 

1 

2 

3 

4 

5 

6 

7 

8 

0 

10 

m 

4 

7 

8 

27 

50 

80 

no 

143 

174 

222 

267 

308 

m 

so 

2 

17 

17 

30 

50 

71 

100 

125 

176 

200 

km 

p' 





1 








zontally polarized waves over sea water at YHF. 
(It has been pointed out earlier that there is no 
marked difference in attenuation between horizon- 
tally and vertically polarized waves for wavelengths 
less than one meter.) Equation (184) is valid for 
horizontally polarized waves also by using the 
appropriate F« curve and putting p' » 1 and can be 
made the basis of a comparison between vertical 
and horizontal polarization. See, for comparison, 
equation (160). 

For antennas at, or very close to, zero height, the 
gain-factor ratio depends on AiF«. While F« gives 
greater attenuation (lower gain) for horizontal than 
for vertical polarization, the difference between the 
two lies principally in the values of Ai, For X «= 1 
meter, the ratio is 64,000 to 1 in favor of vertical 
polarization. For X » 10 meters, the ratio is about 
8.6 X 10«. 

However, as the antennas are raised above the 
ground, the strength of a horizontally polarized 
field increases much more rapidly than does the 
coiTesponding vertically polarized field, for a given 
wavelength up to a certain height above which the 
field is substantially independent of polarization. 
For example, above a height of 3 meters for X » 1 
meter, and above 77 meters for X * 10 meters, the 
two fields are practically equal. 

6. Parameter A. As on pp. 413- 4 16 , curves can 
be drawn in terms of the parameter A where 


A 


for ft, >4/1, 

(%)i 

^ forft,<4/J. 


(186) 



Fioxjbs 46. Plane earth factor Ait for sea water, 
vertical polarisation. Nate: All db values are negative. 
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Equation (185), including the correction for 
d < 50/p', becomes 

Uof'd) (a9'h)i(ag'h)t, (187) 

which can be wnttsen 

i - 1.77 X tl*®) 


or 

201ogi - -138 + 20 log ^^ + 20 log A 

+ 201ogp'<{+201ag^. (189) 

Sinoe F« has a gn^ihieal re p nwon tatioa wfatolt de- 
pends CO the vavelengtii, it is neosesuy to aasaine 
a partkiilarvahte of X; equation (188) heMmes 
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Figure 47. Height-gam function versus Ih, for low antenna heights [See equation (152 )1 


a relation between A, di, and /ta, and Figures 48, 49, 
and 50 for X = 1, 3, 6 meters are in terms of these 
coordinates. The height-gain function of the trans- 
mitter Qi can be found from Figure 41. 

7. lUustraiive example: Commumcalion, A com- 
munication set used in ship-to-ship work has a wave- 
length of 1 meter, a receiver sensitivity of 10 micro- 
volts with a resistance of 50 ohms across the input 
terminals and a transmitter powder output of 100 
watts. The transmitter and receiver antennas are 
vertical half-wave dipoles at an elevation of 30 meters. 
The range is to be found. 

To produce a voltage of 10 microvolts across 
50 ohms, a power of 




lOOX 10' 

R “ 


50 


- watt 


2X10 watt, 


so that this is the minimum detectable power. The 
value of Pt/Pi for the given power output of 100 
Wyatts is 


2 X 10“^^ 
100 


2X 10•^^ 


and 


101og§ - 3 + (-140) - -137. 


This is to be changed to 20 log A by equation (3). The 
gain of a half-wave dipole over a doublet is 1.09 
sothatf?! » « 1.09 , or0.4db, 


20 log A « -137 -0.8^ -138db. 

tu changing from 20 log A to 20 log A it must be 
determined which of the relations in equation (186) 

Is required by comparing the transmitter h^ht of ^ 
30 m^tere with 4/1. The value of I as given by 


Figure 4G is 0.4. Hence the value of 4/1 is 10, which 
is less than 30. Then 

201ogA « 20 log A — 20 log 30 — 20\oggg', 

- - 138 - 30 - 0, 

= - 1C8. 

Refen ing to the chart for X = 1, Figure 48, we 
find that for h = 30 meters and 20 log 2 «= — 168, 
the distance d is 53 kilometers. This then is the 
maximum thcoietical range between the two sets. 


Radio Gain Near the Line of Sight 

For d much greater than the firat mode is 
sufficient, as given in the last two Auctions. For 
d nearly equal to d^,, i.e., the receiver near the line of 
sight, a formula [equation (190)] can be given which 
takes into account several modes and still permits 
the use of graphical aids. This formula is valid only 
when the elevated antenna is very high, i.e., 
h > 1,200X^^® and the other antenna is low’, i.e., 
h < 30X^^®. (Otherwise the transition curve near 
the line of sight must be sketched in graphically, as 
indicated by the broken portion in Figure 7.) 

Denoting by the height-gain of the low antenna 
at height Xi, 

A - 2A,Hu M(6) ( 190 ) 

where Xa and ref(»r to the elevated antenna. 

1. 8d and eh am given in Figures 40 and 41. 6 is 
given on pagi^ 422. 

2. A - V^^) {sd - V&^). 

3. g{6) » 1, except for the VHF range, vcriical 
polarisation, over sea water. The values are ^ven in 
Table 9. 


420 


PROPAGATION THROUGH THE STANDARD ATMOSPHERE 



Fioube 48. Maximum range for X ■> 1 meter» vertical polarisation. (See equation (186).1 


Table 9. Valuee of V 90 ) for VHF (sea water). For horizontal polarization 


X 

|l 38466789 lOmetera 

Vj® 

0.96 0.97 0.96 0.94 0.93 0.91 0.90 0.88 0.86 0.84 


4. Fi(A) k given by Figure 61. 

5. M($) for vertical polarization is given b}* 
Figure 52 aa a function of 8 which can he found from 
Figures 53 and 54. 






V| i'l 


' X 1 

- l)»+(a)irX)*‘ 


( 191 ) 
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Fioubb 49. range forX - 3 meters (sea water vertical polarization - 20 log g' « 1). See equation (186). 


General Solution for Vertical 
(or Horizontal) Dipole 
Over a Smooth Sphere 

1. Field itrengih of dipole. The vertical component 
(d the electrical field of a vertical dipole radiating 
ill a bomogeneona atmosphere over a sphere of 
radius fca (or horisontal component in the case of a 


horizontal dipole) is given by etiuation (192). The 
solution is valid provided the distance between 
receiver and tran.smitter and the radius of the 
sphere are much greater than a wavelength, condi- 
tions which are fulfilled in any practical application 
of short waves. 






« + 2rn 




. ( 192 ) 


1)2 IN METERS 
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Fioubb 50. Maximum range for X -> 6 meters, Tertical polarisation. See equation (ISO). 


a. Aland As are antenna heights, 

b. is the value of for a doublet in free space, 

c. 5 is the ground parameter which depends on 
the complexdielectric constant 

For vertical polarisation, 



For honsontal polarization, 

/2»teY^/. n 14.2X10', „ 

for A « ~ . 

3 

d. f - «d, 
ivbeie 
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as unity.) B is large for horisontally polarijKMl waves, 
but for vertically polarized waves it may vary con* 
siderably, as may be seen from Figure 53. In Figure 
54, the phase of 5 is given. For wavelengths less 
than 10 meters M 1, as given by Figure 53 for vertical 
polarization, is large except in the VHF range over 
sea water, « 80, ir « 4. 

The ground constants and v for water and 
various t3rpes of earth are given in Table 10. For 
X < Xc the ground material is a dielectric earth. 

Table 10. Ground constants. 


Type of ground 


Sea water 

Cr-80 

« 4 mhos per meter 

Fresh water 

<f-80 

^ -6 X 10-3 

Moist soil 

er-30 

<r -0.02 

Fertile ground 

•r- 15 

a - 5 X 10-3 

Rocky ground 

•r-7 

<r « 10-3 

Dry soil 

•f ■■ 4 

ir - 10-2 

V'ery dry soil 

•r - 4 

a - 10-3 
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Fiovei 52. M{B) versus 1 5 | for use in equation (190), vertical polarisation. 
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From these limiting values of r the value of r in 
general for any given B can be found from the follow^ 
ing two seiiesi of which only the first is of interest 
in short-wave work. 

B large, 

+ • • * . (I9fi) 


B small, 


B 



4. The heightrgam functions f(h). 

(a) For low aniermas ih < tlie heifl^irgaiii 
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Fioobb 55. V g0) lukl g* m functions of magnitude and phase. 
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— F 0 « VERTICAL POLARIZATION ♦(60<r»* FOR HORKOMTAL POLARIZATION 

I«r +(eo<T>.r ^ (,S(60ffX)' 

Fiouu 66. Plana earth gain factor A, vemus p*d. Ai « l/lp'd) for p'd >60. 

functions, to the first approximation, are inde- Note that the magnitudes of the bracketed quantities 
pendent of n, are equal to Ui. The magmtude of / has been denoted 

[ 9 h represented in Figure 47 as a function 

— — ft — for vertical polarisation, of Ih. The phase of the bracketed quantities in 
^ ^ equation (196) is taken into account by using differ- 

(196) ent curves \vith the parameter Q « €r/60ffX. For 

f{h) « 1 llforhorisontalpolarization lar^ values of .«.2/3 n mu 

L X J (b) For elevated antennas (ti >> 30X*^). The 


/(A).l+i[?^V|,-l 


J for horizontal polarization 


- Perfect CondMCtor 


|■■■M■l■i 


Dielectric Eirt h — ^ 


mMmmm 

I MMimmAui 
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^TZSr^llll 

mmm\ 
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-/i^^'****** flllWIiMcoiiiipoiidkiphiieafl. I>V»rhorHK)Otal 

ponniation /(■) m i. 
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Fxoyjbb 68. Shadow factor F« versus tf f/(6) «- 9 dS{h), 
See Figures 82, 33, and 57. Curve +10 correeponds to a 
perfect conductor. 


the first two terms of the Taylor expasmon, maldng 
use of the fact that the are roots of + 
J-i/aix) ^ 0 and of the relation given by a prop- 
erty of the Bessel function, 

+ J.i/s'(*) - - l/(8x) + /.1/3(»)1 

we have 

(200) 

If these results are substituted into equation (192) 
for both antennas, the factor (5 + 2r») becomes 
1 + 2 t« „/6, which approaches unity for large 6. 
This means that if both antennas are sufficienUy 
elevated^ shotirwave propagation is practicaUy inde-* 
pendent of ground constants. 

The value of / given by equation (199) can be 
written as glh so that g represents the gain over Ih, 
the value approached by when Ih > 4. The value 
of p for 6 — ► oo is represented in Figure 36. 

If 6 is not very great, as in the case of vertically 
polarized VHF over sea water, the effect of 6 can be 
taken into acocunt by changing e to eg(6) and g to 
gg\ The functions g(S) and p' are given by Figure 66. 

6. Plane earth gain factor and shadow factor. The 
field near the ground over a plane earth with infinite 
conductivity is equal to 2i^o, twice the free-space 
field. For an imperfectly conducting ground, the 
field for antennas at zero height over a plane earth 
may be written 

E « 2EoAi. (201) 


function fn can be represenied by 

^ exp { + Ji - jj t(«^) - 2 t,] ^ 

(197) 

where, from equation (169), 

(198) 

(X‘Jfco)‘^ 60 \3*:/ 

and where the argument of the two Bessel functions 
is 

® - i ( - 2rn)^^e^^ 

For the nth mode, if {eh) > > 2r», the magnitude of 


Ai is represented in Figure 66 as a function of p'd, 
where 


2ir |€,~1 

X €c 


l)« + (60<rX)» 

X €,* + (60<rX)* ^ * 


for vertical polarization. For horizontal polarization. 

p' - YV(,,- 1)»+(6(VX)«. (203) 

The curve parameter is 0 « €,./60<rX. 

Comparing equations (202) and (203) with 
equarions (193) and (194), we find that 

P'd-|a|r. (204) 


/. can be written Hence, equation (192) may be written as 


3 1 espijr, V2efe) 

(199) 


V2i(2eh)*/"J,/,(x) + J.,'s(*) 

■■ 2^o(2ir)*'^i7~ 
Vd \ 

S l + 2rw'«’^" ^ 


(206) 


For laifs t, uting the first two terms of equation 
(196), and writing x. for x tdien r. is repla^ by 
**•. . 

/-2r,V^ 

Bufastitutmg this in Jt/s(x) + wiitmg down 


If p'd is large, we see frmn Figure 66 that 

(“») 

pa 

so that the physioal mgnificance 1/p'd in equatum 
(206) becomes apparent. 
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The factor 


F, 




^ 1 + 2rjh 


(207) 


If the antennas are elevated, F, can still be used 
for the first mode for great distances where the first 
mode gives most of the field. 


represents the effect of earth curvature in increasing 
the attenuation over that of a plane earth at zero 
height [i.e., /(O) » 1] and equation (205) is now of 
the form 

E « 2E^iF, (208) 

If 6 is large (e.g., X small), 2Tjh in equation (207) 
may be neglected and tn replaced by so that the 
shadow factor is practically independent of ground 
constants. The shadow factor is represented graphi- 
cally in Figures 32 and 58. Where the factor 2tJ^ 
cannot be neglected, as in the VHF range, vertical 
polarization over sea water, the dependence of 
F. on 5 is accommodated by changing the abscissa 
from f « sd to where s' « ^(«), and by 

representing F, by a family of curves in Figure 58, 
whose parameter is given by dotted lines in Figure 
57. Sifi) is represented also in Figure 57. For V < 0.4, 
F. is less than 1 db below unity. This corresponds 
to a distance over which the earth may be considered 
plane, i.e., d < as given in textonp,405. 

The greater the wavelength, the smaller the effect 
of the earth's curvature. 


Sample Calculation 
for Very Dry Soil 

The general solution given in text onp.42lis here 
illustrated for the case of doublet antennas, either 
horizontally or vertically polarized, placed at various 
heights over an earth assumed to be very dry sail 
for which the constants are c, « 4, and a « 0.001 
mho/meter. The following graphs cover, in decimal 
steps, the frequency range of 30,000 to 0.03 me or 
wavelengths X » 0.01 to 10,000 meters. 

Figure 59 gives the free space radio gain Ao and 
the radio gain A decibels over very dry soil, as a 
function of distance d for doublets at zci*o height. 
Figure 60 gives the first mode height-gain factors for 
transmitter and receiver heights, hi and X 2 , respec- 
tively. 

To obtain the radio gain under different conditions 
it is merely necessary to add the decibel gains of the 
transmitter and receiver antennas, the radio gain for 
zero height (Figure 59), the height-gain factor 
(Figure 60) for the transmitter, and a similar figure 



Fioubb 69. Free-spare radio gatn A 9 ( — — ) and radio gam A, in deoibels, for propagation over very diy soil wHh 

doublet antennas on the ground < for horisontal pola^tion and for vertioid polarisatiim). Numbers on 

curves give the wnvelei^fth X. Radio gain m independent of the radiated power. 
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Figure 60. First mode height-gain factors for traiisiiiitt«r and receiver. 

Table II. Quantities independent of polarisation. 

Earth, Very Dry Soil. 

fr - 4; <r - 0.001 mhoe/meter; - 4 - jO.OOX • 4(1 -iO.OlSX); - 1 - 3 - jO.OOX - 3(1 - j0.02X). 


/ 

me 

X 

m 

X* 

x* 

i 

kc - 80X1 

66.67 

* X 

30,000. 

0.01 

0.2164 

0.0465 

1.4 

6667. 

3,000. 

0.1 

0.465 

0.2145 

6.45 

666.7 

800. 

1. 

1. 

1. 

30. 

66.67 

30. 

10. 

2.154 

4.65 

140. 

6.667 

8. 

100. 

4.65 

21.54 

645. 

0.667 

0.8 

1,000. 

10. 

100. 

3,000. 

0.0667 

1 

0.08 

10,000. 

21.54 

465. 

14,000 

1 

0.00667 


/ 

me 
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10* X» 

0.443 

d. 
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Uc - 1| 


Ul* 


80,ooa 

2154. 

2.06 X 10^ 

3(1 -/ 0.0002) 

3. 

1.732 

16. 

8,000. 

4650. 

0.254 X 10^ 

8(1 -j 0.002) 

8. 

1.782 

16. 

800. 

W 
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8(1 -i0.02) 
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80. 
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0.906X10^ 

8(1 -iO.2) 

8.06 

1.75 

16.86 

8. 

4.66 X 10« 

o 

f 

X 

8(1 -i2.) 

6.71 

2.52 

52. 

0*8 

W 
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8(1 -;20) 

60.072 

7.77 
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0.00 
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1 

X 

8(l-:/300) 

600i>16 

24.6 

860,016. 
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Tabus 12. Quantities dependent on polarisation. 
Earth, Veiy Dry Soil. 



Horizontal Polarization 

/ 

me 

X 

m 

_14.2X10«, 

Xi 

n 

jUgM 

-?vi;r-ii 

p'-iii 

*»■ 

X '‘'-ili 

fU) 

Fig. 57 



0.918 X 10' 


- .0114 

1086. 

1885. 

1 


0.1 

1.08 X 10« 


~ .1145 

108.6 

188.5 

1 

300. 

1. 

0.420 X10« 

1 

- 1.146 

10.86 

18.85 

1 

30. 

10. 

0.933 X 10* 


-11.3 

1.1 

1.92 

1 

3. 

100. 

0.444 X 10* 

Q 

-63.5 

0.163 

0.421 

1 

0.8 

1,000. 

0.854 X 10* 


-871 

0.0487 

0.377 

1 

0.08 

BSSSIHI 

1.835 X 10< 


-89.7 

0.0154 

0.377 

1 




Vkrtical Polarization 
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Phase 
of 6 
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1 
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m 

Fig. 57 
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xl 

Fig. 53 

i..i‘ 

^ I..I 

30.000. 

0.01 

5.72 X 10* 


0. 

272. 

118. 

1(0) 

8.000. 

0.1 

1.2 X 10* 

1 

0. 

27.2 

11.8 

1(0) 

300. 

1. 

2.6 X 10* 

1 

0. 

2.72 

1.18 

1 (0) 

30. 

10. 

5.7 X 10* 

1 

+ 5.5 

0.272 

0.118 

0.99 (0) 

3. 

100. 

850. 

t ^ 

+ 60. 

0.0272 

0.81 X 10-* 

0.96 (- 1) 

0.8 


23. 


+ 85. 

0.00272 

1.044 X 10^ 

0.77 (- 5) 

OUS 

laooo 

0.52 


Bail 

0.000272 

1.047 X 10-* 

0.56 (+10) 


for receiver (Figure 60). This process, however, is 
subject to the restriction mentioned in the next 
paragraphs. 

Hie addition of the factors given in the preceding 
paiagr^h is vaKd all the way up to the maximum of 
the first lobe, where the fidd is given the sum of the 
direct and reflected rays, provided that the antennas 
have comparable heists. 

The radio gain can therefore never be more than 
6 db greater than the freenspace gain with the 
antennas. 

H, however, one antenna is low, A < A„ and the 
other is very hi|^, A > 40ft«,the method diaoiueed 
fdls sinoe the hdght*galn factors are based on the 
first mode onhr. In this event, either the methods 
outlined on pp. 419-420 must be rnfAdyei or the 


radio gain at low elevations must be connected 
graphicaUy with the value obtained in the optical 
region for the first maximum. 

As an aid to the computer in checking his results, 
four tables of oomputatioos are given. Table 11 
gives the vahies of oertain quantities, for a wide 
range of frequencies and for very diy soil, which are 
independent of polarisatioii. Those quantities whidi 
are dependent on poiaiimlion are giv^ in Table 12. 
Table 13 gives detailed calculations for ground level 
radio gain for doublets for a wavelength of X 1.0 
meter, Wble Table 14 gives the first mode bright* 
gadin factors for the same wavelength. 

Si m i l ar charts and tables may be piepared eaafiy 
few traosmisrion over otiier typm of earth k» a 
rimiiar lanfs of fiequenries. 
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Table 18. Ground level radio gain for doiibietfi. 

I-iuHh, Very Dry Soil. X - 1.0 m: 0 - 66.67; /(«)-! (Fig. 57); » - 0.443 X 10“. 
Ground level radio gain for doublets, ■■ fc* ■■ 0; Oi - Ot ■» 1 ; Pi - 1 watt radiated. 
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Tabu 14. Height-gain faoton (tint mode). 

Earth, Very Diy SoU. X - 1.0 m; 6g - 0.436 X 10» (- 1.1*); Sy - 2.6 X 10* (0*); Ij, - 10J6; ly 2.72. 
Piret mode hei|^t-gain factors, — 30. m; e - 0.01667; Q • 66.67. 
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Chapter 6 

COVERAGE DIAGRAMS 


DEFINITIONS 

T hb liOCiTB of points in space having a constant 
iSeld strength is called a coverage diagram. In 
the optical region this is also called a lobe diagram. 
The construction of these diagrams is an important 
part of the predetermination of the performance of 
radar and communication sets. The basic concepts 
and formulas will be. developed first for the case of 
the plane earth and then applied with necessary 
modifications to propagation over a spherical earth. 

The method outlined in this chapter is applicable 
only to the lobe structure lying above the tip of the 
first lobe. In this region the field is given almost 
entirely by the vector sum of the direct and reflected 
waves. The lower portion of the first lobe is dis- 
torted from the regular lobe structure because, in 
this region, the field strength is determined in part 
by contributions from the diffraction terms as well 
as by the contributions of the direct and reflected 
waves. 

PLANE EARIR 
Field Strength 

For horizontal polarization and a reflection coeffi- 
cient equal to -1 (i.e., p « 1, = 180®), the re- 

ceived field ihtensity oscillates from zero to twice 
the free-space value, depending on the position of 
the point in space, as shown in Figure 1. The posi- 
tion in space determines the path difference A, 



FiotniB 1. Coverage diagram for plane earth (heights 
As are exaggerated relative to dietan'ce d). n » 1,3,5 

.... for the fimt, second, third lobes, d - dnuuc 

sin (im/2) and dmut 24 ^, 

which in turn determines the phase retardation, 
due to path difference. The angle 0/2 used in 
calculating E by equation (29) in Chapter 5 is a 
function of diag and since 0 » The 

effect of a reflection co^oient p less than unity is to 
reduce the length of the lobe maxima to values less 
than 2ds and to increase the minima above zero as 
indicated by the dotted Uneseff Figure!. Theangles 


at which the maxima and minima occur depend 
upon the phase shift at reflection, as will be explained 
in the following section. 

Angles of Lobe Maxima 
(Horizontal Polarization) 

Lobe maxima occur whenever the sum of the phase 
shifts caused by reflection and path difference equals 
an even multiple of ir radians, while lobe minima 
(nvUs) occur when the total phase shift is an odd 
multiple of t radians. If p « 1, the nulls are equal 
to zero. 

It follows that for horizontal polarization 
(0 = t), maxima occur when 6 equals t, 3**, 
Sir, etc., and minima when 5=0, 2ir, 4ir, etc. 
This means that a path difference equal to an odd 
multiple of X/2 gives a lobe maximum while a path 
difference equal to an even multiple of X/2 gives a 
null. This holds only for horizontal polarization 
(4> « v). Applying equation (62) in Chapter 5 
to the case when di << d% (i.e., ds ^ d), 

^ s- » 2h tan ^ S 2hi tan 7 ^ 2Ai7, (1) 
d 

where 7 is the angle in radians between the hori- 
zontal and the line joining the receiver or target 
to the base of the transmitter (see Figure 8 in Chap- 
ter 5). For equation (1) to hold, ^ must be less than 

0.2. Honce for maxima, 


01 . 

n » odd integer. 

and for minima. 



n = even integer, 

or 

nX ^ 

Y SB 

4Ai 


and n has a range of 0 to 2 for the first lobe, 2 to 4 
for the second lobe, etc. 

The limitations of equation (2) may be summarized 
as follows: 

1. The phase shift at reflection is t radians. 
This assumes horizontal polarization, or ^ ^ 0 for 
vertical polarization. 

2. The reflection point is (relatively) close to the 
transmitter. 

8. The grazing angles corresponding to lobe 
maxima are less than 0*2 radians. In connection with 
limitation (2), it diould be noti^id that the angles for 
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Tablk 1 cc|tiation (46) in Chapter 5 may be written as 

d « 2V5Ido sin ^ sin^ . 

Substituting 


Anteona 

h«|^, hi 9 
(inetera) 

y 

Minimum 

(degrees) 

nX 

Minimum 

(zneteFs) 

Minimum nat 
X « 8 meterH 

120 

1.44 

12.9 

4.3 

SO 

1.1 

4.5 

1.5 

30 

0.78 

1.6 

0.53 

15 

0.5S 

0.6 

0.2 

9 

0.4 

0.25 

0.08 


(7) 


which the approximation 7 ^ holds depend upon 

the wavelen^ and transmitter height, llie follow- 
ing table shows the minimum angle for various 
transmitter heights and wavelengths at which the 
error in the path difference A introduced by this 
assumption is less than 1 per cent. To satisfy equa- 
tion ( 2 ), and have an error less than 1 per cent> 
y should lie between the minimum value and 0.2 
radians. Table 1 shows, for increasing transmittc'r 
antenna height, how the angle for which equation ( 2 ) 
is valid within 1 per cent also increases. 

If n is set equal to 2m ~ 1 , integral values of m 
correspond to lobe maxima and half-odd integers to 
lobe minima. The advantage of this notation is that 
the value of m is the number of the maxima or lobe 
number. Thus for the fifth lobe, m ■> 5. The gen- 
eral expression for the grazing angles corresponding 
to lobe maxima, for a plane earth and for horizontal 
polarization, is 


4Ai 




(3) 


where integral values of m give maxima and half- 
odd integers give minima. 

Angles of Lobe Maxima 
(Vertical Polarization) 

With vertically polarized radiation the reflection 
phase shift 0 [equation (27) in Chapter 5] is less 
than T radians (i. e., ^ — x is negative). 

It follows that the path difference for lobe maxima 
must be greater than X/2 and greater than X for the 
nulls. In other words, the value of n in equation ( 2 ) 
must be increased by (A + n) to compensate for the 
decreased phase shift of reflection, so that 

(4) 


Hence 


- 1 - + t!. 


( 6 ) 


( 6 ) 


For vertical polarization, equation ( 2 ) becomes 

^ _ n + (An) 

^ AX, 

Lobe Equation 

When 1, and ^ » x, 0, and D 4, 




gives 


d « 2 V^do sin ' 


( 8 ) 


where do is the free-space range which may be com- 
puted from the gain corresponding to the given 
coverage diagram by use of the nomogram given in 
Figure 3 in Chapter 2. Equation ( 8 ) may be written 
as 


- 2 VGfido 8 in( 2 ir ^ • sin y) . 


(9) 


Equation (9) shows that for fixed values of free- 
space range do, transmitter height Ai, and wave- 
length, the coverage lobe may be represented by a 
polar sine function of the angle y at the base of the 
antenna. This assumes that the slant range measured 
to any point on the lobe may be considered equal 
to the distance d measured along the surface of the 
earth. 

If n in equation (2) is allowed to assume all frac- 
tional and integral values from 0 to 2 , sin 7 7 
may be expressed as 

sin 7 * 7 “ ^ • (10) 

4Ai 

Substituting this value into equation (9) gives 


d ^ 2 VGidosin 




2VG,d.MD (QO-n). (11) 


Equation ( 1 1 ) is useful in sketching the lobe contour. 
It holds only when the reflection coefficient equals 
-1 (i.e., p * + 1 ) and the angle 7 is small enough 
so that equation ( 10 ) is valid. 

SPHERICAL EAR'IH 
Lobe Characteristica 

Figures 2 and 3 are t 3 rpical vertical coverage 
diagrams for a smooth spherical earth. They illus- 
trate two important pdnts. 

Tbe first is the dependence of the number of lobes 
on the ratio of transmitter height to wavelength. 
Figures 2 and 3 diow' that for hi equal to 75.4 wave- 
lengths, the lobes are much more closely spaced 
than for a laansmitter height of 32.3 wavelengths. 

When the munber of lobes is large, there is little 
posdiMlity for a target to esciqse detection in the 
small null areas. The shape of tlu; cemtoor is, there- 
fore, less important and it is sufficient to fbd the 
mip^um and minimum ranges and then to sketch 
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Figure 2. Vertical coverage diagram. 


the lobe from the polar sine formula [equation (11)]. 
On the other hand, the shape of the contour is of 
gmat importance when there are few lobes and the 
null area is large. This is illustrated in Figure 3, 
\\*here there are only two complete lobos in the 
itigion of interest. 

The second point to be noted is the varying effect 
of divergence on the lobe number and anfi^e. It 
may be seen .from equation (89) in Chapter 5 that 
the divergence factor approaches unity as tan ^ 


increases (see also Figure 11). The divergence 
factor is low for small angles and then approaches 
unity rapidly. This accounts for the reduced range 
of the first three lobes of Figure 2. For the larger 
angles, the maximum range is approximately equal 
to twice the freenspace range. When the ratio hj/X is 
small, the angle at the first lobe maxima is large, since 
y « nX/4Ai. In this case, the effects of divergence 
will be negligible except for the lower part of the 
first lobe, and the polar sine function derived for the 


f ii/t* 



4 OMTAMei iM^Mi.eMflTCfia 

Ftotma S. Vertical oowaga diagram. 
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plane earth may be used. 

There exists also the intermediate case where the 
effects of divergence may not be neglected and an 
aecurate knowledge of tJie lobe shape is required. 
Three different solutions of this problem are given 
in following sections. They are 

1. The p-9 method for horieontal polaruation only. 

2. The thv methodf which may be used for both 
horisontal and vertical polarisation. 

3. Lobe-angle method which has the advantage of 
determining the lobe angles directly and is used for 
either polarisation. 


THE p^q METHOD 
(HORIZONTAL POLARIZATION) 

Outline of Method 

This method consists in plotting the locus of 
points having a constant range d and locating those 
points on this curve which are at such a distance 
from the transmitter that the phase shift caused by 
path difference corresponds to the required range. 
The range cmresponduag to a total phase shift 0 
is given by 

d - Ve,d, J(1 - D)* + 4D (12) 

where D replaces K in equation (46) in Chapter 5^ 
smce for horisontal poUuisation p 1 and since 
we are neglecting any effect due to the antenna 
radiation pattern. For this expression, D and D are 
certain functions of the antenna heights hi and hg as 
well as d which were considered earlier in the text 
of the last chapter). For a given transmitter, Ai, 
(?i, do, and X are given, so that for a given gain 
contour the onlv variables in equation (12) are d and 
Af . The difficulty of the problem consists in the fact 
that equation (12) provides an extremely complicated 
relation between hg and d which cannot be solved 
ejqilicitly for either coordinate. 

Under such circumstances, the natural procedure 
is to introduce new coordinates which make the 
handling of equation (12) easier. The method de- 
scribed in the following makes use of the variables 


and the total phase shift, by equations (97) and 
(29) in Chapter 5, is 


a 


4irAi« g(l - p«)« ^ 
X dj* p 


(16) 


For horisontal polaiisation, ^ 0, so that for this 

case (which is the one under consideration) all 
variable quantities in equation (12) have been 
expressed in terms of p and g. 


Constructioii of Range Loci 

Suppose to start with that we want to compute 
the positbn of the extreme range of a lobe. We may 
then proceed in the following manner. To a fair 
approximation, we may assume the extreme range 
of the lobes to correspond to Bin^(D/2) » 1, so that 
by equation (12) tlie corresponding distance dg,u is 
given by 

Vftd«a + D). (16) 

Expressing d^Mand £> by p and g, the above equation 
determines the envelope of all lobe maxima. The 
practical way of doing this is to use a graphical 
representation of D in p and g coordinates (Figure 17 
in Chapter 5) and to start by selecting a particular 
value of D, say D » Di. Inserting this in equation 
(16) gives a corresponding value of and insert- 
ing this value of d— , for d in equation (13) deter mines 
a straight line in the p,g plane, since dr » VrAoAi 
is known. Whatever is the value of d^^ this line 
passes through the point g » 1, p » 0. In order 
to determine the position of the line, only one more 
point is needed. A convenient point to choose is to 
take g » 0.9 and compute the corresponding p from 
p =* O.ldni^dr. The point of intersection of this line 
with the selected Di-contour then gives the desired 
p,g combination that corresponds to the given 
values of d — and Di. 

From this pair of values (p,g), the corresponding 
receiver height hg may be calculated by the relation 
[equation (98) in Chapter 5} 

1 — jL 1 — jJ 


di , d» 


diaouBBed on pages 389 and 390 1 and the pro* 
oedure viQ be ealtod the Pi; method. 

It mi^ be recalled that ejfpreaaed in ooordinatea 
pandg 

d--£-.dr, (13) 

1-9 


D 



4p*9 

( 1 - 1*0 



(14) 


Now both coordinates of the deaired point are known, 
and the point may be plotted. Plotting a series of 
different points by the same metiiod yields a smooth 
curve, ed^h is tiie envel<^ of all lote nuudma. 

The locoB of mintma. may Similarly be plotted by 


. ,0 
uauigjsm’*. 

2 


Oand 

- V5«W1 - D) 


(17) 


instead <A eqnaiion (16). Lrtermediate range eurvea 
are iamd by aaiigning nmuntegral values to m in the 
equation Q » me- and aubatituting inequation (13). 
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Fiatnu 6. Curva* of oonatant-divergence factor D and f ath differenoe parameter R. (Radiation Laboratory.) 


Construction of 
Path-DiiSerence Loci 


An assumed value of 0 in equation (12) determines 
the phase shift caused by the path difference, as 
« - 0 + 2im, (18) 

where n assumes all integral values and zero. This 
value of S determines the path difference A * r — 


A 


2t’ 


(19) 


But from equation (97) in Chapter 5 


dr p dr 


where /(p) is given in Figure 18 in Chapter 5. 

In this calculation, q may be taken as the inde- 
pendent variable. The assumed values of q together 
with A from equation (19) determine f(p) in equa- 
tion (20). For given values of /(p), the correspond- 
ing values of p may be read from Figure 18 in Chap- 
ter 5. The coordi^tes hi and d on the path-differ- 
ence loci are found from equation (98) in Chapter 5 
and equation (13) in Chapter 6, giving 


h. 


l-q\ 



Intersections of the path-difference loci with the 
range curves determine points on the lobes. 

THE u-v METHOD 

Outline of Method 

This method makes use of the generalized coordi- 
nates u » ht/hi and v » d/dr described in text on 
p.39L The curves of constant-divergence factor D 
and path-difference parameter R are plotted on the 
same sheet in Figures 4, 5, and 6. The divergence 
lines are shown in full and the path-difference curves 
are dotted. Envelopes of constant sin*(0/2) [equation 
(46) in Chapter 5] are constructed and their inter- 
sections with path-difference contours corresponding 
to the assumed values of Q/2 determine points on 
the lobes. 

Constractioii of Lobes 
(Horizontal Polarization) 

In this method, the diveigenoe factor D is con- 
sidered to be the independent variable. Dividing 
both sides of equation (46) in Chapter 5 by dr gives 



and 




(1-A')« + 4X8111* -2. 

2 
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where 



i p « and the effect of antenna directivity is 
neglected, K ^ Dy and 

‘’-^= V^^>j(l-D)* + 4D8in«|. (22) 

The following discussion illustrates how one con- 
tour of a coverage diagram, corresponding to a 
particular value of radio gain, may be plotted on 
Figure 4 or its equivalent, Figure 7. The result is a 
curve similar to Figure 2, but plotted in u^v coordi- 
nates instead of h 2 and d. See also Figures 16 to 39. 

For illustration, let the transmitter gain, (h.- 1 and 
let the radio gain be such a value that dg * do/dj* *= 2. 
Further, let X * 0.1 meter and Ai » 20 meters. 
From Figure 15 it is seen that r = l,030X/Ai^^^ = 1.2. 
Select one of the curves for sin* (11/2) in Figure 12, 
Chapter 5, say sin* (12/2) = 1, for which 12 * t, 3ir, 
Sir, etc. These values correspond to tips of the lobes 
for which n ~ 1, 3, 5, etc., since, for perfect reflec- 
tion, 12 « nir by equation (116) in Chapter 5. 

Next select values of K = D and note the corre- 
sponding value of the radical 

yj(l-Ky + 4KBin>j 

given by Figure 12 in Chapter 6. Equation (22) 
then gives the value of v. These quantities together 
with R ^ nr may conveniently be tabulated, as in 
Table 2. Corresponding values of D and v are plotted 
as crosses on Figure 7. The line drawn through these 
points is the locus of the tips of the lobes. The 


Table 2. Values of v aad R for 8in*(n/2) « 1, ^ «*2. 


D 

^ -D)* + 4D*in«| 
(Figure 12, Chapter 5) 

V 

[equation 

(22)] 

(>• - 1.2) 

n 

R "‘nr 

Ijobe 

maxima 

0.2 

0.3 

1.2 

1.3 

2.4 

2.6 

1 

1.2 

let lobe 

0.4 

0.5 

1.4 

1.5 

2.8 

3.0 

3 

3.6 

2d lobe 

0.6 

0.7 

1.6 

1.7 

3.2 

3.4 

5 

6.0 

3d lobe 

0.8 

0.9 

1.8 

1.9 

3.6 

3.8 

7 

8.4 

4th lobe 

0.95 

1.0 

1.95 

2.0 

3.9 

4.0 





actual position of each lobe tip is then marked with a 
circle where the corresponding value of R crosses 
the locus in Figure 7. 

Additional lobe points are located by choosing 
some other value of sin* (12/2), say sin* (12/2) * 0.7. 
Each value of sin* (12/2) now gives two points on each 
lobe, one on the upper branch and the other on the 
lower. Again choose values of AT « Z), obtain the 
corresponding values of the radical 

J(l-Ky + 4Ksm^- 
^ 2 

from Figure 12 in Chapter 5, and calculate new 
values for v. The D-v values are plotted as crosses 
on Figure 7 and the line through them is the locus of 
points for which sin* (12/2) « 0.7 (see Table 3). 

For sin* (12/2) » 0.7, sin (12/2) » ±0.836, 12/2 
= 0.315ir or 0.686ir. Then 12 * nir « 0.63ir + 2kw 



Ftousa 7. D-v boi and lobes. 
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Tablb 3. Values of v and R for sin* (12/2) 0.7, dfi 2. 


D 

.^(1 -Z))« + 408in‘| 
(Figure 12, Chapter 5) 

V 


() 

r - 1.2) 


K 

n 

R ^ nr 

Lobe 

0.2 

1.1 

2.2 

0 

0.63 

0.756 

1 

0.3 

1.15 

2.3 

0 

1.37 

1.644 

1 

0.4 

1.22 

2.44 

1 

2.63 

3.16 

2 

0.5 

1.28 

2.56 

1 

3 37| 

4.04 

2 

0.6 

1 36 

2.72 

2 

4.63 

5.56 

3 

0.7 

1.43 

2.86 

2 

5.37 

6.44 

3 

0.8 

1.52 

3.04 

3 

6.63 

7.96 

4 

0.9 

1.6 

3.2 

3 

7.37 

8.84 

4 

0.95 

1.64 

3.28 





1.0 

1.68 

3.36 






and 1.37 t + 2A;ir, in which k is an integer. Then 
n « 0.63 + 2k and 1.37 + 2A;, and R = nr. Values 
of n and R are listed in Table 3. The intersections 
of the R values and the locus for sin* (0/2) = 0.7 are 
plotted as circles on Figure 7. 

The entire lobe structure for one contour may be 
drawn by choosing additional values of sin*' (0/2). 
A large number of contours have been calculated 
by the Radiation Laboratory and are plotted in 
Figures 16 to 39. 

In order to construct one contour of a coverage 
diagram, it remains to find the intersection between 
the curves giving values of u for constant sin* (0/2) 
and the corresponding path-difference contours. 
The equations relating R to 0/2 are given below. 
From equation (18) 

5 * 0 4* 2im (0 « 180®, « 0), (23) 

and from equation (19) 



From equation (83) in Chapter 5 

« =— . 
hidf 

An asagned value of 0 fixes two values of 3 for each 
lobe, as explained in the previous paragraph. All 
values of sin* (0/2) other than 1 or 0 determine two 
intersections with the lobe. When sin* (0/2) « 1, 
the envelope of maxima is obtained, while sin* (0/2) 
» 0 corresponds to the envelope of minima. 

By selecting several values of sin* (0/2) in Figure 
12, Chapter 5, and following the method outlined 
above, a coverage diagram may be constructed in 
generalised (u,v) coordinates. The actual values of 
hi and d are 

A* - Aiti, (24) 

d - dfV. (25) 

O^nstruction of Lobes 
(Vertical Polarization) 

Problems involving vertical polarisaticm or cases 


where the ratio of the antenna-pattern factors 
Fi/Fi cannot be neglected, may be solved by suc- 
cessive approximation. 

As a first approximation the method on pp.438- 
440 is applied to determine points (/if,d) on the lobe. 
The corresponding values of u and v determine s 
in Figure 19 or Figure 20, in Chapter 5, and tan^ 
may be found from Figure 24 in Chapter 5 for the 
given transmitter height hi. An alternate method 
is to calculate tan ^ from equations (73), (58), and 
(60) in Chapter 5, which are 


di = ad, 



tan^ » 


V 

dt ' 


The angles and v required to calculate the antenna 
pattern factors Fi and Fi are found from equations 
(62) and (63) in Chapter 5, 


tan^d 


hi — hi , _ d 
d 2ka 




* 

ka 


The values of p, <f> (or 0') may now be read from 
the reflection curves in Chapter 4. 

Equation (46) in Chapter 6 may now be applied 
with K « (Fi/Fi)pD where D assumes the same 
values as in the approximate solution. Equation (21) 
determines the value of d from which u « d/dr 
may be calculated. This value of = d/dr is laid 
off on the ori^nad divergence contour in Figures 4, 
5, or 6. This determines v. The assumption under- 
lying this procedure is that the divergence factor is 
not appreciably affected by the change in coordinates 
caused by imperfect reflection and an unsymmetrical 
antenna pattern. The corrected phase ^fference 
is found from 


3' « 12 - 0' (26) 


and the path difference A' and parameter R' from 
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The iuteraections between the path-difference con- 
tours and the distance envelope determine points 
on the coverage diagram. 

The above method should be applied even for 
horisontal polarisation when the directivity of the 
antenna is such that Ft/Fi 9 ^ 1 . This follows from 
the concept of generalized reflection coefficients on 
page 385- 

LOBE-ANGLE METHOD 
(HORIZONTAL POLARIZATION) 

Outline of Method 

In this method the angles of lobe maxima are 
determined by modifying the plane earth formula, 
equation (2). In this equation, hi is replaced by hi\ 
which is the equivalent height above a plane tangent 
to the earth's surface at the reflection point, as 
shown in Figure 8 . 

The value of hi is given in equations (58) and (60) 
in Chapter 5. The maximum and minimum distances 
from the transmitter base to a point on the lobe 
are calculated by equation (46) in Chapter 5, using a 
modified divergence factor to bo descril)ed in this sec- 
tion . 

Basic Relations 


Referring to Figure 8 and assuming di « dt, 
7 ' < 10 ® and ^ = y\ the following relations hold. 



X / / 

tan 7 ' 7' = — 

4A,' 

(29) 


t8n7'-^ 7 ' • 

di 

(30) 

Hence 



hi' ^ n\ 
di “iV 


and 

nX 

(31) 

where, from 

equation (58) in Chapter 5, 



1 

II 



The basic equations of the lobe-angle method are 



and 

2 ka 
nX 

Reflection-Point Curves 

The elimination of di from equations (32) and (33) 


is most conveniently accomplished by graphical aids, 
which may be used in the following way. 

1 . From equation (33), a curve may be plotted 
showing di as abscissa and n as ordinate for a given 
transmitter height and wavelength. This is illus- 
trated in Figure 9 for two stations A and B with 
heights equal to 146.5 meters and 302 meters and 



Fioube 9. Location of reflection point di as a function 
of lobe number n. 


Table 4. Data for station A of Figure 9.* 


n 

di 

(km) 

(meters) 

r' 

(rad) 

1 

1 9 

' (rad) 

7 « 7 ' 

(rad) 

0 

Max. 
range 
d (km) 

0 

50.1 

0 

0 

0.00789 

- 0.00789 


0 

1 

28.0 

99.6 

0.00362 

0.00440 

- 0.00078 

0.502 

150.2 

2 

20.2 

122.5 

0.00590 

0.00317 

0.00270 

0.740 

26.0 

3 

15.9 

131.7 

0.00827 

0.00250 

0.00575 

0.817 

181.7 

4 

12.8 

137.0 

0.01058 

0.00200 

0.00858 

0.864 

13.6 

5 

10.9 

139.7 

0.01300 

0.00170 

0.00120 

0.910 

101.0 

6 

9.35 

141.4 

0.01540 

0.00145 

0.01395 

0.930 

7.0 

7 

8.05 

143.0 

0.01760 

0.00128 

0.01632 

0.943 

194.3 

8 

7.25 

148.6 

0.02000 

0.00112 

0.01888 

0.960 

4.0 

9 

6.45 

144.0 

0.02260 

0.00100 

0.02160 

0.964 

196.4 

10 

5.80 

144.2 

0.02510 

0.00090 

0.0242 

0.970 

3.0 


5.32 

144.7 

0.0275 

0.00083 

0.02667 

0.973 

197.3 

12 

4.98 

145.0 

0.03000 

0.00078 

0.03022 

0.980 

2.0 

13 

4.51 

145.2 

0.08240 

0.00071 

0.03169 

0.982 

198.2 

14 

4.19 

145.7 

0.03480 

0.00066 

0.03414 

0.986 

1.4 

16 

3.87 

145.7 

0.03730 

0.00061 

0.08669 

0.989 

198.9 

16 

3.70 

146.7 

0.04000 

0.00058 

0.03942 

0.990 

1.0 

17 

3.48 

146 

0.04220 

0.00053 

0.04167 

0.991 

199.1 

18 

3.22 

146 

0.04460 

0.00050 

0.04400 

0.993 

0.7 

19 

3.06 

146.2 

0.04700 

0.00048 

0.04652 

0.994 

190.4 

20 

2.90 

146.2 

0.04960 

0.00045 

0.04915 

0.995 

0.5 


* Antenna gain and directivity faoton have been omitted from the above 
oaloulatioae. 
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•CrtCCTiM POtMT IN RIUSMCtCttS OrATION ■} 



Fioubb 10. Variation in effective height hi with 
reflection point di. 


wavelengths X = 1.50 meters and X * 1.42 meters 
respectively. 

2. From equation (58) in Chapter 5, a second curve 
may be plotted mth di as abscissa and the equivalent 
height hi as ordinate as shown in Figure 10 . To illus- 
trate, computed data for station A are given in 
Table 4, for a free-space range of do * 100 km. d is 
calculated from equations (16) and (17). 

3. For any n, including integral and fractional 
values, di may be found from Figure 9 and the 
corresponding hi from Figure 10 . The angles y' 
corresponding to lobe maxima may then be calculated 
from equation (32). 


Lobe Angles with Horizontal 


Hence by equation (32) 



where odd values of n give maxima and even values 
minima, provided the reflection phase shift is w 
radians. The angle may be either positive or nega- 
tive, as shown by equation (36). 


Use of Modified Divergence Factor 


The value of the divergence factor must be de- 
termined in order to calculate the maximiun and 
minimum lobe lengths by equation (46) in Chapter 5. 
A convenient formula for the divergence factor at 
the angles of lobe maxima is obtained by substitut- 
ing y' for ^ in equktion (92) in Chapter 5. The 
errors involved in this assumption have been given 
previously . Substitution of 7 ' ^ in equation (92) 

in Chapter 5 yields 


D « 


For lobe maxima 


1 



2X,'“ ’ 

kaiyr 


(37) 


(38) 

4r' 

Hence 

D~-==J=. (39) 

1 I 

> 2ka(yV 


Contours of constant 7 ' arc shown in Figures 11 
and 12 where y* is a function of D and nX. 


Construction of Lobes 

For horizontal polarization, the distance 
from the base of the transmitter to the lobe max- 
imum is calculated from equation (46) in Chapter 5 
by substituting K « (Ff/Fi)pD and sin* (0/2) « l. 
For horizontal polarization p 1 . Thus, 


The angle y* given by equation (32) is measured 
with respect to the tangent plane through the reflec- 
tion point shown in Figure 8. This plane is inclined 
at an angle S with the horizontal at the base of the 
transmitter. The true angle 7 which the lobe-center 
line makes with the horizontal b 


1 

V 

(34) 

ka’ 

(38) 


+ (40) 

or 

<U,-Voa[i+^2)]. (41) 

Here Ft andFi arecomputed from theangles^tfandv 
given by equations (62) and (63) in Chapter 5. Thedis- 
tanoe dnia the transmitter base to the minimum 

pcmt is obtained by substituting sin* (0/2) 0 and 

K ^ (Ft/Fi)i> in equation (46) in Chapter 5. Thus 
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(42) 

The values of D to be used in equations (40), (41), 
and (42) may be read directly from Figure 11 or 
Figure 12 , or calculated by equation (39). 

Intermediate points in the lobe may be formed by 
assigning fractional values to n. The corresponding 
path-difference angle S may be calculated in the 
following manner. Suppose it is desired to find 
intermediate points on the fourth lobe. The values 
of n for this lobe range from n = 6 to n = 8 , with 
the maximum at n » 7. It follows that a change of 
2 in n corresponds to a change of 2ir in 8. Thus if 
n = 6 . 6 , 8 » (0.5/2) ( 2 ir) = ir/2 = 90“. For hori- 
zontal polarization 12 ( = 5 -f- 0 ') reduces to 5 , 
since 0' = 0. The distance from the transmitter 
base to this intermediate point in the lobe is equal to 

d = Vftdo ^J(l-K)* + 4K sin* (I) , (43) 

as given in equation (46) in Chapter 5, in which 
K * {Fi/Fi)pD and p ** 1 . The value of D may 
be read from Figures 11 and 12 , using the assigned 
value of nX and the relation y* = nX/4Xi'. The 
proper value of di to be used in equation (63) in 
Chapter 5 to determine the antenna-pattern angle v 
may be read from Figure 9. 


CorreGtion for Low Angles 

The method outlined in the last five sections 
depends upon the assumption that y' — » ^ or di — > 0 . 
This assumption gives good results when n is a large 
number but serious errors are involved for small 
values of n. The method described in this paragraph 
is designed to avoid this difficulty. The procedure 
consists in plotting point by point the lobe-center 
lines and angles of lobe maxima. The points will be 
located by polar coordinates with the pole at the 
transmitter. The coordinates are sho^vn in Figure 
13 as Td and 71 . 

Referring to Figure 13, the following relations 


RCCEIVeil 



hold when the angle ^ is less than 10 degrees: 


(a) 


Ai' 
“ d, 

(b) 

II 

_A 

ka 

ka 

(c) 

II 

- e 

(d) 

11 

- 

2ka 

(e) 

Vd’-^A - 

+-B - 




(li + B 


(g) 


(nX/2)di 
2dn/'* - rjX/2 


( 44 ) 


Equations [(44a to e)] are obtained by inspection of 
Figure 13. Equations (44f) and (44g) are derived as 
follows: 


sin 2^ Td 2^f 

sin(^ + ^d) B 

The path difference A is given by 

A = ^ + B - = — (</. = 180”). 

2 

Hence 

A+ B -yjA^ + B* + 2AB cos 2^ “ ^ • 
Squaring, 

B(2A - nX-2A cos 2^) - n\A - . 

Therefore, 

nXil _ 1 / 

„ T 2\2/ 

ij • 

A(1 - cos 2^) - — 

2 

For small angles, 

cos2^- 1 1-2^. 

2 

Hence 

n\A _ 1 / ^ — 2?^ 

B^ ^ ^ H 

WA - — * 2A^ - — 

2 '"2 
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Since the angle is of the order of a few degrees 
only, it is permissible to write A » di in the above 
equation. 

Neglecting further the term nX/4 in comparison 
with di, which is permissible for short waves and 
small values of n, the above expression for B reduces 
to equation (44g). 

The method of determining the locus of points 
having a path difference of X/2 (i.e., n »= 1) is as 
follows. Assume a value of di and calculate the 
corresponding values of 

hi by equation (44d), 

^ by equation (44a), 

B by equation (44g), 

U by equation (44eX 
4'd by equation (44f), 

6 by equation (44b), 

7 i by equation (44c). 

The assumed values of di are limited to those which 
will give positive values of ^ in equation. ( 44 g). 
Select as many values of di as are necessary to plot a 
smooth path-difference locus. Repeat for n = 3, etc. 

This method of determining the angles of lolie 
maxima is of particular value in constructing the 
first few lobes, since the approximations in text on 
PP-44J- 444 may cause considerable error for low 
angles. These path-difference loci will intersect a 
vertical line drawn from the antenna to the ground 
below at heights equal to nX/4. For short waves, 
this height is negligible for the lower lobes. 

LOBE-ANGLE METHOD 
(VERTICAL POLARIZATION) 

Angles of Lobe Maxima 

The values of n corresponding to the angles of 
lobe maxima are determined exactly as in text on 
p434 for the case of a plane earth. The values of n 
in the expression 7 ' » nX/4/ii' are increased above 
those for horizontal polarization by an amount (An) 
to compensate for the reduced phase shift on reflec- 
tion. In other words, the path difference must be 
greater than integral multiples of X/2 to compensate 
for the reduced phase shift. The expression for this 
compensation, from equation (5), is 


T 

(46) 

Hence , X 


y' m (n+ An)^. 

4ni 

(46) 

[See Figure 8 and equation (32).] 



Construction of Lobes 

As afirst approximation, the angles of lobe maxima 
are calculated on the basis of horizontal polarization. 


A table is constructed giving values of n and 7 ' 
for maxima and minima. The next approximation 
is to let ^ « y\ This assumes that di < < (fe. The 
values of and p may then be found from reflection 
curves, and (An) calculated from equation (45). 
The corrected values of 7 ' may be determined from 
equation (46). It is simpler to find 7 ' by interpolat- 
ing between integral values of n in the n versus 7 ' 
table previously constructed. The values of 
and dnun are 

+ K), (47) 

- K), (48) 

where K « (F2/Fi)pD, The divergence factor may 
be found directly from Figure 11 for the corrected 
values of n and 7 '. It will be found that for the higher 
lobes, the effect of (An) upon the value of the 
divergence factor is negligible. 

Table 5 shows calculations of the corrected values 
of n and 7 when the radiation from antenna A of 
p. 44 1 and Table 4 is vertically polarized. Trans- 
mission over sea water is assumed. Tables 6 and 7 
illustrate the effects of vertical polarization on leduc- 
ing the maxima and increasing the minima. 

Table 5 


n 

•</> 

(in 

aegreea) 

0'* 

(in 

degrees) 

An 

A 7 ' 

(rad) 

1 

7 ' 

(rad) 

7*7' 

- e 
(rad) 

0 

180.0 

0 

0 

0 

0 

- 0.00788 

1 

175.0 

5.0 

0.0278 

0.000064 

0.00369 

- 0.00071 

2 

171.5 

8.6 

0.0472 

0.000112 

0.00602 1 

0.00284 

3 

168.0 

12.0 

0.0664 

0.000155 

0.008431 

0.00593 

4 

164.7 

15.3 

0.085 

0.00204 

0.01080 

0.00878 

5 

160.6 

19.4 

0.108 

0.000250 

0.01325 

0.01153 

6 

157.3 

22.7 

0.126 

0.000290 

0.01569 

0.01423 

7 

153 

27.0 

0.15 

0.000374 

0.01807 j 

0.01681 

8 

149 

31.0 

0.172 

0.000413 

0.02061 1 

0.01947 

9 

144.5 

35.5 

0.197 

0.000491 1 

0.02309 

0.02208 

10 i 

140.0 

40.0 

0.222 

0.000532 

0.02563 

0.02472 

11! 

135.2 

44.8 

0.249 

0.000623 

0.02812 

0.02736 

12 

130.5 

49.5 

0.274 

0.000685 ! 

0.03068 

0.02991 

131 

125.8 

54.2 

0.301 

0.000722 

0.03312 

0.03241 

14 

120.8 

59.2 

0.329 

0.000790 

0.03559 

0.03493 

16 

116.0 

64.0 

0.355 

0.000886 

0.03819 

0.03778 

16 

110.2 

68.8 

0.388 

0.000968 

0.04077 

0.04019 

17 

105.3 

74.7 

0.415 

0.000995 

0.04320 

0.04177 

18 

101.1 

78.9 

0.437 

0.001091 

0.04569 

0.04519 

19] 

96.1 

83.9 

0.466 

,0.001130 

0.04823 

0.04775 

20 1 

91.8 

88.2 

0.490 

0.001224 

0.05082 

0.05037 


corresponda to y' in Table 4. — 0. 


Table 6 


n 

K 

dm.x(HP) 

(km) 

dma* (VP) 
(km) 

dinax(VP) 

dinaa(HP) 

1 

0.904 

150.2 

145.5 

0.968 

3 

0.766 

181.7 

162.5 

0.895 

5 

0.670 

191.0 

161.0 

0.844 

7 

0.585 

194.3 

155.2 

0.80 

9 

0.516 

196.4 

149.8 

0.762 

11 

0.458 

197.3 

144.6 

0.783 

13 

0.415 

198.2 

140.8 

0.710 

15 

0.385 

198.9 

138.0 

0.695 

17 

0.362 

199.1 

136.7 

0.681 

19 

0.360 

199.4 

135.8 

0.680 
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Table 7 


n 

K 

dnun (HP) 
(km) 

dmm(yP) 

(km) 

dram (VP) 
dmm (HP) 

2 

0.835 

26.0 

38.2 

1.47 

4 

0.725 

13.6 

37.4 

2.75 

6 

0.625 

7.0 

41.0 

5.08 

8 

0.548 

4.0 

44.8 

11.2 

10 

0.486 

3.0 

52.0 

17.6 

12 

0.436 

2.0 

67.3 

28.6 

14 

0.40 

1.40 

60.6 

43.3 

16 

0.375 

1.0 

62.0 

62.0 

18 

0.360 

0.70 

64.3 

01.0 

20 

0.355 

0.50 

64.7 

120.4 


Tables 6 and 7 show the effect of a reflection 
coefficient which is less than unity upon the max- 
imum and minimum ranges of station A in the last 
secdomThe first table gives odd values of n and 
maximum ranges; the second table gives even values 
of n and minimum ranses The free-space range is 
100 km. 

GENERALIZED COVERAGE DIAGRAMS 
(HORIZONTAL POLARIZATION) 

Basic Parameters 

The u-v method applied to generalized coordi- 
nates which was given in previous tiext may be 
extended to all transmitter heights and wavelengt.hs. 
In this method, points on the lobe are located by the 
intersection of the path-difference locus with the 
normalized distance envelope. The basic parameters 
are dn and R. 

In constructing a coverage diagram for a doublet 
transmitter, the transmitter height, the wavelength 
and the radio gain are known. It will be shown in 
later text that the normalized free-space distance, 

» do/dr, is related to the gain factor A by 

i - ^drA. (49) 

dsZ^ 

The path-difference parameter R has been expressed 
In equation (114) in (Dhapter 5 in terms of a height- 
wavelength factor r which is defined by 



R 

« nr, 

(SO) 

where 

1 

Ika X 

(51) 


The first maximum, which for horizontal polariza- 
tion occurs when A « X/2, corresponds to n « 1, 
the second minimum to n » 2, etc. Recalling the 
discussion on pp* 4R8 ff it follows that it is pos- 
sible to construct coverage diagrams in generalized 
coordinates with r the pattern or chart parameter 
and do the curve parameter on a chart for which r 
Is fixed. 


to the lobe, to the free-space field Ei at unit distance 
from the transmitter. Since 


do « 


h 

E* 


It follows that 


d as ss - 1 - ~ 

dr “ dr E' 


(52) 


The ratio Ei/E may be expressed in terms of the 
gain factor A through the following relationships. 
By equation (16) in Chapter 2 


Pi 


45 ‘ 


When d 


1, this gives 

Pi- 


46* 


(53) 


For a doublet receiver with matched load and ad- 
justed for maximum power transfer, equation (17) 
in Chapter 2 gives 

E^ 3X* 

* 120ir’8ir* 


Hence 


Pi 

E 


3X f 


fi, 

p. 


3\ 

8tA 


(54) 


Substituting the value of Ei/E from equation (64) 
into equation (62) : 



Equation (56) shows that if log hi is plotted against 
log A for fixed values of and X, a straight line 
results. These straight lines are shown in Figure 14. 

If hi and E/Ei or 6i, X, and A are known, ^ may 
be calculated from equations (62) or (66). The 
value of dg determines the range of the lobe tor 
specified values of r. In Figure 14, the various 
values of dg used in constructing the charts are 
specified as A, B, C, • • • ^ and are shown as 

functions of hi as ordinate and 20 log A ~ 20 log X 
as abscissa. 

Determination of r 


Figure 15 show's r for various values of transmitter 
height hi and wavelength X where 


1 _ 2Mr _ hi^H2ka _ 2hi^^'^ I 2 
r XAa \ka X ^ ka* 


(57) 


The values of r determme how the path-difference 
curves intersect the envelopes corresponding to 
assigned values of sm^ ((2/21 in the equation 


Determination of cL 

It is possible to express dg m dg/dr in terms of 
E/Eu the ratio of the &ld strength E corresponding 



(58) 


The generalised coverage charts are designated as 
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Figure 14. Values of ^ as functions of Ai and 20 log A 
—20 log X. (See equatior 56. The letters refer to cover- 
age diagrams plotted in Figures 16 to 39.) 


2, • • • , 11, 12 in Figures 16 to 39, with the chart 
number being given by Figure 15 

Use of Charts 

The charts given in Figures 16 to 39 may be used 
for drawing coverage diagrams where the reflection 
coeflicient is assumed equal to *-l and when the 
diiectivlty factor Ft/Fi is equal to unity. Each 
chart may be used for values of r near that for 
which the chart is drawn. For intennediate values, 
interpolation between charts is necessaiy. Errors 
inherent in interpolation limit the accuracy attained 
On each chart are complete lobes or lobe out - 
lines labeled C, • • • , Af , iV. In the follow 


ing description these letters are referred to as lobe 
letters and the numbers 1 to 12 as chart numbi*rs. 
Each chart is plotted to two scales. 

The problem of constructing coverage diagrams 
resolves itself into finding the chart number and lobe 
letter corresponding to given values of gain factor Ay 
transmitter height Ai, and wavelength X. As stated 
in previous text the basic parameters of the general- 
ized coverage diagrams are R and ^ or r and 
The value of r is given in Figure 15 as a function of 
X and hi. Figure 15 was constructed from equation 
(51) which, after the substitution of numerical 
values, becomes: 

The value of r determines the chart number. The 
lobe letter is found from the ^ corresponding to the 
given gain factor, transmitter height, and frequency. 
Figure 14 gives the lobe letters A, B, C, • • •, Af, iV 
as functions of 20 log A — 20 log X and the trans- 
mitter height. The relationship for plotting these 
lines is given by equation (56). 

As an illustration of the use of the generalized 
coverage diagrams, assume 20 log A « —83, hi » 
33 meters, and / = 200 me (X « 1.5 meters). If a 
straight line is drawn connecting hi = 33 and X » 1.5 
in Figure 15, it will intersect the r scale at r = 8. 
Thus the chart number is 5. Now the lobe letter 
to be used in chart 5 must be found. For this case, 
20 log A — 20 log X =s —86.48. The coordinates 
20 log A — 20 log X — —86.48, and hi ~ 33, de- 
termine the lobe letter to be E in Figure 14. Figure 
24 shows lobe E on chart 5. The first lobe is shown 
completely, together with the lower half of the second 
lobe. It must be noted that the coordinates of these 
charts, v = d/dr and u = fe/Ai, are dimensionless. 
To convert to height A* and range d, the vertical 
distances must be multiplied by hi and the hori 
zontal distances by dr- In this case hi » 33 meters 
and dr = V2fcaAi = 23.6 km. The actual coordi- 
nates of the position of maximum range are hi » 
375 X 33 - 12.4 km and d = 15.4 X 23.6 = 365 km 
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Figurb 15 . Chart number and r ae a function of X and hu (See Figures 16 to 89 .) 
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Figube 21 . Gen^aiized coverage diagram for r » 32. (See Figure 15.) Figubb 23. G^eralued coverage diagram for r » 16. (See Figure 15.) 
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Ficnms 25. Genaralised covemee diagram for r » 8. (See Figure 15.) Figube 27. Gcneraliaed coverage diagram for r «* 4. (See Figure 15.) 
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Chapter 7 

PROPAGATION ASPECTS OF EQUIPMENT OPERATION 


GENERAL PROBLEM 

Introduction 

F or a standard atmosphere and with the basic 
assumptions set forth in Chapter 5 , the 
relation between the factors affecting the power of a 
set and the gain factor A is given in equations (3) 
and (5) in Chapter 5. The problem of computing A 
depends on the set in the sense that some sets are 
designed to operate in free space, others with the aid 
of reflection from the sea, as in low>angle and surface 
coverage. 

The characteristics of a set as given in the manu- 
facturer's description or in Tables 3, 4, and 5 at the 
end of this chapter may not represent the true values 
for a set in field use. Expected set performance, 
such as maximum range and coverage, can be calcu- 
lated on the basis of the set's rated characteristics. 
Such performance can be termed ‘‘normal.” If a 
set is behaving abnormally, it may be that it is not 
functioning most efficiently. Unfortunately, the 
problem is complicated by the possible presence of 
atmospheric ducts and by the variability and diffi- 
culty of finding accurately the radar cross sections 
of aircraft and ships. 

Ducts are especially important for low antennas 
in surface search. In the case of communication 
sets, the most important item of information from a 
propagation standpoint is the maximum range. In 
the case of radar, not only is knowledge of maximum 
range wanted but also the ability to estimate the 
size and type of the target. 


The Performance Figure 
and Efficiency 

The maximum range of a set depends on the peak 
power output Pp of the transmitter, the minimum 
detectable power PnUn (see discussion in Chapter 2) 
of the receiver, and the antenna gains Gi and Ua. 
These can be grouped to give a performance figure. 
For communication, this figure is {Pp/Pm\^)GiGt, 
For radar, the gmns Gi and Gt are generally equal. 
The performance figure is then {Pp/Pni^G^^ The 
ratio of the actual performance figure to the max- 
imum possible value, or the difference in decibels, 
gives the efficiency of the set. In field use, it is 
generally impossible to measure the working per- 
formance figme with any precision and methods for 
obtaining a rou|^ measure must be emi^oyed. 


Effect of Reflection 


It has been pointed out in Chapters 6 and 6 that 
reflection may increase the maximum range of a 
radar up to twice the free-space value. This aids 





O E»ptri»n«ntoi Points 

Figure 1. Effect of beam tilt on coverage for a radar. 

the early detection of aircraft at low angles. How- 
ever, the minima which occur in the resulting inter- 
ference pattern prevent the continuous tracking of 
an airship coming in 

This effect can be counteracted in several ways. 
One way is to employ microwaves whose inter- 
ference lobes are narrow and close together. Vertical 
polarization is another means of filling in the nulls 
while gaining in maximum lange at low angles. 
Another device is to tilt the antenna beam upward 
so that some radiation (but substantially less than 
half) falls upon the sea. The result is a gain in low- 
angle coverage while the high-angle coverage is that 
of free space, without minima. 

The effect of various percentages of i^)ecular 
reflection in comparison with the free-space pattern 
is shown in Figure 1 for various beam tilts of a 
radar with a comparalively narrow beamwidth (11 
degrees between half-power points). The experimen- 
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tal data, shown by small circles, illustrate the increase 
in detection range at 0 degree while at 5 degrees 
elevation angle there is little gain over free space. 

The roll of a ship, by varying the beam tilt, results 
in a shift in coverage, as can be seen from Figure 1. 

Signal-to-Noise Ratio 

The visibility of a signal on a scope depends on its 
relation to the noise. In early work with radar, the 
maximum range was defined by a ratio of signal 
voltage S to noise voltage N of unity, i.e., 



However, as pointed out in Chapter 2 , the min- 
imum detectable signal is greater than N. Since the 
pip on a scope includes noise, equation (1) is equiva- 
lent to 

^- 2 . ( 2 ) 

N 

The relation of receiver power, to noise power, 
NPf and the signal-to-noise ratio, S/N, is given by 

10 log = 20 log I . (3) 

On an A scope, this relation signifies that the height 
of the signal is twice that of the noise grass. 

Since the visual signal in a set functioning properly 
varies linearly with the signal voltage, the size of 
targets can be estimated by means of the size of the 
visual signal. The ratio S/N gives a means of meas- 
uring a signal in terms of the noise. To change 
(S + N)/N to S/N, the value of (S 4- N)/N is 
expressed with unity as denominator. For example, 
it {S + N)/N \b estimated to be 8/2 from the scope, 
the equivalent fraction is 4/1. The value of S/N is 
(4 - 1)/1 « 3/1. 

Calibration of an A Scope 

On an A scope, the ratio {S 4- N)/N can be 
estimated roughly by eye. To improve upon this, a 
calibration is employed. One method is to mark the 
A scope to facilitate the reading of heights. Another 
method goes beyond this and calibrates the gain 
control. A turn of 6 db is equivalent to a raito of 
1.8/1. A datum line 1 cm above the time line and 
another at 1.8 cm are drawn on the A scope. The 
noise is brought up to the datum line by means of 
the g^in control. The position is marked 0 on the 
gain control (see Figure 2). A steady signal is found 
(permanent echo, large boaf, or signal generator) 
which produces a signal height of 1.8 cm above the 
time line. The gain control is then turned until the 
fig tial is reduced to the datum line. The position 
cm the control is marked 5 db (see dott^ lines 
In Figure 3)* 


Keeping the 5-db position on the gain control, 
another signal is obtained which comes up to 
1.8-cm line. The gain control is turned until the 
signal is brought down to the* datum line. The new 
setting is marked 10 db. This is repeated until 
markings up to about 70 db are obtained. 

This calibration of (<S 4* A^)/A^ must be corrected 
to S/N (Figure 3) which can be done by means of 
Table 1. For 25 db and above, the values of 
(S 4* N)/N can be taken as equal to S/N. Any 
signal voltage can then be measured in decibels 
above the noise voltage (N) by turning the gain 
control until the signal height is 1 cm. By equation 
(3) this is also the signal power received, in decibels, 
above the noise power which is discussed in Chapter 
2 


Table 1. Correction of (S 4* N)/N to S/N. 


Corrected 

Uncorrected 

0 

6 

5 

9 

10 

12.5 

15 

15.5 

20 

21 


In the calibration just described, the pip on the 
scope is supposed to be proportional to the received 
signal strength. In a set functioning normally, this 
is justified, but occasionally defects in the set may 
destroy the linearity. The existence of a linear rela- 
tion can be tested by means of a signal generator. 



Figure 2. Method of calibrating an A scope. 



Fxourb 3. Calibration of gain control of an A scope. 
(Dotted lines are unoorrect^ calibration.) 
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FREE SPACE — HIGH-ANGLE 
COVERAGE 

Maximum Range Formulas 

In free spacei the gain factor A has the value 
SX/Sird (for maximum power transfer between 
doublets). Equations (3) and (5) in Chapter 5 
then take the simple forms: 


One-way y radio gain: 


Two-way y radar gam: 


O / ax \2 

; (4) 

\Sird/ 

y. (5) 
9X* \SrrdJ ^ ^ 


If Pa is replaced by the minimum detectable power 
of the receiver, P„„„, and Pi by the peak power Pp 
of the transmitter, the maximum range is given by: 


One-wayy 


Two-wayy 




(j/iaX^ , 





SCANNING NATE N P M 


Figure 4. Scanning loss as a function of scanning 
speed and beamwidth. 

Deviation from Maximum of Beam 


For an antenna whose direction is fixed, the 
equations reported above apply only to points on 
the axis of the beam. Denoting by/Cr) the ratio of 
gain in a direction at an angle r from the axis of the 
beam to the gain at the axis and by 2ro the beam 
width between half-power points, then 

/(t) « exp - 0.692(T/ro)*. (8) 

Accordingly, for points off the axis, G must be 
multiplied by /(r) before substitution in the formulas 
mentioned 


Performance Figure 

Equations (6) and (7) for d^^ depend on the 
performance figure defined in the last section. The 
quantities which appear in the performance figure 
can be measured. The one which offers most diffi- 
culty is P^y the minimum detectable power, which 


has been discussed in Chapter 2 . In Tables 3 and 4 at 
the end of this chapter, noise figures and bandwidths 
of various sets are given. An important correction to 
Pmi.i as determined from the noise figure and band- 
width is the scanning loss. This loss for various 
scanning speeds and beamwidths is represented in 
Figure 4. Another source of loss is deviation of the 
product of bandwidth B (me) and the pulse width 
t (microseconds) from the optimum value of 1.2. 
The losses for various values of the product are tabu- 
lated in Table 2. 

Table 2. D)Sh resulting from baud- and pnlne widths. 


Bt * 

Ix»88 (db) 

0.1 

5.0 

0.3 

1.5 

0.7 

0.5 

1.2 

Q.O 

2.5 

0.8 

-5.0 

3.0 

10.0 ' 

5.0 

20.0 

8.0 


*B — i-f bandwidth (me); t — puhe width tmicrunoconds) 

A field measure of the performance figure of a 
radar can be determined by the use of a target of 
known radar cross section, such as a silvered balloon 
and equation (7). A check on variability of per- 
formance can be made by finding the maximum 
range on a plane (using a constant aspect, such as 
nose or tail). 

Radar Cross Section 

An important but troublesome factor in calculat- 
ing dmax of a radar from a knowledge of the perform- 
ance figure is a, the radar cross section (see Chap - 
ter 2 and Chapter 9). The value of <rcan be found by: 

1. Laboratory measurement of the factors which 
constitute the performance figure and field determi- 
nation of the maximum range dniax* The* value of 
<r is then given by equation (7). 

2. Measuring the signal returned by the target 
at a convenient distance on a calibrated A scope or 
by direct comparison with a pulsed signal generator. 
In this method neither Fnun nor dm** enter. 

The equations involving a assume a point target. 
Since an airplane intercepts a small solid angle over 
which the beam strength varies little, the assumption 
of a point target is adequate for aircraft. 

LOW-ANGLE AND SURFACE 
COVERAGE 

Maximum Range 

Since the gain factor A for this case is more 
complicated than for free space, the relation be- 
tween dnwK And the performance figure cannot be 
given in general by a simple expression, as can be 
seen from equations (172) and (184) in Chapter 6. 
For ranges such that the shadow factor Ft ^ 1, i.e., 
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distances d less than X, and d in meters, and 

both antennas low, or antenna and target low (Xi, A 3 < 
30X^^^), the form of A is simplified so that a simple 
relation can be given for dmax- Otherwise, the 
methods of Chapter 5 must be employed. 


Ducts and Set Performance 


It has been found from field tests that atmospheric 
ducts are likely to be found close to the surface of the 
sea. The consequent increase in range may mask 
subnormal set performance. If the antenna is 
tilted upward so that no radiation reaches the earth, 
then the free-space discussion of this Chapter applies 
to the field determination or check of the per- 
formance figure. Otherwise field testing, when condi- 
tions are normal, can be accomplished by the use of 
permanent echoes or the use of a ship of known 
target cross section. 

Low Heights and Plane Earth Ranges 


For these conditions, the following relations must 

where X, d and X are in meters. 

In the dielectric case (see Chapter 5 ), generally 
applicable to radar, the value of A [equation (172) 
in Chapter 5] for F, = 1 and ^ = 1, becomes 

A = (9) 

2 d* ^ ^ 


Since A * A^A^p and Aq = 3X/8ird, the preceding 
equation is equivalent to a path-gain factor value of 


Ap = 4ir 


XjX a 

Xd ’ 


( 10 ) 


[See equation (55) it) Chapter 5.] Instead of equa- 
tions (4) and (5), we now have [from equations (3) 
and (5) in Chapter 5] for a dielectric earth, 

One-way, radio gain: . (H) 

Pi 4 d* 


Two-way, radar gain: 


9irG^ 


hi*hi*<r 

X*d» ' 


( 12 ) 


Hence for maximum range, replacing Pi by Pp, 
andPsbyPmin, 

One-way, <i»« “ -^1 W GiG.) • (13) 


Tm^y, d — - ^ 9rrh,%* / PfG* \ 

X* \Piniii' 

The maximum range now depends on tne antenna 
heights and on the target height. 

Radar Cross Section 
of Surface Craft 

Effective Height of Targets. Since the field varies 
ccmsldeiably with height for a low target, the 


scattering by even simple geometrical objects 
requires integration. The formulas for radar in 
the last section apply to a point target with radar 
cross section or at an effective height Xeir. 

In the case of a cylinder of radius a and length 
H, the radar cross section in a uniform field is 
<r = 2TaH^/\. Under operating conditions the field 
is not uniform but a feasible approximation may be 
obtained by using the preceding value of e and a 
value of h% equal to the average value of the target 
heieht. 

Maximum Range Vs Height Curves 

By the method reported in (Chapter 5 and also in 
Chapter 6 , the maximum range versus height 
curves can be constructed for various values of A. 
These are of importance chiefly for low-angle aircraft 
coverage. If the performance figure, (Pp/Pndn)(P, 
is known, equation (5), in Chapter 5, defines the 
relation between a and A so that <r can be taken as 
the curve parameter instead of A, Equation (5), 
Chapter 5, can be written 

201ogA = ~51og^^G^-51og<r--51og — . (15) 

A set of curves for a 10-cm radar is given in 
Figure 5 for a transmitter height of 30 meters. The 
curve corresponding to (t =* 31 square meters is indi- 
cated. The corresponding value of 20 log A = —130 
was found from equation (15), using the value of 



Fiourb 5. Maximum range vereus height ourvee for 
varioue targets. 
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218.4 db as the perfonnance figure. 

For a diip with an effective height of 18 meters, 
Figure 5 gives the value of 20 log A at various dis- 
tances. With the aid of equation (5), in Chapter 5, 
the power Pt returned to the radar by the ^ip at 
these distances can be found, using the following 
data: Pi « 60 kw, G « 22.6 db, and <r * 7,440 

square meters. 

In Figure 6, the maximum range versus distance 
curves for a set are presented. This set has a beam- 
width of 60 degrees so that it is effective for tracking 
aircraft coming in toward the set (increasing angle 
of elevation). The near coverage then approximates 
the free-space coverage which is dependent on the 
angle of inclination of the antenna. 

In Figure 7, curves are presented for a 3-cm set. 

Estimating Ship Size 

The fact that the strength of a signal received 
from a target depends on the size of the target can 
be utilized to estimate ship size. If signal strength 
versus distance curves are obtained for surface craft 
of various sizes, then by plotting readings from an 
unknown vessel, its size may be estimated. A field 
procedure for obtaining these curves is to use a 
number of surface craft of assorted sizes and follow 
them on a radar with a calibrated A scope, recording 
signal strength versus distance. If a number of such 
runs are taken during periods judged to be standard 
and the results averaged, a fairly reliable chart 
should result. 

The curves can be obtained by calculation using 
measured power output and antenna gain and 
empiricaPy determined values of ^ in equation (6) 
in Chapter 6. The shape of such a curve for a ‘‘point'' 
target is given in Figure 26 in Chapter 6. The radar 
curve can be obtained from this curve by fih<^ngifig r 
the ordinate back to 20 log A [equation (3) in 
Chapter 6] and then using equation (6) in Chapter 6. 

Since an actual surface target is generally large 
and at diort distances intercepts a consideiable 
part of the energy, the oscillatoiy part of the point 
curve of Figure 26 in Chapter 6 is smoothed out. 
The value of A for short distances is sometimes 
taken as 6Ao, or 16 db above the free-space value. 

In Figure 8, an example is given of curves com- 
puted for various ship sizes. Most of the plotted 
points fall in the 200- to 600-ton region. However, 
the precaution of a performance check is necessary 
in order to use this method most effectively ^see 
next section ). Since shape plays an important part 
in radar cross section, a ship of unusual shape may 
give a signal outside its class. 

Performance Check 

Since the performance of a set varies, before a 
chart such as has been described is used to detect 
unknown ships, it should be checked to determine 



Figure 6 . Maximuin range versus height curves for 
various targets. 



fmxmM 7. Marimum laage versus height curves fur 
vnious tarfiBts. 



SIGNAL STRENGTH IN DECIBELS ABOVE NOISE 
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whether set performance is normal. The curves 
can be used for this chect: by using a known ship. 
Such*a check is shown in Figure 9 for two different 
days. On one day, the points for the ship fell in 
the correct region. On the other day, they fell too 
low by about 20 db. Accordingly, on the latter day 
the curves should have been used with an ordinate 
correction of —20 db. 

Other types of performance check may be used, 


such as permanent echoes, freenspace range of air* 
craft, or a signal generator. 

DATA ON EQUIPMENT 

The tables given in this section are not intended 
to be exhaustive. These are the best available data 
but should be used with caution, since specification 
changes may change rated characteristics of sets. 


Tablb 3. Communication equipment. 


Communication 

equipment 

Frequency 

(me) 

Power 

output 

(watts) 

Receiver 

sensitivity 

Antenna 

Polarisation 

Gain 

(db) 

Beamwidth 

Horizontal Vertical 

SCRr608 

30 

25 

0.2 MV 

V 


Whip 

SCE^ 

44 

0.5 

2.5 MV 

V 


Whip 

AN/TRC-1 

70-100 

50 

25 MV 

H 

6 


SCR-522 

125 

6 

(4 channel) 

4 MV 

V 


Whip 

AN/TRC-8 

240 

12 

30 MV 

H 

7 


AN/TRC.6 

1,400 

400 

(4 channel) 
NFM2 db 

H 

14 


AN/TRC>« 

4,600 

2 

NF* 19 db 

H 

33 


TBS 

70 

50 

5 MV 

V 

1 


AN/ARC-1 

125 

10 

5 MV 

V 


Whip 

*NaiM figure. 



Table 4. Radars. 





Radars 

Frequency 

(me) 

Power 

output 

(kw) 

Receivei 

sensitivity 

Noise figure Bandwidth 
(db) (me) 

Antenna 

Polarization Gain (db) 

Beamwidth 
Horizontal Vertical 

SCRr271DA 

106 

100 

6 

1 

H 

19.8 

11* 

12* 

AN/TPM 

600 

200 

11 

1.8 

H 

23.4 

12* 

11* 

SCR-584 

3,000 

300 

15 

1.7 

H 

30.8 

7* 

7* 

AN/MPG-l 

10,000 

60 

17 

10 


40.8 

0.6* 

3* 

8C-4 

200 

200 

6 

0.5 

H 

13.5 

20* 

60* 

SQ 

2,500 

1 

13 

2 

V 

20 

8* 

15* 

SQ*1 

3,000 

50 

18 

1 

H 


6* 

15* 

ASB 

515 

10 

15 

1.4 

H 

20 

60* 



Table 5. IFF or beacons. 


IFF or beacons 

Frequency 

(me) 

Power ' 
output 

Receiver 

sensitivity 

Antenna 

Polarization 

Qua 

(db) 

AN/TPX-4 

170 

0.5 kw 

15 MV 

V 

6 

AN/UPN~1,2 

3,000 

60 kw 

0.05 MV 

H 

6 

AN/UPN-8,4 

9,820 

300 kw 

0.02 MV 

H 

12 







Chapter 8 

DIFFRACTION BY TERRAIN 


OUTLINE OF THEORY 
Introduction 

T he effects of diffraction around natural ob- 
stacles of complicated shape are difficult to 
analyze. Theory offers two lines of approach to 
diffraction problems, both based on the substitution 
of contours of simple shape in place of the natural 
obstacle. 

The first and oldest method, known as the Fresnel- 
Kirchhoff method, is an approximate procedure for 
calculating the diffraction by a fiat screen. It yields 
comparatively simple formulas for the diffracted 
field; the present chapter is concerned with a 
presentation of this method. 

The second method is based on the fact that the 
wave equation can be solved for obstacles of very 
simple geometrical shape, especially cylinders and 
spheres. If the curvature of a hill is fairly constant, 
so that its shape can be approximated by a cylinder 
or sphere, the field behind the hill can be obtained 
by the use of this method. 

Observations on diffraction by obstacles in the 
rfiort wave and microwave region are very sparse. 
It is, therefore, not possible to present a consistent 
body of results that could be utilized in radio prac- 
tice. It seems, however, rather certain from the 
observations that when the shape of the obstacle 
approaches one of the special shapes dealt with by 
the theory,, the latter gives a fair account of the 
facts. Such cases will not be found too frequently 
in practice. The hope is nevertheless justified that 
the right order of magnitude is obtained by a judi- 
cious application of the theory. The main applica- 
tion is in the lower frequency band (30 to 200 me) ; 
for higher frequencies, the diffracted field is rela- 
tively unimportant. 

The Fresnel Diffraction Theory 

The Fresnel-Kirchhoff approximate theory was 
originally developed to account for the diffraction of 
beams of light when cut off by diaphragms, slits, and 
HimllAr optical devices. In applying this theory to 
the propagation of radio waves over the earth, only 
one basic problem is usually encountered, namely 
that of diffraction around a straight edge. In the 
presexit section, the general method of handling this 
problem and obtaining numerical results is given. 
On applying the method to actual cases certain 


accessory problems arise which will be dealt with 
in following sections. . The most important of these 
complications is caused by ground reflection. 



Figure 1. Diffraction around straight edge. 


In Figure 1, the area CAPBD forms an opaque 
screen bounded by a straight edge BPA . The width 
AB of the screen is assumed infinite in the mathe- 
matical theory, but is here shown finite for simplicity. 
The line connecting the transmitter T to the re- 
ceiver R intersects the plane of the opaque screen 
in the point M whose distance from the edge is 
PM = h. The shortest unobstructed path of the 
radiation is TPR, 

In a purely geometrical theory, the point R would 
be in the shadow of the screen and would receive no 
radiation. If the wave nature of radiation is taken 
into account, it is found that an electromagnetic 
field is generated in the shadow of the screen; the 
waves are herd around the obstacle. 

The mathematical derivation of the diffraction 
formulas will not be given here as it is rather intri- 
cate; however, the problem is discussed in following 
text.The discussion here is limited to a qualitative 
risualization of the mechanics of diffraction in the 
text below; the final formulas used for computa- 
tions will then be written down at once. 


Mechanism of Diffraction 

The physical idea underlying the Fresnel-Kirch- 
hoff diffraction theory may be presented as follows. 
At points visible from T the field, to a first approx- 
imation, is equal to the free-^ace field J^o. This 
applies in particular to all points of the plane ECDF 
containing the screen. Ilie receiver R receives 
radiation from the open part EAPBF of the plane, 


m 
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while there is no radiation incident upon R from the 
opaque surface CAPBD, In order to compute the 
field at R, it is assumed that in the open part of the 
plane the field is Eo while on the opaque screen the 
field vanishes. Such a field distribution may be 
realised physically by assuming that there ia a con- 
ducting sheet in the open region EAPBF with 
suitably chosen oscillating charges or currents such 
that the field Eo is produced on the side of the sheet 
facing the receiver. The total radiation received 
at R from such a current-sheet will be equivalent 
to the radiation from T bent around the diffracting 
screen. The fictitious sheet EAPBF forms a system 
of secondary sources of radiation whose effect is 
equivalent to that of the primary source for all 
points on the /ar side of the plane ECDF (side of the 
receiver), but not on the near side (side of the 
transmitter). 

It is evident that most of the radiation received 
at R comes from the area near the point P above the 
line APB. The relative importance of contributions 
of areas more or less removed from P is discussed in 
following text. 

When the primary source at T is replaced by a 
distribution of secondary sources in the plane of the 
screen, an essential approximation is made. It is 
assumed that there are no secondary sources in the 
opaque region CAPBD. In reality, the screen is a 
physical body and, whether it is a conductor or a 
dielectric, there is an electromagnetic field in its 
surface layers, especially near the edge APB, and 
this field makes a contribution to the radiation 
received at R. In the approximate theoiy, it is 
assumed that the field on the surface of the opaque 
screen is negligible. In the terminology of optics, 
this implies that the screen is black; in radio termi- 
nology, it means that the surface of the screen is 
rough 

The Straight Edge Formula 



Figure 2. Diffraction around straight edge. 


That is, the distances from the transmitter and 
receiver to the obstacle must be large compared to 
the height of the latter above the line TR, and this 
height must be large compared to the wavelength. 
The second of these conditions is likely to be ful- 
filled in the short-wave and microwave bands, and 
the first will be fulfilled when the angles of elevation 
ai and as of the rays, drawn from the transmitter 
and receiver to the edge, are small. 

A second condition for the validity of the diffrac- 
tion formula refers to the horizontal extension of the 
screen. The formulas are derived for a screen of 
infinite horizontal extent, but in practice it will 
usually suffice if the horizontal extension of the 
screen is large compared to the height ho. 

If these conditions are fulfilled, the field at the 
receiver is given by 

where Eo is the free-space field at the receiver in 
absence of the screen and 

+ + (3) 

In the last formula, use is made of the fact that 
ai and oi aie small angles so that approximately 

ai Ao/diandas ho/dt. 


The physical picture just described can be put 
into mathematical language. When the ratiier 
intricate derivations are carried through, a rela- 
tively simple formula results. 

Hie symbols and designations used are illustrated 
in Figure 2. In accordance with practice it is 
assumed that the line TR is nearly horizontal. The 
trace of the opaque screen on a vertical plane through 
T and R is assumed perpendicular to the line TR 
(upper part of Figure 2). The trace of the screen 
on a horizontal plane may, however, make an 
angled with the line TR (lower part of figure 2). 

In view of the approximate nature of the theoxy 
explained in the preceding paragraph, the following 
conditions muet be fulfilled in order to obtain 
reliable results: 


( 1 ) 


The Fresnel Integrals 


An integral of the type appearing in equation (2) 
is known as Fresners integral; its properties will 
now be briefly discussed and numerical data given. 
The standard Fresnel integral is usually defined as 

(4) 

T^iere 



If tiiis fa&etioQ is plotted in the oomiriez plsnei 
with C and 8 u nbseiBBS and ordinate, reqieetiveljr, 
for all values of v, a curve is obtained tiutt is known 
as Cornu's q>iral (Figure S). C — jSiB lepi ese tt ted, 


di,dt > >A* > > V 
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FtGURB 3. Cornu spiral 


in magnitude and phase, by a vector from the origin 
to a point on this spiral. 

It may be shown that the length of arc along the 
spiral, measured from the origin, is equal to v. 
In the graph, values of v, counted positive in the first 
quadrant and negative in the third quadrant, are 
indicated along the spiral. As v approaches infinity, 
the spiral winds an infinity of times around two 
points lying at the distance I/V2 from the ori|^ 
on a 45-degree line. C and 8 for the end points are 

S(±<»)-±^ (5) 

2 ^ 

Application to Straight Edge 

Since 

^ i±i 

vj" 2 ' 

equation (2) mt^ be rewritten, on uring equations (4) 
and (5). as 

EmEt [i + Civ) - i - iS(»)] . (6) 

It will be noticed that the quantities 



have a simple geometrical meaning. They are the 
real and imaginary components, respectively, of a 


vector drawn from the lower point of convergence 
(point —1/2, —i/2) of the Cornu spiral to a point 
on this spiral. The bracket in equation (6) is equal 
to this vector in magnitude but with opposite phase. 

The Fresnel formulas and Cornu spiral as given 
above will assist the reader in establi^ing the rela- 
tions of our equations with the classical theory of 
diffraction as found in all textbooks on the subject. 
For practical purposes the field behind a diffracting 
straightedge given by equation (6) will be denoted by 


In Figure 4, the modulus s is plotted as a function of 
V, In Figure 5, the phase lag ( is plotted in a similar 
way. (With the above choice of the sign, f is positive 
in the shadow.) 

The variable v is given by equation (3). On 
account of the square root, there is an ambiguity in 
sign. Closer inspection shows that v must he taken 
positive when the receiver is in the illuminated region^ 
above the line of sight; v must he taken negative when 
the receiver is in the shadow zone. 

When V tends to — « , the line APB (Figure 1) 
moves far upwards relative to the line TR] the 
receiver lies deep in the shadow and E approaches 
sero by equation (6). When v tends to + <» , the line 
APB moves far downward, and the screen ceases 
to form an obstrqction, E approaches J^o. At the line 
of sight (when the point P in Figure 1 coincides 
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with Af), V « F(v) « 0 and B « Ef^2, Clearly, the 
effects of diffraction are not confined to the shadow 
legion but extend considerably into the illuminated 
sone. If the receiver is sufficiently deep in the 
diadow, about v > — 1, the following approximate 
formula holds: 


t 



0,225 

V 



Fiouxb 4, Magnitude of relative field strength E/Et 
venuB V. 

Polarization. Large Angles 

It may be noticed that in the preceding equations 
no reference is made to the state of polarisation of 
the diffraction field. The results of the approximate 
Fre8Qel>Kixehhoff theory are independent of the 


state of polarisation in agreement with observation. 
If the angles of diffraction (ai and aa, Tigare 2) 
become large, larger than a few degrees, for instance, 
the approximate theory no longer applies. The 
deviations from the Fresnel formulas then go in 
opposite directions for the two states of polarisation. 
If the electric vector is parallel to the diffracting 
edge, the field in the shadow at large angles is 
slightly diminished as compared with that given by 
the Fresnel formulas; if the electric field is per- 
pendicular to the diffracting edge, the diffracted 
field in the shadow at large angles can become appre- 
ciably larger than the calculated one and, in the case 
of very large angles, the excess may reach the mag- 
nitude of, say, 6 to 15 db. In the region above the 
line of sight, the sign of the polarization effect is 
reversed (slight increase for polarization parallel to 
the edge, appreciable decrease for polarization 
[jerpendicular to the edge). 

These effects are entirely analogous to those that 
aie observed when the currents induced in the surface 
of the obstacle cannot be neglected and they have 
the same physical origin. 



AiOVC LINE or 8I0HT V——# 


FioimsO. Fhaie lag (ordinate) of relative field 
Btrength (E/Et) vereus « (aheoieea). 
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DIGRESSION ON FRESNEL^S THEORY 
Fresnel Zones 

The concept of the Fresnel zone has played an 
important role in the development of diffraction 
theory. As it is frequently referred to in papers on 
the subject, it may be useful to digress briefly on it. 
Fresnel’s original construction is based on the con- 
ception that any small element of space in the path 
of a wave may be considered as the source of a 
secondary wavelet, and that the radiation field can 



Figure 6. Relations of Fresnel zones and diffracting 
slots. 


be built up by the superposition of all these wave- 
lets (Huyghens’ principle). In particular, consider 
the field produced by the transmitter in the open 
part of the plane containing the diffracting screen 
{EAPBF in Figure 1) and let each element of this 
plane be the source of a secondary wavelet. This 
may be achieved by distributing a suitable ficti- 
tious system of oscillating currents (or a system of 
elementary doublets of proper strength) over the 
surface of the plane. The field at the receiver is then 
the superposition of all the fields produced by the 
wavelets. 

Now let (Figure 6) be a plane perpendicular to 
the line TR and let M be the point in which the line 
TR intersects the plane S. Let Q be a point on the 
plane S such that the difference in path between 
TQR and TMR is just X/2. The locus of these 
points is a circle about M. Similarly we can con- 
struct other circles so that the corresponding path 
differences are integral multiples of X/2. The area 
within the first circle is called the first Fresnel zone, 
the subsequent ring-shaped areas are called the 
second, third, etc., Fresnel zones. The secondary 
wavelets originating in the first, third, fifth, etc., 
Fresnel zones are in phase with each other and rein- 
force each other by constructive interference at /2, 
while the secondary wavelets originating in the 
second, fourth, etc., zones are in phase with each 
other but out of phase with the former group and 
tend to cancel the field produced by this group. 

Hence if the plane S is opaque except for a round 
hole centered on M, the intensity of the radiation 


field at R will depend on the number of Fresnel 
zones that fall inside the hole. If we start out with a 
very small hole and progressively increase its size, 
there will be a maximum of intensity at R (nearly 
twice the free-space field Bo) when the hole just 
compiises the first Fresnel zone. If the size of the 
hole is further increased, the destructive interference 
of the second zone comes into play, decreasing the 
intensity, and a minimum (very nearly zero) is 
reached when the hole contains just the first two 
zones. On continued increase of the hole size, 
further maxima and minima appear. The amplitude 
of these oscillations decreases very gradually until 
eventually the field at R approaches the free-space 
value. 

Diffraction by a Slot 

The preceding considerations indicate that only a 
comparatively small area of an opening, of the order 
of one Fresnel zone, is required to produce an 
illumination that is comparable in order of magni- 
tude to the freenspace field. It is also seen that the 
simple geometrical construction of the Fresnel zones 
is more suitable when dealing with the diffraction 
by round openings than with screens bounded by 
straightedges.* Qualitatively, however, the conditions 
are similar. 

As an example, consider the case of a slot bounded 
by parallel edges at distances ho and ho' from the 
point of intersection M between the plane of the 
slot and the direction from the observer to the 
distant light source (see Figure 6). The diffracted 
field E will obviously be equal to the free-space 
field Eo if the slot is infinitely wide on both sides of 
Mj which corresponds to a vector joining the two 
foci of the Cornu spiral. However, there is an infinite 
number of other finite openings of the slot which 
also will give the free-space field. Suppose, for 
instance, that ho » ho' in Figure 6 and that the slot 
width is gradually increased from zero. A glance 
at the Cornu spiral (Figure 3) shows that when 
V « 0.75 and v' = —0.75, the vector representing 
the diffraction field is approximately equal to the 
free-space field. This width represents, for a slot, 
the analogue of the fiist Fresnel zone for a circular 
opening. 

DIFFRACTION BY HILLS 
Introduction 

The formula for diffractionby a straightedge may 
be applied in radio practice to determine the diffrac- 
tion field behind a ridge. The ridge need not be 
perpendicular to the transmission path, but the 
condition given in equation (1) must be approx- 
imately fulfilled. The distance from transmitter 
and receiver to the ridge should be large compared 
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to the height of the latter above the straight line 
TR; and that height should be large compared to 
the wavelength. 

Moreover, as discussed in the first section , the 
diffraction formula applies in principle only to the 
case where the effect of the currents induced on the 
surface of the ridge upon t^e field at the receiver 
can be neglected. This is the case (1) when the ridge 
has the shape of a steep and narrow knife-edge 
protruding from the surrounding coimtryside; or 
(2) when the surface of the ridge is rough (see sec- 
tion below). Experience shows that so long as the 
profile of the ridge is reasonably compact and its 
surface reasonably rough, the diffraction formula 
will give the magnitude of the field behind the ridge 
to within a few decibels. 

If the ground near the transmitter or receiver is 
smooth, however, it becomes necessary to take 
ground reflection into account. This may be done 
by introducing an image transmitter and receiver. 
The field is then the sum of four components whose 
relative phase must be calculated (see Figure 11). 

Earth curvature will be neglected throughout the 
present section. 

Criterion for Roughness 


It is difficult to establish a quantitative criterion 
for the roughness of a surface. From the viewpoint 
of radiation theory, the effect of a rough surface is 
to scatter incident radiation diffusely in all directions 
with no preference for the direction of regular reflec- 
tion, whereas a smooth surface will reflect the inci- 
dent radiation according to Snell’s law. In radio 
work, the effect of diffuse reflection is to weaken the 
radiation scattered in the direction of the receiver 
so much that its intensity may be neglected com- 
pared to the direjct ray. A moderately rough surface 
will give a coefficient of reflection intermediate 
between zero and unity. A surface will be optically 
smoother as the incident radiation approaches 
grazing, and even surfaces that are comparatively 
rough geometrically may then give partial reflection. 

A rule taken from optics and known there as 
Rayleigh’s criterion has been used successfully in 
radio practice. Assume that the roughness is prd- 
duced by numerous small elevations above a level 
surface and let H be the typical height of such an 
elevation. The difference in path between a ray 
reflected from the ground and a ray from the top 
of the elevation is 2AB in figure 7, which is equal 
to2ir sin ^ or approximately for small angles f. 

The difference in i:hase between the two rays is 
2R^(2v/X). The criterion now requires that the 
surface be considered as rough when this phase 
difference exceeds 45 degrees, or r/4 radians. 

Hence the critical value of H is given by 


4irH» 

X 




m 



Fiqurb 7. Geometry for Rayleigh's criterion for 
rough ground. 


with ^ in radians and 

(9) 

with 4^ in degrees. The surface is considered smooth 
or rough according to whether H is smaller or larger 
than this value. 

Sometimes it is convenient to refer to the field 
pattern that would be present over a reflecting 
surface. This is done by introducing a new variable, 
the lobe number 



( 10 ) 


{hi transmitter height above the ground), where 
n » 1, 3, 5, etc., correspond to the angle of the first, 
second, etc., maxima in the lobe pattern and n » 0, 
2, 4, etc., to the nulls of the lobe pattern. Introduc- 
ing n into equation (8), the criterion assumes the 
form 

( 11 ) 

4n 


Although the criterion is approximate and gives no 
more than an order of magnitude estimate, it is rather 
surprisingly well fulfilled in radio practice. Experi- 
ence has shown that when the differences in level 
which constitute roughness are of the order indicated 
by these equations, the reflection coefficient is 
reduced to a small fraction (about one-fifth) of the 
value calculated for an ideal surface. 


Diffraction by a Straight Ridge 

Assume that the ground intervening between the 
transmitter and receiver is everywhere rough, so 
that all ground reflection may he neglected. For 
the sake of computation, the ridge is replaced by a 
vertical screen of height ho above the line TR, The 
top of the ridge forms the diffracting edge (P in 
Figure 8). If the profile of the ridge is somewhat 
more complicated, the effecHve diffracting edge might 
be a purely mathematical line, as shown in tiie lower 



FkcnnutS. DiflriuAkm by a atraii^ 
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part of the figure. The height ho is conveniently 
detennined from a profile of the transmission path 
obtained from a topographic map. If the heights 
hif hf, and h of transmitter, receiver, and obstacle, 
respectively, above a given reference level such as 
sea level are given, we have 

( 12 ) 

where the signs have been chosen so that ho is nega- 
tive when the receiver is in the shadow of the ridge 
and positive when it is in the illuminated region. 
Now, by equation (3), 

In these equations, give the angles ai and 02 the same 
sign as ho and give v the same sign that ho has in 
equation (12). 

The ratio of the field to the free-space field at the 
receiver is now given by | E/Eo | « z{v), defined by 
equation (7) and plotted in Figure 4. In Figure 9, 
this ratio is given in decibels as a function of the 
quantity x == — /lo/Vxd (all lengths in meters). 
The successive curves in Figure 9 correspond to 
different values of the ratio or d^/di (choose 
whichever one is the smaller). Only the field below 
the line of sight is shown. 



Ftoims 9. Fiftkl in shadow behind a diffracting ridge* 



Field Near the Line of Sight 

The fact that just above the line of sight the field 
increases above its free-space value may sometimes 
be used to obtain a favorable site (Figure 10). The 
maximum value of the field is about 1.17 times the 
free-space value (Figure 4), equivalent to 1.36 db. 
On the other hand, there are advantages in avoiding 
a line TR that is too close to grazing the top of 
an intervening obstacle, as this will substantially 
reduce the signal. At the line of sight, the signal is 
6 db below free space. In order to get approximately 
the free-space value of the field, the crest of the 
obstacle should be sufficiently below the line TR 
so that V > 0.8 where v is given by equation (13), 
ho being the clearance between the line TR and the 
obstacle. In cases where the heights and distances 
are not quite certain, it is therefore preferable to 
select a higher and definitely unobstructed site 
rathei than to try to utilize the small gain that might 
possibly be had from the diffraction field. 

Diffraction with Reflecting Ground 

When the ground near the transmitter or receiver 
is smooth and reflecting, the diffraction problem 
becomes very complicated. It can be solved by the 
method of images on assuming that the radiation 
reflected on the transmitter side of the obstacle 
issues from an image transmitter and that the radia- 
tion reflected on the receiver side is incident upon 



Figure 11 . Diffraction of direct and reflected rays. 

an image receiver (Figure 11). The total field at the 
receiver may be written 

E ^ El — E 2 — *4“ 

where each term on the right-hand side is of the 
form of equation (6), Ex corresponding to the direct 
radiation, to the radiation from the image trans* 
mitter to the receiver, Ei to the radiation from the 
transmitter to the image receiver, and Ei to the 
radiation from one image to the other. These four 
terms differ in the value of v assigned to each of 
them; the effective height ho computed by equation 
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(12) and the path lengths being different in each case. 
From Figure 9, the diffracted field is found to be 
14 db below the free-space field at the same distance. 


Example 

Assume that from a topographic map the profile 
shown in Figure 12 has been drawn. The horizontal 
scale is in kilometers and the vertical scale in meters 
above sea level. From this profile, combined with 
inspection of the terrain, it has been found that the 
ground is so rough that the reflected rays may be 



disregarded. i‘Lc ueights above sea level of trans- 
mitter, receiver, and obstacle, are respectively 
Ai « 24 meters, Aa « 33 meters, A « 69 meters. 
Since di » 9,000 meters, dt « 5,400 meters, d = 
14,400 meters, we find from equation (12) that 
Ao » --39 meters. Assume a wavelength of 1 meter: 


X 


Vxd 


0 ^ 26 widi^ 

dj 


0 . 6 . 


DIFFRACTION BY COASTS 
Introduction 

Diffraction occurring at coast lines is significant 
for coverage problems of coastal radars. It becomes 
particularly important when the sets are used for 
height-finding purposes where an accurate knowledge 
of the lobe angle and possible deformation of the 
lobes is required. 

The diffraction might be due either to the fact 
that the radar is sited on a cliff or to the sudden 
change in surface properties. Reflection from rough 
ground is diffuse, so that there is no interference 
between direct and reflected rays when the reflection 
point lies on this type of terrain, but interference 
does occur when the reflection point lies on the sea 
surface from which regular reflection is obtained. A 
situation commonly occurring is that of a search 
radar sited on rough terrain a few miles inland from 
the coast. Here coastal diffraction may result in an 
appreciable deformation (shortening or lengthening) 
of the lobes. 

More generally, diffraction occurs with level 
ground whenever there is a change, especially a 
sudden change, of ground properties along the ttans- 
mission path. The formulas developed for coast- 
line diffraction may equally be applied to the case 
where rough ground sudde^y changes into smooth, 


reflecting ground. Similarly, the effect of patches 
of smooth ground in rough surroundings, such as a 
lake in wooded country and, vice versa, rough 
patches in smooth terrain, may be treated by means 
of the Fresnel-Kirchhoff theory. Here, attention 
will be confined to the case of a straight boundary, 
applving the diffraction theory developed in the 
first section of this Chapter • 

Level Site Near Coast 

Assume a transmitter sited on rough ground near 
a coast. If diffraction were disregarded, the coverage 
pattern would appear as follows. When the reflec- 
tion point is on the land, the reflected ray is diffusely 
scattered and its field at the receiver is negligible. 
Again, if the reflection point falls on the sea, the 
reflected ray will be present and will interfere with 
the direct ray with its full or nearly its full intensity. 
The ray leaving the transmitter at an angle 
(Figure 13), such that its reflected counterpart 
undergoes reflection right at the shore line, divides 
the coverage diagram into two parts. For angles of 



Fiovbe 13 . Diffraction by a coast line. 

elevation larger than ^ the field will be essen- 
tially the free-space field; for angles of elevation less 
than ^ ^0 the familiar lobe pattern, for complete 

reflection, will appear with maxima equal to twice 
the free-space field. When diffraction by the coast 
line is taken into account, the discontinuity expressed 
by this rough picture is replaced by a smooth transi- 
tion of the field from one region to the other. 

The land surface may be considered as an opaque 
screen for the image transmitter from which the 
reflected rays seem to come (Figure 13). This prob- 
lem is somewhat different from the diffiaction prob- 
lem treated previously since the trace of the screen 
in the vertical plane through T' and R is no longer 
perpendicular to the line T'B as it was, for instance, 
in Figure 2, upper part. In the present case, the 
effective height Ao of the diffracting edge for any 
given ray is the perpendicular projection from the 
coast line upon this ray, as showm in Figure 13. 
The slant distance of tte coast from the trans- 
mitter is di. Assuming that the receiver (target) is 
distant, a condition usually fulfilled in rato 



DIFFRACTION BY TERRAIN 


469 


prftctice, d® > > di and the angle between the 
direct ray and the horizontal will be equal to the 
angle between the image ray and the horizontal. 
Then approximately, since the angles are small, 

ho « diofi « di(^o — ^), (14) 

where di and ai have the significance given them on 
page 4 6 2 . There the signs have again been 
chosen so that ho is negative when the receiver 
(target) is in the shadow of the screen with regard 
to the image transmitter. 

The distance from the transmitter to the diffract- 
ing coast depends on the azimuth (Figure 13). 
Therefore, with the designations of the figure, 

. (15) 

cos 7 


Equation for Field Strength 


The expression for the diffracted field of the 
image transmitter is given by the straightedge 
formula, equation ( 6 ), with v given by equation (3). 
Since l/do is assumed negligibly small compared to 
1/di, we find, on using equation (14), 

t ; « (^0 - 


This may be further simplified by introducing a new 
variable, the lobe number 


n = 


X 


(17) 


{hi a= transmitter height). This quantity is equal to 
1 , 3, 5 • • • at the interference maxima and equal to 
0 , 2 , 4, • • • at the interference minima but is here 
taken as a continuous variable, defined for any value 
of In particular for ^ we put n = no. Since 
^0 « hi/dij we have by equation (15) 


4^i^o 4/ii* cos 7 

~T~ * Xdo ’ 


Equation (16) may now be wntten 


(18) 


no — n 

V2no 


(19) 


The diffraction formula will again be written, in the 
form .of equation (7), as 


where z and f are the functions of v shown in Figures 
4 and 5. 

The total field obtained by the interference of the 
direct and reflected ray is 


E « Foil - (20) 

where the negative sign in front of the second term 
in parentheses accounts for the 180-degree phase 
shift at reflection, and the phase lag m corresponds 
to the path difference between the reflected and 
direct n^. 


The absolute value of the field is 

I J^l 


^0 


V(1 - z)* + 4z sin mrn + f). ( 21 ) 

Figure 12 in Chapter 5 may be used for the numer- 
ical evaluation of this equation. 

The formula can readily be generalized to the 
case where the reflected ray is weakened by ( 1 ) a 
reflection coefficient, R, different from unity, and 
( 2 ) the effect of the earth^s curvature expressed by 
the divergence factor, Z), (Chapter 5). If, moreover, 
the phase lag at reflection is not ir but v + 0 ', the 
equation becomes 
E 


Eo 


= V(1 - tRDy + 4zkD Sin* (,rn + <t>' + f). 

( 22 ) 

Example 


Assume the following conditions. A radar set of 
200 me (X = 1.5 meters) is sited at a height hi * 15.3 
meters (about 50 feet) and at a distance to a straight 
shore line of do = 195 meters (about 0.12 mile). 
The ground between the radar and the seashore 
is level but can be considered as rough for prac- 
tically any angle of elevation, on applying the 
criterion of data discussed . The coverage diagram 
will first be determined in the azimuth perpendicular 
to the coast line, where di = do, or cos 7 = 1 . 
Then by equation (18), no = 3.20. With this value 
of no the variable v is determined by equation (19). 
We shall confine ourselves to integral values of n, 
that is, to those angles which, in the presence of 
simple reflecting ground, correspond to lobe minima 
and maxima. Having obtained v, one then deter- 
mines z and f from Figures 4 and 5. The field in 
terms of the free-space field is then obtained from 
equation ( 21 ), either by direct computation or by 
means of Figure 12 in Chapter 5. The numerical 
data for the first five lobes are summarized in 
Table 1 . The last column of this table contains the 
values of E/Eo which would be obtained if the magni- 
tude of the reflection coefficient were assumed to be 
zero over land and unity over the sea and if diffrac- 
tions were neglected. 

The same calculations are carried out for an 
Table 1. (7 - 0*). 


n 

V 

c 

r 

(degrees) 

l£/i!).|with 

diffraction 

|F/Fo| without 
difiraotion 

0 

1.27 

1.17 

0 

0.17 

0 

1 

0.87 

1.05 

- 12 

2.05 

2 

2 

0.48 

0.80 

- 15 

0.75 

0 

8 

0.08 

0.54 

- 4 

1.54 

2 

4 

-0.32 

0.36 

24 

0.69 

1 

5 

-0.71 

0.26 

11 

1.26 

1 

6 

-1.11 

0.19 

145 

1.16 

1 

7 

-1.51 

0.14 

242 

0.94 

1 

8 

-1.90 

0.12 

5 

0.88 

1 

9 

-2.30 

0.10 

158 

0.92 

1 

10 

-2.70 

0.08 

839 

0.94 

1 
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Table 2. (y - 46»). 

\E/E^\ with \EfEQ\ without 
n V 9 t diffraction diffraction 


(degrees) 

0 

1.60 

1.07 

fi 

0.10 

0 

1 

1.17 

1.17 

- 3 

2.17 

2 

2 

0.88 

1.03 

-13 

0.21 

0 

8 

0.50 

0.82 

-16 

1.80 

2 

4 

0.17 

0.59 

- 8 

0.42 

0 

6 

-0.17 

0.42 

n 

1.42 

1 

6 

-0.50 

0.31 

42 

0.80 

1 

7 

-0.83 

0.23 

90 

0.91 

1 

8 

-1.17 

0.18 

167 

0.88 

1 

9 

-1.60 

0.14 

240 

0.99 

1 

10 

-1.83 

0.12 

338 

1.12 

1 


asimuih inclined by an angle y * 45® with respect 
to the coast line. Then, from equation (18), no » 4.5. 
The results are given in Table 2. 

In the problem considered here, the angles of 
elevation are comparatively large (for n 1, 
^ » 1® 24'). If the effects of diffraction occur at 
lower angles, the divergence factor D must be taken 
into account (see Chapter 5). This is done by com- 
puting D for the angles desired and replacing z by zD 
in equation (21). 

Cliff Site 

If the radar is sited on a cliff and if the land inter- 
vening between the radar and the reflecting plane 
(ocean) is rough, the equations given on page 46 9 
apply. We shall now consider the case where the 
radar is sited at some distance from the cliff edge 
and where the ground between the radar site and the 
cliff edge is reflecting. There are then two reflecting 
planes, the lower of which might be the ocean, or 
might be a reflecting land surface. In Figure 15, 
this surface has been designated as ocean. The upper 
coverage pattern corresponding to Table 1 is shown 
graphically in Figure 14. 



Fioubs 14. CovBrage diagram (relative field strength). 
(Heights exaggerated 3.6 to 1.) 


It is seen from these data that the lobes near the 
eritioal ray (ray whose reflection point is at the coast 
line) undergo very considerable deformation. The 



Fioubb 15. Diffraction from a cliff site. 


plane is at a height H above the lower plane and the 
transmitter at a height hi above the upper plane. 
Assume that the azimuth chosen is perpendicular 
to the direction of the cliff edge; the distance of the 
radar to the cliff edge is do. For any other azimuth 
(angle y in Figure 13), replace do by do/cos y in the 
following equations. 

Two images are shown in Figure 15 and two 
fictitious opaque screens, one corresponding to each 
image. The corresponding variables are distinguished 
by single and double primes. The lobe numbers are 
given by 

X 

^ 4(g + A.)f ^ n»( H + fti) 

“ X “ A, 

Ilie critical ang^e, 4>t hi/da, is the same for both 

image transmitters. Thus 

”• Ti,' 

UH + hUh, V'<H + W 

Uo A, 

Further 

V2n»' 

v" - ” L_ . 

V2n," 1 + H/ki 

Again, the field is given by 

- s' (28) 

The expression for the field strength {equation (28)] 
is in a form ishere ail the quantities involved nuqr be 
evaluated for any given hd^t of transmitter, hdi^t 
of the cliff , and any wavelength by using gra^ and 
tables given in earlier paragraphs. 



Chapter 9 
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SCATTERING PARAMETERS 
Radar Cross Section 


I N DETERMINING the Coverage to be expected of 
radar systems, it is important to know what 
fraction of the power incident upon a target will be 
returned to the receiver. A parameter involving the 
dimensions and orientation of the target, and usually 
also the wavelength, and which measures the propor- 
tion of power returned, is called a scattering para- 
meter. 

The most generally used of these parameters is the 
radar cross section introduced in Chapter 2. It 
is denoted by v and is defined by 

<r-4ir(P^', (1) 

where Wr is the scattered power per unit area at the 
receiver and Wi is the incident power per unit area at 
the target. In terms of tr, the radar gain is 



This equation may also be written in the form 


where 


ft 

ft 


9X> ' 


A - 





is the gain factor introduced earlier (see Chapter 5 ), 
Ao is the free-space gain factor and Ap is the path- 
gain factor. 


Target Gain 


to the matched load doublet, the factor 4 w'ould be 
replaced by 1. 


Echo Constant 


The echo constant^ denoted by K, is defined by 


K 


Wi 



and is related to <r by 


(5) 


K 


4irX* 


( 6 ) 


The corresponding power ratio is 

(7) 

Except for the factor Mir, K is just o measured 
in square wavelengths. 


Equivalent Plate Area 

A plate of area S placed normal to the direction of 
propagation has a radar cross section given by 

ir«4ir|, (8) 

provided the linear dimensions of the plate are large 
compared with X. Any target may be supposed to 
scatter (in the direction of the radar) an amount of 
energy equal to the amount that a plate of area S 
would scatter in this direction. This area S is called 
the equivalent plate area of the target. The corre- 
spondinj^ radar gain is 



Another scattering parameter is Gji, the target 
gain, discussed in Chapter 2 . It is the gain of the 
target in the direction of the receiver relative to a 
shorted (dummy) doublet antenna. The target gain 
is connected with a by the illation 

(3) 

llie corresponding radar gain is 

§ - iGiWA*. (4) 

Tbefactor 4 iadue to tbe calculation of Ga relative to 
a aborted doublet rather than to a matdied load 
doublet. If the calculation of Gk were made relative 


Scattering CkteflBcient 
or Characteristic Length 

This parameter has also been called the radar 
lenp(/i of the target. The definition is 

L~d^, ( 10 ) 

where Er » field strength at the receiver, 

Ei » field strength incident on tai*get. 

It is evident that 

ill) 

4ir 

connoctK L with radar cross section. The radar gidn 
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becomes 


RADAR CROSS SECTION 
OF SIMPLE FORMS 


Spheres 

llie radar cross section of any large curved con- 
ducting surface having principal radii of curvature 
Pi and p 2 at the reflection point is given by 

(T = irpip2. (13) 

This formula applies if the surface is sufficiently 
large and sufficiently curved to contain many 

Fresnel zones. For a sphere of radius a, where 
a > > X, 

a « Ta®. (14) 

Thus, in the case of a large conducting sphere, the 
radar cross section is equal to the geometrical cross 
section and is independent of wavelength. 

The result for small spheres (a << \) is 

<r=144T‘-. (16) 

There is no simple formula for the radar cross 

section in the region a X. 

Cylinders 


The radar cross section of a cylinder whose length 
is large compared with the wavelength is 


2iraL2 


(16) 


This formula assumes that the direction of inci- 
dence is normal to the cylindrical surface. If the 
cylinder is tilted so that there is a small angle $ 
between the normal to the cylinder and the direction 
of incidence, the result is 


2iraL* 

ff s 

X. 



2tZ^ 

X 


(17) 


This result holds for small angles of tilt 6 such that 
sin $9^6. 

L = length.(L > >X). 

Plates 


ff 


TO* 




where Ji is the first-order Bessel function, 
maximum value is at 0 « 0, where 


( 19 ) 

The 


a 




( 20 ) 


This agrees ^^'ith equation (18), since at normal 
incidence S = tto*. 

The peculiar feature of equation (19) is that the 
maximum at ^ = 0 is Very sharp. For example, if 
X/a = 1/10, a is only 1/10 of its maximum value 
when d = 1.25®. 

The average value of a over all orientations is 


<r 



TO-. 


( 21 ) 


This result is independent of wavelength and sug- 
gests that a large number of flat plates oriented at 
random will have a cross section independent of X. 
or that a few surfaces of rapidly changing orienta- 
tion may have this property. 

The results for a rectangular plate are practically 
the same as for a disk. If the dimensions of the 
plate are h and c, ira‘ is replaced by be in equation 
(20) and equation (21); equation (19) is replaced by 




X^ 


cos B 


sin [ ^ sin B • cos 0 ^ 


\ X 


2x6 

X 

sin 


sin^ • CO80 

/2irc . ^ . A 

I — sin B • sin 01 

2tc . _ . 

— sin ^ • cos 0 


( 22 ) 


w'here the sides 6 and c are parallel to the x and y 
axes, and sin B cos 0, sin B sin 0, and cos B are the 
direction cosines of the direction of incidence rela- 
tive to the plate normal. 

These results hold when the linear dimensions 
of the target are large compared with the wave- 
length. If the linear dimensions are small compared 
with the w'-avelength, a plate of area S, oriented so 
that the normal to the plate is in the direction of 
incidence, has a radar cross section given by 


32ir® S* 
flr . 

3 X^ 


(23) 


Comer R^ectors 


A flat plate of area S with all dimensions large 
compared with X and oriented so that the normal 
to the plate is in the direction of incidence, has a 
radar cross section given by 

<r » 4ir~ , (18) 

regardless of shape. 

For a circular plate (a disk) of radius a, whose 
normal is at an angle $ with the direction of incidence. 


The comer formed by three mutually perpen- 
dicular conducting planes forms what is called a 
comer reflector. The faces may be triangular or 
square or have other shapes, depending on how the 
planes are bounded. A line drawn to the comer 
making equal angles with the three edges is called the 
aads of ssrminetry. 

Reflection from a comer reflector may be analjrsed 
by the methods of geometrical optics, provided the 
linear dimensbns of the reflector are large compared 
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with the wavelength. A ray which is reflected from 
all three surfaces is said to be triply reflected. 
Triply reflected rays always return to the radar and 
make the only large contribution to the radar cross 
section which in a comer reflector is 


<r 



(24) 


where S is the cross section of the triply reflected 
beam. S is a function of the shape of the faces of the 
comer reflector and of the angle of incidence of the 
radiation. 

For a triangular corner reflector, <r is given approx- 
imately by 

„ = tlL'l (1 - 0.00076 9»), (26) 

ax* 

where L = length of edge of reflector, 

0 angle between direction of incidence and 
the axis of symmetry in degrees {0 < 26®). 
As a function of <r has a broad, flat maximum. 
Consequently, the return to the radar receiver from 
such a target is not sensitive to the precise orienta- 
tion of the axis of symmetry. 


AIRCRAFT 

Variation with Aspect 

Diagrams showing the dependence of <r on orienta- 
tion indicate very large and irregular fluctuations. 
Radar cross section a can change from values of 
nearly 1,000 square meters to a few square meters as 
a result of a change of aspect of a few degrees. These 
instantaneous values of the radar cross section are 
dependent on wavelength, polarization, details of 
plane design, areas of specular reflection, propeller 
rotation, etc. Reflection patterns have been meas- 
ured for a few simplified models by laboratory means 
(see Figure 1 as an example). It would be difl&cult 
to calculate instantaneous values of (r by theoretical 
methods. 

In practice, however, an airplane is in motion and 
is affected by air currents. These factors cause the 
airplane, in a short interval of time, to present many 
widely different instantaneous values of ff to the 
radar, so that the signal actually seen on the scope 
by the observer is in effect a time average, where the 
most violent fluctuations of instantaneous values 
of c have been smoothed out. 


Measurement of or 

The radar equation for free space, equation (45), 
in Chapter 2, may be used for the computation of 
average values of v from observed instantaneous 
values, provided conditions are such that ground 


reflections are unimportant. The reoeivea power P% 
is determined by matching the signal from the plane 
with the measured signal from a signal generator . 

The procedure followed in work at the Radiation 
Laboratory is to measure the maximum value of Ft 
for each of a series of S-second intervals. A plot is 
made of Ft against range d on log log coordinates. 
Ah might have been anticipated from equation (45), 
in Chapter 2, it is found that a line with a constant 
slope of —4 passes through the average of the 3- 
second interval maximum points, although the 
individual points fluctuate widely. The value of <r 
corresponding 1 o this line is calculated. 

The resulting value of a still cannot be called an 
average value because the maximum value of cr 
has been used for each point. Consequently these 
values of a, substituted into equation (45) in Chap- 
ter 2, cannot be expected to give the average value 
of Fa, or to give observed maximum ranges. How^- 
ever, it is found that if the values of a thus computed 
are reduced 40 per cent, they give correct results. 

These empirical cross s(»ctionK are relatively inde- 
pendent of wavelength. This result may be inter- 
preted to mean that a plane in motion lK'hav(‘s mon^ 
or less like a coll(‘ction of specularly reflecting sur- 
faces oriented at random, as equation (2l) indicates. 

Attempts have been made to develop formulas 
giving operational cross sections as a function of 
some large feature of plane design, such as wing 
span or length of fuselage, but these attempts have 
not been successful. 



Figure 1. Aspect diagram! of B-17E, 5 degrees above 
horicon. 


Chapter 10 
SITING 


GENERAL 


S ITING REFERS to the Selection and utilization of 
local terrain features which affect propagation 
and the performance of equipment. From a pre- 
liminary analysis, the general location, type of 
equipment, and height may be determined. The 
specific sites available may, however, profoundly 
alter performance' in several ways. Careful analysis 
and tests may then be necessary to determine the 
best use of the facilities at hand and for an under- 
standing of the limitations due to the terrain. 

Siting Requirements 

With communication equipment, the siting prob- 
lems are principally concerned with visibility and, 
in wooded areas, absorption by vegetation. When 
siting direction-finding equipment, it is important 
to realize that reflections from mountains or othei 
irregularities may cause serious aiigular errors which 
should be avoided by proper choice of the location. 
Both direction-finding and radar equipment require 
orientation. 

Radar siting requirements are rather different and 
depend on whether ground reflection is of importance 
or not. The siting of radars operating mainly on 
the direct ray is relatively easy and is principally 
concerned with permanent echoes and visibility. 
The most exacting site requirements are presented 
by the VHF early warning and height-finding radars, 
which to a large extent depend on ground reflection 
for successful operation. The siting problem then 
requires the consideration of terrain effects such as 
limited reflection areas, cliff edges, obstacles, etc., 
which involve diffraction problems of considerable 
complexity. Recommendations for specific sets are 
given in instruction manuals furnished with the 
equipment. 


TOPOGRAPHY OF SITING 

Profiles 

Radar ana direction-finding systems, which may 
cover a large area and involve many services, use a 
grid for plotting purposes. The grid location, height, 
and orientation of each station must be known with 
reasonable accuracy. Topographic maps of a scale 
of one or two miles to the inch and contour intervals 
of not more than 100 feet, preferaUy 20 feet, should 


be secured. These may be supplemented by aerial 
photographs and surveys. 

In a complicated terrain, it is usually necessary to 
have profiles on several azimuths to determine the 
effective height above the reflecting surface. The 
accuracy required decreases with the distance from 
the transmitter. In most cases sufficient detail is not 
available on maps, so that a personal inspection of 
the terrain should be made to become familiar with 


the nature of the soil and degree of roughness. 
Special attention should be given to ridges, flat 
areas, bodies of water, distance to the shore, hills 
to the rear, obstacles in the operating area and 
at the boundaries. 

Where long distances and directive beams are 
involved, fairly accurate orientation of the order of 
one-half degree is required. Care must be taken when 
using compasses because of local attractions or 
inadequate information on declinations. Observa- 
tions on Polaris give the greatest precision but this 
star is not always visible and it is often inconvenient 
to use a transit at night. Caution must be used in 
aligning on permanent echoes, as they may be diffi- 
cult to identify. In general, several methods should 
be used to obtain independent checks. 

Solar azimuths, correct to the nearest quarter of a 
degree, may be determined from the date time to the 
nearest minute, and the latitude and longitude to 
the nearest degree. Two methods mil be given for 
obtaining the azimuth of the sun: (1) by calculation, 
(2) from tables. 

The azimuth of the sun may be calculated from 
the formula. 


tan/9 
where 0 


HA 


sin (HA) 

cos^ tan d 8in0 cos (HA) ’ 

B bearing of the sun. The bearing is east or 
west of south when t is positive. 
The bearing is east or west of north when 
0 — j is negative. The bearing is east 
in the morning (0 will be negative) and 
west in the afternoon (0 will be positive). 
B hour angle of the sun. During the morn- 
ing hours when the hour angle is greater 
than 12 hours, its value should be sub- 
tracted from 24 hours for use in the 
formula. 


<0 B latitude of the place of observation, 

6 B declination of the sun at the time of 
observation. The signs of <0 and 3 are 
important and each is positive when 
nortb (rf the equator and negative when 
south. 
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Fiouhb 1. Calculation of solar asimuth. 

The hour angle HA is the local apparent time 
(LAT) minus 12 hours. To convert the observed 
time into LAT, the civil time at Greenwich (GOT) 
must be found and combined with the equation of 
time to correct for the apparent irregular motion of 
the sun. This gives Greenwich apparent time 
GAT, which is converted to LAT, by allowing for 
the longitude. The equation of time and the decli- 
nation of the sun are plotted for 1945 in Figure 1 . 
The annual change is small and these curves may 
be used for most orientations without regard, to the 
year. Standard time meridians are given every 
15 degrees east or west of Greenwich, each aone 
corresponding to one hour. Care should be used to 
take daylight saving or other changes from standard 
into account correctly. 

The calculations may be illustrated from the 
following data: date, 16 March; time, 1345 houra 
PWT; latitude, 40*^ north; longitude, 118^ west. 
The HA is computed first. 

Observed time (PWT) 13 hr 45 min 

2ione difference + 7hr 

Greenwich civil time am hr as 

Equation of time (Figure 1) — 9 min 

Greenwich apparent time 20 hr 86 min 

Longitude difference (for 118* W) ~ 7hr 52 min 
Local apparent time (LAT) 12 hr 44 min 

LAT - 12 hours « HA - 12 hr 

Hour ang^ of sun + Ohr 44 min 

HA in arc + 11® 

Latitude^ 4*40® 

Declination of sun 5 (Figure 1) ~ 2® 

Substituting in equation ( 1 ), 

tBXifi 

cos 40® • tan (-2®) — sin 40® • cos 11® 
p - 16® 10 ' 

Since ^ — 5 is positive, 0 is the bearing from the 


tan — 



FioobbS. Geometry for horison distance with ele> 
vated transmitter. 


south. The bearing is west of south, since HA is 
positive (p.m.). The asimuth ol the sun is 
180® -f 16® 10 ' » 196® 10 '.® 

The equal altitude method is less convenient but 
requires no calculation. This method consists in 
measuring the horizontal angles between the sun 
and a mark taken when the sun is at the same alti- 
tude on both sides^ of the meridian of the observer. 
The bisector of the horizontal angle between the 
two equal altitude positions of the sun during the 
observations is very close to true south, and the 
azimuth of the mark may be determined. 


GEOMETRICAL LIMITS OF VISIBILITY 
Horizon Formula 

It is assumed throughout that the earth radius Is 
ha (see Chapter 4). Whenever numerical examples 
are given, the standard value, k « 4 / 3 , is used. 
The alternate method of accounting for refraction 
given in Chapter 4 may also be used in connection 
with the following equations ifkp^ 4 / 3 . 

When a horizontal ray, tangential to the earth, is 
drawn, the earth slopes away (Figure 2 ) at the rate of 



Hence the horizon distance dr for a transmitter at a 
height h above level ground is equal to 

dr - V 2 i^. ( 3 ) 

Numerically, when all the lengths are in meters 

dr * 4,120 for k • (4) 

With h in feet and dr in statute miles, by a curious 
numerical coincidence, 

dr-V2ft for*-^ (8) 

When both terminals of a path are elevated above 
the ground (Figure 3), the horizon distance is 



Fiaimi2. Geometry for horiion distance for aero 
height transmitier. 


rfi- V2fca(VA,+ V a,), (6) 

^fiwre again V2fca > 4,120 in the metric syatem. 

* This result could have been obtained directly from 
Anmuih$ of the Sun, H071, U.S. Naval D^Mtrtment, Hydro- 
graphic Office. The equation of time may be obtained horn a 
current copy of The American Nautical Almanac, U.8. Naval 
Observato^, Washington. D.C. 
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If d is in statute miles and h in foot, 

di « ^2hi + ^l2hi for A; * - • (7) 

The relation between hu hi and is graphically 
presented in Chapter 5 , Figure 2 as a nomogram. 

Height of Obstacle 


As a first case, consider a smooth earth and two 
terminals at the ground. The earth itself forms an 
obstacle which reaches its maximum height in the 
middle of the path (Figure 4). By equation (2) 

/dV 


2ka Ska * 


( 8 ) 


A point P on the ground at distances d' and d" from 
the two terminals (see Figure 4) has an elevation 



FiaiJRE 4. Height of earth aa an obataclo. 

above the straight line connecting the terminals 
given by 





or, after a simple reduction, 


h - 


d^ 

2ka 


5.9 • 10 '^d'd", 


( 10 ) 


where d', and d" are given in meters. If A is in 
feet and d' in statute miles, 
d'd" 

A«-_ forA;»4/3. (11) 

2 


Secondly, assume that the terminals are elevatec 
(Figure 5). The elevation of the straight line con- 
necting the terminals, for a flat earth, is equal to 
, d% - d'% 


d' - d" 


( 12 ) 


where d', d" are again the distances to the terminals, 
and hi, are the corresponding elevations. 

In order to account for the effect of the earth^s 
curvature, Figure 6 may be considered as a plane 
earth diagram on which a ray will appear curved, th(» 
deviation from a straight line being do^vnward and 
given by equation (10).Sieeda8hed line in Figure 5. 


A 


P 



). d' J 




Hence, the total height above the theoretical 
ground is 

d% - d'% d'd" 

* “ d'-d" ~ 2ka’ 

When the heights are expressed in feet and the dis- 
tances in miles, the first term remains unaltered, 
while the second term again liecomes d'd"/2 for 
k = 4/3. 

Equation (13) is used to decide whether and by 
how much an obstacle sjuch as a hill Avill obstruct a 
given transmission path. 

Extended Obstacle 

When the obstacle is of appreciable horizontal 
extension, it may not possess a single peak to which 
equation (13) can be applied without ambiguity. 
The case of twin mountains is sho^^ n in Figure G for 
stmight rays (earth^s radius kn). 



Fioitre 6. Height of equivalent difTrsioting edge. 

The optical peak P of the obstacle for radio or radar 
transmissipn is the point from which both terminals 
are just visible. For a given profile, the limiting rayn 
to the terminals may be found by trial and error by 
applying equation (13) to those points of the profile 
which are most likely to represent limiting elevations. 
In the theory of diffraction (Chapter 8)P marks 
the position of the equivalent diffracting edge. 


Degree of Shielding 

As a measure of the degree of shielding, the angle 
between the two limiting rays drawn from the 
terminals to the (actual or equivalent) peak of the 
obstacle of height hp may be used. 

Since all angles considei*ed are small, the sine or 
tangent of the angle may be replaced by the angle 
in radians: Consider first the ray going from the 
first terminal to P (Figure 7). The angle of the ray 
with the horizontal at the terminal is 


ai * 



2ka 


(H) 


and its angle with the horizontal at P is 


ft « «! + 


ka 



(15) 


The angle of the ray going from the second teiminal 
to P is determined correspondingly. 

The angle between the two lays is then equal to 


ft + ft 



IfL 

d'd" 


d' 



Figure 6. Height for elevated terminals. 


where d^d' + d", and (Aa)“* - 1.18 » 10'^ (meter) K 
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FincRE 7. Shielding between transmitter and re<*eiv<‘r. 
When d is measured in miles and h in feet, equation 
(16) becomes 

PERMANENT ECHOES 

Permanent echoes are caused by reflections from 
terrain features such as mountains or even smooth 
surfaces near the antenna (ground clutter). With 
radars, the indicator is obscured by the strong 
echoes from hills and the minimum detection range is 
increased by ground clutter. With direction finders, 
erroneous indications are caused by the spurious 
reflections. Permanent echoes are among the princi- 
pal problems involved in siting, as many otherwise 
excellent sites are rendered woithless by excessive 
fixed echoes. Several methods are available for 
determining the suitability of sites in this regard 
without actual field tests. 

A number of factors combine to make permanent 
echoes more troublesome than might be expected. 

1. Hills and land surfaces are so much greater in 
extent than the target which the equipment is de- 
signed to detect that strong echoes may be obtained 
from distances where an ordinary target would give 
an echo far below normal detection levels. 

2. The low elevation of the land surfaces places 
them in regions most subject to nonstandarri 
propagation effects where extreme ranges and largo 
responses are frequently obtained. 

3. Side lobes of the horizontal pattern of the an- 
tenna cause permanent echoes to appear at several 
other azimuths in addition to that of the main lobe. 

4. Strong permanent echoes from mountains to 
the rear may be caused by back radiation from the 
antenna. The low intensity of the back radiation 
may be compensated by the size of the mountains. 
Such echoes are especially harmful as they obscure 
\ he operating sector, 

5. Objects appear wider because of the antenna 
l^eamwidth and of greater extent in range as a result 
of the pulse width. 

6. Diffraction over intervening ridges may be 
sufficient to nullify their screening action so that 
objects behind a ridge are visible. 

7. The use of a permanent echo as a standai’d 
target may be very misleading. A decrease in per- 
formance that seriously affects echoes from small 
targets may not have any noticeable effect on the 


i'esponse from large targets. An echo used for a 
standawl target should be weak and near by. 

Permanent Echo Diagrams 

The permanent echoes a.ssociated with a radar 
station may l3e plotted on a polar chart and their 
extent, k>cation, and strength represented. Such 
diagram^ should be prepared for each unit of a radar 
system, using a standard prexiedure for taking and 
presenting the data. 

Permanent echo data should be taken under 
average conditions with the gain set at some stand- 
ard level. At intervals of azimuth such as 5 degrees, 
the ranges of the permanent echoes are recorded. 
These data are then plotted on a polar chart and the 
points are connected to indicate obscured areas. 
The skill and judgment of the operator are important 
factors. In most cases the amplitudes of the echoes 
are so far above that of ordinary target echoes that 
the a(?tual amplitudes need not be noted. 

In Figure 8 is shown an observed permanent echo 
diagram for a VHF radar. This was selected for 
purposes of illustration rather than as an example 
of a good site. The mountains to the north are un- 
shielded and cause extensive echoes. The large echo 
at 200 degrees is due to a mountainous island 260 
miles away and appears only during times when 
propagation is nonstandard. 

Care mixst be exercised in identifying the cause of 
an e(*ho. Antenna side lobes cause spurious echoes 
and distant echoes may come in on the second or 
third sweep on the scope after the main pulse. These 
latter echoes may be checked by changing the pulse 
i-epetition mte and observing the shift of the echo. 

Permanent echo diagrams are useful for: 

1 . Indicating blind areas in a station’s coverage. 

2. Assigning the operating area of a station. 

3. (/becking the range and azimuth accuracy. 

4. Checking the performance. 

5. Estimating nonstandard propagation 

6. Planning test flights. 

Shielding 

The principal device in the fieia for the control of 
permanent echoes is shielding. This means that the 
ant/cnna must be sited in such a way that distant 
hills are screened by a local obstruction. This local 
echo at, say, three miles, is combined mth the m ain 
pulse or ground return and the distant echo is 
weakened or eliminated entirely. 

Shielding causes a loss of coverage, which in 
operating regions may be more serious than the 
permanent echoes. Rear areas which are not scanned 
should be well shielded so that back and side echoes 
do not interfere with targets in important tactical 
regions. Operation over such diielded sectors would 
be limited to high targets. 
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FiavRB 8. A typical permanent echo diagrani for a VHP radar 


Prediction of Permanent Echoes 

Permanent echoes may be determined by several 
methods : (1) tests with the radar at the site; (2) radar 
planning device [RPD]; (3) supersonic method; and 
(4) profile method. 

The feasibility of moving the radar to the site to 
determine the permanent echoes is dependent on the 
portability, accessibility, etc. Echoes obtained with 
one type of equipment may be very different from 
those of another type of radar with a different an- 
tenna directivity, frequency, and range. 

The RPD technique requires construction of a relief 
model of the terrain considered. A small light source 
is used to simulate the radar transmitter and the 
echoes are plotted as a result of a study of the areas 
illuminated. This method is useful for short ranges 
and microwaves where the diffraction and side aiKl 
back lobe radiation are small. Construction of a 
fairly difficult relief model may take a crew of 
spedally trained men several days to a week, as the 
model should be accurate. Once completed, all 
posmble sites or aspects from a plane or sUp may be 
r^ily examined. Photographic and darkroom fa- 
cilities are required and also kits containing a light 
so^e, supports^ etc. 

The supersonic method uses a relief model under 
water. Supersonic gear is used to send out pulses 
which are reflected like radar pulses and an echo is 
picked up and presented on a plan posiiian indi- 
cator [PPl] scope. Photos may be taken of the 
scope or it may be used directly to train operators 


and for briefing. Considerable equipment is re- 
quired, but the construction of the models is com- 
paratively simple. 

The profile* method involves a study of topo- 
graphical maps and plotting of the echoes according 
to their visibility and the amount of diffraction. A 
fairly difficult site may be handled in perhaps eight 
man-hours. This method is adapted to long-range, 
low-frequency radars where diffraction and side and 
back lobe radiation are important. On microwave 
equipment, prediction of permanent echoes is sim- 
pler and the profile method may be worked out in 
a few hours. 

Prediction by the Profile Method 

The discussion here refers chiefly to VHF (1 to 10 m) 
radars in a moimta: lous teirain, but the methods 
have general application. The principal requirements 
are topographic maps of the surrounding area with 
a scale of one or two miles to the inch and a contour 
interval of 20 feet, although intervals up to 100 feet 
may be used. Regional aeronautical mi^ with a 
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8c^e of about 1 inch to 16 miles and 1,000-ft 
contours are suitable for checking distant echoes. 

^om the maps, profiles are prepared for various 
anmuths about the radar station. The first mile or so 
should be plotted accurately; at greater distances, 
the critical points, such as hills and breaks, should 
leceive the most attention. On each profile is drawn 
the tangent line from the center of the antenna to 
the point on the profile which determines the shield- 
ing, as in Figuie 9. The angular elevation a of this 
line of sight is marked on the diagram. If a is nega- 
tive, the profile should be checked out to the radar 
horizon to obtain the correct shielding angle. On a 
plane earth diagram, the line of sight is actually 
cur\'ed, but for distances up to 10 miles it may be 
taken as straight with small error. The height 
difference, with a in radians, is then equal to 

/ii — Ai * dtana. (18) 

When the distance is larger so that earth curvature 
has to be taken into account, to the above expression 
for the height difference h% — hi must then be added 
the amount by which the earth is sloping eway over 
the distance d. This amount is d^/2kaf and the 
complete expression for h — hi becomes 

/ia — ^1 «* d tan of + . (19) 

2ka 

l^’or easier handling of this equation, a set of 
curves may be drawn where fh — hi ib plotted against 
d for various constant values of a. These curves 
may then be used to determine the height of the 
shielded reidon at any range. Thus all other moun- 


tains along the profile in Figure 9 might be checked 
for visibility by comparing the height of the moun- 
tain with the value of ht — hi read from the curve 
a » 0.6®, Any desired allowance for diffraction 
may be made by using a different curve such as 
or * 0. When the shield consists of several ridges 
close together, an equivalent shield should be used. 
This is derived by enclosing the ridges in a triangle, 
whose apex is taken as the shield (see Figure 6). 

The general procedure to be followed in preparing 
a prediction of permanent echoes will now be out- 
lined. From an examination of the map, the azi- 
muths at which profiles should be prepared are 
determined. This mil normally be about eveiy^ 
10 degrees. Where the shielding is obviously good, 
the interval may be 20 degrees, but where the terrain 
is questionable, such as in a region of low hills, the 
profiles should be taken at 5-degree intervals. 

An overlay of the region is then prepared, showing 
important geographical features and a polar-grid 
system. On this chart is drawn the coverage contour 
lines (broken lines in Figure 10). These lines repre- 
sent the limits of the heights of the shielded regions. 
Targets or mountains below and beyond the cover- 
age contours will not be visible except by diffraction. 
These contours may be drawn for several heights. 
Where they are close together, the shielding is good 
but the coverage is poor. Where the lines are widely 
separated, as toward the sea, there is little or no 
shielding except that due to earth curvature. With 
the coverage contour diagram superimposed on a 



Fioubb 10. Th«or«tieaI permanent echo dngrain 







480 


PROPAGATION THROUGH THE STANDARD ATMOSPHERE 


map, the peaks exposed to radiation may be noted. 

llie extent of the echoes due to these peaks de- 
pends, besides the sise of the peak, on the horizontal 
radiation pattern, the pulse width, and the power and 
sensitivity of the radar. It should be noted that the 
half-power beamwidth is only a rough measure of the 
^vidth of an echo ,and some greater angle between 
the half-power poihts and the nulls will usually be 
obtained for the echbes. 

The extension of the echo in range will be at least 
as great as the pulse width in miles as represented 
on the scope. This is about 0.1 mile per micro- 
second of pulse width. Actual echoes are thicker 
than this, since all the exposed hill sends back echoes. 

After a careful inspection of the profiles, taking 
into account the various factors mentioned above, the 
echoes are sketched in on the chart. In doing this 
the following rules may be used as a guide. 

1. Shade in a circle for the main pulse several 
miles wide, depending on the pulse width and local 
return. 

2. Check each profile in turn and for each peak 
or hillside in front of the shielding ridge or mountain 
plot an echo for the main and all side lobes of the 
antenna. 

3. A series of sharp Hills within the shielding part 
of the terrain should be plotted as a single large echo. 

4. The inner edge of an echo should be at the same 
range as the hill. 

6. Peaks beyond the shield may be in the diffrac- 
tion region and the relative strength of the echo 
may be estimated from a diffraction curve. 

6. In general, the echo strength varies as the 
inverse square of the distance and is roughly pro- 
portional to the target area. 

7. Where there is any doubt, plot the echo . 

Experience is an essential factor in peimanent 

echo prediction, regardless of the method used. The 
methods described here have been used successfully 
in many areas and are capable of accuracy adequate 
for most purposes. 

EFFECT OF TREES, JUNGLE, ETC. 

The Effect of Trees 

Trees form very effective obstacles for high-fre- 
quency radio waves. A single tree may cause a drop 
in signal strength of several decibels. The attenua- 
tion is less for horizontal polarization than for 
vertical polarization for frequencies below 300 to 500 
megacycles. For higher frequencies, the polarization 
is not an important factor. With the transmitting 
antenna sited in a moderately wooded area, repre- 
sentative values for the losses are given in Table 1. 
When both antennas are in the woods these losses 
should be doubled. Measurements at 200 me for 
transmission through a grove of trees 100 feet wide 
show losses of 21 db for vertical polarisaticm and 
6 db for horizontal polarization. 


Tablk 1 . Decrease in gain for transmitting antenna 
situated in a moderately wooded area. 



Horizontal 

Vertical 

Frequency 

polarization 

polarization 

30 me 

Negligible 

2- 3db 

100 mo 

l~2db 

6-10 db 


When the antennas are in clearings, so that each is 
more than 200 or 300 feet from the edge of the woods, 
the decrease in gain is small. With vertical polariza- 
tion, there may be large and rapid variations of field 
intensity within a small area, due to reflections from 
near-by trees. 

The Effect of Jungles 

In jungles or heavy undergrowth, an exponential 
absorption is to be expected. Tests made of trans- 
mission through heavy jungles show that the limit of 
transmission for ordinary field sets is 1 mile. An 
increase of power of several hundred fold is needed 
for a range of 2 miles. The decreases in gain en- 
countered are of the order of 50 to 60 db per mile. 

If the antennas ate elevated above the jungle or 
located in clearings, the effect of the jungle may be 
minimized. Antennas should be 10 or more feet 
away from trees to avoid a change in antenna 
impedance. 

The best solution is sky-w^ave transmission even 
for distances as short as 1 mile. Due consideimtion 
should be given to the selection of optimum fre- 
quencies based on ionosphere predictions. For 
distances up to 100 or 200 miles, a half-wave hori- 
zontal wire antenna should be used and the fre- 
quency range is about 2 to 8 me. The decrease in 
gain for the short path up through the trees is 
negligible at these frequencies. 

Effect on Microwaves 

At 10 cm, the absorption is so great with most 
objects that the diffracted energy is the principal 
portion transmitted. Only windows, light wooden 
walls, or branches of leafless trees lAow less than 
10 db loss. Opaque objects include: 

1. 'Rows of trees in leaf if more than two in depth. 

2. Screens of leafless trees if so dense that the 
skyline is invisible through them. 

3. Trunks of trees. 

4. Walls of masonry. 

5. Any but the lightest wooden buildings, espe- 
cially if there are partitions. 

Losses a brick wall may be increased from 12 db 
to 46 db by wetting. In computing diffraction over 
treetops, the diffracting edge nuiy be taken to be 
5 feet or so less in hei|^t. In a 1.25-cm test, the 
tiaasmisskm loss through two mediumHtiied bare 
trees incteased 18 db after leaves appeared. 
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MASSACHUSETTS BAY 

MICROWAVE TRANSMISSION IN 1944 
GENERAL DESCRIPTION'^ 

rpHis TAPBii describes the general features of the 
1 work on atmospheric refraction undertaken during 
the summer and fall of 1944 ; other papers by members 
of tills group will describe specific phases. The results 
described must be considered strictly hmtative. They 
arc the outcome of a hasty survey of a large amount 
of experimental data which ceased to ac(‘uinulatc 
only a short time before this report was prepared. 
Consequently, it has not been possible to do more 
than abstract the most obvious information. 

Tlie principal objectives of the present program 
were: 

1. To study the modification of continental air by 
the ocean surface and from this study to impro^e the 
technique of forecasting modified index curves at low 
altitudes over watc*r. The reason fop the detailed 
meteorological study is that wlien liegiuniug tliis work 
we lielieved that the existing ideas of the physical 
phenomena involveil in producing low-level mo<liri- 
cation were not on a sufficiently sound basis to allow 
a direct analytical approach. 

2. To study exjicrimcntally one-way and radar trans- 
mission through the range of refraction condition, 
varying from substandard to trapping. Particular em- 
phasis was to be placed on wavelength rlependence, 
and, when possible, infurmaticu was to be obtained on 
vertical coverage patterns under these various refrac- 
tion eonditiona. 

Radio Program 

The radio part of the projwt eniploytal a I'ombiiia- 
tion of one-way and radar apparatus operating over 
Massachusetts Bay. Two paths were chosen for one- 
way transmission; one was the 22-mile path^ from 
Deer Island (Boston Harbor) to Eastern Point 
(Gloucester) and the second a 41 -mile path farther 
from the shore line (Eastern Point, Gloucester, to 
Race Point, Cape God; see Figure 1). Over the 22- 
mile path, transmission was on S band, while on the 
4] -mile path one-way transmission was on 117 me and 
on S, X, and K bands. Radar sets on S and X bauds 
were placed at the transmitter site for the latter path. 

On the short path the terminals were placed so as 
to give approximately grazing incidence, but on tlie 
long path the terminals were well below the horizon. 
At the transmitting terminal of the one-way circuit 
were two radar sets on X and S bands; from this 
location they could scan the New England coast line 
to measure signal strength from fixed targets. 

Note that the short path is dose to the coast liue, 
while the longer path is considerably farther away 
and is so located that approximately westerly winds 
undergo appreciable mo^fication by the time they 
have reached the transmission path. 

Transmitters 

The transmitter for the short path was located at 
Deer Island about 120 ft above mean sw level and 
supidied approximaldly 1 w to a paraboloidal auteuna 
30 ill. ill diameter. 

The trenaraitter site for the oBier transmission path 
•lid the trucks bousing the two radar sets were at 
Race Point (Provinoetown). The radar sets operate 
on the S and X bands and are approximately 60 II 
above mean aea level. They both have antenna diam- 

^Figtties Slid taUsscMi pp. 4lli3 to511. 

D. S Kssr, Radiatba labmateiy, MIT. 


eters of 4 ft and a ratio of transmitted power to 
minimum detectable ]M)wcr of approximately 167 db. 
Them* aeta were operatwl from .August lat through 
October 20th. The mcasnrementa conaiated of 
hourly determination of the strength of echo from 
four specially selected targets and of recording maxi- 
luum detection range on fixed targets over water look- 
ing up the coast line; in addition, plan position in- 
dicator [1*1*1 J photographa were taken at hourly 
intenals. The performance of the radar sets was eare- 
fully monitoml by appropriate means for determina- 
tion of transinitted power and nnniniuin detectable 
lecened power. All echo signal stieugtbs weie incns- 
iired in absolute 'allies with a signal generator 
«'oii])led to the system. The records of signal strength 
from the four selected targets and those of maximum 
detection range were plotted ami returned to the 
laboratory on a weekly basis. 

The tower carrying the one-way transmitting equip- 
ment consisted of the iNittom half of a 100-ft Sl'R-271 
tower. The house at the foot of the tower served as 
ofKuations lu'adqnatters, while the top house con- 
tained the transmitters. The 117-nic antenna was a 
five-element Yagi an ay projecting horizontally from 
the forward eorncr of the top of the house. 1*he X- 
and S-bftiid anteimos were paraboloids 4 ft in diam- 
eter. made of eloae-apaced grid work designed to 
redu(« wind rosislanee. The feed for each of these 
antennas was a dumiiiy-dipole array excited from the 
ofM'U end of a wave guide projecting through Uio 
vertex of the paraboloid. The K-band antenna was a 
paraboloid 2 ft in diameter, illuminated by a small 
liorn. Folarization was horizontal for practibally the 
entire period of the program. 

All the microwave antennas were provided with a 
scheme for rendering them independent of rain. A 
blast of air from inside the house was injected into 
the wave guide at the transmitter by means of a 
blower. This stream of air effectively prevented ac- 
cumulation of a film of water on the inside of the 
guide feed. 

The transmitter used on 117 me was one from an 
H(^R-624 VHF (very high frequency) communica- 
tion set. Its frequency was quartz-crystal controlled, 
and it dclivcreil approx iinalcly 10 w of c-w power 
into a balancwl line connected to the Yagi aiilcunu. 
^riie output power of the transmitter was monitored 
continuously on an Ksterhne- Angus recording inil- 
liainnieter. 

Tlie S- and X-baiid traiismitlers employed pulsed 
magnetrons operating at a pulse recurrence frequeiicy 
of 700 c with a pulse Icngtli of 1.5 /t sec and a peak 
power' output of approximately 10 kw. Tlie output 
pulse from the modulator was continually checked by 
the synchroscopes, and a check was made of the trans- 
mitted radio frequency spectrum of the pulses by 
means of the spectrum analyzer. 

Both S- and X-baiid transmitters were provided 
with continuously recording monitors operating Kstor- 
line-Aiigus recording roiiliaminetcrs. Several types 
of monitor circuits were employed during the course 
of the program, but the one which proved most satis- 
factory employed a thermistor bridge coupled by 
means of wave selector, or directional coupler, to the 
wave guide between transmitter and antenna. Daily 
calibrations of the recording thermistor bridge cir- 
cuits were made, providing a oonstant check of power 
output in absolute values. In addition to recording 
of average power output by frequent checking of 
spectrum and high-voltage pulse, the cathode current 
of the magnetrons was also recorded. 

The K-band transmitting equipiuoiit diffcreil from 


m 


the B- and X-baiid equipment ouly in mattera of 
unessential detail. 

Keceivera 

The reieiviug terminal of the one-way transmission 
circuit is located at Eastern Point, Uloiu'ester; tlie 
receivers were mounted in a 100-ft tower similar to 
the one at Provinoetown. There were two sets of re- 
ceivers, one approximately 136 ft above mean son 
level in a house at the top of the tower and the oilier 
approximately 30 ft above in a bouse at the botiom 
of the tower. Tlie receiving antennas are identical 
with those for the transmitters. 

The K-band receiver was a superheterodyne spe- 
cially constructed for this purpose and put into opera- 
tion late in the experiment. It had a bandwidth of 
14 me but no automatic frequency c-onirol [APG], 
with the coiiscquenee that it requireil eonstant attend- 
ance to produce a satisfactory reiHird. The receiver 
for the Dwr Island circuit was a narrow-band c-w 
receiver of the type used in last yeaPs experiments 
and described in reference 1. 

The X- and K-haiu) receivers deserve ineiitiou be- 
cause of llicir siMH’ial characteristics, which were de- 
velojied to moot tlic requirements of this work. They 
are provided with AFC circuits arranged to search 
for a lost signal automatically. Having found the 
signal, tlie circuit locks the rei-eiver in tune and con- 
tinues recording. Those receivers have specially de- 
signed automatic gam control ciri'uits providing es- 
scntiall} logarithmic response of 70- to 80-db range 
well spread across the recorder scale. Tlie minimum 
detectable power for these receivers is approximately 
110 db below 1 w for both 8 band and X band, and 
the minimum signal required for satisfactory opera- 
tion of the AFC is approximately 106 db below 1 w. 
I’lie latter figures are important for this particular 
setup, siiu'e they determine the usefulness of tlie re- 
ceivers in studying signal strengtli near or below that 
encountered under standard refraction conditions. 

The receivers were calibrated daily by means of 
signal generators coupled permanently to the wave 
guide lictween tlie auteniia and the receiver through 
wave selectors with known fixed coupling losses. Very 
close check on performance was maintained so that 
the receivers at all times gave an accurate indication 
of the absolntc value of received signal strength, 

The arrangement of S- and K-band receivers in 
the house on top of the tower was similar to that in 
the lower house, but the K-band receiver was of a less 
sensitive type requiring no tuning. There was a 117- 
mc receiver in the top house but not in the bottom 
house, and there was no receiver for the Deer Island 
circuit in the top house. 

The outputs of all eight receivers were wired direct- 
ly into an Eaterliiie-Aiigus recording milltammetor. 
With this arrangement one operator was able to keep 
continuous watch on the performance of all receivers 
and was required to climb the tower only when major 
adjustments of the top receivers were necessary. 

The Gloucester station was the control station for 
tlie radio network formed by all the stations involved 
in the project. The transmitter station at Provinoe- 
town, eadi of the radar trucks, the fixed meteoro- 
logical stations, the boat, and one of the airplinea 
were all equipped to operate radiotelephone on 8.6 me, 
thus allowing rapid and efficient exchange of infomui- 
tion essential to the operation of all units involved in 
the prograpi. 

Meterological Program 
The meteorological phase of our program con- 
sisiod of two main |mrta: (1) meteorologkal mess- 
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uMmeiits, and (S) foracoatiiig and aualyoif. 

All meteorological meaaurementi were made with 
varying veiaiona of the peychrograph, earlier models 
of which are completely described in reference 2. 
Thii metniment meaeuree wet and dry bulb tempera' 
turee as a function of height, uiing thb electrical re* 
aistanee thermometer principle. From these measnre* 
menia the M curve is constructed. 

The meteorological soundings were made in the 
Hassachuaeits Bay area with psychrogrbphs carried 
by two aircraft, by captive balloons operating from a 
b^t and from two fixed land stations. The boat 
operated in the Bay and out to about 100 miles off* 
sliore, while the aircraft operated as far as 170 milcr 
offshore. It should be mentioned that aircraft sound- 
ings of this type are rather haxardous, since they in- 
volve descending to altitudes of approximately 20 f1 
at large distances from land. 

The fixed meteorological stations were located at 
Duxbury and Race Point. The Duxbury location was 
chosen to place the sounding station near enoiigh to 
the shore to obtain a representative sample of the air 
just leaving the land. 

The Bace Point meteorological station was located 
at a position to allow soundings at the water’s edge 
on the westernmost extremity of the top of Ca}ie Cod. 
The primary purpose of thii station was to measure 
tlie characteristics of the air after it had been sub- 
jected to the influence of the ocean surface botwefii 
the mainland and the station. This location allowed 
measurements over a range of wind directions of ap; 
proximately 180°, but no relevant soundings could be 
made when the wind had an easterly oomponeni, since 
the sir would have had a land trajectory for at least 
a short period. It was neresoary to take all soundings 
very close to ilie water’s edge to prevent solar heating 
of the beach from influencing the bottom of the meas- 
ured U curve. At both Duxbury and Provincetown 
foundings were taken on a prearranged schedule 
which, when possible, involved both day and night 
operation. Soundings, surface wind velocities 
hourly observations of sky conditions, etc., were made 
at bo^ Dttxbui^ and Race Point. The water tempera- 
ture was also measured at the Provincetown station. 

A 80-ft pole .was erected at Race Point carrying 
four anemometers, four psychrogrsphs, and a wind 
direction indicator. The original acheme involved con- 
tinuoua recording of temperature, humidity, and wind 
qieed at four levels by means of the instruments on 
the pole, but unfortunately ■ large sand bar formed 
ill front of the })olc soon after it was dueled oiid 
Muisod sufficient dislurbiinco of the air in the lowest 
levels that such measurements wore not feasible. The 
imyclirograph, anemometer, and wind direction in- 
dicator at Uie top of the pole continued to be useful, 
however, and provided the continuous infonnation 
recorded by the station. 

A 00-ft boat, the Wanderer, was used for making 
measurements in Massachusetts Bay. The peychro- 
^ph used for measurements from 2- to 48-ft eleva- 
tion is attached to a cable running between a boom 
e.xte}iding outward from the side of the ship and an 
cxtfuiaiou to tlie top of the mast. A similar psychro- 
graph was used for soundings to higher levels, operat- 
ing from the winch at tho rear of tiie boat. Further 
essential meteorological infonnation was provided by 
the boat In frequent measurements of surface water 
temperatures in Massaohosetts Bay. A dimetion-find- 
iug loop was used to determine position at great dis- 
tances off sliore 

RADIO AND RADAR TRANSMISSION 
MEASDRBMENTS^ 

The pur j>ose of this paper is to describe the remits 
of a rough preliminary atialysia of the trenainiiaion 
experiment A tliorough analysis must await the com- 
pletion of the meteorological study, since the traaa* 

^ FSaii BttlMuteia, lUdiatim Utwmtocy, Mn\ 


mission depends dinx’tly upon the meteorological 
conditions over the path of tlie radiation. The em- 
phasis hero will therefore be mainly on the strictly 
radio data with only qualitative reference to the 
moteorologioal information. 

One-Way Tranamiaaion 

The values of the transmitted powers, antenna 
gains, and receiver characteristics were chosen so as 
to make Rie standard signal level, as computed for the 
lucoivers at the top of the tower, well above tho mini- 
mum detectable level and the minimum level at 
which the automatic frequency control [AFCl and 
AFC search are effective. Sufficient compression was 
used to give a range of about 60 db for useful recep- 
tion, which had been expected to bo enough for the 
variations due to atmospheric conditions. It turned 
out, however, that additional range was needed, es- 
pecially in the direction of greater signal strengths; 
to accommodate additional received power, attenua- 
tors were inserted in the lines. Thus Iho actual range 
of values observed is at least 90 db at the microwave 
frequencies and 40 db at 117 nic. 

Signal Types 

Figure 2 shows that the types of signal oliserved 
at the microwave frequencies (S and X) are not 
essentially different from those observed in previous 
tests on a shorter path. The first type is high signal 
on the average, well above the standard level, with 
roller fades which may go down to the minimum de- 
tectable level and with periods of 2 minutes to an 
hour or ao. These periods are generally shorter at 
any time on X than on S band. When this type of 
signal is present on S band it is almost invariably 
present on X band also and on both paths. It always 
occurs simultaneously on the high and low receivers 
at any frequency. 

The second type is high and steady. Its level muv 
be anywhere from 6 to about 30 db above the stand- 
ard, generally higher on X band than on S band. 
Most of the time this type of signal occuiTed simul- 
taneously on S and X, but there were some occasions 
wlien the S-band signal was of the high and steady 
type while the X-band signal became of tlic first 
type, high with roller fades. 

The third kind of signal is about standard and 
fairly steady. (This may be a limiting rase of the 
high and steady variety.) It does not necessarily 
occur on both frequencies and on both high and low 
receivers at the same time. 

The fourth type is standard on the average, with 
scintillation of more than 10 db. The preliminary 
analysis has not revealed the reasons, or any correla- 
tions, for the difference between this and the preced- 
ing type; it is certainly nothing obvious, auch as wind 
speed, for example; and it may occur on either fre- 
quency when the other ie steady. 

The fifth type is the "blackout,” below standard 
and variable, '^^is signal type is strongly scintillat- 
ing. It occurs aimultanqpusly on both frequencies, 
both paths, and on high and low receivers (except 
possibly for low X. where the difficulty mentioned 
above of determining an average value of something 
very low on the scale is important). 

Figure 8 ^ows the signal types observed at 266 
cm. Theee are distinct from those obeenred at the 
microwave frequencies not only in appearanoe but 
also in times of occurrence. In general no relation hai 
been found to exist between the typea at the two 
frequencies although on rare occasions such a relation 
is indicated ; indeed the type may remaiA oonatant on 
one and change on dther of the othem. Steady ilgiud 
is moat frequent at 266 cm} but the other types tfmwn 
alio occur fairly often. Voriatloiit of 80 to 40 db 
overall take place, and the mhitkmms be faot or 
•low. 

STA«XBTtCa 

A fairly detailed statiatiea) ituuy has been made of 
the 8 and X aignila at the top levaL Those were 


chosen because they were available for the longest 
periods, and because they gave the most rdiable re- 
sults (because of the receiver characteristies the re- 
lation of the standard to the minimum detectable 
level was most suitable). The other microwave records 
gave similar raaulta. As for the 266-cm tranamission, 
the most important reault wus that the signal level 
was above the minimum detectable very nearly 100 
per cent of tho time, although fades to this level were 
fairly frequent. If a choice had to be made of the 
most reliable frequency for transmission over the 
circuit, there would be no question in the chnioe of the 
longer wavelength. 

The statistics available on K band are very similar 
to those on X band os far as can be determined. 
Signal levels less than about 20 db above standard 
cannot be detected on the K band. 

The study was made of the average signal level on 
a weekly basis; it ahowed marked differences from 
week to week, depending upon the apeeJflc weather 
situation. For purposes of the statistics a range of 
values around the standard was included in the 
standard signal (allowance for scintillation, tides, 
etc.). This range was taken as ±6 db on S band and 
±10 db on X band, values determined by inspection 
of the entire record and thought to give comparable 
results. 

The most interesting result of this analysis wo^ 
the discovery that standard signal occurs extremely 
rarely over this path. High signal is most frequent; 
depending upon the wavelength and the season of the 
year, substandard and standard signal occur less fre- 
quently. In the summer no significant frequency de- 
pendence was observed in the statistics. Some typical 
weeks gave the figures shown in Table 1. 

As the season progressed to the fall, however, sev- 
eral related trends became apparent; (a) the increas- 
ing incidence of standard signal, especially on S 
band; (b) the increasing incidence of high, steady 
signal, especially on X band, with the level higher 
above the standard on X than on S; (c) the fre- 
quency effect on the incidence of above-standard 
signal indicated in (b) ; and (d) the decreasing oc- 
currence of substandard signal. These trends are illua- 
trated in Table 2. 

No diurnal effect was found in the signal except 
under some very special circumstances. Not only was 
no such trend apparent upon visual inspection, but 
also an analysis of the material by &-hour intervals 
confirmed appearances. 

CORBBLATIOKB 

In addition to the statiatical study, another type 
of analysia has been made to look for correlations 
between the variations of signal strength with fro- 
quem^ at a given location or with height at a given 
frequency. Figures 4 to 6 show some typical grapha 
of such correlations, each point npreienting average 
hourly values, for 1 week. Figure 4 shows the varia- 
tion of tha high B- and X-band signal atrengtha. D 
is dear that in most cases the two wavelengths change 
together. This was the predominant behavior through- 
out the summer. The notable exceptions are those 
points where X is high and 8 nearly standard; this 
is the frequency effect nmarked in the discussion 
of the high and steady tignal which became common 
in the fall. Aa will *he aaea later, this ooours with 
very low modified index invertiona, leii than 20 ft 
high. 

Figure 0 shows the relation bstween 8-hand signal 
strengths for high and low lacaireri; tha oorrelation 
ia excellent in practically every esse. A similar cor- 
relation exiita for the high and low X-band aigna}, 
except lor the case of very low aignal whsia tha ap- 
parent average value of the aignal atrangtb on tha 
low receim ia alwaya isktiTaly higt Whetbsr this 
is caused by the la^ of reeeivar aendtivity or ii a 
real t r ahs mia a to n phenomenon cannot be oonduaivaly 
dadded on tha baaia of tha ptsaent hiloffmatiott. 

Xigure 6 dmwa the rsilatioii oi aignal otrsng^ at 
1 ) 7 me and 8 band ; the dtimnee betVMii ihia ilgiiM 
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and the praoediog two ipoab for ita^. From the pro- 
limiaaiy tniljriii no ooniiitent correlation haa been 
fonad between the behavior of the low- and high- 
frequency tranamiaaion. 

The variationa on the two paths are generally in 
good agreement although changes in signal type rare- 
ly occurred exactly aimultaneouily; the changes on 
the short path are always less in magnitude than on 
the othor, as would be expected. 

As far as can be determined from the available 
data the K-band signal correlates quite well in gen- 
eral with that on 8 and X bands. Only high signal 
can be observed, of course, with the present equip- 
ment 

Bklation of Radio RistrLTs to Modifiro 
Index Oubvkb 

Detailed conclusions must await the full analysis 
of the data. At present certain qualitative conclu- 
sions can be drawn : 

1. When the surface modified index inversions are 
preeent, the microwave signal level is high on the 
average, and usually the signal has roller-type fades. 

g. When the M curve is substandard the signal is 
low and scintillating. The M curves which are stand- 
ard all the way down to the surface of the water 
appear to be very rare, even when the air is colder 
than the water. The previous results on the short 
paRi had tended to discount the importance of the 
iuw if inversions which exist over water most of the 
time, especially with cold air flowing out from the 
land. The increased sensitivity of the present setup 
to variations in the M curve, the additional path 
length, and finally the inclusion of the X-band trans- 
mission on the circuit have shown definitely that such 
low M inversions are far from negligible but will 
affect S-band communications (or one-way trans- 
miasion) and both one-way and radar transmission on 
X band. The signal occurring with these M inver- 
sions less than 80 ft high is usually the high, steady 
type. It is generally not quite so high in average level 
as that characterised by roller fades found with larger 
M inversiona. 

8. The high, iteady signal occurring with very 
low M inversiona reveals the only clear-cut cases of 
frequency diversity between S and X bands. In this 
case a variety of combinations has been found : nearly 
standard signal on S band with X-band signal from 
10 to 80 db above standard ; 8 band 10 to 16 db above 
standard with X band 30 or so db above standard; 
and finally 8 band about 80 or more db above stand- 
ard and steady while X band changes to the first sig- 
nal type: high with fades. 

4. One of the most interesting festures of the trans- 
mission is the fact that at any given location, for s 
fixed frequency, the increase in field strength is lim- 
ited; that is, no matter how much the M inversion 
increasei in height or in strength b^ond a certain 
value (which is as yet unspecified) the average value 
of the signal strength does not continue to increase 
hut rather remains the same within about 10 db. This 
"saturation^ level ie of the order of the free space 
value. (Maximum level goes up to 12 to 16 db above 
free space but only infrequently.) Consequently, the 
level reached on a given path appears to be indepen- 
dent of the receiver height (within the height range 
oovered In these measuiemenis), the height-gain effect 
which exists under standard conditions being essen- 
tially eUminated when abort trapping takes place. 
Under some oonditi<ms» especially when the signal is 
hii^ with fidj^ hot has not yet reached the satura- 
tion level, the lower of the two receivers hu been ob- 
served to reerive hiq^ signal than the higher one. 
With stronger signal the values on the two hscome 
noerlj idmiUoil, is has been stated. 

These laeolti agree witii unpublished celouletioiis 
made for aevirel vefoes of duct height and If deficit 
for 8 bead, of the first transmission node slone, 
whkh tadioate that Rw height-gain effect Aould dis- 
apffiar end the tignel approach a certain aaturation 


level. Thereafter, calculations show, the contribution 
of the first mode decreaeei, hut the obiervationi sug- 
gest that perhaps the other modes continue to oause 
the average level to reach approximately the same 
value, as duct hsight and M deficit continue to in- 
crease. 

It has been found that, with an M inversion over 
only a portion of the path and a standard curve on at 
least a small part of it, the signal type may be high 
with roller fades and the average level high, so th^it 
the record is indistinguishable from that which oc- 
curs with more uniform (K>nditions 
Aadtr Transmissioii 

From Race Point, targets were available over water 
at ranges of 20 to several hundred miles along tlie 
coast of Massachusetts and Maine, plus some addi- 
tional targets inland and whatever shipping was in 
the vicinity. Of the coastal targets four were chosen 
for regular observation. These were fairly isolated 
fixed targets, the echoes from which appeared to be 
relatively steady in several days* observations, at 
ranges of 22, 41, 36 and 73 statute miles. Absolute 
power measurements of the returns of each of these 
targets (whenever visible) were made hourly by com- 
parison with a signal generator. Each measurement 
represents the maximum value of the signal during 
a period of 1 to 3 minutes. This differs rather essen- 
tially from the hourly averages of the one-way data. 

In addition to signal stren^ measurements, hour- 
ly observations were also made of the maximum ranges 
obtained on surface targets, and plan poaiHon indi- 
cator [FPI] photograplis were made which reveal 
at a glance many interesting features of tlie radar 
coverage which are hard to describe briefly in words. 
The maximum sweep lengih available on the PPI 
was 140 miles for the S-bsnd set and 116 miles at X 
band. Additional range was available on the delayed 
A-scope sweeps, so tliai the maximum was 180 miles 
for most of Uie period of observations. This was ex- 
tended to 280 miles for the last week of the test. 

In addition a portable K-band radar set was set up 
near Race Point Light only 17 ft above mean sea 
level and regular observations of range were made and 
shipping tracked. 

Takoet Signal STRiNOTHa 

The strength of the echoes from the four targets, 
including the nearest one which is ordinarily visible 
both optically and by radar, varied from below mini- 
mum detectable to at least 60 db above for the two 
nearer targets and about 85 db above for the two 
more distant targets, at both frequencies. In general 
the values of the signal strength were higher for the 
nearer targets, but there were some interesting cases 
when the more distant targets were visible while the 
nearer ones were either not seen or wen very weak 
This may occur at times when the M curve varies 
markedly with direction, as happens occasionally when 
the air trajectory is 8 or SW or at times of skip dis- 
tance. 

Maximum Ranges 

Large variations in the maximum ranges have also 
been observed st both frequencies, with the upper 
limit apparently being set only by the length of the 
sweep : 280 miles on 8 band and 200 miles on X band. 
(Note that these radar sets were far from the high- 
power dais.) Lack of fixed targets at ranges between 
10 and 26 miles made it impossible to follow in detail 
the way in which substandard conditions reduced de- 
tection range, but there was no question as to the 
general trend toward reduction of range. The maxi- 
mum range of the high sited JT-fomd roomvar [HBK] 
from iti location at the Race Point Light was 46 miles 
on a land target and about 80 milee on shipping. 

It should he borne in mind that our project dealt 
with propagation near and roughly pa^el to the 
ooaat line. Thua dieae resulta are not neceiiarily ap- 
plicable to operatiooi perpendicttlar to the coast with 
off-shore where ^ lurfaee M inverrions be- 


come "washed out," 
Statistics 


The radar observations include about 1,200 hours 
of operation. Of these, overall, the X-band ranges were 
better than "normal” 69 per cent of the time (normal 
= 29 miles*) ana the S-band ranges 48 per cent of 
the time. At both frequencies ranges were bdow nor- 
mal 20 per cent of the time. The variatione from week 
to week were great, the maximum values being 96 per 
cent above normal on X and 76 per cent above nor^ 
on 8, with about 46 per cent below normal as the 
lowest value at both frequendei. 

COBIIELATIONS WITH OnB-WAT RbSULTB 

A visual comparison of the radar and one-way data 
suggests fairly good agreement in general between 
the two. To get a more quantitative evaluation of this 
agreement, however, correlation diagrams have been 
drawn. 

Figure 7 shows such a diagram relating the signal 
strength of the target at Eastern Point as observed 
on the X-band system with the signal strength of the 
high X-band receiver on the one-way path. As in the 
previous diagrams, a week has been chosen as the time 
interval and hourly values are plotted. In this we 
neglect the difference between the single observation 
of the radar and the average of an hour’s continuoui 
record in the other case. Note alao that all radar 
measurements which give values egwd to or below 
the minimum detectable level are plotted at the min- 
imum detectable level; thus if a more sensitive re- 
ceiver had been used, many of these points would have 
fallen lower in the diagram. The diagram reveals the 
nature of the relation: the one-way eignal strength 
must rise considerably above the standard value before 
the target becomes visible. Thereafter, email changea 
in the one-way signal correspond to much larger 
changes in the radar echo. As a matter of intereet, 
which may or may not be eignifiicant, the values at 
times fall close to the square law, aa they should if the 
target-reflecting properties remain constant as the 
tmoapberic conditions change. 

Figure 6 shows the relation between maximum radar 
ranges on surface targets and the one-way transmis- 
sion results. In this case the effects of both substandard 
and better than standard conditions are noticeable. 
When the one-wey signal strength is below standard, 
the radar ranges are mainly lese than normal; excep- 
tions occur in cases of strong directional effects and 
B-shaped M curves. As the one-way signal strength 
rises above the standard level no appreciable increase 
m radar range occurs at first. Only when the one-way 
eignal strength has become fairly high do the radar 
ranges begin to increase. Then the entire gamut of 
long radar ranges, from about 40 to 880 miles, takes 
place while the one-way signal strength changes only 
slightly. This is another manifestation of the satura- 
tion of the signal at a high value. 

Bummaet 


Two major conclusions may be drawn from this 
preliminary survey: 

1. Standard signal is the exception rather ihen the 
rule for microwave radiation on this over-water path 
during the summer and fall. With the hi^ Jf inver- 
siona, which occur with warm, dry air over water, 
eignal strengthe 30 to 46 db above the standard occur 
about equally often on both, the upper limit being 
approximately the free sptce value, and radar ranges 
on surface targets are extended to five to tan timea 
their normal valuei. On the other hand, with the low 
M inversions (lees than 20 ft, say) which occur with 
air colder than the water, X band is affected more than 
8. Both may experience increases in signal level of 10 
to 80 db above the standard, but the X-band aignal 


•Unfortunately, in the radar ease it b bapoidfale to eMah- 
Usb a pieebe definition of a ’‘staadaid” laago to 

lln ono-wty ti an o m faS i o n unbm dotetted i 


formation b availabb on the radar tMist In thb 
havo atlsmpisd to dstonniiMi tbs dsteetion nusis on 
bttb aviibUe is soaot llao tsifets, st ihiias whaa 
ourve b standard or vary nsoily so. 
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is high more often thin the S and at any given time 
usually reaches a higher level. Radar ranges on aur- 
face targets are extended by as much as SO to S5 per 
cent above normal, and again X band experiences 
more effect. These increases in signal strength can 
be of great importance for communications, beacons, 
or any other application involving one-way transmis- 
sion of microwaves, such as countermeasure. It should 
also be remembered whenever secrecy is required. 

8. Substandard conditions may be present for sev- 
eral days at a time if the air is warm and moist. The 
reduction in signal strengths and radar ranges on 
surface targets which accompanies substandard con- 
ditions does not seem to be markedly frequency sensi- 
tive, It should be stressed that variations in one-way 
signal strength of at least 90 db have been observed. 
The radar ranges have also varied from roughly 10 or 
15 miles up to at least 980 miles. These chan^ are 
not rare occurrences; deviations from the standard 
account for the major percentage of the time, especial- 
ly during warm weather, and at the higher frequencies 
even during the fall 

TRANSMISSION CHARACTERISTICS 
OF AN OVER.WATER PATH* 

Results were previously reported of some prelim- 
inary analyses of one-way radio transmission on a 41- 
mile over-water path from Provincetown to Oloucester, 
with terminals well below the horison. S- and X-band 
radiations were transmitted over the double paths in- 
dicated in Figure 9 to both “high” and “low” receivers, 
and 117-mc radiation over only the high path. Numer- 
ous meteorologioal surface measurements and low-level 
soundings were made, and essentially through compar- 
isons with these measurements tlie following correla- 
tions for microwave transmission and surface M curves 
were obtained. 

With positive M deficits, or M inversions, two cases 
were found. 

1. Low ducts, less than 50 ft thick, resulted in a very 
steady signal at levels well above standard. The in- 
crease in signal level took place although the terminals 
were as much as 100 ft a^ve the top of the M inver- 
sion. Such low ducts caused greater increases in the 
signal level on X band than on S band. 

2. High ducts, 100 ft thick or more, resulted in very 
high signal levels on the average, but with deep fad- 
ing. The signal level did not continue to increase will 
increasing duct height but instead “saturated” near 
tlie free space level'. No frequency diversity between 
S and X bands was found in this case. 

With negative U deficits, or substandard M curves, 
the signal was always below standard. 

Tn November 1944 no correlations with M carves 
had been obtained for the 117-mc signal, and a clear 
lack of correlation with the microwaves had been 
noted. 

A detailed analysis lias since been undertaken 
which is as yet far from complete. This paper describes 
the method in use and presents some additional results. 

In studying the fundamental phenomena of propa- 
gation the method employed was to tie the complete 
representative M curve to the observed transmission 
results by means of the wave ilieory. A threefold at- 
tack was used : 

1. The meteorologists studied each situation in de- 
tail to determine a representative M curve and its 
changes with position and time. 

2. Theoretical field strengths were found by put- 
ting Uie representative M curve, or a close approxi- 
mation to it, back into the wave equation. These theo- 
reticai values ware then compared with the observa- 
tions. 

3. Empirical correlations were then made between 
the 1/ curves and the transmission results. This was 
dona because the theory is applicable only to the aim- 
pleat If curves and to uniform oonditioni. 

^ F. J. RnbMstila and W. T. Fishfaaek, RadkMoii lab 
«cat«y, MXT. 


This approach was employed in an effort to find 
parameters in terms of which predictions of range o 
field strength can made for operational use. It is 
not considered a suitable method in itself for use in 
the field. 

The meteorological pert of the program has not in 
general received sufficient attention. Spot measure- 
ments at a given time and place do not necessarily 
give an adequate description of prevailing conditions. 
A thorough meteorological analysis of tlie entire period 
of transmission is therefore under way. For each case 
the synoptic situation is studied to find the trajectory 
of the air over the path at the time in question. Radio- 
sondes, surface measurements, winds aloft, measured 
water temperatures, and all available low-level sound- 
ings are studied and the characteristics of the air over 
the water determined. Then representative low-level 
soundings are constructed. Such so-called synthetic 
soundings for the path midpoint are being drawn for 
6-hour intervals for each day of operation. In addition, 
estimates are made of the departures from uniformity 
over the path and of the times of oct urrence of marked 
changes. 

All the radio analysis has licon based upon these 
synthetic soundings and the accompanying discussion. 
The meteorological analysis is at first made completely 
independent of the radio data, with minor revisions 
when necessary after consideration of the transmis- 
sion data. It is believed that full use of transmission 
data can be made only through such close cooperation 
of the persons engaged in both the meteorological and 
the radio work, not only in the measuremeuts but also 
in the analysis. 

Perhaps the most striking information which has 
BO far resulted from the detailed analysis is the em- 
pirical correlation of tlio n7-mc performance with 
M curves. Tnoreases in signal level above the standard 
are found to result from either large surface ducts 
(200 ft or more thick) or elevated siiperstandard 
layers which do not necessarily show overhanging iff 
curves. Such layers occur frequently over Massachu- 
setts Bay, mainly as a result of nocturnal cooling over 
land. Those which affect the 117-mc transmission 
occur below about 1,500 ft. Their strength is usually 
doubtful in view of the lack of accurate information 
on conditions over land in radiation inversions. 

Figure 10 shows the correlation diagrams obtained 
when, first, all points are included, and second, all 
cases of elevated superstaiidard iff layers are omitted, 
(Standard values are —120 db for 117 me and —80 
db for S band.) The first diagram obviously shows no 
correlation and is the sort of diagram obtained last 
fall. The second, however, is just what should be ex- 
pected for tlie correlation with surface phenomena. 
The S-band signal rises to tlie free space value as the 
duct height goes up to about 100 ft and then “satu- 
rates” for higher ducts. The 117-mc signal, however, 
is affected only by ducts considerably more than 100 
ft high. Similarly, only a thin substandard layer is 
required to affect the S-band signal, but not until the 
layer is rather thick is Uie low frequency affected by it. 

In the period so far studied (960 hours total) the 
signal level was above standard 49 per cent of the 
time, standard 38 per cent of the time, and substand- 
ard 13 per cent of the time, Of the superstandard 
period 46 per cent has been correlated with elevated 
superstandard iff layers, 36 per cent with thick sur- 
face ducts, and 4 per cent with situations in iriiich 
elevated layers and thick surface ducts coexisted. Only 
14 per cent of the time remains in doubt, and thia in- 
cludes many periods of exceedingly complex meteoro- 
logical situations for which the analysis was incon- 
clusive. Tn addition to correlation of field strengths 
witli M curves oomparisona have been made between 
measured and theoretical values of field strengths. The 
theoretical values were calculated on the aesumption of 
bilinear modified index curves, that is, curves made 
up of two ittaigfat-line segments. The 3f curve ia taken 
to be standard above the joint, and two parameten are 
used : the height of the joint, or duct thiokneal, g, and 


the ratio a of the slope, The straight lines are drawn 
not in terms of M deficits but to give the best possible 
fit to the actual iff curve. For the range of values of 
these parameters for which the contribution of the first 
mode only is of importance the curves of field strength 
shown in the following two figures are representative. 

Figure 11 bIiows the effect of changing duct height, 
0 to 600 ft, on the 117-mc field strength for variouf 
valncH of the slope of the lower segment. The field 
strength is measured relative to free space value and 
— ,33 db is standard. (« = — 3 corresponds to a value 
of (IM/dh about — 100/100 ft;a = — 2i8 — 30 per 100 
ft, etc.) Note that for the bilinear model, unless the 
shqie of the bottom portion be extreme, the duct height 
must be of order 200 ft or higher before there is any 
appreciable effect at this frequency. 

Figure 12 is a similar theoretical diagram for the 
high R-band patli. The scale in this case is 0 to 100 ft. 
At X hand the corresponding changes occur over a 
height range of only about 30 ft. For the low paths 
at any given frequency the curves are similar, but the 
increases in field strength occur more rapidly, so that 
the free space value is reached at essentially the same 
duct height for both high and low paths. 

In a few special cases fur S and X bands contribu- 
tions of a number of modes (as many as 18 in one case) 
have been added in phase. In no case did the calculated 
field strength reach a value more than 15 db above the 
free space value, and in most cases it was between 
—6 and -f 10 db. 

The calculations check well with observations in a 
qualitative way in spite of the fact that the bilinear 
curve is not in general a good approximation to the 
true Af curve and that the assumption of a uniform M 
curve along the entire transmission path is an ex- 
treme idealisation. They show the order of magnitude 
of duct heights at which appreciable increases in field 
strength first occur at a given frequency. They demon- 
strate also the important fact that the field strengtli 
is increased even at considerable heights above the 
duct. This is so bec'ause with a leaky mode the height- 
gain function dues not decrease with height above the 
duct but instead becomes practically constant over an 
appreciable range. This is illustrated in Figure 13, 
where the normalized height-gain function for a leaky 
ease is compared with the standard. The decrease in 
absolute value of tlie height gain is compensated by 
the reduction in the attenuation. It is thus clearly 
not neoessary to put a transmitter inside the low duct 
in order to take advantage of it; nor does the first 
mode need to be actually trapped as indicated by ray 
tracing, but merely less attenuated than the standard 

As to character of the signal, the theory suggests 
that steady signal is obtained with low ducts because 
only a single mode is important. With large ducts fad- 
ing may be oansed by interference among many modes 
which change rapidly in amplitude and phase with 
small changes in refraction. Even with very large 
ducts, for terminals well above the duct, steady signal 
might again be expected because the field strength 
there would probably again result from a single leaky 
mode, in this case not the first mode. 

Finally, the calcnlations agree with dbserratioiis in 
lAiowiiig that even when many modes are strongly 
trtppedy the field strength at a fixed point does not 
reach the high value one might expect on the basis of 
ail attciinatioii proportional to 1/R but rather remaina 
near the ordinary free space value. This results from 
the fact that ooinddent with the reduction in attenua- 
tion which occurs with trapping, there is also tn ap- 
preciable reduction in the height-gain function within 
the duct, IS shown in Figure 14. The balance of the 
two countereffeots prevents extreme increases in field 
strengths at all ranges of practical interest for micro- 
waves. 

To sum up, the 117-ino transmission is uotioeably 
affected both by thick surface ducts or substandard 
layers and fay elevated superstandard layers up to 1,600 
ft altitude, idkioh need not necessarily overfasng. Tlie 
wave theory for elevated layere ia not yet sulBeienHy 
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advaaoed to permit drawing definite coiicluaionti. A« 
for anrfaoe phenomena, an excellent qualitative agree, 
ment haa obtained between theoretical and ob- 
aerved reaulta. There haa been no indication of a need 
to reviae the formula need for computing the modified 
index of refraction. 

Following preaentatiou of tliia paper the following 
data were preaented on a aimilar experiment* made on 
an over-water path between San Pedro and San Diego, 
California. Tranamitting and receiving antennaa were 
at lOO-ft elevation, with coutinuoua wave tranamisaion 
conducted from the San Pedro end of the link aimul- 
taneoualy on 02, 100, and 660 me. The typical non- 
ataudard condition in thia area ia produ(*ed by dry air 
aloft fubaiding over moiat air near tlie aea aurface. 
Thia givea rise to a aharp diacontinuity in the index 
of refraction diatribution with altitude at some elevg. 
tion above the earth. 

In analyzing the data from thia experiment, the 
index of refraction modified for 4a/3, instead of the 
modified index M, was uaeil. The new modified refrac- 
tive index, B, thus obtained ia ahown m Figure 16. 
The pertinent factors for reflection conaideratione are 
aa follows : /i, the hoi^t of the layer above the eartli ; 
dif, the total change in index through the layer; and 
D, the thickneaa of the layer. For moderately high 
layers, D is much leas than h. 

Maximum field strength measured during tho hour 
in which a meteorological sounding was taken is 
plotted against height of the layer above the o(*oan. 
The data are segregated into groups for different 
ranges of change in index of refraction through the 
layer. Figure 16 shows the data for changes in Ail 
between 30 and 40 by means of crosses ' for of 40 
to 60 with dots; and for aB of 60 to 60 with circles. 

If reflections are assumed to take place midway 
between the transmitters and ..ceivers, the field 
strength may vary roughly as shown in Figure 16. 
The height-gain fouction holds the lower frequency 
fields down when the layer is low, whereas the added 
advantage in the reflection coefficient produces rela- 
tively stronger fields for the lower frequencies when 
the layer is high. A complete report will be made soon 
on the experimental data and its relationship with 
this consideration. 

It was further pointed out. that maximum observed 
field strength need not always (’oincide with complete 
trapping. The experimental evidence that for a given 
frequency the signal strength over a low fixed path 
first increases as the height of the base of the M in- 
version increases and then decreases docs not neces- 
sarily contradict thi wave guide theory. When tlie base 
is low, transmission is by means of well-excited modes 
with low attenuation. As the base height increases, the 
attenuation of some of the modes decreases and the 
'field strength therefore increases. Further increase 
in base height results in well-locked modes which are 
more and more difficult to excite. It is then that the 
most effective mode is one which leaks sufficiently to 
be excited by a transmitter outside the duct and yet 
does not leak sufficiently to be strongly attenuated 
before reaching the receiver. As the height continues 
to increaae, modes which can be excited are all strongly 
attenuated, and the ones which are only slightly at- 
tenuated cannot be excited. Thus signal strength ul- 
timately decreases with increasing height. 


NEAR SAN DIEGO 

ONE-WAY TRANSaOSSION EXPERI- 
MENTS OVER THE SEA BETWEEN 
LOS ANGELES AND SAN DIEGO- 

O ms-WAT tnawevissiOK teets have been made by 
two methode: over a fixed path and by means of 
an airplane to aample vertical dietribution of field 
eteength. T he fixed path is a nouoptical over-water 

L. b. TMise, U. S. Navy Radio and Sound labo- 
latsKy, ffan Dieto, OsStemia, 


path, 80 nautical miles in length irom San Diego to 
San Pedro near Loa Angeles Harbor. No intervening 
landscape is present at either end of the path. The e-w 
transmitters are located at the San Pedro end of the 
j«th at 100-ft elevation ami operate on frequencies 
of 62, 100, 647, and 3,200 me. The latter frequency 
has just recently been added, and insufficient data 
have been obtained to include in this report. The trans- 
mitters are quite conventional, the 62 me being crystal 
eontrollwl and the other two being self-excited units 
in which adequate frequency stability has been ob- 
tained by UB<* of high>(> circuits. Monitors, which are 
read periodically, are provided on each transmitter. 
The receiver location, at lOO-ft elevation, is located 
on Point Ijoma, San Diego, near the laboratory. The 
receivers arc of stuudard construction incor]X)rating 
a balanced d-c amplifier and Estcrline-Angus recorder 
in tlie output circuit. Filament and plate voltages arc 
regulated. Detuning effects due to temperature changes 
arc minimized by temperatuie regulation in the re- 
ceiver house. Receivers are (calibrated at least once 
eacli W(»ck. 

Four Tea‘i\erg ha\* l>con iiistallcil in a PBY-5A 
plane winch is used to sample xcrtical MH'tiuiiM of field 
strength distribution at various distances up te 130 
miles from the transmitters at 100-ft elevation. The 
frequencies used are 63, 170, 524, and 3,260 me. 
(\*rtein precautions were found necessary to insure 
correct orientation of tvansinittiiig antennas on the 
ground and receiving antennaa on the plane. Receiving 
antennas on the plane are fixed in position, and meas- 
urements arc taken only with the plane flying toward 
the transmitters. The planers orientation is controlled, 
and the distance from transmitters determined, by 
utilizing the plane's Tyjie ASE (Admiralty Signal Es- 
tablishment) radar to home on a beacon located near 
tlie transmitters. All four transmitters and transmit- 
ting antennas are installed on a single rotating mount. 
A direction finder system also installed on the rotat- 
ing assembly and opi'rating on the plane’s radar fre- 
quency is used to chock the plane’s bearing during 
flight and keep the transmitting antennas pointed at 
the plane. Bearing checks have been consistently ob- 
tained at ranges up to 130 miles. The d-f bearings 
agree quite well with those obtained by use of a type 
FO fire control radar. 

One-Way Fixed link Data 

Ray Theoky — OEoiiETiug Opth’s 

On the basis of ray theory, wlien it is assumed im- 
plicitly that the energy follows the rays, the modified 
index criterion for trapping should be expected to 
agree with experience. Kay tracing theory states that 
when ilie modified index at some elevation above a 
transmitter attains a value equal to or less than its 
value at the transmitter height trapping can occur. 

As a preliminary check on this criterion the maxi- 
mum field strength observed during the hour in which 
the meteorological sounding was taken is plotted 
against AM in Figure 1. When the minimum value 
of M in the refracting stratum is leas than its value 
at the transmitter elevation, AM Is negative, and the 
trapping condition is fulfilled. The 52-, 100-, and 547- 
mc links all show strong fields for large positive AM, 
These data are not compatible with the assumption 
that the energy follows the rays. The diffracted field is 
below detection for all tlie frequencies used on the 80- 
mile over-water link. This has been confirmed experi- 
mentally. On Novemlwr 6, 1944 a front passed accom- 
panied by heavy rain which dissipated all low-level 
inversions, and a standard condition resulted. During 
this period all the signals decreased below detection. 

Figure 2 shows the above field strength data plotted 
against the height of the base of the temperature in- 
version. (Hie curves appearing in this figure will be 
explained later.) Although both the thickneM of the 
inversion layer ana the strength of the inversion vary 
eonsiderably, the correlation of signal strength with 
the height of th« hiMc of the inversion is quite remark- 
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able. The &47-mc signal decreases Iwlow deteetkm as 
the layer heists increase above 3,000 ft ; whereas the 
100- and 62-mc signals are still relatively strong when 
the inversion base is above this altitude. These lower 
frequencies do show a decreasing trend as the layer 
continues to rise, going coiii})letely out, as stated above, 
when the low-level inversion is washed out. 

Figure 3 shows a condensed log of the field strength 
data taken on the one-way link. Maximum and mini- 
mum field strengths during successive 2-bour intervals 
are plotted, thus showing the general level and fading 
range for each frequency during a 6-week period. The 
corresponding elevation of the base of the tempera- 
ture inversion is shown by the discrete points in the 
upper part of Figure 3. It is at once apparent that the 
signal loM'l is liiglicr for all frequencies when the layer 
is low ami also that tFc fading range is smaller under 
these conditions. For a given elevation of the layer the 
fading range is greater for the higher frequencies. 

Figure 4 shows tlie character of the signal received 
on the one-way link when the inverainn was low and 
trapping was definitely indicated by the modified in- 
dex curve. Figure 6 shows the signals under the con- 
dition of a high inversion. The time scale is sliuwu 
along the horizontal at the top of 647-mc tape and at 
tlie bottom of the 52-mc record. For the (‘onditiou of 
a low layer and strong trapping the level of all the 
signals is high and the lower frequencies are quite 
steady. As the elevation of tlie layer increases the 647- 
mo signal decreases below detection, the lower fre- 
quencies Iwjcome less steady and the maximum level 
decreases. Figure 6 in contrast with Figure 4 clearlv 
demonstrates this situation. 

Wave Guide Thkouy 

Acixirding to the simple wave guide theory, using 
the modified index, trapping can occur only when 
AM^O; and then only when tlie wavelength is suffi- 
ciently small compared with the height of tho reflect- 
ing hiyi’r aliore the carlh. The degree of trapping 
(Icqicmis iqion the nunilier of nicHles, or eigenvalues, 
allowed under the given boundary conditiona. 

The San I’odro to San Diego continuous transmis- 
sion link yields data wliicli can be compared with the 
simple wave guide theory. The 62-mc data are of par- 
ticular interest, since for this frequency no meteoro- 
logical data have been taken which would indicate any 
modes allowed. Yet the field strength has varied over 
a range of some 30 db, the strongest fields occurring 
at times of high fields on tlic 647- and 100-mo links. 

Figure 6 shows the variation of the maximum field 
strength of the 647- and lOO-mc frequencies verani 
the number of modes allowed as calculated from the 
meteorological data. There is no apparent correlation 
at either frequency. 

Reflection Thbovy 

It ims been shown theoretically^ that reflection from 
a nonhomogeneoui stratum may occur, even when both 
the index of refraction and its gradient are continu- 
ous functions through the layer. The controlling fac- 
tor, for a given incident angle, is the ratio of the 
stratum thickness to wavelength, D/k, At normal 
incidence the reflection coefficient is small, even for 
Djk'^O; however, such reflections have been ob- 
served experimentally.* At oblique incidence, for thr 
cases where the index of refraction varies mouotoni- 
cally through the layer, the reflection ratio increases 
as t>/k'->0. For the modified index type the reflection 
ratio increases as D/k decreases, passing ihrougli a 
maximum after which it again decreases.* 

Figure 7 shows the reflection ratio aa a function of 
D/k for various angles of incidence, where here the 
index of refraction is a mouotonically decreasing func- 
tion of height through the layer. The total change in 
n through the layer is taken to be 60 X 10^ which U 
the order of magnitude of the changes noted in this 
area during the sununer season. For a given stntiun 
thickness and height above the earth auoh that the 
radiation will be incident upon the layer at aw gioA 
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dighilj Im than th« critial ang^ Hie lower lre> 
qiwneiea will be refleeted more stronidy tbe 
layer. In addition, any deviation of the layer from 
the horiaontal plane will affect the higher frequency 
radialiod more than the lower frequencies. This is 
inanifested by the greater fading range of the 647* 
me signal as shown in Figure 8. 

Consider the case where the layer is 880 ft thidc. 
Since the angle at which the radiation will be inci- 
dent upon the layer will depend upon its elevation, 
it is possible to compare tbe experimental data with 
theoretically calculated reflection ratios. In Figure 2, 
the curves indicate the theoretically predicted varia- 
tion of field atrength aa the layer rises. The shiolute 
decibel scale does not apply to the theoretical curvea; 
only the slope is significant The actual layer thick- 
neis and the effective change of the index of refraction 
through the layer varied around the values used, and 
•0 an exact correspondence between theory and experi- 
ment bhould not be expected. However, the agreement 
if fair. In addition, at any given time the reflecting 
stratum ii a warped surface which changee ahapa with 
time. This condition complicates any theoretic^ treat 
ment of the problem. 

The analysis thus far indicates that the variation in 
actual index of refraction throngh the layer has to 
be used to explain the magnitude of tlie fields obaerved 
tm the one-way link. When the layer is thin the longer 
wave radiation mighibe expected to leak more readily 
through the stratum and ^na show leas trapping at 
the greater distaneea. Actually, the vertical lectiona 
of field strength taken in the plane (Figures 8 and 9) 
show rather large fields above the layer at the longer 
ranges. This might be interpreted in favor of the 
modified index over the measured index of refraction. 
However, on the other hand it could be diffraction due 
to the low elevation of the layer, or a storage field when 
the actual index of refraction is used. A study of the 
attenuation along the path should clear up thia last 
point. 

Vertical Field Strength Sections 

Two typical seta of field strength data are shown 
in Figure 8 and in Figure 9. Figure 6 illustrates a 
case for which there was definite trapping predicted 
by the modified index criterion. It will be noted that 
tha 68-mc radiation shows little variation in field 
atrength with altitude. In most cases, it shows even 
leas variation with time at a given altitude. The higher 
frequencies sliow more variation of signal with alti- 
tude, and the field strength distribution varies more 
with time. This variation with time is in complete 
agreement with tbe data taken on the San Pedro to 
San Diego one-way link. The minimum field above the 
minimum point of the if curve, as predicted by ray 
theory, » certainly miaaing at the lower frequencies 
and rather uncertain at the higher frequencies. 

Figure 9 in the following paper shows field strength 
seetkos for a day when the reflecting layer was at an 
devation of around 3,000 ft. Here the solid line rep- 
resents the first run and the dotted line the repeat sec- 
tion. The time interval between sections was from an 
hour to an hour and a half. The sections at about 75 
milea from the laboratory show results compatible with 
the one-way link data. At low elevations the lower 
frequencies show stronger fields than the higher fre- 
quencies. Thii again ia in agreement with reflection 
theory. 

ScracicABx 

The modified index of refraction, in conjunction 
with ray theory, is a poor criterion for trapping. 
Strong Mds are observed well bebw the horison when 
the observed modified index would indicate that no 
trapping would bo taking place. The vertical diatrfliu- 
tiott of Add strength lor the lower f requendoe appears 
to have littie in common with the Adds pndietk by 
rqy tracing methods where tbe energy is assomod to 
follow the rays. 

Them is no apparent oorrelation betwasa iU eiip^ 
montd data and tbe simple ware guide analyde. 


Treating tbe elevated refracting stratum as a plane 
reflecting layer seema to agree in general with experi- 
ence, for the following reasons. (1) The observed fre- 
quen (7 sensitivity of the reflecting layer is predicted. 
(2) The observed fading characteristics of the differ- 
ent frequencies is again in the right direction, the 
higher the frequency the greater the fading. (8) 
Strong Adds well below the horison under conations 
of high layers cannot be explained on the basia of 
refraction alone. 

THE CORBELATION OF CALCULATED 
AMD BCEASURED FIELD STRENGTHS^ 

Since tlie time of issue of reference 3, the impor- 
tance of further experimental check against the cd- 
culated patterns has been fully realised. 

The field strength cross sections recently obtained 
by airplane-borne receivers have made possible such 
a check. 

For anything more than a rough qualitative oorre- 
lation it was soon apparent that quantitative field 
strength analyses were needed for the actud obaerved 
meteorological conditions. 

Because of the clearly apparent influenoe of high 
level inversion layers on the observed radiation fields, 
this type of condition wss selected. Consider, for ex- 
ample, the M curve at 50-mile range obtained on 
September 29 reduced to three linear segments ss 
shown in Figure 9.* It is clear that tbe M curvet at 
10 and 100 miles are not serioudy different. 

We thus have a condition in which M — 31* de- 
creases by 50 units in a 200-ft interval of altitude 
attaining the minimum value of -f50 at 3,000-ft 
elevation. 

Figure 10 shows the ray diagram conatructed for 
the analysis. The diagonal lines below 4,000 ft rep- 
resent the positions at which field atrengtha were 
measured and calculated. 

The actual sise of the ray diagram! ii 27x40 in. 
Raya in the region of standard refraction have a 58-in. 
radius. Through the transition layer the radius is 4 
in. The above radii are determined by the vertical and 
horiaontal scaling factors and are approximately one 
ten millionth of the curvature as given by dM/dk. 
Note that the downward curvature of tbe earth and 
upward curvature of rays m tbe standard propaga- 
tion regions are made equal, thus reducing the slopes 
of the rays and resulting errors inherent with de- 
formed scale graphical methoda. 

Since the tangent ray (shown with short dashes) 
intercepts only a small part of the fourth and none 
of the fifth section of measurements, the analysis 
methods employed in radar coverage diagrams had 
to be extended. Specifically, the coverage diagram 
analysis at NBSL has applied to fields between 86 and 
100 db below that at a distance of one meter from the 
tranamitter. This largely excludes oonsideration of 
any but interference and trapping sones. 

The measurements with which correlation was de- 
sired extended to about 80-db weaker fields so that 
partial reflection and diffraction fields were Involved. 

Prooeeding with the ray tracing aiudyait, the in- 
teifennce field was ealoulaied at points of intersao- 
tion of the direct and sea-reflected rays. Path differ- 
ences were determinsd using a map measure and a 
planimeter as explained in reference 4. Ray denaitiea 
were meaanred lor the direct and reflected compo- 
nents, and fha aasociated fields were added with re- 
spect to the phase. TbM diffraction field hakvw tha 
tangent ray waa calculated by NorWa method. 

Reflected raya froiii«ilw layer were introdaoed ae 
originitiiig at the center of the layer. The lefleetiou 
ooeOkiiata lor the anglm of intideiioi were oaioaUM 
ea deaeribad in rtferenoa 5 for the eaae of i mono- 
tonic traniition larer in wkich the refiMetire mdax 
dtemmh j fiO X 19^, Intha tamaof flald iniiiMlty 

P. R. Abbott, V. fL Navy Nadfo sad Seead Xhbo- 
aieiy^ flan Dtsfo^ CUffasaib. 
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the reflection ooeffident vidues ranged from 0.2 to 

0.1 at 68 me and from 0.01 to 0.008 at 624 me. 

In Figure 9 the calculated normal interference 
and diffraction fields an shown dotted beiido the 
measured vslnes except at 8,260 me on which the 
80- and 45^mile sections have been diaplaoed lor 
darity. At 68 me there ie an apparent dieplacement 
of about 8 db which is probably associated with the re- 
duction in measurementa to the decibels below the field 
at a distance of 1 m from the transmitter. Note that 
at 60 miles the interference pattern of the diffraction 
and partial reflection fields as calculated appears irith 
a phfue displacement of abont 180 degrees from the 
obMrved field. The phase relationship depends, of 
course, on an assumed value of 90 degree change of 
phase on reflection. 

At 170 me there is a displacement of abont 10 db 
due to difficulty of reduction in measurements. In- 
troducing a 10-db correction, all values at 170 me 
agree closely, including the field at 180 milea, due 
aolely to partial reflection. No attempt was made to 
calculate the detailed variation with altitude. 

The agreement between calculated and observed 
fields at 524 me is excellent above, but poor below, the 
tangent ray. At 180 milea 20- to 80-db differenoe ap- 
pears. Note that the measured field is abont 20 db 
greater than the 170-mc field at that range. This 
contredicti the trmid of tbe calculated reflection coef- 
fidenta whidi should decrease exponentially with rela- 
tive thicknesB of the layer mearared in wavelengths. 
The obaerved 624-mc fields at 180 miles on some other 
days of pronounced high-level invereions were well 
below the 170-mo flelda and thus in qualitative agree- 
ment with theory. At 3,250 me there ia again good 
agreement above the tangent ray, but again, in the 
region below, the observed fields were high though the 
calculated values became very small. 

Thuf a preliminary check of analysii versua maaa- 
urements indictiea : 

1. Diacrepancy of abadute values except where the 
field at the maximum of a lobe was measured. 

2. Excellent agreement as to variation with range 
and altitude above the geometric tangent aa well aa 
in the diffraction-partial reflection lone, except that 
at 524 me and 825 me strong flelda were observed 
below 4,000 ft to 130 miles in contradiction with 
theory. 


ARIZONA. 

AIMOSPHERIC REFRACTION UNDER 
CONDITIONS OF A RADUTION 
INVERSION^ 

A w nrvMmanow of propagation of high-frequency 
I. radio waves under oonditiona of a nocturnal tem- 
peratnn inveraion waa made in Ariaona ovar a tet 
period in December 1944, Climatic oonditiona in this 
region permitted teating the dependency of refreotive 
index in the lower trqpoiphen on the temperature 
lapaa rate^ linoa the water vapor content waa axpeded 
to remain relatively constaiii 
During the day in this area tha toil heaii rapidly, 
produeing vertied inatability and convection mixii^ 
near the ground and hence a temperature tepee rate 
in the lower atmoephere approaohiiig the dyy edte- 
batic rate. Alter lunaet Hw toil tenpmatni drepi 
rapidly, cooling the layer of air adjaoant to the ini^ 
face and pidduoing a kfw^^ tadiatioa hiViiilMi 
during the night. 

It wee thought that the ptufresiien of thte tetr* 
tevel inversion would it timee cauae tfao lipia iifie ef 
refractive index to vary between aUghtly podtAn and 
aero, which would he the oaae of gnatsat i nt ne a t R 
during such a variation «f tepaa rate Arid fillip 
ohsMrvationa are Buria wite a ficaivteg iiteinsa wl^ 
under stan dard eonditiiwi ia In the eiiih dhidiMr 

»lty8.Riss|dh,P,&KeyyRi4teenlSenBdIahM^ 
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gion, A twt can be rntde of HoyWs hypotheiii' thAt 
temperAture Upw nte is of greeter signiiloAnce then 
ii now beliered. If, for exemple, the field strength 
during one-wey trADsmiision resohes the vslne cel- 
culeted for a ^t eerth while the modified refrective 
index lapse rate is still poiitive, then something must 
be wrong with either the modified index oonoept or 
the method of calculating refractive index from mete- 
orological data. 

When the modified index lapse rate is relatively 
eogstant with altitude, a fairly simple transformation 
makes the atmosphere nonrefracting and the eilective 
earth radius greater or smaller than the actual radius, 
and ray tracing should then be valid in the interfer- 
ence Arid. If no rays re^ch the receiver, the diffracted 
field must supply all the energy received. 

Tlie propagation path extended from Datelan to 
Gila Bend, Arizona, a distance of 47 miles over desert 
terrain. A 8,200-mc transmitter was located on a tower 
at a height of 53 ft above ground at Datelan, with the 
receiver 86 ft above the ground in the control tower 
at the Gila Bend airfield. There is a gentle rise of 
ground from Datelan to Gila Bend with a total rise 
in elevation of 408 ft, or about 8.5 ft per mile The 
intervening terrain is remarkably uniform, without 
trees or large irregularities, and there are no build- 
ings except in the immediate vicinity of the trans- 
mitter and receiver locations. 

Figure 1 shows the diurnal variation of surface air 
temperature at Ajo, Gila Bend, and Phoenix for 
Decmber 16 and 17, 1944. These typical data show 
the uniformity of conditions over that region and 
the effect of radiation cooling on the air mass near 
the surface. 

Figure 8 shows the variation of the soil tempera- 
ture with time at Datelan for the samA period, as well 
as temperature changes at 86, 50, 100, and 600 ft 
above the earth. 

The general topography around Gila Bend in con- 
junction with the diunud variation in the prevailing 
surface wind vector shows an interesting condition. 
Hourly vrind vector observations during November 
and December 1944 showed that by 1900 the prevail- 
ing wind was downalope toward the lower elevations. 
This fiow of cold air into the area of the link may be 
reeponsible for the overall cooling of the air up to 
several hundred feet during the night. At present it 
is not clear how much of this effect should be attrib- 
uted to radiation and eddy diffusion of heat toward 
the earth, although on nights with wind speeds from 
calm to a gentle variable breeze it is diflionlt to at- 
tribute the entire transport of heat to the latter 
processes. 

Some pertinent data are tabulated in Table 1 show- 
ing the time at which the signal was first detected and 
completely lost and the general atmospheric and 
ground conditions nearest these times. On the after- 
noon of December 14, the sky was ovareast, and the 
signal was detected about an hour earlier than on the 
other evenings. 

Figure 8 shows the field strength data for a typical 
day plotted in decibels below free qMoe. The maxi- 
mum and minimum for half-hour intervals are shown 
so that the fading range is apparent The meteorologi- 
cal data for the period are given in the form of modi- 
fied refiraotive index curves relative to a fictitious earth 
radius of 4a/8, the time of the sounding being given 
on each curve. 

The diurnal variation in field strength is quite pro- 
nounced and regular. The maximum range of fields 
measured was around 46 db, the maximum field gen- 
erally ooeurring at times when the inversion layer was 
thickest There is no signifioant ooiielation tetwesn 
strong fields and the amount that Jf decreases at some 
elevation above the antennas. In fact at times sudi 
as 9900 on Dacsmber 17 the field strength is quite 
hifitr ifid yet If shows little indication of trap^. 
In most oases etrong Adds oeour at times when the 
4a/8 modification of the index of refmotion gradient 
Hwm aero or vniying tWwly with altitude. 


The general results of this experiment may be sum- 
msrised in the folloiring way. Over the dewrt loca- 
tion a ground-based temperature inversion was found 
etch night due to radistum cooling of the under- 
lying surf ece. This temperature invenion produced a 
strong index of refraction gradient in the first few 
hundred feet above the earth. 

The 10-cm nonopiicsl link showed a marked diur- 
nal variation in field strength in close correlation 
with the building up and intensification of the tem- 
perature inversion. The strongest fields generally ac- 
companied modified index gradients approaching lero 
in the first few hundred feet above the earth’s surface. 

The trapping criterion most widely accepted here- 
tofore specifies that, at some elevation above the 
transmitter and receiver antennas, M should be less 
than at the antennas. The data herein reported leem 
to indicate that this criterion is neither neceeeary nor 
sufficient to insure strong 'fields below the optical 
horizon. The strongest fields observed at 10 cm ap- 
proached the fiat earth vdue, asiuming a reflection 
value of unify for the earth. 


ANTIGUA, WEST INDIES 

PROPAGATION IN S AND X BANDS 
IN LOW-LEVEL OCEAN DUCTS 

General Description* 

T hb bxjstxncx of low-lying ducts over the seas of 
the world, particularly in tlie trade wind belt, baa 
been known for the past 8 years. Meuurements made 
by the British and by Watiiington State College and 
the Naval Besearch Laboratory have conaiatently in- 
dicated the presence of ducts ranging in thickness 
from 20 to 60 ft in regions where the trade wind 
followed a long over-water trajectory. These ducti 
arc known to vary in intmsity and thicknesi with 
wind velocity during the trade wind seaaon. It was 
considered advisable to investigate the possibility 
that such ducts would permit greatly extended ranges 
on surface craft and very low-flying aircraft by prop- 
erly sited radar installationa. 

Diaeuiaion by repreaentativM of the Chief of Naval 
Operations, NDBC, and the Naval Beeearch Labora- 
tory resulted in organization of a project to make an 
experimental inveatigation of meteorological and prop- 
agations! conditions in an area of the Caribbean 
theater where such ducts are persistent, with a view 
to determining their operational uaefulneas. It was 
decided that a one-way ship-to-shcre tranamiaaion 
path over water would provide the most direct data 
for analyiis, and such a system was set up, using 
transmitting and receiving equipment provided by 
the Radiation Laboratory. The transmitters were in- 
stalled in a patrol craft assigned for the project, there 
being no larger vessel available, with tranemitting an- 
tenna heights of 16 and 46 ft. 

The site choien for the reoeivere at the land-based 
end of the link was at Judge Bay on the island of 
Antigua in the Leeward Island group of the British 
West Indies. Antennas were installed on a tower 60 
ft from the waterii edge, at heights of 14, 84, 64, and 
94 ft, for both S- and X-band receivers. 

Antennae for both 8- and X-band transmitters were 
installed on the patrol craft at heights of 16 and 46 
ft. Theae ooneiited eff parabolic refieotors arranged 
to permit tranimission forward or astern, that 
tranemiaeione could be made on both the outward 
and inward lege of the rune. The B-band tranemitter 
peak power output wes 48 kw, and iti antenna pro- 
vided a measur^ gain of 87 db. Output on X bend 
wes 81 kw, the antenna providing a meuured gain 
of 89 db. lAter in the experiment an S-band antenna 
Wit installed at a height tbove the water of 6 ft. 
Teiti Wile medi with thif antenna on two mm. Ad- 
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equate ewitching arrangemente to permit teete with 
the different entennai were provided, and power outr 
puts were measured by meane of directional couplers 
and thermistor bridgee. 

ICeteorological meeeuremente from the tiiip oon- 
listed of detailed temperature and relative humidity 
readings taken on a rigging running from a boom 
extending out over the water amidehip to the yard- 
arm about 46 ft above the water. Low-level sounding 
equipment of Washington State College design was 
u^ for all meteorological meaaurementa. Balloon 
aicenta to heighta of 600 ft from the item of the tiiip 
were alao made when conditions permitted. Hourly 
obeervetione of eea temperature, wind, and sling pey- 
chrometer readings from the bridge vrere made. It wu 
impossible to obtain satisfactory soundings on the 
rigging or by use of balloons *and kites when running 
away from the tower into the wind because of the 
large amount of water taken over the bow and the 
resulting salt spray. Shipboard observations during 
outward runa were therefore confined to the hourly 
wind velocity, sea temperature, and sling psyohrom- 
eter readings. On return runs with the wind, bal- 
loon and rigging soundings were made. It was neces- 
sary to estimate the height above the surface for 
readings taken below 10 ft because of the severe 
pitching and rolling motion of this type of ship, and 
therefore very few such readings vrere made. 

At the receiving end of the radio path, the antennas 
for 8 band were 48-m. parabolic diahes with a gain 
of about 80 db. The X-band antennaa were 48-in. 
diahea cut to 8 ft in the horizontal dimension to 
broaden the horizontal acceptance pngle. This wes 
done to eliminate the effects of minor deviations of 
the ship from a radial courae. These antennas had a 
measni^ gain of 86 db. Midway in the experiment 
an X-bsnd antenna was mounted at the base of the 
tower at a height of 6 ft, since results up to that 
time indicated the lowest available antenna height 
on X band gave the strongest signals. All anient 
were mounted on swivels to allow alignment on any 
course over a 40-degrec arc and were coiiiiected by wave 
guide and stub-supported coaxial cable. 

Two S-band and two X-band receivers feeding 
Esterline-Angus recording milliammeters were kind- 
ly furnished by the Radiation Laboratory. The 8- 
band receivers had a minimum sensitivity of 110 db 
below 1 w, while the X-band receivers had a mini- 
mum aenaitivity of 106 db below 1 w. It was neoasiaxy 
to use automatic frequem^ control on the X-band 
receivers, but manual tuning was employed on the 
S-band receivers because of tiie greater freqnem^ 
stability of the S-banu magnetron. The receivers were 
calibrated with standard test sets before every run 
and checked upon tlie completion of each teai Indi- 
vidual calibration curves were then used in plotting 
the results of each run. Since only two teoeiveni on 
each band were available, an r-f switching arrange- 
ment aimiiar to that uied on the ship waa employed. 

Two-way voice communication b^ween the ship 
and shore station was maintained at all timee for 
coordination of operations. The facilities of an Army 
radio direction-finding station on the island were 
available to obtain bearings on the ship. 

Meteorological measurements were made at the 
shore station during operations by meana of kite 
flights and a guy rigging running from tlie water’s 
edge to 10 ft above the top of the tower. Detailed 
soundings in the first 100 ft were then taken by slid- 
ing the measuring instruments up and down, the 
rigging. Since the duct conditions important in this 
investigation were always below 100 ft, only occa- 
noual kite soundings (two to three a day) were made 
to check the higher levels. Most of the data accumu- 
lated were taken on the tower rigging where detailed 
soundings could be made. Wind speeds at the surface 
and 100 ft levels were recorded hourly. Hygrother- 
mogzaphs were placed at the antenna levela and oon- 
tinuotts records taken to determine the diurnal varus* 
tion of temperature and relative humidity, if any. 
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A typical procedure wa« to align llie ship at a point 
abont 6 miles oil shore (closer ranges were impossible 
becatue of reefs lying off the northeastern coast of 
the'>< island) and conunence a run on a prescribed 
bearing away from tlio tower. This bearing was pre- 
detemiincd by ship observations of the current wind 
and sea direction. The receiving antennas were 
aligned to maximum signal strengths recorded by the 
receivers and secured in this position by clamping to 
the deck. The ship operating speed was usually around 
10 knots, depending on the current sea conditions. 
While the ship was moving on the course, antenna 
changes on the receivers were made every 16 minutes 
for some runs, while antenna heights on the trans- 
mitting end were changed every 2 hours. After making 
several runs using this procedure, results showed that 
there was no discernible diurnal variation of signal 
strength. Therefore, later runs were made using an- 
tenna changes on the transmitting end only at the 
conclusion of the run out. Periodic changes of the 
receiving antenna heights were made in order to 
obtain a complete record of all possible antenna com- 
binations during each run. 

One of the main difficulties encountered in this 
type of operation was keeping the ship on the sched- 
uled course. Deviations from this coarse were detected 
hy means of sudden drops in signal strength on the 
X-band receivers. When this occurred, one of the 
X-band antennas was realigned to give maximum 
signal return and the change in aliip’s bearing noted 
by use of a bearing marker attached to the antenna. 
Thia change was then applied to the remaining an- 
tennas and the ship's course changed accordingly. 
Additional checks on the ship's course were obtained 
by means of the radio direction-finding station. By 
using this information, it was possible to detect de- 
viations in the ship's course without losing any part 
of the record. The ranges of these runs extended up 
to a maximum of 190 miles. Signals were usually 
detected out to this range on the lowest X-band com- 
bination and the highest S-band combination of trans- 
mitting and receiving heights. 

Figures 1, 2, 3, and 4 show the plois for one com- 
plete run. It is apparent that the lower antenna com- 
binations on X band produced the highest signal level. 
Signal strengths from higher antenna combinations 
declined proportionately with height. On S band the 
reverse appeared to be true, the 46- to 94-ft antenna 
combination giving the highest average signal level. 

Figure 6 shows a composite presentation of 16-ft 
transmitting antenna to 14-ft receiving antenna. The 
average received signal with this antenna combina- 
tion is 6 to 10 db below the 8- to 6-ft X-band antenna 
combination. 

Figure 6 is a record of all the runs on the ao-it 
transmitting and 94-ft receiving antenna combina- 
tion. This clearly shows that tlic highest combination 
available with this setup produced the best results. 

It can also be seen that the signal level is considerably 
further below the free space value than is tiie X-band 
signal for these ranges. 

In order to determine the effect on the signal 
strength of moving the antenna inland, a mobile unit 
oonaisting of an X-band receiver, test set, recorder, 
and 18-in. parabolic dish were mounted in a truck 
and operated from a gasoline-driven generator. Keas- 
nrements during several runs were recorded Vi, Vi, 
and 1 mile inland from the tower. The antenna heights 
above the sea surface were 25, SO, and 100 ft, reapec- 
tirely. In one instanoe, the unit was placed behind a 
hill with the antenna several feet below the top to 
see if traasmiasion over the hill woe possibLe* There 
was a noticeable decrease in signal strength, approxi- 
mately 10 db, but some signal was still recorded. 

Ueteorological meaeurementB were token simnl- 
iineouily with the inland radio measuremenia. Kite 
•ouitdinga at leveral points at increasing dietanoes 
inland from the water^e edge were made, and detailed 
eonndixtgs on a 60*f t windn^ tower about Vi mile 
inland were twcorded over a i^hr period. 


Additional meteorological measurements from the 
ihip on the leeward aide of the island were made to 
determine if duct conditions existed in this area. 
Heasurements taken from 2 miles out to approxi- 
mately 20 miles off shore showed that duct conditions 
similar to those found on tlie windward side of the 
island existed. 

During the final phases of the project, an X-band 
radar was installed at tlie base of the tower with an 
antenna height of 6 ft. BCeasurcinents of echo strength 
versus range were made on the PC boat to evaluate the 
effect of the duct on X-band radar. Antenna heights 
of the radar were varied from 6 ft to approximately 
90 ft by placing the installation on the truck in much 
the same manner as was done with the receiver in the 
one-way experiment. This was then set up on sites 
overlooking the poastUne to sea. The heights at which 
signal strength versus range measurements were made 
were 8, 15, 50, and 90 ft. The variation in the range 
of sea clutter for these heights waa also observed. 
Measurements on tlie leeward side of the island wore 
also made with this railar with approximate antenna 
heights of 6, 10, and 75 ft above sea level. 

The maximum range obtained using the PC boat 
as a target with a broadside aspect was 47 miles. This 
range was observed with the radar antenna at the 
6-£t level. The maximum range obtained on the ship 
from the 90-£t level was 26 miles. Sea clutter waa 
found to vary with the antenna height and wind speei 
Maximum return of 15 miles on sea clutter was ot 
served at the 6-ft level with wind speeds of 20 to 80 
knots. The maximum range at whi^ sea return waa 
obtained varied proportionately with height up to 
the 90-ft level. This range was decreased 60 per cent 
with lower wind speeds of 10 to 16 knots. The most 
significant radar datum obtained to leeward of the 
island was the detection of a ship at 45 miles from 
a 75-ft site. 

Meteorological Measurements'* 

The description of the meteorological measure- 
ments in connection with the experiment at Antigua 
is divided into three parts, as follows: first, a brief 
general description of the West Indian climate; sec- 
ond, a lurv^ of the low-level soundings; and Aird, 
a necesaarily hurried analysis of the data, with certain 
tentative condnsions. 

The most noteworthy feature of the dimate at 
Antigua during the late winter is the persistence of 
one type of weatlier. This weailtcr condition is deter- 
mined largely by the position and strength of the 
Bermuda high, a large semipermanent high-pressure 
area covering much of the Atlantic from 10 to 30 
degrees north latitude. Tlie northeast trades blow 
around and out of the high’s southern rim. With a 
few exceptions during the period of the experiment, 
the wind direction at Antigua was east-northeast. 
Once, for a period of 3 days, it went around to north- 
northeast and on two separate occasions blew from 
the east. Average daily surface wind speed was 16 
knots, with occasional variationa between 8 and 21 
knots. Bepresentative air temperatures varied between 
74 and 78 F, relative humidities between 60 and 80 
per cent. The sea water temperature was reasonably 
constant at 77.5 F, with occasional variations between 
76.5 and 78. No significant horizontal gradients of 
sea temperature were found. Precipitation wag wholly 
ui Ute form of sliowers with a maximum frequency of 
occurrence around sunrise. Periods of relatively dry 
weather followed by periods of relatively showery 
weather and accompanying transitions were experi- 
enced. It is felt that these variations wen caused by 
fittctuations in the intensity and position of the Ber- 
muda high or by the trough effects ahead of dis- 
sipating oold fronts. 

During the entire period of observations, a simple 
surface duct was found ip exist over the water. From 
the second week in February through the third week 
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in March, and again in the first week of April, duct 
conditions were essentially constant. This condition, 
which is called herein the normal condition, is shown 
in five figures. 

Figure 7 sliows the average temperature and mixing 
ratio values for a 2-day period plotted against height. 
Curves of daytime and nighttime conditions are 
shown. Soundings were taken every 2 hours. The 
water surface values arc derived from mousuromeuts 
made on the ship. Considcralilc difficulty was found 
in obtaining accurate soundings in the daytime due 
to radiation from the warm laud in the case of the 
tower soundings and the warm ship in the case of 
ship soundings. As mentioned in Section 4.1, sound- 
ings were possible on the ship only when running with 
the wind. Thus, radiation effects of the ship were 
maximized, especially in the daytime. However, valu- 
able psychrometer measutoiuents were made on the 
outlKiund runs which showed the air to be consistently 
cooler than the water. On this basis, absolute values 
of temperature in the daytime tower soundings have 
been arbitrarily adjusted. 

Figure 8 IS the M curve computed from the tem- 
perature and mixing ratio curves just given. The sur- 
face duct and the small diurnal change in its proper- 
ties arc readily seen. An interesting point is the exist- 
ence of a rather sharp discontinuity at the 1-ft level. 
Careful independent measurements were made using 
a number of locations and techniques. All these tests 
confirmed the failure of the sea surface values to fit 
to the smooth (>urve. It npjiearcd possible that propa- 
gation results might be more dojieudent on the M 
deficit as computed using the 1 -ft value than on that 
computiil from the sea temperature. The terms “effec- 
tive surface values” of temperature, mixing ratio, and 
M were therefore established, those being defined as 
the values of those quantities at 1 ft abuie the water 
surface. Correspondingly, the effective value of M 
deficit is tlie difference hetweeii the value of at 1 ft 
above the sen surface amt Die lowest value of 3/ for a 
given sounding, and this effective value should not be 
confused with tlie total M deficit, which may be con- 
siderably different. Tliis concept will be employed 
later in the paper. 

Another significant feature of the normal sounding 
is the fact tliat, although the minimum value of M 
is at a height of alamt 40 ft, the curve docs not quite 
reach tlie slope corresponding to mixed air in the first 
100 ft. Duo to the roughness of the few higher sound- 
ings obtained, it has been impossible to determine the 
exact height at whieh the air Iwconies mixed. It appears 
to be between 100 and 200 ft. 

The next four soundings show what happened to the 
duct under abnormal synoptic conditions. Q’he major 
variations were (a) relatively low winds, (b) rela- 
tively high winds, (c) relatively dry air, and (d) rela- 
tively moist air. 

The figures which follow are mean or representative 
sample soundings made during each of the conditions 
described above. All were made on the tower and are 
chosen as best illustrating the effect on the M curve. 

Figure 9 is a mean curve for low winds. It showi a 
lowering ot the top of the duct and a change in slope 
of that portion of the curve lying between 1 ft and 
the top of the duct No marked change is found in the 
total M deficit 

With wind speeds greater than normal, the duet 
thickness increased, the effective M deficit decreased, 
and the total M deficit also decreased slightly. The 
average of 4 days' soundings during a windy period 
is shown in Figure 10. 

At one time there was an influx of exceptionally 
dry air with winds of normal speed. Figure 11 shows 
the effect on the M ourve. The znajor diange is an in- 
crease in the total M deficit 
Figure 12 is a sample sounding made during a pe- 
riod when the air was relatively moist The significant 
deviation from the normal soundinge is the deoriMe in 
the total M deficit and the lack of any change k the 
effsetiveif deficit or in the duct height 
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III addition to the shore soundmgs made at the 
water** edge, a few aoundinga were obtained inland, 
ni an effort to determine how far in over the land the 
duct extended. Unfortnimtely, moat of the data are 
aparae and not too reliable. A few good soundings 
were obtained about 1 mile inland, an example of 
which is sliowu in Figure 13. The data were taken dur- 
ing the day and show clearly that no low duct existed 
at that time. This slide is a aimposite between a 
sounding made on a 50-ft windmill and a kite sound- 
ing made nearby. The kite was flown to 600 ft and the 
M curve continued at the slope representing mixed air 
from 60 ft on up to 600 ft. No night measurements 
were made. 

It was possible to make a few shipboard soundings 
to leeward of the islafid, beginning at a distance of 2V^ 
miles and contiinling on out to 80 miles. A preliminary 
study of the results shows no appreciable change over 
the course and no difference between conditions to lee- 
ward and to windward of the island, indicating that 
the duct is restored very close to shore. 

Some plots of certain correlations between wind 
speed, duct thickness and M defleit follow. The graphs 
in many cases are composed of very few points and 
due to the short time available are based on average 
soundings which have necessarily been smoothed. 
Figures 14, 15, 16, and 1? are based on tlic mean tower 
soundings and mean winds for each run, these being the 
only smooth data readily available for quick analysis. 

Figure 14 shows effective Af deficit plotted against 
wind speed. This portion of the curve seems sensitive 
to wind sjieed variation. 

Figure 15 shows the effective slojie (height of min- 
imum M divided by effective Jlf deficit) plotted against 
wind speed. Some connection between the two quan- 
tities is Indicated. 

In Figure 16 the height at which Jlf is a minimum 
is plotted against ▼ ind sjiewl The isopleths of effective 
JU deficit have been sketched in. A few of the points 
were thrown out m drawing the isopleths. For (xmstant 
duct height, the effective M deficit apparently first in- 
creases with increasing wind speed and then decreases. 
Unfortunately there are only two points in tlie low 
wind region to establish this behavior. It is quite pos- 
sible that the lines should be more nearly horisoiital 
at low wind speeds and then should slope off in the 
manner shown for winds above 15 knots. 

An attempt to plot sea temperature minus air tem- 
perature against wind speed allowed no correlation 
Plotting mixing ratio baaed on saturation at sea tem- 
perature minus mixing ratio computed from dry and 
wet bulb temperatures against wind speed also failed 
to show any correlation. 

Figure IT is a plot of total M deficit versus wind 
speed, with isopleths of total slope, that is, the duct 
height divided by the total M deficit. Again, the exact 
pattern of the isopleths is not definitely determined. 
With the inclusion of more data in the form of 
smoothed individual soundings, this chart and the 
previous ones may prove to be more ('onclusive. If this 
is the case, it may then be poasible to estimate the 
values of duct height and effective M defleit simply 
from single observations of air temperature, air hu- 
midity, sea temperature, and wind. Psychrometric 
observations taken at a height of from 30 to 60 ft 
^bove the water would provide the value of M at the 
top of the duct to ±1 or 8 units at the most. An 
observation of sea temperature leads directly to the sea 
surface value of iff, and the wind speed can be obtained 
from the ship** anemometer. Thus with the aid of the 
charts three important points on the M curve can be 
obtained, namely, the values of M at the sea surface 
and at 1 ft and the minimum value of U and its 
heighi 

^ese preUminary results may be summarized as 
follows; 

1* A surface duct between 40 and 60 ft high with 
• iUghtly transitional-type layer extending above the 
duct to between 100 and 160 ft exists most of the 
time over the water in this area. 


8. The duct is destroyed over laud in the daytime 
within about mile of the shore. 

3. Islands comparable in size to Antigua have little 
effect on the duct on the leeward side at a distance 
greater tlian 2% miles off shore. 

4. The higher the wind speed tlie thicker the duct 
becomes and the less the effective M deficit becomes. 

5. Changes in wind spo^ have little effect on the 
total M deficit, which is determined essentially by 
the temperature and humidity of the air mass as a 
whole in relation to the suzface water temperature. 

6. These conditions probably prevail over ocean 
areas liaving comparable climates. 

Preliminary Results of Rgdio and Radar 
Measurements'* 

The main purpose of tlie experiment was to estab- 
lish what operational use could be made of low-lying 
ducts and to confirm observation of the effects of such 
ducts on radio and radar propagation made in various 
parts of the world. The data accumulated have been 
available for study on'y 2 weeks, and there has been 
insufficient time for a complete analysis. As a con- 
sequence only the highlights of the agreement between 
experiment and theory have been determined. 

Ducts were present all the time, and trapping on 
both X and S bands, which increased the signals to 
levels considerably above standard projiagation values, 
was found to exist all the time. The general conclusion 
regarding the effect on the two bands was that on S 
band aiiteniiaB as high as the experiment would allow 
gave Ihc highest signal strengths. On X band, on 
the other hand, the lowest antenna heights which were 
available usually gave the strongest signals. 

Figure 18 is an 8-baiid run made on March 15. It is 
a composite run containing the results of both the 
outward and the inward runs. Several of the curves 
have been omitted for clarity. The highest curve is 
for a combination of a 46-ft transmitting antenna* 
and 04-ft receiving antenna. The lowest curve is for 
the two lowest heights, 16 and 14 ft. The slopes of the 
curves are rather steep for the first 80 miles or so, 
the signal declining considerably less rapidly there- 
after. Also, the variation of the signal with height is 
shown here to be in the order in the extremes between 
85 and 30 db. This interval from 80 to 50 db shows a 
difference between the two extremes of 30 db. To trans- 
late that into a radar situation, double that difference 
to get a difference of 60 db, showing that on S band 
the higher antenna combinations would provide con- 
sidtrably better coverage for targets in the order of 
1 00 ft high and with transmitters at the height of about 
50 ft. Stated another way, the highest antenna com- 
oination would provide coverage beyond that obtain- 
able with the lowest in tlie order of 30 miles. 

There is as yet no reasonable explanation for the 
extremely slow decrease in signal beyond 80 miles. 
This feature is very distinctive in the S-band curves. 
For the X band, it is generally not discernible except 
on a few rune toward the extreme range portion. The 
rate of decrease of signal with range in the region 
inside 80 miles would be exponential if there were a 
straight line on this figure. Considering it to be so, 
averaging over a number of runs gives roughly 0.8 db 
per nautical mile. That decrease is the total amount, 
the l/R variation not having been extracted from it. 
Attempts to do so show that the resulting curve does 
not, in a plot of this sort, fit a straight line as well 
as the original values themselves, but if the 1/R value 
is taken out of the power relation the average attenua- 
tion is then roughly between 0.5 and 0.6 db per nau- 
tical mile. In this region (beyond 80 miles), on the 
other hand, the decrease of signal with range is con- 
siderably less, being between 0.15 and 0.2 db per nau- 
tical mile. No satisfactory explanation for this be- 
havior has yet beer derived. 

Figure 19 dmws the X-band reaulta for the same 
period. Antenna heights of 16-ft transmitting and 
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6-ft receiving produced the highest curve, the lowest 
curve being obtained on a 46-ft to 94-ft combination. 
Note that succeedingly higher antenna combinations 
produced successively lower signal strengUis. There is 
fome variation, but when the curves gre smoothed 
to a straight line the attenuation is on the order of 

0.33 to 0.5 db per nautical mile. Removing 1/JS re- 
duces the attenuation to roughly 0.8 db per nautical 
mile. There is no sharp bend in the curve at about 80 
miles, as was the case on the S band. The lowest (16- 
ft to 6-ft) antenna combination showed more than 
35 db greater signal strength than the highest (46-ft 
to 94-ft) combination. Considering again the radar 
case, it is found lliai the higlier antenna provides rela- 
tively poor coverage compared to the lower. In terms 
of range for a given signal threshold, the difference in 
favor of the lower antenna is about 80 miles. 

Figure 80 shows an X-band curve obtained during 
April 10 and 11, when a transmitting antenna height 
of 8 ft was available. Received signal powers for 6-, 
14-, 24-, 64-, and 94-ft «K*eiving antennas are shown. 
The curves are somewhat scrambled, but the general 
result 18 that the lowest antenna again produces the 
greatest signal, with increasing antenna height pro- 
ducing progressively smaller signals. This was not the 
case without exception, as can be seen in Figure 4, 
where the B- and 14-ft antennas exhibit comparable 
behavior. In that case the maximum range was ob- 
tained on the 14-ft antenna. The average slope in 
Figure 20 is somewliat less tlian that shown in Fig- 
ure 19. Exact averages of all the runs have not yet 
been worked up. 

Figure 21 shows a plot of received signal versus 
range, made on a 3-cm radar, using a PC lioat as a 
target. The highest curve was obtained with a 6-ft 
antenna heighi, using a 48-in. dish to obtain greater 
gam and range. The other run with 6-ft antenna was 
made using the regular 29-in. dish. There is a consider- 
able spread in the values of received signal due to the 
difficulty of mbasurement. However, the significant 
thing IS that the maximum ranges obtained are in 
accord with the indications given by the one-way trans- 
mission results. Striking an sverage slope shows the 
decrease of signal with range to be about 1.0 db for 
each 1.5 nautical miles. 

The important conclusions can bo summarised as 
follows: 

1. The surface duct is very persistent. 

2, I'he duct is very effective in extending the ranges 
obtainable on both S and X bandi, for either one-way 
or two-way transmission. 

8. On S band, the highest combination of trans- 
mitting and receiving antennas produces the strong- 
est signal and the greatest range. 

4. On X band, the lowest combination of transmit* 
ting and receiving antennas produces the atrongeei 
signal and the greatest range. 

5. Surface ducts in the trade wind regiona can be 
used for communication purposes to a conaervatiTe 
range of 100 miles. Greater ranges are probable but 
will require further investigation. 

6. Rain in the form of squalls does not appreciably 
affect the received signal. 

ENGLAND 

BRITISH TRANSMISSION 
EXPERIMENTS* 

IntroductioD 

T hk broap objkot of the studies carried out in 
Great Britain during the past few years has been 
to establisli the characteristic facts of t^ propagatiim 
of centimeter waves (more recently of meter waves 
also) and especially to determine the relationship be- 
tween radio performance and meteorological condi- 
tions in the lower atmosphere, with forecasting as the 
ultimate a im. 

*By B. G. 8. Msgaw, THtia Bbort Wave Panel, MiaMtiy of 
Supply, En^od. 
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Alttioogh pfopigfttiob of lO-em wovot to distanoM 
mudi beyond tlui optiotl itngo hod been obienred 
niidfr fiTOTtble oonditkHii neaiiy t decide eirlier, 
it VM the etrik^ incieaiee in range of decimeter 
and owtiaeter wave ooaatal radara in loathem Eng- 
iaad, obeenred in the amnnim of 1940 and 1941 re- 
apeetively, which led to a concentrated attack on the 
l^-range aepecta of the problem. Abont the same 
time a need aroee for more accurate knowledge of both 
*the ahort-range "interference*’ field and the long- 
range "diffraction” field for certain commonicatiou 
projecta, and the radio equipment developed to meet 
thia need formed a nucleua round which the later and 
more amnitioua experiments grew. The reviews of van 
ioua experimental and theoretical aapects of this work 
are listed in references 1 through 16. 

Continuous observations have been carried out over 
a range of optical and nonoptical paths across the Irish 
Sea on S and X bands and over a single 38-mile land 
path on S band. These are discussed below. In sddi- 
tion to this work several investigations of more specific 
propagation problems have been carried out during 
the summer of 1944. 

1. Measurements on two wavelengths in S band, 
over a TO-mile sea path between a site in South Wales 
and the summit of Snowdon (8,600 ft). This optical 
path was studied to obtain data on the probability 
ot missing aircraft on S-band radars under conditions 
favorable to trapping at low levels over sea. 

2. Measurements on a wavelength of about 8Vk m 
over a 90-mile sea path, with heights such that the 
path length was about twice optical range, to provide 
quantitative data on the importance of refraction in 
this waveband. 

8. Baddr measurements from Llandudno, North 
Wales, with the Isle of Man and the Irish Coast as 
the main targets, on S, X, and K bands. The object 
was to obtain practical data on the relative perform- 
ance K band under a variety of meteorological 
conditions which were studied simultaneously with 
the radar observations by ship, balloon, and aircraft 
measurements. Some further refeienoe to the results 
of (1) and (8) appears below; an interim report on 
(3) has been circulated.” 

Ifiah Sec Mecaurenientt 

The first plant for simultaneous measurements 
within and mudi beyond the optical range on wave- 
lengths of about 9, 6, and 8 cm, using heights of 
about 100 and 600 ft each site, wu made in the 
latter part of 1941. 

The woric wea planned on an inter-aervioe haeis, 
with equipment provided by Admiralty (developed 
under Admiralty contract by Qeneral Electric Com- 
pany Research Laboratories from that ussd in the 
early oommunication studies mentioned above) and 
atatioBs provided and operated by Signals Bssesrcl 
and Devslopment Establishment, Ministry of Supply. 
Arrangsments were made for analysie of the data by 
the National Physioal toboratory, which has also 
move recently tmdertaken the development of moni- 
tniiV equipment The collaboration of the Meteoro- 
logical OfBos was received at an early date, but it 
waa only when the study of the subject had made 
farther progiem that the need fbr detailed low-level 
nitsorological meaaursroents was realised; these have 
been undertaken by the Naval Meteorological Service, 
soundingi heiiw made in ahipe and by rnaana of ship- 
bome balleona. Additional anangementa have recent- 
ly baoi made with the Matwimlagiiml Oflloa for legu- 
lar aircraft somidiiigs over the path* 

Some dURculties were encountered early in 1942 
in finding stias lor the stationi which were accept- 
able from all pointa of view, and tiie field work done 
in that year ooasioted of several short-period trisls 
over a rather Wide variety of land and sea paths. In 
spits of msay limitationc, in particular as rsfiids 
detailad motscrokcfieal data, the general coneliieiQiis 
reached in these triali* have been largely aabaUn- 


tisted by later measurements. Table 1 gives details of 
the sites finally adopted. 

The path length from South Wales (A and B) to 
North Wales (C and P) is 57 statute miles and that 
to Scotland (E and P) ia 200 statute miles. The path 
lengths in terma of geometric*al optical range for the 
eight possible paths are shown in Table 2. 

Ill tlie original scheme all the paths were to be 
collinear, but this wuld not lie realised with the 
sites finally adopted; the South Wales to Scotland 
paths differ by about 17” in bearing from the South 
Wales to North Wales paths, the bearing of the 
former being within a fraction of a degree of true 
north. A scheme for recoi-ding data over all paths 
(though necessarily not continuously) was evolved; 
each transmitter beam was aimed for half the time 
along each of tl»e two bearings 17” apart (a 7^ 
minute period was found the moHt satisfactory, and 
a small change in frequency (5 to 10 me) was made 
automatically when the bcama switched over. 

At each frequency the transmitted signal uonsistad 
of square pulses, at equal on/off ratio, with a repeti- 
tion frequency of 1000 c. The “standard” power out- 
put in the "on” period was 0.6, 0.3, and 0.15 w for 9, 
6, and .3 cm, reapectively ; the signal records were 
corrected for any significant departure from those 
powers. Paraboloid mirrors 48 in. in diameter were 
used for all transmitters and receivers; these were 
mounted inside the stations behind large canvas- 
overed “windows.” The increase in mirror gain with 
frequency more than made up for the reduction in 
tranamitter power, in spite of the less effective utilisa- 
tion of the mirror area. In the receivers the 1,000-c 
component of the modulation wag rectified to operate 
the recording milliammeters. Provision had been made 
for monitoring the field radiated from the trans- 
mitters and the sensitivity of the receivers, in terms 
of a standard radiated field. This scheme was brought 
'into operation as the National Physical Laboratory 
equipment became available; other less complete 
methods of monitoring the transmitters and cock- 
ing the receivers had been in operation from the start. 
(Data for the 6-cm equipment are included here 
although, as will be noted, it was nut used.) 

Radiotelephone communication between the North 
Wales and South Wales stations has been maintained 
aatisfactorily for two periods of several months each 
ufing first B- and later X-band equipment, eaaen- 
tially the same as that used for the signal measure- 
menta, arranged for duplex operation. A meter-wave 
system (which gives more continuous service over 
long nonoptical paths) is now being installed by Ad- 
miralty Signal Establishment to link all the stations; 
it is already operating satisfactorily over the 57-mile 
path, and a relay link from North Wales to Scotland 
is being provided. 

On S band, operation on all four links across the 
67-mile path commenced in November 1948, although 
the two from Station A (high site) had been running 
linoe July. During the preliminary period, up to the 
beginning of 1944, in which a number of practical 
difilcttlties had to ^ overcome, the radio reaulta were 
subject to rather more uncertainty than waa the case 
in the earlier measurements where a ooncentration of 
experienced personnel was poesible for the riiort peri- 
ods involved, and detailed analysis of these results has 
not yet been attempted. One S-band receiver was in 
operation in Scotland (Station F, low site, 200 milsa) 
from the end of August 1948, but apart from one 
brief period during September, no signals were re- 
ceived pntil March 1944^ just before the second 8- 
band reoeiver (Station E, high site) waa installed. 

On X band all the etatione were in ofierttion by 
July 1944, operation on the 200-mile linke hevipg 
•tilted t«»oittii earlier. 

After a few moutlie of oiwraiioii of ail 10 links it 
was xealiaed that the ave^ble effort would not bo 
ittfllcient to cope tdeqdftely with tiw taske of editing 
end examining the ilgnal locorda. ConeefBontiy a 


rather drastic reduction of the centimeter wave pro- 
gram was agreed to for a trial period of 6 months, 
starting October 1, 1944. For this period the follow- 
ing links were operated continuoualy (without beam 
switching) : on S baud, A to C and D (67 miles) and 
B to E (200 miles) ; on X band, A to 0 and B to D 
(both 67 miles). (The possibility of a link from B 
to D on S baud with separate equipment waa also 
envisaged.) 

It was agreed to postpone operation on 6 cm, but 
at least one 3Vii-m link over each of the two path 
lengths would be addcil; preliminary measuiemeuts 
on this longer wavelength wcie already being made. 
Ill addition, K-bnad equipment for at least the optical 
67-miIe path was to be installed at an early date. 

Figure 1 shows a general view of tlic equipment in 
one of the stations (D). The X- and S-baiid receivers 
aio ill the miter of the pielun*, willi (he niirruis iind 
can vas-coN Clod windows behind. The S-band signal 
generator and monitoring equipment ate on the small 
table beside the S-band receiver. The recorders are 
mounted on a teinixiraiy table (now leplaeed by tlte 
central rontiol desk), extieme right. The empty bay, 
extreme left, was designed to house the K-band equip- 
ment. The meter-wave equipment was mounted in an 
adjoining room. 

In addition to the radio measurements, some study 
was made of the l>eha\ior of a light beam over the 
57-mile path duiing the summer of 1944 in the hope 
that this might provide useful iufoimatioii on the 
refraction produced (nearly) by temperature gradient 
alone. Measurable ehanges in elevation were some- 
times observed by means of a theodolite, but the in- 
eideui*e of adequate visibility was small, and little 
quantitative iiifomiatiur was obtained. 

A detailed study of the S-band signal records and 
meteorological data obtained from February 1944 is 
being made at the National Physical Laboratory, pat- 
ticularly for the 57-miIe paths AD and BD.' Similar 
study of the S band and 3Vk-meter data will follow. 

Figure 2 ahowa a plot of hourly mean signal level 
for the S-band aignal over the links AD and BD for 
June 1944, with a record of some meteorological fac- 
tors— fronts, precipitation, and fog— with which com- 
parison has bMD made. 

It should be emphasised that analysis of the data 
obtained during this period has not yet been com- 
pleted, but the following general conclusions may be 
drawn: 

1. There is general agreement between signal vari- 
ations for the two paths, though the short-period 
variations often differ. 

2. Signals are obtained over the 20fi-mUe path 
only when signals over 67-mile path BD exceed about 
30 db above 1 fiv. But if the latter condition is ful- 
filled the former does not always follow. 

3. There is a marked diurnal variation, when the 
general level ii low or moderate, with high signal in 
the late afternoon or evening and low level in the 
early morning. 

4. There is evidence for an appreciable seaaonal 
venation with high level lor a greater fraction of the 
time in aummer than in winter or ipring. 

6. Low level oecure commonly in conditioni of 
fog or low visibility (e.g., low level on 174 oocaiiona 
out of 238 on which fog waa recorded between Feb- 
ruary and June 1944). 

6. Low level ia usually obeervad at the peeeage of 
fronts (e^;., on 78 oecaeioni out of 106 on vriiieh 
fnmtewenreeofdad). ^ 

7. Wliile periods of higu level are aometimoi clM^ 
aoteriied by large gradienta of water vapor (aoiuid* 
inga ueualiy made for thfEnt BOO ft, at one point near 
the center of the path)^ no aatiaf actoiy oontiation 
hta been found faetwieA^ character of the M curve 
and tha major variatioue in tignal level for the peri- 
ods which hive been etudied. lu leoeiwl ae it eom- 
mon experience tor emdhtr patfae, hi|(h tavels tend to 
oeeur in auticyelonie flfiode. 

The geueral chandtur of'tiie 8d»nd rignal vwia- 



APPENDIX 


491 


tioiiH for the four 67*inile pathit ia illustrated by the 
plots of hourly mean levels for 0 days in August 1044 
shown in Figure 8. The range of variation in level 
increases with the excess of path length over optical 
range, and there is an obvious similarity between the 
three nonoptical paths as regards the larger changes 
in level. This similarity does not extend to the optical 
path AC, which sliows signs of au inverse correlation 
with the major variations of the nonoptical paths. 
For a standard! atmosphere (% earth radius) the 
receiver on the AC path is near tlie record maximum 
of tlie interference field. For fairly small departures 
from standard (curvature corresponding to, say, 1.0 
to 1.7 times earth radius) the range of variation 
caused by interference is quite small, about ^ 
— 7 db relative to free space field; the smallness of 
the variation is due to the appreciable effect of diverg- 
ence of the reflected ray in this case. 

While other factors beside interference with the 
reflected ray are almost certainly operative in produc- 
ing variations over the optical path, slow fading with 
a range of the order of 10 db is quite common ; and 
a slightly substandard index gradient, which would 
produce a marked decrease in level for the nonoptical 
patlis, would leave the AC path in the neighborhood 
of the first interference maximum. 

The free space levels (48 db aliove 1 /*v from A, 
44 db from B; difference due to different radiated 
powers at this period ; iVit db estimated atmospheric 
absorption allowed for) arc marked on the plots of 
Figure 3. For all four paths the highest levels reached 
are in the neighborhood of the free space value; levels 
several decibels above free space are occasionally 
reached during good periods, but they are only rarely 
maintained for as much as a few hours (e.g., path 
BD, May 18, 13 and August 5, 6). The long-time 
average level for path AC should be close to free space 
levd, probably about 2 db above. It is actually about 
5 db below for the first half of August 1944 and 
about 3 db below over a period of several mouths. 
While some of this discTcpancy may be due to residual 
experimental error, tlie fact that it appears to be 
least during periods of poor transmission between the 
low stations (e.g., August 10 in Figure 3) may be 
significant. 

For the nonoptical paths BO, AD, and BD the 
standard level is 20, 37, and 79 db below free space 
level, respectively, for S bend. The corresponding 
figures for X baud are 28, 53, and 113 di). The stand- 
ard level is shown in Figure 2, and in Figure 3 for 
paths BC and AD ; for path BD it is over 30 db below 
the receiver threshold. While it is rare, during the 
summer months, for the level to remain near stand- 
ard for a large fraction of the time (in February, 
however, the AD level was within 2 db of standard 
for about 26 per cent of the time), the mininui of 
the major signal variations usually lie within about 
±5 db of the standard level except (1) during runs 
of particulaily goutl weather and (2) during foggy 
iDiulitioiih which arc likely to be aiMuciatcd with a 
sulHttandard index gradient. Htrikiiig e.vamples of the 
latter occurred on June 4, 6 (Figure 2) and August 
10, 11 (Figure 3). On the last occasion the BC level 
went about 20 db below standard. 

The X-band results for the 57-mile paths are gen- 
emlly similar to those for S band as regards the major 
variations, but the range of variation is noticeably 
laiger, particularly on paths BC and AD, which are 
imt mutfli longer than optical range; the increase in 
range of variation for thase paths is of the same order 
as tha difference in atandard level for the two wave- 
lengths. In general, rimrt-period variations are larger 
and more rapid for the shorter wavelength. 

Figure 4 sltows tlie reaults for both 8 and X bauds 
ovar tha 2(H)-mile paths AS! (high stations) and BF 
(low stations) for part of tlie same period aa slmwn 
in Figure 3. Aner allowing for the estimated atmos- 
pheric absorption (0 db for S, 16 db fdr X) the free 
•paos leveli are similar lor tlie two wavelangths, ex- 
perimental uncertainty being appreciably greater at 


"general*' level, which is in fact that obtained under 
"well-mixed" meteorological conditions. 

Further details of the path and a discussion of the 
results in relation to general meteorological conditions 
over the path have been giveh in two National Physical 
Laboratory reporta,'*’** which cover the first year's 
operation, A further report is in preparation. The aim 
here is limited to a general description of the type 
of results obtained, with examples of some character- 
istic signal records. 

Figure 5 gives a plot of hourly mean level for March 
1944 which clearly shows the two main characteristics 
of the signal: the reasonably constant general level 
and the regular diurnal cycle which occurs with radia- 
tion nights. The period March 21 to 26 is typical of 
an undisturbed run of clwir nights; note the period 
of marked substandard signal in the early morning of 
March 27, indicating that condensation near the 
ground has reduced the water vapor content there suffi- 
ciently to make the lapse rate negative. Intermittent 
rain in bad weather periods usually gives a more vari- 
able level than cloudy weather with no precipitation; 
a small rise in level is often observed with continuous 
rain (direct effects of rain on the equipment have been 
carefully guarded against and may be assumed negli- 
gible) and a more marked rise with clear skies in 
daylight following rain. These effects are readily ex- 
plicable in terms of changes in water vapor distribu- 
tion. 

The work of the past 6 months (Summer 1944) has 
shown a definite correlation of high level at night with 
temperature inversion whether with clear or with 
variable skies; on the o^er hand, clear or variable 
skies with no temperature inversion (e.g., with incom- 
ing cold air) show no night peak of signal. In general 
the increase of level on an inltialiy clear night is 
arrested by the development of low cloud or of fog. 
Double maxima are often observed in the night peaks 
(e.g., March 15 in Figure 5). 

The magnitude of the peaks on radiation nights is 
usually 5 to 10 db; it can occasionally reach 15 to 
20 db particularly in summer. It seems very probable 
from the geometry of the path that earth-reflected rays 
play little part, at least to* moderste degrees of bend- 
ing. It is therefore reasonable to seek to explain the 
larger variations as multiug from increasing ray 
curvature. In terms of the rough estimate mentioned 
above, a change from standard to "flat earth" condi- 
tions would give an increase in level of the order of 
10 db, which is a typical figure for the observed rise 
on an undisturbed radiation night. It is of interest to 
note that free apace level is never reached on this 
path ; the highest instantaneous level reached is 10 to 
12 db below free space. In other words complete, or 
nearly complete, reflection regions do not exist at 
heights of tlie order of 1,000 ft or more (required to 
"clear" the barrier) over this path. This is in line with 
the observed lack of any effect of high inversion on the 
signal level. 

Overland Measurements: WhitweU 
Hatch to Wembley 

A single S-batid link has been in contiiuiuus opera- 
tion <)^e^ this 38-niile patli since March 1943, Its 
terminals, with the transmitter in one of the Ad- 
miralty Signal Kstablishmeiit buildings sud the re- 
ceiver at General Electric Company Besearch Ijebora- 
tories, ‘Were chosen for operating convenience rather 
than to meet any special requirements for the path, 
as an important subsidiary purpose was to provide for 
controlled long-period te^ on equipment developed 
for use in the less readily accessible stations of the 
Irish Sea program. Apart from routine checks the 
equipment nonnslly operates unattended; automatic 
frequeney control a^the receiver has been in operation 
since June 1943. But the receiver is provided with a 
relay-operated alarm which can be set to operste on an 
abnoraial change of received level in either direction 
(normally downwards) and thia has proved valuable 


in calling attention to botli faults and unusual propa- 
gation conditiona. 

The transmitter is on a hill 725 ft above sea level 
and the path runs northwards terens the Thames 
valley and the western outskirts of London to thi 
receiver, which is only 170 ft above sea level, in low, 
undulating, built-up country. For standard conditions 
the path ia clear except for the last mile where trees 
and houses form a barrier elevated about ^ degree 
above the ray path. This introduces a local diffraction 
lose at the receiver which has been estimated roughly 
at about 30 db. This estimate is necessarily an un- 
certain one, both because of the complexity of the 
real barrier (which is approximated as one or more 
opaque straight edges) and because of possible sea- 
aonal variations. 

Seasonal variations in general signal level have been 
observed with a maximum in late summer of the order 
of 10 to 16 db higher than the single winter minimum 
retarded so far. An attempt to explain this variation 
in terms of changes in the horisontal plane diffraction 
pattern of part of the barrier with varying opacity of 
the tree background does not appear to be supported 
by the resultn of the past few months (Summer 1944). 
The mean level for the whole period is, however, close 
to 30 db below free space (52 db above 1 ftr receiver 
input) and is thus at least of the same order of mag- 
nitude as the estimated standard level. The unfor- 
tunate effect of this uncertainty regarding standard 
level is mitigated to a considerable extent by the fact 
that a land path of this kind gives an easily definable 
X band as regards absolute values. The standard 
levels arc, of course, far below the receiver threshold, 
actually about 275 db for path AF on S and 490 db 
for path BF on X. 

'J'lic most striking characteristic of the results is 
^lerhaps the similarity in magnitude of the signals 
botli for the two paths and for the two wavelengths. 
In general, signals are measurable for a greater frac- 
tion of the time on the longer wavelength and for 
the higher sites. (The difference of about 6 db in re- 
ceiver threshold sensitivity between B and X has only 
a slight effect on this.) At the peak of good periods 
the lower sites and shorter wavelengths sometimes 
reach rather higher levels, as in the case of the 57- 
mile paths the maximum signal level is frequently 
comparable with free space; rather rarely it exceeds 
free space level by something of the order of 10 db. 
For the 200-mile path the possible error in the esti- 
mate of atmospheric absorption is ratlier more serious, 
particulorly for X band, but it seems improbable that 
Ihis could alter the general character of tlie results. 

Comparison with the results for the 57-mile BD 
path in the bottom record of Figure 3 is interesting 
and is reasonably typical of the extent to which the 
})erformance of the long path can be predicted from 
the performance of the shorter one. It should be orn- 
phasised that this was a period of good summer 
weather apart from the break on August 10->11. 

Figures 6, 7, and 8 show photographs of sections 
of the original signal records illustrating tlie main 
types of signal which are observed. The type of weather 
involved is shown on the record in each case, also the 
signal calibration. Figure 9 shows a good example of 
an effect which is quite often observed, particularly 
in the latter part uf radiation nights. It consists in a 
regular variation showing the characteristic rounded 
maxima and sharp minima of interference fading. This 
is in some eases superimposed on a nearly steady high 
signal (as in Figure 0). In other cases, as in some fog 
fades, it is superimposed on variations of a different 
type. It often starts and stops suddenly, completely 
c^nging the character of the record while it lasts, and 
that time ranges from one or two fading cycles to many 
cydas. Tliia tort of effect has also been diaerved on 
other paths, over sea aa well as land. 

The striking thing about patterns of this sort is that 
thay often correspond to reflection coefficienta for tha 
inhering ray which approach unity. In Figura 9 
tha reflaotion ooeffidant cskmlatad from the pattern 
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ig about 0.8 at the about 0.4 in Hie middle, and 
over 0.9 at the end. It ia guggeeted that reflection at 
gmtll glancing angles from a sharp inversion top pro- 
videe a poeaible explanation and that the first part 
of the pattern in Figure 9 corresponds to an increase 
in hei^it (the drat deep minimuni oiN'urring when 
the Inversion top is just above the transmitter) and 
the latter part to a decrease in height at a different 
rate. The rates of climb and fail turn out to be about 
200 ft jjcr hour and liOO ft iht hour rt'sixictivcly. No 
local soundings arc available to rhe<‘k this hyiKithesis, 
but the calculated rates of change of lioight are quite 
possible. 

The general nieteorological data for the night (illus- 
trated in Fivure 9) are as follows; cloudless, follow- 
iug a fine day ; temperature inversion of about 6 F in 
(approximately) the first TiOO ft at 0600 GMT j ground 
mist about dawn. It is clearly desirable to obtain ade- 
quate soundings at p’erioils when this type of effect is 
observed, e8pe<'ially on aeeount of the widely held view 
that the index changes which (K>eur at heights of the 
order involved (aliout f>00 ft above ground level) are 
inadequate to account for reflection coeifieionta of the 
size implied by the pattern observed here. 

Difficultiea of Kriating Theory 

111 this section a few general eharaetenstics of the 
radio observations which appear to be at variance w'ith 
previous theoretical conclusions will be summarized 

1. The most obvious point as far as the Irish Sea 
data are concerned is the failure of tiie soundings to 
provide an adequate guide to the signal variations. The 
fault may lie in the limited nature of the soundings or 
in the method of interpreting them, but it is clear that 
tlie problem is by no means as simple as was supixised 
when the soundings were started. 

?. The minimum levels obtained (where they are 
high enough to be uieasured) usually agree tolerably 
well with tlio ex|H*<'tcd values. For the Irish Sea paths, 
as well as in other measurements, the maximum level 
rarely goes above that calculated for flat-earth condi- 
tions; this level is practically the same as that for 
free space conditions for all the Irish Sea oentimeU'r 
links exc-ept for paths BF on 8 band (only) where 
there is a difference of about 10 db. If complete guid- 
ing were a common phenomenon over paths of the 
lengths actually uso<l, it would appear that levels above 
free space should occur much oftencr and more con- 
tinuously than is obsv'rved. It appears to be a useful 
working assumption that tlie level obtained under 
favorable conditions over nonoptical paths is nearly 
that calculated for rays with the same curvature as 
the earth. 

3. The fact that the Irish Sea results show tliat (for 
centimeter waves) the advantage lies only rarely with 
the smaller heights and shorter waveleugtlis suggests 
that the importance of (*ompletc guiding as a criterion 
for siting stations may have been overemphasized. 

4. The good correlation obtained in a number of 
cases between land-see temperature difference oud 
signal level suggests that the importance of tempera- 
ture may be greater than is indicated by existing 
theory. 

5. It appears very difficult to account for the max- 
imum levels reached on the basis of existing theory. 

6. The interference patterns of the type discussed 
still await on adequate explanation. 

PROPAGATION WORK 
AX THE NATIONAL PHYSICAL 
LABORATORY^ 

Anaiyais aad Study of Centimeter and 
Meter Wave fVopagation over Sea 
(Irish Sea Experiment) 

This project utilizes the results of radio transmis- 
sions being conducted between two sending stations 


in Soutli Wales and m*eiviiig stations in North Wales 
and Sc'otluinl, jointly by the .Xdiniralty, Ministry of 
Supply and Air Ministr}*. 

The contrilmtiou of the National I’hjsieal Labo- 
ratory to the installations lieing nsetl for this investigu- 
tiuu*)iHS betMi chiefly connected with the monitoring 
equipment used at both sending anti receiv ing stations 
to insure tliat the radiation from the former and the 
sensitivity of the latter are maintained constant, so 
tliat any variations on the field strength records arc 
known to be due to transmission effects in the atmos- 
phere, The instruments required for the S band are in 
an advanced state of production, while for the X hand 
the ne(H«ssary field strength meter for the transnntti'rs 
has been developed, but some development work is 
still required on the standard ladiator for the receiver 
eulihration. In oet‘ord»uu*e with a recent agreement as 
to the limitation of the seojM* of the investigation, all 
work on instruments for other wavelength bamls has 
lieeii put in abeyance 

Study of Ontimetcr Wave 
Propagation over Land (Whit well 
Hatch to Wembley) 

A trnnsnutter o|jerating on a wavcleiigih in the 8 
band has Im'imi installed at the Admiralty Signal Es- 
tablishment, Whitwell Hatch, and a eoutinuous record- 
ing is being made of the field intensity of the radiation 
received at the Research Laboratories of the General 
Electric Company, Wembley, over a land path of 3H 
miles. Except for some houses and trees within aliout 

miles of the receiver, the path i» a clear optical one ; 
originally the transmitter was also partially obscined 
by some trees, removal of the tops of which produced 
a rise in received field of 10 db. Field strength re- 
cording has been in progress over this link since 
March 1043, and during the intervening 18 months 
there has been a seasonal variation, with the average 
daily value in Noveinlier ami December at least 10 db 
below the value in .luly and August. Two reiwrts'" ” 
have already been issuw! on the results obtained from 
an analysis of the records, and a third will lie pre- 
[wred shortly. 

Among the main eunelusious so far reai'hed are the 
following. C’loudy weather, either by day or night, 
tends to produce a signal steady to within about 2 db, 
while on days of clear and variable skies, the signal 
exhibits slow (period 5 to 10 minutes) fluctuations of 
the order of 3 or i db, with sharper and mure rapid 
fluctuations superposed. Tht^e rapid flueluatiuiis are 
accentuated by the presence of strong wind. On niglits 
of clear or variable skies with temperature invi'rsions 
near the ground, the field intensity is from 5 to 10 
db above the daytime level and is usually accompanied 
by variations in the absence of wind. On clear radia- 
tion nights, when the wind is too strong to permit the 
development of a temperature inversion, the jicak of 
signal intensity does not occur. Fog affects tlie field 
strength differently according to its depth. A shallow 
autumn fog causes a sharp decrease in signal strength, 
while the widespread and more established type of fog 
experienced in winter may sometimea cause marked 
interfereuco type of fading with unusually high peak 
values and at other times may have no apparent effect 
on the field strength. 

Tlie sending and receiving stations on this link arc 
now being equipped with field strength monitoring 
arrangements to improve the overall accurai^ of the 
radio recording, and a daily statement of the meteoro- 
logical conditions over the path is being supplied to 
supplement the ground station records already avail- 
able. It is contemplated that this link should remain 
in operation for a further period of 6 to 18 months. 

FADING IN A L1NE4)F*SIGHT 
EXPERIMENT IN £NGUND> 

This experiment was earned out between Abetportli, 
South Wal es, and tiie summit of Hi. Snowdon (8,000 
F, Horie, ITltm Short Wave Fand, If iidstiy of Supply, 


ft). The transraitteiH were mounted at a height of 
120 ft above sea level at Aberporth, the receivers being 
on Mi. Snowdon. The Icngili of path was aliout 60 
miles as compared with 83 miles optical range. 

Two separate radio circuits were used, one on a 
wavelength of 9 cm and the other on 10 cm. For a 
standard atmosphere the phase difference between the 
ray reflected from the sea and the direct ray was about 
4.3 radians on 10 cm and about 3 radians on 9 cm, 
while under “flat earth” conditions the corresponding 
phase differences were about 12 radi.ans and 13 radians 
rpKp<*ctivoly. As the atmospheric conditions varied, an 
interference pattern was obtained arising from varia- 
tions in the pliasi* difference. The chief clmractenstic 
of the interference pattern was that in a plot of radio 
signal strength against time the jieaks are broad and 
flat and the minima are .sliarp and deep. The provision 
of the two cin‘uits insured that tlie variations due to 
alterations in the phase difference could easily be 
distinguished from vanaiions duo to other causes 
(described below). The reason for this is that the 
interference minima on one circuit tend to occur at 
times when the signal strength is high on the other 
circuit. 

The length of tune rcqiiircil for the radio signal 
strength to complete a cycle of the interference pat- 
tern was jasiially about 2 hours. The receivers and 
trniismitlerK were very carefully calibrated in prder 
to show that the rc(“eivcd field strength at interference 
maxiTiuim was equal to twice the free space field. This 
result was established to within an accuracy of ±2 db. 

For about 80 per cent of the time (June 1, 1944 to 
September 30, 1941) the normal interference pattern 
was replaced by an entirely different form of signal 
fading. Tlie jHTiod of the fading was alioul 5 minutes, 
the field strength at maximum u'as usually between 
10 and 12 db above the free spact* signal, and the 
peaks of signal were sharp and the minima broad. The 
latter characteristic is entirely different from interfer- 
euee fading between two rays which must lead to 
broad peaks and narrow minima; it is more akin to 
receiver noise or the form of the signal echo received 
from “window” on radar sets. Thus it would seem 
plausible to suppose that the signal was the result of 
a large number of contributions with uncorrelated 
phases. 

The type of fading descrilied in the previous para- 
graph is especially interesting in view of the very high 
signal maxima. It was shown that the occurrence of 
these variations was not associated with the reflection 
at the surfaee of the sea. It would appear therefore 
that atmospheric conditions can exercise a very im- 
portant effect on the propagation of radio waves over 
a completely optical path. 

TEMPERATURE EFFECTS ON 
NONSTANDARD RANGES" 


Experimental work carried out in the Irish Sea has 
shown the following three charaeteristics, all of whicli 
are in disagreement with existing theory. 

1. It is well known that the present theory requires 
the contribution of the temperature gradient to be in 
general small compared with the contribution of the 
water vapor gradient. In fact if we write 


in di dT 


( 1 ) 


where n > refractiveandex, 

0 = partial pressure of water vapor, 

T temperature in degrees sbsolnte, 
h » height coordinate, 
a, 8 are positive constants, 

then except in rare cases the present theory requires 
the (a) (de/dk) term to be laige compared with the 
{b){dT/dh ) term. Thug, ainoe the radio propagation 
UUia dhort Wave FsmI, Mlnlsliy sf fiup- 


^ W. to, Britidi Ontnltotifle Ottos. 
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conditiouB depend on dii/dh, it is to be expected that 
a better correlation will exist between the radio signal 
and the measured value of {»){de/dh) than between 
the radio signal strength and the measured value of 
(—d ) (dT/dh ) . The reverao has, however, been found 
to be the ease; the correlation between the radio signal 
strength and the measured value of {n){df/dh) ia 
poor, while the correlation with the measured value of 
(--h) [dT/dh) is good. 

'4. A situation similar to that mentioned in (1) has 
been encountered in attempting to forecast 18 hours 
ahead for operational radar sets. Table 1 summarizes 
the results obtained. 

The continuity nietluMlof forecasting consists in pre- 
dicting that tomorrow's conditions will be the same as 
Ihose ohsened today. Forecasting from the [dT/dh) 


term was empiricol, it being assumed that a tempera- 
ture inversion of 1.6 (’ per 100 ft would give very good 
propagation conditions, an inversion of 0.76 (' per 
1 0CT ft would give good t«iiditions, and a tein|>orature 
lapse would corres|mnd to standard or natural eoiidi- 
tions. 

.'I. The value of dfi/dh calculated from equation ( 1 ) 
using the measured values of de/dh and dT/dh arc too 
small to explain the large signals frequently observinl 
on a wavelength of about 80 me. 

Thim' experimental results enable the following 
conclusions to bt' drawn so far as the meteorological 
conditions around the British Isles are eoneerned. 

1. The railio signal strengths computed from the 
observed 3/ curve do noi agree with observation. The 
iiietliod of ohs(>rving the temperature and water vaiior 


gradients to obtain an It curve is therefore misatisfac- 
tory. 

i. A reasonably satisfactory foreeasting system can 
lie obtained on the basis of temperature gradient alone. 
This system is empirii'Al and does not depend on com- 
plicated mathematical computations. Accordingly the 
system may lie suitable under operational conditions.* 

• Hinoo November 1944 the Group at San Diego has 
found a good correlation between the radio data and a simplv 
meteorolofpoal parameter based on temperature excess. In the 
British Isles the temperature exoees has to be taken between 
a heiglit of about 800 ft and sea level, whereas at San Diego 
the temperature excess has to bo taken between a height of 
about 5,000 ft and sea level. It has also been reported that in 
the Pacific Area temperature excess is by far the best index 
fur jiredicting radio propagation conditions. There is some 
hope, therefore, that it may be possible to work out a method 
of fairly universal application on the basis of temperature 
excess. 
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Fioimi 8. Signal typee at 256 cm (117 me). 
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Fiqurb 4. Relation between S- and X>band signal 
strengths. 
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Fiqurb 5. Relation between signal strengths at high 
and low reoeivers. 
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Figubb 6 . Rdation between llT-me and S^bend signal 
stiengtEs. 
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FiouBB 7. Relation between one-way and radar trans- 
mission, Race Point to Eastern Point. 
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Fiqurb 8. Relation between maximum radar ranges 
and one-way transmission. 


Mto W immitfAm M 
Nmi mi Ii IsilimMW 



From 9. TfansnMon path pioEka. (Heigbti in feet) 











498 


APPENDIX 



F^omuolfk Sig&ilTniUiUfMralmtioii. 


ALTITUDE OF BASE IN FEET 
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NEAR SAN DIEGO 



PiouKE 1. Maximum received signal versus atmospheric refraction. 



Figure 2. Maximum received signal versus altitude of base of temperature inversion. 
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Fioubi S. Maximum signal and fading range related to height of base of temperature inversion. 
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Tbnma 2. BoQ and air tan^eiatuni at Datalaii, Deeambar 16 to 17, 1844. 
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Sod 

Cloud condition 

temperature 


12/15 0655 


0645 0800 

Clear 


0045 0800 Scattered low cloudn 

Scattered middle clouds 
Scattered altostratus 



0800 1656 1615 

3.1C 


1656 1715 1600 

Scattered cirrus 



1656 

1725 

1700 

Scattered cirrus 

1656 

1730 

Few cirrus 

1657 

1738 

1700 

Scattered cirrus and 
altostratus 

1657 

i 

1628 

1700 

Scattered cirrus 
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PiQORi: 3. Typical Held strength and modified index ounras, Deoember 16 to 17, 1944. 
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^ aBBBBaBBBBBBBBBBBaBBBBBBr^jaaBBB 
^iBBBaBBaaBBBBBBBBBBBBBBBT.JIBBBBB 
IBBBBBBBBBBBBBBBBBBBBBBr^BBBBBB 
‘iBBBBBBBBBBBBBBBBBBBBBPCiBBBBaBB 
. .i'BBBBBRBBBBaBBaaBRBBBPrBBBBBBBB 
aaBBaBBBBBBBBBBBBBBBaBBBBBBBaBBB^^iBBBBBBrB 

aBaBBBBBBBaBBBBBBBaBB.lM-aBBBB: 

IBBiBBBBBBBBiiBBBBBBBaBII/BBBBBBaBB 


nii 


I BBBBBB 
BBBBBB 
aaaBBB 
BBBBBB 


BBlIBBBBBBBBBBBBBBBBBBrrBBBBBBBBBRr 
iBBlIBBBBBBBBBBBBBBBBBP. IBBBBBBBaaBb 

“lilB — : “7 -T “ -77“ 

BBB BBBaBBBBBBBBBBBBB J'aBBBBBBBBl 

iBBBBBBrUJBBBlBBBBaBBBBBBBBBBrjSBBBBBBMil 
|BaBaBai:f]iaBBaBBBBBBBBBBBBBP'<^i.BBBBaBBBBB| 

. ^BBBBBBBBBBBBBBP'^-'BBUBBaBBBBBBBr 
aBBBBB^UlBBBBBBBBBBBaBBP^/'aaaaBBBBBBBBBB 

BBBBBB^HJBBBBBBBBBBBBPBr.BBBBBBBBBBBBBBBl 

BBBBBBHBiBBBBBBBBBBB*:B^BBBBaBBBBBaBBBBBBB 
BBBBBBBBaBBBBBBBBBBP!:aP7BBBBBBBBBBBBBBBBBBB 

BBBBBBBBBBBBBBBB'.BC^BBBBBBBBBBBBBBBBBBBBBB 
BBBBaBBBBBBBBBran^aaaBBBBBBBBaBBBBBBBBBBBB 
BBBBBBBBBBBBB’^i^WCtBGBaBBBBBBBBBBBBBBBBBBBBB 
BBaBBBBBBBBP'^aP^aPaBBBBBBaBBBBBBBBBBBBBBBBB 
aBBBBBRBBB'^.aPaBBBBBBBBBBBBBBBBBBBBBBBBBBBB 
BBBBBBBBBauraBUBBBBBBBBBBBBaBBHnHIBBBBBB 
BBBBBBPaPBKBBBBBBBBBBBBBBBBBBBHinBBBBBB 
BBBBPBBafPaaBBBBBBBBBBBBBBBBBBBniMBBBBBB 
aBracaPBaawaBBBBBBBBaBBBBBBBBBl'IHHBBBBaa 
a^CaPBBWBBBBBBBBBBBBBBBBBBBBBBl-yTfflBBBBBB 
liBBBi iibbbbbbbbbbbbbbbbbbbbbbbWIiTIbbbbbb 

“BBaaBBBB — ^ 

IBBBBBBBBBBBBBBB 


IB'«WM BMMISa 


BBBBBBBfaBBBBBBBBBBBBBBBBBBBBl 

BBBBBBBBBBBBBBBBBBBB^iBBBBBBBBBBBBGBBBBBBPBl 
BBBBBBaBBBBBBBaBBBBrBBBBBBBBBBBPaBBBBBPBBBl 
BBBBBBBBBBBBBBaBi)aB' 4 BBaBBBBBBB»aBK.BBBrBaBB| 
_ _ BrBBBBBBBBBBBKPBBBBRBriaCBr 

B'JBBBBBBBBBBBriBBBB:<*CBBBBBy 


IBBBBBBBBBBBBBBBB 

Ibbbbbbbbbbbbbbbb. 


bbbbHSBSSI 


IBBBBBBBBBBBBBBBB* riBBBBBBBBBBBGl BBP^raBBBBBBl 
IBBBBBBBBBBBBBBBB' JBBBBBBBBBPf'BBBF':; JBBBBBr«l 
IBBBBBBBBBBBBBBBB. BBBBBBBBBIVBPa^BBBBBBBBBBl 
IBBBBBBBBBBBBBBBB* BBBBBBBBBByr Pa*4BnBBBBBBPBr 
IBBBBBBBBBBBBBBBB. JBBBBBBBBM^'.ar.BBaBBBBBBI^BL 
iBBBBBBBBBBBBBBBBlIifBBBBBBBn^^^BPBBPPBBBBBBBBl 
■BBBBBBBBaBBBBaaBBlIBBaBBBP ^e.aBriBa^>*aBBBBaBBBl 


IBBBBI 

IbbbbI 

IbbbbI 


IbbbbI 


BBBBBBBBIIBBBBBB ^nriBr.B^KSBBBBBBBBBB 
BaBBBBBBIIBBBBB7RBaBlf»CiBBBaBBBBBBB 
BBBBBBBBI'BBBBfi’llBr>BB:gaBBBBBBBBBBPB 
BBBBBBBBBBBBr.raB'a^riBBBBBBBBBBBBl 
BBBBBBBBBBBPJUB'rBrBBBBBBBBBBBBB 
BBBBBBBBBIBfii'^HnBBrBBBBBBBBBBBH 
BaBBBBBBB IP^.^B BJKiBflBBBBBBBBBBBli 
BBBBBBBBBaraUUr^PBBrJBBBBBBBBBBBB 
BBBBBBBBBf JPBN'i'JBBBBBBBBBBBBBBB 
BBBBBBBBB’JBrirP^BBriBBBBBBBBBBBBBl 
BBBBBBBBri«B#«r/aBPJBBBBBBBBBaBBBBS, 
BBBBBBBP.BifVJPJBBBBBBBBBBBBBBBBBBB 

^BBBBBBB'JPr>aBaBBB'JBBBBBBBBBBBBBBBBi 

aBBBBBBBBBBBBBBriK/'JBaaBBrBBBBBBBBBBBBBBBBBI 

aBBBBBBaBBBBBP^l.ryP'iBBBBVBBBBBBBBBBBBBBBBB 

|BBBBBBBBBBB=:a%BB'4P’'iBBBBPaBBBBBBBBBBBBBBBBa 

lBBBBBBBBBBi:«PaBB(<./«’:iBBBBBriBBBBBBBBBBBBBBBBaB, 

IBBBBBBBBBBBiJBBaP^.iBBBBBKBBBBBBB BBBBBBBBBaaa l 

BBBBBBBBKaBBk^a'ariNBBaBBBBBBBBBBI 

BBBBBBBaBBaBair>GBIIBBBBBBBBBBBBB 
BBBBBPBBBBPaR'^.k^ByBBBBBBBBBBBBB 
BBBBBBBBBPaBVBr^RBBBBBBBBBBBBBB' 
BBBBBBBBPaa*V'3f':<BJBBBBBBBBBBBBBB 
BBBaBBBP3IB^VaBBaBBBBBBBBBBRBBB 
BBB.BBBPJBBJBBBPBB BBBBBBBBBBBBB 
BBBaBBMBBBBBBBBi 

bbbbbbbbbbbbbbbI 


BBBaBBaBBBBBaaBB'jBBBBBBBBBBBBBBBBBBBBBBBBiL 
BBaBBBBBBBBBRBBaBBBBBaBBBBBBBBBBBBBBaBBBBBl 
BBBBBBBBBBBBBBaBBBBBBBBBBBBBBBBBBBBBBBPBBBl 
BBBBBBBBBBqBB^BBBBBBBBBBBBBBBBBBBBBBBPllPyil 
BBBBBBBBBBf. a^^BBBBBBBBBBBBBaBBBBBBBBBBB f aBlf 
BaBBBBBBBat r^aaaBBBaBBBBBBBBBBBBBBBBariiBBBBBL 
aBBaaBBBBar itBBBBBBBBBBBBBBBBBBBBBBBBJr BBaRl 
IBBBBBBBBBB • HBBBBBBBBBBBBBBBBBBBBBBBBUriBBBBl 
iBBBBBBBBBBb IWBBBBBBBBBBBBBBBBBBBBBBBI «BBBB| 
BBBBBBBBBBf BBBBBBBBBBBBBBBBBBBBBBBBBriiBBBBr 
laBBaBaBBBBHBBaBBBaBBBBaBBBBBaBBBaBar'ItaBBBL 
IBBBlIBBBBBBBBBBBBBBBBBBBBBBr/^liBBBBl 
BBBlIBBBBBBBaBBBBaaBBBBBBBB^/arJBBBBl 
iBBBliBBBBBBBBBBBBBBBBBBBBBPaiB'lBBBBl 
aBBBBBBBBBBBBBBBBBBBBBBBBNUPBBBBir 

PBaaaaaBBBaBBBBBBBaaBaBBB'far^BBBBBL 

BBBaBlK^aBBBBBBBBBBBBBBBBBBBBBBB^^^lBBBF 
BBaBB|-3niaaaBaaaaBBBaBaaBBaBBBaB'^*'«BaBBaaL 
aBBBBBBBBBBBBBBBBBBBBBl.yBriBBBBBr 
BBBBBBBBBBBBBBBBBBBBBP^BPBBBBBBr 
aaRBaaaBBBBBBBaBBBBBBrC.B'JBBBBBBK 
aaBBBBBBBBBBBBBBBBBBraB^BBBBBBBt 




iBBBaal 


BaaaaBaaBaBBBBRBa*;:aaK4BBBBBBBBak_. 
JaaaaaaaBBBBBBBB*rBa%paiBBaaBaBBBBBBP 
iBBaaBaBBBBBBBBBaaBBBBBBfPRBPBBBBBBBBaBBBBlW 
|BBBiiaB»aBaaaaaBBaaaaBPBarBP4iBBBBBaaaBBRaaBl 

|HaaaaiaBaBaBBBaBBBBBrP!«ttBraBBBBBBBBBBBBBBB| 



BBBBBBBBBaaaaaaB'iiiiCB^p^ii^aBBBBl . .. 

BBaaBB«aaaaBBBPB«BPJ'aBBBBBBBBBaBBBBBBBBaaBL 
BBBBiiBBBBBaaaB7Baca^4BaaaaaaBaBaaa BaBa aaaaB| 
BBaaaaBRBaaaifE^anhBr.aBBBBBBBBBBBi 
aBaaaaRBBBPPa^SBBPaBBBBBBBBBBBBBl 
MBBBBBBBPBrjfr^BBiiigaaaaaaRaBaaBaBar 
BBaaaBPa‘"«af;:Br'^aBBBaBBBBBBBaBaBB|" laBBasL 

•«ii«Br^j/'^PiM.p.MaaaBaBaaBaBaaBaaBBBL aaaaBl 

BBBir ''.XMiBauBiiaaaBaBaBaaBaBaBaaBa| bbbbb| 



IbbbbbI 

laBBBRl 

iBBaBil 


iaaaaBl 


iBBBBBBBBBBBBBBBBBBBBr.BBBBBBBBBBBBBBBBBBBBL 

|BBiailBaBBBBBBBBBBBB'4BBaBBBBaaBBBaBBBBP*iBa| 
iBBBBBBBBBBBBBBBBBBr^BBBBBBBBBBBBBBBBBB'WBBal 
BBBBBBBBBBBBBBBraBBBBBBBBBBBBBBBP^GBBBBr 
■BBBBBBBBBiBBBB'JBBBBBBBBBBBBBBPaaC.BriBBBL 
iBBBBBBBBBBBBiBpBriBBBBBBBBBBBBBPaBBr^aaBBaal 

iB ^r.BBBBBBBBBBBBBfJBBBr.aBBBBBal 

- Mm ' aBBBBBBBBaaBaaBaBKBBBaBaaal 

^l■■■■■■BBBBPaPBBCaBBBBBBB■f 
|BBBBBBBBBBBBBB ’.MBaBBBBBBBBBBNB’aBBBBBBBBBBL 
iBBBBBBBBBBBBiB .aBBaBBaaBBBBJil<MBaBBBBBBBBB| 

Ibbbbbbbbbbbbbb ’bibbbbbbbbbp7Bbbbbbbbbbbbb| 

IbBBBBBBBBBBBM .BllBBBBBBBB'CP'aBBBBBBBBBBBBal 
BBBBBBBI'BBBBBBBaBBBBBBBBBBBBBBBar 
BarBBBBBaBBaBBPUBBkaiaaBBBBBBBaa- 
BBBBBBBB BBBBB:4BBBn JiBBBBBBBBBB 

IBBBBBBBBB >| 
IBBBBBBBBB , 

--- -- aaBBBBBBBBBB 

BBBBBBBBBBBBBBBr^'BBBBBBBBBBBBB 
BBBBBBBBBBBBBBBBBkBBBBBBBBBBBB 
BaBBBBBBaaaaBBriaavaiaBBBBBr.aBBa 
BBBBBBBBBBBBPaB:2aBBBBBBBPBBBBBl. 
BBBBBBBBBB^aR>i;MBBBBBaaBP-4BBBBaBBF 
BBBbaBBaf:aBPi4BBaaBBBP::«iBBBBaBBBIlL 
■BBBHHlaaBBaP*Si4BPVBUBBBa»aaBBBBBBBBBaBB| 

^aBBBBBBBBriBRBMiaBBBaaBBaaBaaaBBaBBaSaaaBBa 

TT7^riraiMBBBaBBBBiBBfiB| 

BBBBBBBBKaBiDaaViBBaaBBBBBBBBaBBBP* 
■•■55i|BfaBVBBP:BBBBBBBBBBBBBBBBB 

|BBBBBy'''^:i.aaBaBBBBBBBaBaaBBBBBBB 
|BaaB'7,g«.lBBBBaBBBBBBaBBBaaBaaBBBB 


BiBBBBBBilBBBBKBBB'JBBBBBB 

BiiBBBBBrBBBBBM'BPaBBaBBB 

BBiBBBBBBBBBBBBJ'r.aaaBBBa 


rbbbbbbI 





laaaaaaaaaal 
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Fiourb 7. Mean temperature and mixing ratio curves. 



FiouiubS. Mean modified index curves 





Fiuuiub 9. Mean sounding during low winds. 
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FiounslO. MoaasmindiiMidtirii^Eliighirii^ 



MOOtnCD INDEX— ^ 


l^ouRB 11. Mean soundings during an influx of dry 



MOOtPiCO INDEX— ^ 


Figurb 12. Mean soundings during an influx of mowt 
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MIXINi funno MOOIFItO 

HI O/RO UIMX 


Fiqxjrb 13. Inland soundings. 
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10 IS 
SURPAOC WIMD SPEED IN KNOTS 

FiGURi 16. Effective AT-ourve slope versus wind speed 



0 8 10 IS SO 8S 


SUNFACe WIND SPEED IN KNOTS 

FiouBi 16. Heic^t of Af deficit versus wind speed. 



SlINPAOl SSNO SPEED IN KNOTS 


FkfimlT. Totsl If deficit versus wind speed. 



NANSE IN NAUTICAL MILES 

Fioubb 18. Composite S-bsnd run field strengths. 
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NANSE IN NAUTtOAL MILES 

Fiovbi 10. Componte X-bend run field strengths. 













Figure 1 General view of the equipment in Aberdaron, North Wales. 


Table 1 


Station 

Height, ft 

S. Wales (transmitters) 

A. Gam-Fawr 

540 

B. Strumble Head 

00 

N. Wales (receivers) 

C. Rhiw 

826 

D. Aberdaron 

95 

Scotland (receivers) 

£, Knockharnahan 

875 

F. Fortpatriek 

95 
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Figure 2. Siffnal stronoth in decibelo above 1 uv receiver input, June 1944, drawn from hourly mean values. 



Figure 3. Signal otrepgth in decibels above 1 /iv reoeiver input. FS: Free space signal. STD: Standard signal 
SL: Sensitivity limit. 
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Figure 4. Hotnly mean valuee of signal strength on 8 and X band. 
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Figtthi 8. I^al records. (F) August 25, 1944, dip m record coincides with low mist (G) August 14, 1944, shows effect of low fog. 
W Januaiy 15, 1944, typical for widespread, thick fog. 


TIME IN HOURS GMT- 



FiQUBB 9. Signal record. August 26 to 27, 1944, showing examples of interference fading 
m radiation nights. 


Tabub 1 


Foraoaitiiig 

No. of cases 

% of correct 

system 

examined 

forecasts 


600 

56 

Omtiiiuity method 

600 

57 

(df/dk) term 

150 

75 





GLOSSARY 


A. 

A%> 


iii. 

Ap* 

I, 

b. 

e. 


c,m. 


1) Radius of the earth 

2) Radius of scattering plate, sphere, or cylinder 
Gain factor » dodp 

Gain factor for doublet antennas in free space, 
adjusted for maximum transfer of power « 
3X/8ird 

Plane«earth factor 
Path-^in factor 
Gain-factor curve parameter 

di - d| 

0 ' 

-f da 
Bandwidth 


1 ) Velocity of light in free space 

Ki + h, 

Real part of Fresners integral 


d. Distance from center of transmitting antenna to a 
point in space measured along earth surface 
do. Free-epace distance for field of strength E 

do 

do. Normalised free-space distance •> 7 * 

aT 

di,do. Distance from transmitter, receiver to reflecting 
point measured along the earth’s surface 
dr,dg. Distance from transmitter, receiver to the radio 
horison measured along the earth’s surface 
dii. Line of sight distance measured along the earth’s 
surface dr 4 * dg 
dmsx. Maximum radar range 

[), 1 ) Divergence factor for spherical earth 

2 ) Aperture of reflector 

s. 1) Water-vapor pressure 

2) Coefficient for height-gain function 
E. Electric-field strength 

E 9 . Maximum free^pace field strength of a doublet 

transmitter at distance d 

Eu Radiation field strength at one meter from trans- 
mitter 

/. 1 ) Frequency 

2) Focal length of paraboloid reflector 
fc. Cutoff frequency of a wave guide 

/(A). Height-gain function 

fn. Height-gain function for the mode 

Fi,Fi. Fraction of maximum radiation field strength in the 
direction of direct, reflected rays 
Fn, Noise figure 


F«. Shadow factor for all modes 

g. 1) Receiver gain 

2 ) Ejqmnential factor of height-gain function fort 
elevated antennae 
g'. Correction to g(2) 

Ou Transmitting antenna gain 

Ot, Receiving antenna gain 

Ob, Radar gain of a target 

A. Heignt above grouno 

Ai,A|, Hei^t of transmitter, receiver above ground 

Height of transmitter, receiver above taogsnt plane 
at point of reflection 

he. Critical h^ht distinguishing high and bw antennas 
located in diffraetion region •• 

At. Virtual height of obstructing screen 

B. 1) Magnetic field strength 

2) Height of a reflecting or diffracting obstruction 
B,i, Hcii^t-fain function for low antennas 

BA, Hour angb of the sun 




K, 


L 

r,. 


m. 


M. 


n',n” 

N, 

NF. 

P- 

P'- 

P. 

Pu 

P%, 


JPmjn. 

Pn. 

?r. 

Q. 


f. 


rd. 

n. 


Re, 

RB, 

«|. 

Rr. 


$, 


8 . 


8,8{p). 

i. 

T, 

u. 


RM8 current 

Input current to antenna or circuit 

vri 

1 ) Boltsmann’s constant 

2) Factor multiplying earth’s radius to account for 

atmospheric refraction 

1) Amplitude of generalised reflection ooeflicient 

2) Echo oonsUtfU of B target 

1) Length of a doublet 

2) Height coefficient to include effect of eaith’s 

constants and wavelength 

1 ) Effective bngth of a doublet 

2) Characteristic length or scattering coefficient of 

a target 

3) Radar length of a target 


I) Ratio of radius of curvature of a ray to the radius 
of the earth » p/a 
(P 

” “4iko(*, + W 
Modified index of refraction 

1) Index of refractbn 

2) Number of elements in an antenna array 
Lobe numbers 

Lobe variable for imperfect reflection 
Noise figure 

1 ) Total pressure of the atiposphere 

2) Dimensionless parameter - di/dr 
Distance coefficient to include earth constants 
Power 


Power output of a transmitting doublet 
Power delivered by a receivmg doublet to a matched 
load 


Minimum power detectabb by a receiver 
Noise power 

Power received by load circuit of receiving antenna 
Scattered power 

Dimensionless parameter • dt/d 
Parameter determining phase of beam reflected by 
the earth 

60 <rX 


1 ) Distance from center of antenna to a point in 

space (usiudly replaced by d in applications) 

2 ) Hei^t wavelength factor 

3) Pattern or chart parameter 

4) Path length of reflected ray 
Path length of direct ray 

1 ) Resistance 

2) Plane-earth reflection coefficient » 

3) Path-difference parameter « {AaA)/(Aidr) 
Resistive component of antenna impedance 
Relative humidity in per cent 

Resistive component of load impedance 
Radiation resietanee of an antenna 

1 ) Spacing between dipdes in an antenna array 

2 ) Coeflioieiit of distance for shadow factor 
8 ) Dimensionless coordinate di/d 

1) Scattering cross seotkm 

2) Area 

Imaginary part of Fvesnel’i btegral 

1) Time 

2) Puhie width 

3) Degrees centigrade 
Abiolute tempemtuie 
Djmeneiopbsc coordinate » h$/hi 



GLOSSARY 


513 


p, 1) Velocity of wav propagation - c/n 

2) Argument of Fresnern integral 

3 ) DimensionleBs parameter - d/df 

V, Voltage 

Vn* NoiHe voltage 

W, Power per unit area 

W{, Incident power per unit area 

Wf. Scattered power per unit area at the receiver 

f. Amplitude of ratio of diffracted field to free-epace 
field 

Z» Impedance 

Zn* Antenna impedance 

Load impedance 

а, 1) Attenuation constant, real part of propagation 

constant 7 

2) Angle made by ray with the horisontal 
n(|,nri. Angle of elevation of diffracting edge as seen from 
transmitter, receiver 
|3. 1 ) Bearing of the sun 

2 ) Phase constant, imaginary part of propagation 
constant y 

AA. Angle between ray from transmitter, receiver, and 
horisontal at diffracting edge 
y, 1 ) Propagation constant » a 4- i/S 

2) Angle between horisontal at base of transmitter 
and line joining transmitter base to receiver 
Yi. Angle between the direct ray and the horisontai at 
the transmitter 

б . 1) Declination of the sun 

2) Angle of phase retardation due to path-length 

difference between direct and reflected rays 

3) Ground parameter depending on complex dielec- 

tric constant 

A. Path-length difference between direct and reflected 

rays « r — r 4 
Ap. - {2hihi)/d 

A(Ap). Correction factor for Ap 

n/. Bandwidth 

n. Variable used in diffraction region 


ip. Dielectric constant of free space 
- 8.864 X 

Soir 

«e. Complex dielectric constant •• ^ i 

Imaginary part of dielectric constant * 60rh 
if. Beal part of dielectric constant 

1 ) Phase-angle lag due to diffraction 

2) Dimensionless distance variable for curved-earth 

diffraction 

0. 1) Angle between horisontal at transmitter base 

and horisontal at point of reflection 
2) Angle of tilt of scattering cylinder 

X. Wavelength 

Mt. Permeability of free space 4irl0‘^ 

fir. Permeability relative to free space 

p. Angle between reflected ray and horisontal at trans- 
* mitter 

p. 1 ) Radius of curvature 

2 ) Amplitude of reflection coefficient 

1 ) Conductivity 

2 ) Radar cross section 

r. 1) Complex mode numbers 

2 ) Half beam-width angle 

<p, 1 ) Phase angle of reflection coefficient 

2 ) Latitude 

^ » phase angle of reflection coefficient 
relative to a perfect reflector 
<bi Distance function for the first mode 

1 ) Phase-angle difference between currents in 

dipole-antenna array 

2 ) Angle between direct or reflected ray and the 

horisontal at the reflection point 

3) Height variable in the diffraction region 

^ 4 . Angle between direct ray and horisontal at reflec- 
tion point 

ta. Angular velocity ■■ 2w/ 

Q. Total phase lag between direct and reflected rays 
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